Jodn 9 Tai liéu day hoe

GOC VUI BUONG TRON

Bai 1. GOC O TAM. SO PO CUNG

A. KIEN THUC TRONG TAM
1. GOC O TAM
» Go6c cb dinh trung voi tam dudng tron duoc goi la goc &
tam.

= Cung nam bén trong gbc goi 1a cung bi chan.

= AOB la gbc & tam, AmB 1a cung bi chan boi AOB.
2.S0 PO CUNG

= SO do cung nhd bang s6 do goc ¢ tdm chan cung do.

sdAmB = sdAOB .

= S do cung 16n bang hiéu gitta 360" va s do ctia cung nho (c6 chung hai mut véi cung 16m).

sdAnB = 360° — sdAmB
= S6 do cua nira duong tron bang 180" .
3.S0 PO CUNG

——

= S6 do cung nho bang sé do goc & tam chin cung d6: sdAmB = sdAOB

= S do cung 16n bang hiéu gitta 360" va s do ctia cung nho (c6 chung hai mut véi cung 16m).

- sdAnB = 360 — sdAmB
= S6 do cua nira duong tron bang 180" .
4. SO SANH HAI CUNG
Ta chi so sanh hai cung trong mét dudng tron hay trong hai dudng trong bang nhau. Khi do:

» Hai cung dugc goi la bang nhau néu ching c6 s6 do bang nhau.

sd@:sd@:z@:gb

= Trong hai cung, cung c6 s do 16n hon duge goi la cung 16n hon.
sdAB >sdCD = AB > CD
5. KHI NAO THI sdAB + sdAC = sdCB

= Néu C' 1a mot diém nam trén cung AB thi sdAB = sdAC + sdCB

B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Tim s6 do goc ¢ tim — S6 do cung bi chin

B¢ tinh s6 do cuia goc ¢ tam, so do cua cung bi chan, ta st dung cac kién thirc sau:

= SO do cua cung nho bang s6 do cua goc ¢ tam chan cung do.
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= S do cia cung 16n bang hiéu giita va sd do cua cung nho (c6 chung hai dau mut voi
cung lon).

= S do cua nira duong tron bang. Cung ca dudng tron ¢ sé do.

= S dung ti s6 lugng giac cua goc nhon dé tinh goc.

»  Su dung quan hé duong kinh va day cung.

Vi du 1. Kim gid va kim phut ctia dong hd tao thanh mét goc & tdm cé sb do 1a bao nhiéu do vao
nhiing thoi diém sau

a) 3 gio. b) 5 gio. c) 6 gio. d) 22 gio.

Vi du 2. Mot dong hd chay cham 20 phuat. Hoi dé chinh lai ding gid thi phai quay kim phat mot
goc ¢ tim 13 bao nhiéu do? pS: 10°.

Vi du 3. Cho tam giac déu ABC . Goi O la tim duong tron di qua ba dinh A4, B,C . Tinh s do goc

otam AOB. PS: 120°.
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Vi du 4. Hai tiép tuyén tai A va B cua dudng tron (O;R) cit nhau tai diém M. Cho biét
OM = 2R. Tinh s6 do

a) Géc & tim AOB ; PS: AOB = 120°.
b) Mdi cung AB (cung 16n va cung nho). PS: sd AB 1 1207;240° .

—_

Vi du 5. Trén duong tron tim O 1an luot 1ay ba diém A, B,C sao cho AOB =130",sd AC = 60'.

Tinh s6 do mdi cung BC' (cung 16n va cung nhd) trong cac trudng hop
a) C' nam trén cung nho AB ; DS: 290°.

b) C' nam trén cung 16n AB . PS: 170,190 .
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C. BAI TAP VAN DUNG

—_

Bai 1. Trén dudng tron (O), lay hai diém A va B sao cho AOB = 90 . Tinh s6 do mdi cung AB

PS: 270
Bai 2. Cho dudng tron (O; R) ¢6 ddy AB = R. Tinh s do
a) Goc o tam AOB; DPS: 60°.
b) Cung 16n AB. DS: 300°.

Bai 3. Cho duong tron (O; R) c6 duong kinh AB . Goi C' 1a diém chinh giita cung AB . V& day
CD ¢6 do dai bang R. Tinh sb do cta goc & tim BOD trong céac trudng hop

a) D nam trén cung CB; DPS: 30°.

b) D nim trén cung CA. bS: 150" .
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Bai 4. Trén duong tron (O), lay hai diém A va B phan biét. Ké cac duong kinh AOC va BOD .
Chimg minh AD = BC'.

Bai 5. Trén mot duong tron, ¢ cung AB bang 150 , cung AD nhan B lam diém chinh giita,
cung CB nhan A 1am diém chinh gitta. Tinh s6 do mdi cung CD . PS: 90°,270".
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D. BAI TAP VE NHA

Bai 6.
a) Tur 2 gio dén 5 gio thi kim gid quay duoc mot goc & tim bang nhiéu do? PS: 900"
b) Ciing hoi nhu thé tir 7 gio dén 9 gio? PS: 60°.

Bai 7. Chénh léch mai gid giita Viét Nam va Nhat Ban 14 2 gio. Hoi dé chinh mot dong ho ¢ Viét
Nam theo dung gio Nhat Bén thi kim gio phai quay mdt goc ¢ tam la bao nhiéu do? bS: 60°.

Bai 8. Cho hai duong thang zy va 2t cit nhau tai O, trong cic goc tao thanh c6 goc 80 . V& mot

dudng tron tim O. Tinh s6 do cua cac gbc & tim x4ac dinh boi hai trong bén tia gbc O .DS: 80°;100 .
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Bai 9. Hai tiép tuyén cua dudng tron (O) tai B va C cit

nhau tai diém A. Cho biét BAC = 60" . Tinh sb do

a) Goc & tam BOC':

b) Méi cung BC (cung 16n va cung nho).

Bai 10. Trén dudng tron (O), lay hai diém A va B sao cho AOB =120". Goi C la diém chinh
giita cung nho A B . Tinh s6 do cung nhé BC' va cung 16n BC'. bS: 300 .
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— HET -

Bai 2. LIEN HE GIUA CUNG VA DAY

A. KIEN THUC TRONG TAM
1. Ly thuyét bo trg
= Trong mot dudng tron, hai cung bi chin giita hai diy song song thi bang nhau.
= Trong mot dudng tron, dudng kinh di qua diém chinh giita ciia mot cung thi di qua trung diém
cta ddy cing cung ay.
= Trong mot duong tron, duong kinh di qua trung diém cia mot day thi di qua diém chinh giita
ctia cung bi cang boi day 4y.
= Trong mot duong tron, dudng kinh di qua diém chinh giita ctia mot cung thi vudéng goc véi
day cang cung Ay va nguoc lai.
Dinh Ii I: Véi hai cung nho trong mot duong tron hay trong hai duong tron bang nhau
= Hai cung bang nhau cing hai diy bang nhau.
= Hai diy bang nhau cing hai cung bang nhau.
Dinh Ii 2: Vi hai cung nho trong mot dudng tron hay trong hai dudng tron bang nhau
* Cung l6n hon cang day 16n hon.
» DAy lén hon cang cung 16n hon.
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: So sanh hai cung

= St dung dinh nghia goc ¢ tim, két hop véi sy lién hé gitra cung va day.

Vi du 1. Cho tam gidc ABC can tai A ndi tiép trong duong tron (0). Cho biét BAC=50". So
sanh cac cung nh6 AB, AC va BC.
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a) Chirng minh dudng kinh di qua diém chinh giira ciia mot cung thi di qua trung diém cia day cing
cung ay.

b) Chirng minh dudng kinh di qua diém chinh giira ctia mot cung thi vudng goc voi diy cing cung
4y va nguoc lai

Vi du 4. Cho tam gidc ABC. Trén tia ddi cua tia 4B 1dy mot diém D sao cho AD = AC. V&
dudng tron (O) ngoai tiép tam gidc BCD. Tt O lan luot ha cac dudng vudng goc OH , OK voi
BC va BD(H € BC,K € BD).

a) Chirng minh OH > OK ; b) So sanh hai cung nhé BD va BC.
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C. BAI TAP VAN DUNG

Bai 1. Trén day cung AB ciia mot dudng tron (O), lay hai diém C va D chia ddy nay thanh ba
doan bang nhau AC =CD = DB. Cac ban kinh qua C va D cit cung nho 4B lan luot tai E,F .
Churng minh

a) AE = FB; b) AE < EF .
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Bai 2. Cho tam gidc ABC cn tai 4 ndi tiép trong dudng tron (0). Cho bist BAC =75, So sanh
cac cung nho AB, AC va BC.

Bai 3. Cho hai dudng tron biang nhau (O) va (O') cit nhau tai hai diém 4 va B. Ké cac duong
kinh 40C, AO'D.Goi E la giao diém th hai cia AC v&i duong tron (O').

a) So sanh cac cung nho BC va BD.

b) Chimg minh B 13 diém chinh giira ctia cung EBD (l/i_f\f =BD ).
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Bai 4. Cho duong tron (O) duong kinh AB . Vé hai day AM va BN song song v4i nhau sao cho
s6 do cung nho BN <90°. V& day MD song song v6i AB.Day DN cit AB tai E.Ching minh

a) BM = AD; b) DN L AB; ¢) DE=EN.

Bai 5. Cho duong tron (0) duong kinh 4B . Trén cung nira duong tron lay hai diém C,D. Ké
CH vudng goc voi AB tai H, CH cét (O) tai diém thir hai £. Ké AK vudng goc véi CD tai
K, AK cit (O) tai diém thi hai F . Chimg minh

a) Hai cung nho CF , DB bang nhau. b) Hai cung nhd BF ,I’DE' bang nhau.

¢) DE = BF
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D. BAI TAP VE NHA

bai 6. Cho tam gidc MNP can tai M noi tiép trong dudng tron (0) . Cho biét NMP =30’ So sanh
cac cung nho MN, MP va NP.

Bai 7. Cho duong tron (O) duong kinh 4B, ké hai day CD va EF cung song song v6i AB.
Churng minh

a) Hai cdp cung nhd AC, BD va AE, BF béng nhau;

b) Hai cung nhé CE va DF bang nhau.
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Bai 8. Cho duong tron (0), ké ddy AB batki. M 1a diém chinh giira cung AB, OM cit day AB
tai /. Chimg minh

a) I 1a trung diém cua diy AB ; b) OM vudng gbc AB.
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Bai 3. GOC NOI TIEP

A. KIEN THUC TRONG TAM
1. Dinh nghia
= Goc c6 dinh ndm trén dudng tron va hai canh chira hai cung ciia dudng tron goi 1a goc noi
tiép.
= Cung nam bén trong goc duoc goi 1a bi cung chin
2. Pinh li
= Trong mdt dudng tron, s6 do ciia goc ndi tiép bang nira s6 do cung bi chin.
HE QUA. Trong mot duong tron
= Céc goc ndi tiép bang nhau chan cac cung bang nhau.
= (Cac goc ndi tiép cling chan mot cung hodc chin cic cung bang nhau thi bang nhau.
= Cac goc ndi tiép (nho hon hoic bang 90°) c6 s6 do bang nira s6 do goc & tAm cing chan mot
cung.
= Goc noi tiép chan nira duong tron 1a goc vudng.
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Tinh s6 do goc, chitg minh cac goc bang nhau, doan thang bang nhau

= Dung hé qua phan kién thirc trong tdm kién thirc va lién hé giita cung va day cung dé

chimg minh cac goc bang nhau, cac doan thing bang nhau.

Vi du 1. Cho nira duong tron (0) dudng kinh 4B va ddy AC cing cung AC c6 sb do bing 60° .
a) So sanh cac goc cua tam giac ABC .

b) Goi M, N lan lugt 1a diém chinh giira ctia cdc cung AC va BC . Hai ddy AN va BM cit nhau
tai /. Ching minh tia C7 tia phan gidc cta goc ACB.
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Vi du 2. Cho (O) va diém M cb dinh. Qua M ké hai duong thang, duong thing thir nhat cit
duong tron (O) tai 4 va B, duong thang thir hai cit dudng tron tai C va D. Chuing minh
MAMB = MC.MD .

Dang 2: Ching minh hai dudng thiang vudng goc, ba diém thang hang

= Dung hé qua cua phan Kién thtrc trong tdm va Lién hé giita ciing va day cung dé chung

minh hai duong thang bang nhau, ba diém thang hang.

Vi du 3. Cho ntra dudng tron (O) c6 dudong kinh AB va diém C nam ngoai nira duong tron.
DPuong thang CA4 cat nira duong tron & M, CB cét nira duong tron & N . Goi H 1a giao diém cua
AN va BM .

a) Chung minh CH vudng goc véi AB .

b) Goi I 1a trung diém cta CH . Ching minh MI 1a tiép tuyén ctia nira duong tron (O).

Vi du 4. Cho tam giac 4BC ndi tiép dudng tron (O) . Tia phan gidc ciia goc A cit dudng tron tai

M . Tia phan giac ctia goc ngoai tai dinh 4 cat duong tron tai N . Chirng minh
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a) Tam gidc MBC can.

b) Ba diém A,0, N thang hang.

C. BAI TAP VAN DUNG
Bai 1. Cho dudng tron (O) va hai day song song 4B, CD. Trén cung nho AB, lay diém M tuy
y. Chirng minh AMC = BMD .

CD? =4 AE - BE .
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Bai 3. Cho tam giac ABC ndi tiép duong tron (0), hai duong cao BD va CE cit nhau tai H. Vé
duong kinh AF .

a) Tt gidAc BFCH 1a hinh gi?

b) Goi M 1a trung diém cua doan thang BC . Ching minh ba diém H,M,E thang hang.

¢) Chirng minh OM :%AH .

Bai 4. Cho duong tron (0) duong kinh AB, M 1a diém tuy y trén nira duong tron (M khac 4 va
B). Ké duong thaing MH vudng goc véi AB (H € AB). Trén cuing nira mit phang bo 1a dudng
thing 4B chta nira dudng tron (O) v& hai nira duong tron tim / dudng kinh AH va tim K
duong kinh BH . MA va MB cat hai nira duong tron (/) va (K) lan lugt tai P va Q. Ching

minh
a) MH = PQ.
b) Hai tam gidc MPQ va tam giac MBA dong dang.

¢) PO latiép tuyén chung cua hai duong tron (1) va (K).
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D. BAI TAP VE NHA

Bai 5. Hai duong tron c6 tim B, C va diém B nam trén dudng tron
tam C (nhu hinh v€ bén).

a) Biét MAN =30, tinh PCO.

b) Néu Fé'\Q =136 thi MAN c6 s6 do bang bao nhiéu?
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Bai 6. Cho duong tron (O) duong kinh 4B, lay M (khac A va B). V& tiép tuyén ciia (O) tai 4.
Puong thing BM cit tiép tuyén d6 tai C. Chimg minh MA> = MC-MD .

Vi du 6. Cho dudng tron (O) dudng kinh 4B, S 1a mot diém nam bén ngoai dudng tron. SA4 va
SB lan lugt cit duong tron tai M va N. Goi H la giao diém cta BM va AN . Ching minh SH
vudng goc voi AB .

Bai 7. Cho duong tron (O) va hai ddy MA, MB vudng goc véi nhau. Goi 7,K lan luot 1a diém
chinh giira ctia cac cung nho MA va MB . Goi P 1a giao diém ciia AK va BI . Chimg minh

a) Ba diém 4,0, B thang hang.
b) P 1a tam dudng tron ndi tiép tam gidc MAB .
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Bai 4. GOC TAO BOI TIA TIEP TUYEN VA DAY CUNG
A. KIEN THUC TRONG TAM
1. Dinh nghia 1
= Cho dudng tron (0) c6 Az 1a tiép tuyén tai diém A va day

cung AB. Khi d6, @; duoc goi 12 goc tao boi tia tiép
tuyén va ddy cung.
2. Dinhli 1
= S do cuia goc tao boi tia tiép tuyén va diy cung bang nira sb

do cua cung bi chan.

= Trong mot dudng tron, goc tao bai tia tiép tuyén va day cung T 1 U
va gbc tao ndi tiép cing chan mot cung thi bang nhau.
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Tinh s6 do goc, chimg minh cac goc bang nhau, cac dang thic hodc tam gidc dong dang

* Dung hé qua cua goc tao bdi tia tiép tuyen va day cung va Hé qua cua goc ndi ti€p.

Vi du 1. Cho duong tron (O;R) va day cung BC = \/ER. Hai tiép tuyén ciia duong tron (O) tai

B,C catnhautai A. Tinh ABC,BAC .

Vi du 2. Cho hai dudng tron (O) va (O') cat nhau tai 4 va B. Tiép tuyén tai 4 cia (O') cit
duong tron (O) tai diém tha hai la P. Tia BP cit dudng tron (O') tai Q. Chiing minh 4Q song

song véi tiép tuyén tai P ciia duong tron (O).
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Vi du 3. Cho hai dudng tron (O) va (O') cit nhau tai 4 va B. Tiép tuyén tai 4 ciia (O') cit
duong tron (0) tai diém thir hai 1a C va dbi v6i dudng tron (O) cat duong tron (O') tai D . Ching

minh @:@

Dang 2: Chimg minh hai duong thang song song, hai dudng thang vudéng goc, mot tia 1a tiép

tuyén cua duong tron

» Su dung h¢ qua cta goc tao boi tia ti€p tuyen va day cung va H¢ qua ctia gdc ndi tiep.

Vi du 4. Cho tam giac ABC ndi tiép dudng tron (0), tia phan gidc clia goc 4 cit BC & D va cit

duong tron 6 M .
a) Chung minh OM vudng gbéc véi BC.
b) Phan giac cta goc ngodi tai dinh 4 cia tam gidc ABC cit (0) & N. Chung minh ba diém

M,O,N thing hang.

¢) Goi K 1a giao diém cta AN va BC, I 1a trung diém ciia KD. Ching minh 4 14 tiép tuyén
cua duong tron (O) .
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C. BAI TAP VAN DUNG

Bai 1. Cho nira duong tron (O) duong kinh AB . Trén tia d6i clia tia AB lay mot diém M . V& tiép
tuyén MC véinira duong tron. Goi H 14 hinh chiéu ciia C trén AB . Ching minh

a) Tia CA la tia phan gidc cia goc MCH .

b) Tam gidc MAC va tam giac MCB dong dang.

Bai 2. Cho ntra dudng tron (O) duong kinh AB , ddy AC va tiép tuyén Bx nam trén cing nira mit

phang bd AB chira nira dwong tron. Tia phan giac cua goc CAB cit diy BC tai F, cit nira duong
tron tai H, cit Bx tai D.

a) Chimg minh FB=DB va HF = HD.

b) Goi M 1a giao diém ciia AC va Bx.Chimg minh AC.AM = AH.AD .
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Bai 3. Cho tam gidc ABC ndi tiép dudng tron (0), tia phan giac cta goc 4 cat duong tron & M .
Tiép tuyén ké tir M voi dudng tron cit cac tia 4B va AC lan luot tai D va E. Ching minh

a) BC song song v6i DE .
b) Cac cdp aAMB, AMCE va aAMC , aMDB d@)ng dang.

¢)Néu AC =CE thi MA> = MD.ME .

DT: 0344 083 670 25 Tong hgp: Thiy Fboa



Jodn 9 Tai liéu day hoe

Bai 4. Cho dudng tron (0) tiép xtic voi cach Ax, By cia goc xAy 1an luot tai B va C. Pudng
thang ké qua C song song véi Ax cét duong tron (O) tai D, AD cét duong tron (O) & M, CN
cit AB & N .Ching minh

a) aANC ~aMNA . b) AN = BN.

D. BAI TAP VE NHA
Bai 5. Cho duong tron (O;R) va day cung MN = R. Hai tiép tuyén cia dudng tron (O) tai M, N
cétnhautai P.Tinh PMN,PNM .

Bai 6. Cho nira duong tron tim (O), duong kinh AB . Lay diém P khic A va B trén nira duong
tron. Goi T 1 giao diém cia AB va tiép tuyén tai P coa nira duong tron. Ching minh
APO =BPT .

DT: 0344 083 670 26 Tong hgp: Thiy Fboa



Bai 7. Cho duong tron (0) va diém M nam bén ngoai dudng tron d6. Qua M ké tiép tuyén MT
va cat tuyén MAB . Ching minh MT? = MA.MB.

Bai 8. Cho nira dudng tron duong kinh 4B va mot diém C trén ntra duong tron. Goi D 1a mot
diém trén duong kinh 4B, qua D ké dudng thing vudng goc véi AB cit BC & F,cit AC 6 E.
Tiép tuyén ctia nira dudng tron tai C cit EF tai /. Ching minh

a) I 1a trung diém cua EF .

b) Puong thing OC 1a tiép tuyén ciia dudng tron ngoai tiép tam giac ECF .
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Bai 5. GOC CO PINH O BEN TRONG.

BEN NGOAI PUONG TRON
A. KIEN THUC TRONG TAM
1. Go6c c6 dinh & bén trong dwong tron
La goc c¢6 dinh nam bén trong dudng tron, mdi goc ¢ dinh bén m
trong dudng tron, mot cung nam bén trong goc va cung kia nam bén C (
trong goc d6i dinh cua nd. Goc BED 1a goc co dinh ¢ bén trong duong

—

tron chan cung AmB va BmD .

PINH LI. S6 do cia goc c6 dinh & bén trong dudng tron bang nira
tong sd do hai cung bi chan.

n p
2. GOC CO DPINH O BEN NGOAI PUONG TRON

La gbéc cd dinh nam bén ngoai duong tron, cadc canh déu c6 diém chung vdi dudong tron. Céc
gdc c6 dinh E trong hinh v@ 1a goc co dinh ¢ bén ngoai dwong tron.

Hinh 1 Hinh 2 Hinh 3

PINH LI. S6 do cua goc c6 dinh ¢ bén ngoai duong tron bang nira hidu sé do hai cung bj chan.
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Chirg minh hai géc hoic hai doan thang bang nhau

= St dung dinh 1y vé sd do goc co dinh & bén trong duong tron va goc co dinh & bén ngoai
dudng tron.

Vi du 1. Cho duong tron (O) hai diy 4B, AC.Goi M, N lan luot 1a diém chinh giira cia cung
AB, AC . Duodng thaing MN cit diy 4B tai E va cit diy AC tai H.Ching minh aAEH 13 tam
giac can.
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Vi du 2. Qua diém S nam bén ngoai dudng tron (O) V& tiép tuyén S4 va céat tuyén SBC cua
dudng tron. Tia phan giac gbc BAC cit ddy BC tai D . Ching minh SA=SD.

Dang 2: Ching minh hai dudng thing song song hoic vudng goc hoic cac dang thirc cho trudc

= S dung dinh 1y vé s6 do goc ¢ dinh & bén trong dudng tron va goc co dinh ¢ bén ngoai

duodng tron.

Vi du 3. Cho ~4BC noi tiép duong tron. Goi P, O, R theo thu tu la cac diém chinh gilta cua cac
cung bi chin BC, CA, AB béi cac gbc A, B, C.

a) Chung minh 4P L OR.

b) Goi I 1a giao diém ciia AP, CR.Chtng minh aCPI can.
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Vi du 4. Cho tam gidc 4BC ndi tiép duong tron (0). Céc tia phan gidc ciia goc A va goc B cit
nhau & 1 va cit duong tron theo thir ty & D va E.

a) Ching minh aBDI can.
b) Chung minh DE la dudng trung truc cia IC .

¢) Goi F la giao diém ctia 4C va DE . Ching minh IF || BC .
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C. BAI TAP VAN DUNG

Bai 1. Trén mot duong tron 1ay ba cung lién tiép AC, CD, DB sao cho sb do cac cung AC, CD,
DB bang 60°. Hai duong thing 4C va BD cat nhau tai E. Hai tiép tuyén ciia duong tron tai B
va C citnhau tai 7. Chimg minh

a) AEB=BTC;  b) CD la tia phn giac cia BCT .
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Bai 2. Cho a4BC vudng & A.Puong tron dudng kinh AB cit BC tai D. Tiép tuyén & D cit
AC & P.Chung minh PD = PC.

Bai 3. Cho dudng tron (O) va diém S nim bén ngoai duong tron. Tir S ké tip tuyén S4, SD va
cat tuyén SBC t6i dudng tron (SB < SC).

a) Phan giac BAC cht diy cung BC & M . Chimg minh S4 =SM .

b) AM cét (O) tai E, OE cét BS tai G, AD cat BC tai F.Ching minh S4°> = SG-SF .
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Bai 4. Tir diém P nam bén ngoai duong tron (0), vé tiép tuyén PA véi duong tron. Qua trung
diém B cua doan PA vé& cat tuyén BCD véi duong tron (BC < BD). Céac dudng thang PC va
PD lan luot cat dudng tron (O) tai E va F . Ching minh

a) DCE=DPE+CAF;  b) AP| EF.

D. BAI TAP VE NHA
Bai 5. Cho duong tron (O) hai ddy 4B va AC bang nhau. Trén cung nhd AC lay mot diém M .

Goi § 1a giao diém ciia AM va BC. Chimg minh ASC = MCA.
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Bai 6. Cho 4B va CD la hai dudng kinh vuéng goc cua (O). Trén cung nhé BD liy diém M .
Tiép tuyén tai M cat AB & E, doan thing CM cit AB & S.Chimg minh ES = EM .

Bai 7. Cho 4, B, C 1a ba diém thudc dudng tron (O) sao cho tiép tuyén tai 4 cit tia BC tai D.
Tia phan giac ciia goc BAC cat duong tron & M , tia phan giac cua goc D cat AM & I. Ching
minh DI vudng géc AM .
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Bai 8. Cho dudng tron (0) va diém M nam ngoai duong tron d6. Tir M ké tiép tuyén MA va cat
tuyén MBC véi dudng tron (MB < MC). Phén giac gbc BAC cit BC tai D, cit dudng tron & E .
Chung minh

a) MA=MD; b) AD-AE = AC- AB.
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— HET ---
Bai 6. CUNG CHUA GOC

A. KIEN THUC TRONG TAM
1. Quy tich cung chira goc
Véi doan thing AB va goc a (0" <a <180°) cho trude thi quy tich cic diém M théa mian
AMB = a 13 hai cung chura goc a dung trén doan 4B .
= Hai cung chtra goc @ noi trén 1a hai cung tron d6i xing nhau qua 4B . Hai diém 4 va B
dugc coi la thudc quy tich.

= Qujy tich cac diém M nhin doan thing AB cho trudc dudi mot goc vudng 1a dudng tron
duong kinh 4B .

2. Cach vé cung chira goc

= V& dudng trung truc d cua doan thing AB .
= Veétia Ax tao vdi AB mot goc « .
= V& duong thing A4y vudng goc voi Ax . Goi O la giao diém cua Ay véi d .

= Vé&cung AmB,tdm O, ban kinh OA sao cho cung nidy nim & nira mit phiang bd 4B khong
chua tia Ax.

—

» Cung AmB dugc v€ nhu trén 1a mot cung chira goc .
3. Cach giai bai toan quy tich

Mubdn chirng minh quy tich (tap hop) cac diém M thoa man tinh chit 7' 1a mot hinh H nao do, ta
phai chimg minh hai phan

Phan thudn. Moi diém c6 tinh chat 7 déu thudc hinh H .
Phan ddo. Moi diém thudc hinh H déu c6 tinh chit 7 .

Két lugn. Quy tich (tap hop) cac diém M c6 tinh chat 7' 1a hinh H .
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Quy tich la cung chtra goc o

»  Buwoc I: Tim doan théng 6 dinh trong hinh vé.
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Jodn 9 TJai li¢u day hoe

»  Bude 2: Nbi diém phai tim quy tich voi hai dau doan théng ¢ dinh d6, xac dinh goc «
khong dbi.

=  Buéc 3: Khiang dinh quy tich diém phai tim 1a cung chtra goc o dung trén doan thang cb
dinh.

Vi du 1. Cho tam gidc ABC ¢6 BC cb dinh, BAC =60". Goi I 1 giao diém ciia ba duong phan
giac trong tam giac. Tim quy tich diém /.

Vi du 2. Cho hai diém 4, B ¢b dinh. Tir 4 v& cac tiép tuyén véi cac dudng tron tim B ¢ ban
kinh khong 16n hon AB . Tim quy tich cac tiép diém.

Dang 2: Dyng cung chura goc

= Budc 1: V& dudng trung truc d cua doan thing AB .
= Budc 2: Vétia Az tao voi AB mot goc a.
=  Budc 3: V& dudng thing Ay vudng goc véi Az . Goi O 1a giao diém cua Ay véi d.

= Budc 4: V& cung AmB, tim O, ban kinh OA sao cho cung ndy nam & nira mat phang
bo AB khong chira tia Azx.

—

Cung AmB dugc vé nhu trén 1a mdt cung chira goc «.

Vi du 3. Dung cung chtra goc 100° trén doan thing AB =4 cm.
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C. BAI TAP VAN DUNG
Bai 1. Cho tam gidc ABC vudng tai A, canh BC cb dinh. Goi I 1a giao diém cua cac duong phan
giac trong. Tim quy tich cua diém 7 .
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D. BAI TAP VE NHA
Bai 4. Cho hinh thoi ABCD c¢6 canh AB ¢6 dinh. Tim quy tich giao diém O cua hai duong chéo.

Bai 5. Cho diém A4 c6 dinh nim trén dudng tron (0), diém B di chuyén trén duong tron. Tim quy
tich trung diém M cua doan thing AB .
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Bai 7. TU GIAC NQI TIEP
A. KIEN THUC TRONG TAM
1. Dinh nghia
= T4 gidc ndi tiép 1a tir gidc c6 bdn dinh nim trén duong

tron d6. Trong hinh 1, tir gidc ABCD ndi tiép duong tron

(0) va duong tron (O) goi 12 ngoai tiép tir gidc.
2. Pinh li: Tir giac ndi tiép duong tron khi va chi khi tong sd
do ctia hai goc ddi bang 180°.

Mot so dau hi¢u nhan biét tir giac nfi tiep.

Téng cua hai goc d6i bang 180°.

Tt gidc co goc ngoai tai mot dinh bang goc trong cua dinh khong ké véi no.

Tt gidc ¢6 bdn dinh cach déu mot diém O cb dinh.

Tt giac c6 hai dinh k& nhau cung nhin canh ni hai dinh con lai v6i goc bang nhau.

ASRNENEN

Chu y Trong cac hinh tr gidc da hoc thi hinh vuong, hinh chit nhat, hinh thang can 1a cac to giac
ndi tiép dugc trong duong tron.
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Tinh s6 do cac goc va ching minh tir giac ndi tiép

= S dung dinh 1y vé diéu kién cia ttr giac noi tiép.

Vi du 1. Cho tr gisc ABCD ndi tiép dudng tron tim M . Biét 5@:800, DAM =30" va
BMC =70". Tinh s6 do chc g0c ]\m, BCM va BCD.
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Vi du 2. Cho tir gidc ABCD ndi tiép duong tron tim O, AB va CD cit nhau tai E, BC va AD
cit nhau tai F . Cho biét BEC = 40, CFD =20’ . Tinh sb do cac gdc cua tu giac.

Vi du 3. Trén duong tron (O) cb modt cung AB, S 1a diém chinh giita ctia cung d6. Trén diy 4B
lay hai diém E,H . Cac duong thang SE,SH cat dudng tron theo thi tu tai C,D. Chimg minh

rang:

a) SHA=SCD . b) Tt gidc EHCD ndi tidp.

Vi du 4. Cho tam gidc ABC noi tiép dudng tron (0). Goi M 1a diém chinh giita cung nhé BC va
N 1a mot diém thude cung nhd AB. AM , MN cit BC lan luot tai D,E. Chiing minh réng to
gidc ADEN noi tiép.
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Dang 2: Khai thac tinh chat cua tir gidc noi tiép

= St dung céc tinh chat vé tong hai goc ddi trong tir gidc nodi tiép hay cic goc chan mot

cung...

Vi du 5. Cho duong tron tim O dudng kinh AB=2R va diém C thudc dudng tron d6 (C khac
A,B). Liy diém D thudc diy BC (D khac B,C). Tia AD cit cung nhd BC tai diém E, tia AC
cit BE tai F .Chimg minh

a) FCDE i tiép. b) CFD=OCB. ¢) DA-DE =DB-DC .

Vi du 6. Cho tam gidc ABC nhon ndi tiép duong tron (0). Cac duong cao BD,CE cét nhau tai H
. Chtirng minh

a) Cac tr giac ADHE va BCDE i tiép.

b) AE-AB = AD- AC. ¢) 04 L DE.
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Vi du 7. Cho tam gidc ABC nhon ndi tiép duong tron (O). Cac duong cao AD,BE,CF cat nhau
tai H va cit duong tron (O) lan lugt tai M, N, P. Chimg minh ring

a) TG giac CEHD ndi tiép.
b) Bén diém B,C,E,F cung thudc mdt dudong tron.
¢c) AE-AC =AH -AD va AD-BC =BE-AC.

d) H,M dbi xtimg nhau qua BC.

Vi du 8. Cho tam gidc ABC can tai A cac dudng cao AD,BE cit nhau tai H. Goi I 1a tim

duong tron ngoai tiép tam giac AHE . Chimg minh rang
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Jodn 9 Tai liéu day hoe

a) TG giac CEHD ndi tiép.

b) Bbén diém A4,E,B,D cung thudc mot dudong tron.
1
¢) ED = S BC.

d) DE 1a tiép tuyén cua duong tron (7).

C. BAI TAP VAN DUNG
Bai 1. Cho tam gidic ABC nhon cac duong cao BM,CN cat nhau tai H. Ching minh ring
AMHN va BNMC 1a cic tir gidc noi tiép.

DT: 0344 083 670 44 Tong hgp: Thiy Fboa



Bai 2. Cho duong tron (O) va diém A4 nim ngoai duong tron. Tir 4 v& hai tiép tuyén 4B, AC va
cat tuyén AMN v6i duong tron (AM < AN). Goi I 1a giao diém tht hai cia duong thing CE véi
duong tron (E 14 trung diém cta MN ). Ching minh

a) Bén diém 4,0, E,C cung thudc mot duong tron.

b) A0C = BIC .

¢) BI song song vGi MN .
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Bai 3. Cho dudng tron (O, R) va diém M nam ngoai duong tron. Tir M v& hai tiép tuyén MA, MB
va cat tuyén MNP véi duong tron. Goi K 1a trung diém NP, ké AC L MB, BD L MA. Goi H 1a
giao diém cia AC va BD, I la giao diém ciia OM va AB . Chiig minh

a) Bén diém 4,0,B,M cung thudc mot dudng tron.

b) Nam diém O,K, 4, M, B cung thuoc mot duong tron.
c) OI-OM =R*.

d) AOHB 1a hinh thoi.

e) O,H,M thang hang.

DT: 0344 083 670 46 Tong hgp: Thiy Fboa



Jodn 9 Tai liéu day hoe

Bai 4. Cho duong tron (0) va diém 4 nim ngoai dudng tron. Tir 4 v& hai tiép tuyén AM, AN .
Mot duong thiang d di qua A cit (O) tai hai diém B,C (4B < AC, d khong di qua O). Chiing
minh

a) AMON ndi tiép dudng tron.

b) Ching minh AN* = AB- AC. Tinh d6 dai BC khi AB=4 c¢cm, AN =6 cm.

¢) Goi I 1a trung diém BC.Puong thing NI cit dudng tron (O) tai diém thir hai 7. Chimg minh
MT || AC .
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- HET ---
Bai 8. PO DAI PUONG TRON. CUNG TRON
A. KIEN THUC TRONG TAM
1. Do dai duong tron
» Chu vi duong tron ban kinh R: [ = 27 R.

2. b6 dai cung tron

* Cho dudng tron c6 ban kinh R. M4t cung tron cé s6 do n° thicodo daila [ = %

B. CAC DANG BAI TAP VA PHUONG PHAP GIAI
Vi du 1. Liy sé 7 gan dang 1a 3,14 hiy dién vao 6 tréng trong bang sau (Iam tron dén s thap
phan thtr hai).

Ban kinh R cta dudng tron 2 ? ?
Puong kinh 4 cta dudng tron ? 8 ?
b dai / cia duong tron ? ? 43,96

Vi du 2. Liy s6 7 gan dang 1a 3,14 hidy dién vao 6 tréng trong bang sau (Iam tron dén s thap
phéan thtr hai).

Bén kinh R cua duong tron 2 4
S do »n° ciia cung tron 31 125°
Do dai / cua cung tron 3,14 15,26

Vidu 3.
a) Tinh d¢ dai cung tron c6 s6 do 70° ctia duong tron ¢ ban kinh R =3 cm.

b) Tinh chu vi vanh xe biét duong kinh 650 mm.
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Jodn 9 Tai liéu day hoe

Vi du 4. May kéo ndng nghi€p co6 hai banh sau to hon banh hai truéc. Khi bom cang, banh xe sau
c6 duong kinh 1a 1,672 m va banh truéc cd duong kinh 1a 88 cm. Hoi banh xe sau lan dugc 10

vong thi banh xe trudc lan duoc may vong?

C. BAI TAP VAN DUNG
Bai 1. Ldy sb 7 gan ding 1a 3,14 hiy dién vao 6 trong trong bang sau (1am tron dén sb thap phan
thu hai).

Ban kinh R ctia dudng tron 6 11 5
S6 do n° cua cung tron 90 60’ 30°
Do dai / cua cung tron 20,3 15,4

Bai 2. Cho duong tron (O,R),ddy AB=R.

a) Tinh sb do cta goc AOB. b) Tinh d¢ dai cung nhé AB .

Bai 3. Cho tam giac 4BC vudngtai 4 c6 AB=6 cm, AC =8 cm. Tinh d¢ dai duong tron ngoai
tiép tam gidc ABC.
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Bai 4. Vi d6 ciia Ha Noi 1a 20°01' mdi vong kinh tuyén dai khoang 40000 km. Tinh d6 dai cung
kinh tuyén tir Ha Noi dén xinh dao.

— HET ---
Bai 9. DIEN TiCH HINH TRON — HINH QUAT TRON

A. KIEN THUC TRONG TAM
1. Di¢n tich hinh tron
= Dién tich S ctia mot hinh tron ban kinh R dugc tinh theo cong thirc S = 7R”.
2. Dién tich hinh quat tron
» Dién tich hinh quat tron ban kinh R, cung n° dugc tinh theo cong thirc
_om- R n IR
©360 o2

S hay S

(! 1a @6 dai cung n° cua hinh quat tron).
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI
Bai 1. LAy gia tri gan dng ciia 7 13 3,14, hiy dién vao 6 trdng trong bang sau (don vi do dai: cm,

1am tron két qua dén chir sb thap phan thir hai)

Bén kinh duong tron (R) 3

b6 dai duong tron (C) 15,70

Dién tich hinh tron (S) 50,24
S6 do cua cung tron (n°) 60’ 80°

Dién tich hinh quat tron cung »’ 6,28

Bai 2. Tinh dién tich hinh tron noi tiép mot hinh vudng c6 canh bé“mg 8 cm.
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Bai 3. Cho tam gidc 4BC ndi tiép duong tron tim O, ban kinh R =3 (cm). Tinh dién tich hinh
quat tron gioi han bdi hai ban kinh OB, OC va cung nhé BC khi BAC=60".

Bai 4. Hinh vanh khén 13 phan hinh tron nim gitra hai duong tron dong
tam (phan t6 dam).

a) Ching minh dién tich S cua hinh vanh khan dugc tinh theo cong
thire: S =7 (R} -R}).

b) Tinh di¢n tich hinh vanh khan khi R, =4 (cm), R, =3 (cm).

C. BAI TAP VAN DUNG
Bai 1. Dién tich hinh tron s& thay doi thé nao néu

a) Ban kinh tang gap doi. b) Ban kinh ting gap ba. ¢) Ban kinh ting & lan.
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Bai 3. Cho tam gidc ABC vudngtai A c6 AB=6 cm, AC =8 cm ndi tiép duong tron (0). Tinh
dién tich hinh tron (O).

Bai 4. Cho hinh vudng c¢6 canh 2 cm, v& dudng tron ngoai tiép hinh vudng d6. Tinh dién tich hinh
tron do.
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D. BAI TAP VE NHA
Bai 5. Liy gia tri gan ding ciia 7 13 3,14, hiy dién vao 6 trdng trong bang sau (don vi do dai: cm,

lam tron két qua dén chir s6 thap phan thir hai)

Ban kinh duong tron (R) 3,5

D¢ dai duong tron (C) 12,56

Dién tich hinh tron (S) 78,50
S6 do cua cung tron (n°) 70° 130°

Dién tich hinh quat tron cung »’ 15,70

Bai 6. Hinh vudng ¢ canh 4 cm noi tiép dudng tron (O) . Tinh dién tich hinh tron (0).

Bai 7. Cho tam gidc MNP ndi tiép dudng tron tdm O, ban kinh R =3 (cm). Tinh dién tich hinh
quat tron gidi han baéi hai ban kinh OM , OP va cung nho MP khi MNP = 45",

va 12 cm.
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- HET ---
ON TAP CHUONG III

A. KIEN THUC TRONG TAM

= Xem lai kién thuc trong tdm cua cac ndi dung tr Bai 1 dén Bai 9.
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI
Bai 1. Cho duong tron (O;R), duong kinh AB ¢6 dinh. Goi M 1a trung diém cta doan OB . Day
CD vudng goc v6i AB tai M . DPiém E chuyén dong trén cung 16n CD (E khac 4). N6i AE cit
CD tai K.Néi BE cit CD tai H.

a) Chung minh bén diém B, M, E, K thudc mot duong tron.
b) Ching minh AE - AK khéng doi.

c¢) Tinh theo R dién tich hinh quat tron gi6i han bédi OB, OC va cung nho BC.
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Bai 2. Cho nira duong tron (0), duong kinh BC =2R va mot diém A trén nira dudng tron sao cho
AB=R. M 1a mot diém trén cung nho AC, BM cit AC tai I.Tia AB cattia CM tai D.

a) Chimg minh tam giac 40B déu.
b) Ching minh tir giac AIMD noi tiép dugc dudng tron.
c¢) Tinh goc ADI .

d) Tinh dién tich hinh quat O4C biét R =3 cm.
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Bai 3. Cho tam giac nhon 4BC (AB < AC ) ndi tiép duong tron (0), ké dudng cao AD . Trén nira
mat phfmg bd BC chua diém A4 ké cac tiép tuyén Bx, Cy v6i (0). Goi H, K lan luot 14 hinh

chiéu vudng goc ciia 4 trén Bx, Cy.
a) Chimng minh ADBH , ADCK 1a céc tir giac noi tiép.
b) Chirng minh ADH = ACB va ADK = ABC |

¢) Goi I 1a giao diém cua DH va AB, J 1a giao diém cua DK va AC . Ching minh bbn diém A4
, I, D, J cung thuoc mot duong tron, tir d6 suyra 1J || BC .
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Bai 4. Cho tam gidc nhon ABC (AB < AC) ndi tiép duong tron (0). Goi M 1a diém chinh giita
cung BC khong chtra A. Trén doan théng AM léy diém I, cac tia BI, CI lan luot cat (0) tai
N,P(N#B, P-C).Goi D légiaodiémcﬁa MP va AB.

a) Chung minh AIDP 1a tir giac ndi tiép.
b) Chung minh /D || BC.

¢) Goi E 1a giao diém cia MN va AC.Chung minh ba diém D, I, E thiang hang.
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C. BAI TAP VAN DUNG

Bai 5. Cho duong tron (O;R) va mot ddy AB, trén tia BA liy diém C sao cho C nam ngoai
duong tron. Tir diém chinh giita P cua cung Ién AB ké duong kinh PO cia dudng tron cit day
AB tai D.Tia CP cit duong tron tai [ . Cac day 4B va QI cit nhau tai X .

a) Chung minh t& gidac PDKI noi tiép.
b) Chung minh 7/Q 1a phan gidc cia goc AIB .
¢) Biét R=5 cm, goc A/O\Q =45". Tinh d6 dai cua cung A0B.

d) Chimg minh CK-CD=CA-CB.
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Bai 6. Cho nira duong tron (O) c6 duong kinh AB . Lay diém C trén doan thing 40 (C # 4,0).
Puong thiang di qua C va vudng goc véi AB cit nira dudng tron tai K . Goi M 1a diém bat ki trén
cung KB (M #K,B). Puong thing CK cat cac duong thang AM , BM lan luot tai H, D.
Puong thing BH cét nira dudng tron tai diém th hai 1 N . Chimg minh:

a) Tt gidc ACMD 1a t giac ndi tiép.
b) CA-CB=CH-CD.

¢) Ba diém 4, N, D thang hang va tiép tuyén tai N ciia nira duong tron di qua trung diém cia
DH .
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Bai 7. Cho duong tron (O) va diém A4 nam ngoai duong tron. Ké tiép tuyén 4B cua duong tron
(0) (B 1a tiép diém) va duong kinh BC. Trén doan thang CO lay diém I (I = C,0). Puong
thang AI cat duong tron (O) tai hai diém D, E (D nam giita 4 va E). Goi H la trung diém cia
doan thang DE .

a) Chimg minh bén diém A, B, O, H cling nam trén mot duong tron.

b) Chirng minh 4B _BD .
AE BE

¢) Puong thang d di qua diém E song song véi A0, cit BC tai K . Ching minh HK || DC.
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Bai 8. Cho dudng tron (O) ngoai tiép tam giac nhon ABC. Goi M, N lan luot 1a diém chinh giita
cua cung nhd AB, BC. Hai ddy AN, CM cit nhau tai 7. Day MN cit cac canh AB, BC lan
luot tai cac diém H, K . Chung minh

a) Béndiém C, N, K, I cung thugc mot duong tron.
b) NB> = NK -NM .

¢) T giac BHIK 1a hinh thoi.

DT: 0344 083 670 61 Tong hgp: Thiy Fboa



Bai 9. Cho duong tron (0) va diém A nam ngoai duong tron. Ké céc tiép tuyén AB, AC véi

duong tron (B, C 1a cac tiép diém).
a) Chirng minh ABOC 14 tir giac noi tiép.
b) Goi E 1a giao diém cia BC, AO.Ching minh BE 1 OA va R*> =0A-OE.

¢) Trén cung nhé BC cua dudng tron ldy diém K bat ki (K = B,C). Tiép tuyén tai K cua duong
tron cit AB, AC lan luot tai P, Q. Chimg minh chu vi tam gidc 4APQ khong d6i khi K di

chuyén trén cung nhé BC.
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4 || HINE TRY - HINE NON - HINE CAU
Bai 1. HINH TRU.

DIEN TiCH XUNG QUANH VA THE TiCH CUA HINH TRU

A. KIEN THUC TRONG TAM e R
* Dién tich xung quanh S, =27zRh. \_//
» Dién tich day S = zR"’. h
= Dién tich toan phan S, =27Rh+27R’. o -

= Thé tich khéi tru ¥ = 7R%h. ~_ 7

B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Tinh chiéu cao, ban kinh day, dién tich xung quanh, dién tich toan phan, thé tich

= Ap dung cong thuc tinh dién tich xung quanh, dién tich day, dién tich toan phan, thé tich
dé 1am.

Vi du 1. Pién day du cac két qua vao bang sau

. Ban kinh | Chiéu cao | Chuviday | Dién tich Dién tich xung | Thé tich
Hinh , ] 5 5 3
day (cm) (cm) (cm) day (cm”) quanh (cm*) (cm”)
2 20
10 8
16 8

Vi du 2. Mot hinh tru c¢6 ban kinh day 1a 13 cm, dién tich xung quanh bang 527 cm?. Khi do,
chiéu cao cta hinh tru 1a

A. 27,958 cm. B. 17,958 cm. C. 6,451 cm. D. 28,958 cm.
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Vi du 3. Chiéu cao ctia mot hinh try bing ban kinh ctiia dudng tron dy. Dién tich xung quanh cua
hinh tru 14 314 cm?. Tinh

a) Ban kinh ctia duong tron day.

b) Thé tich ctia khéi tru. (Lam tron két qua dén chit s6 thap phan tht hai).

Vi du 4. Mot hinh try ¢6 ban kinh day dudng tron day 1 16 cm, chiéu cao 1a 9 cm. Tinh
a) Dién tich xung quanh cua hinh truy.
b) Thé tich ctia hinh try. (LAy 7 = 3,142 lam tron két qua dén hang don vi).

Vi du 5. Cho hinh chit nhdt ABCD c6 4B =4, BC =2. Quay hinh chitr nhat d6 quanh AB thi dugc
hinh try c6 thé tich V,; quay quanh BC thi dugc hinh tru c6 thé tich V,. Trong cac dang thirc dudi

day ding thire nao ding?
AV =V,. B. V, =2V,. C.V,=2V,. D. V,=3F,.

Vi du 6. Mot vat thé co thé dang hinh try, ban kinh dudng tron day va d6 dai cua n6 déu bang 2r
(cm). Nguoi ta khoan mot 16 ciing c6 dang hinh try nhu hinh v& c6
ban kinh day va do sau déu bang » (cm). Thé tich phan vat thé

con lai tinh theo cm?® 1a
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Jodn 9 Tai liéu day hoe

Dang 2: Dang toan tong hop

= Van dung linh hoat cac kién thirc dd hoc va két hop véi cong thic Iy thuyét vé hinh tru dé

giai bai tap.

Vi du 7. Cho hinh v& 1a mdt mau pho mat duoc cit ra tir mot khdi pho

mat dang hinh tru (c6 cac kich thudc nhu hinh sau). Khéi luong clia mau 10 C“;D

pho mat 14 (kh6i lugng riéng ctia pho mat 1a 3 g/em?). )

A. 100 g. B. 1007 g. 8 em
C. 800 g. D. 8007 g.

Vi du 8. Mot hinh tru c6 ban kinh day 1a 3 cm, chiéu cao 4 cm duoc dit dimg trén mat ban. Mot
phén cua hinh tru bi cit roi theo cac ban kinh 04, OB va theo chiéu dai

thang dimg tir trén xubng dudi véi AOB =30".
a) Tinh thé tich cta phén bj cit.
b) Tinh thé tich ctia phan con lai.

¢) Dién tich toan phﬁn cta hinh tru sau khi da bi cit.
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C. BAI TAP VAN DUNG

Bai 1. DBién day du cac két qua vao 6 trong ctia bang sau

Chuvi | Dién tich Dién tich

L DPuong A X .
Hinh gzn (kclr?f; kinh day C:i)h(lsgl) day day (cm® | Xxung quanh T(he ti(;h
Y (cm) (cm) ) (em?) | ™)
h 12 2
10 1000

Bai 2. M¢t cai tru lan c6 dang hinh try nhu hinh bén. Pudng kinh cua dudng tron
day 1a 42 cm, chiéu dai truc lan 12 2 m. Sau khi ldn tron 10 vong thi try 1an tao //—.__\\

, NN 22
trén mat san mat phang madt dién tich la (72’ = 7j .

A. 24600 cm?. B. 58200 cm®.

C. 528 m?>. D. 264000 cm?. ~_

Bai 3. Mot vat thé hinh hoc c¢6 hinh v& nhu hinh bén.

Phan trén 1a mot nta hinh tru, phdn du6i 1a mot hinh hop ~ &o---Nr--------------- -
chit nhat. Véi cac kich thudc cho nhu hinh v&. Thé tich 1o o RN
cta vat thé hinh hocnayta | | i

g 20 em - -
A. 4340 cm”. B. 4760 cm”. o
C. 5880 cm”. D. 8 cm”’.
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— HET -

Bai 2. HINH NON - HINH NON CUT
DIEN TiCH XUNG QUANH VA THE TiCH CUA HINH NON,
HINH NON CUT

A. KIEN THUC TRONG TAM
1. Hinh nén

* Dién tich xung quanh S, =7rl.
= Dién tich toan phan S = zrl + 71>

» Thé tich IV :éﬂrzh.

2. Hinh nén cut

* Dién tich xung quanh S =7z(r; +1,)l.
= Thétich 1V = %ﬂ'h(l”lz +1 +11y).

B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Tinh dién tich, thé tich va cac dai lugng lién quan dén hinh nén va hinh nén cut

= Ap dung cong thirc tinh dién tich, thé tich cta hinh nén va hinh nén cut.

Vi du 1. Cho hinh nén c6 ban kinh », duong kinh day 1a 4, chiéu cao &, duong sinh /7, thé tich v,
dién tich xung quanh S, , dién tich toan phﬁn S,, - Hoan thanh bang sau

r(cm) d(cm) | h(cm) I(cm) | S, (sz) S, (sz) V(cm3)
3 5
8 967
10 657
15 20
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Jodn 9 TJai li¢u day hoe

Vi du 2. Cho tam gidc MNP vuong tai M , N=60" vi NP=2a (don vi d6 dai). Quay tam giac
d6 quanh mét vong quanh canh huyén NP . Hay tinh dién tich xung quanh va thé tich cua hinh nén
tao thanh.

P

e m =)

B e

Vi du 3. Cit mit xung quanh cta hinh nén theo mét dudng sinh va trai phang ra tao thanh mot hinh
quat. Biét ban kinh cta hinh quat tron bang d6 dai duong sinh va do dai cung bang chu vi ddy. Quan
sat hinh v& dudi ddy va tinh sé do cung cua hinh quat tron.

13 em,

13 cm

5 cn

Vi du 4. Hinh trién khai mat xung quanh cua mot hinh nén la mdt hinh quat. Néu ban kinh cua hinh
quat 14 20 cm, s6 do cung 14 120° thi d dai dudng sinh cta hinh nén 1a

A. 20cm. B. 16cm. C. 15cm. D. 10cm.

Dang 2: Dang toan tong hop

=  Van dung linh hoat cac cong thirc di duoc hoc va két hop véi cac cong thic va Iy thuyét
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Jodn 9 Tai liéu day hoe

ve hinh nén va hinh nén cut dé giai bai tap.

Vi du 5. Cho hinh binh hanh 4BCD véi AB=1, AD = x (x> 0) v BAD =60’

a) Tinh dién tich toan phan S cua hinh tao thanh khi quay hinh binh hanh ABCD diing mot vong
quanh canh AB va dién tich toan phan S, cua hinh tao thanh khi quay quanh canh AD.

b) Xac dinh gid tri x khi S=S5, va §=25,. A

C. BAI TAP VAN DUNG

Bai 1. Dién tich toan phan ctia hinh nén c6 ban kinh day 7 cm va dudng sinh 10 cm 13 (liy 7 = 2—72 )

Bai 2. Mot cai x6 dung nudc c¢6 ban kinh day 1a 14 cm va 9 cm, chiéu cao bang 23 cm.
a) Tinh dung tich cua x0.

b) Tinh dién tich t6n dé lam x6 (khong ké dién tich chd ghép).

DT: 0344 083 670 69 Tong hgp: Thiy Fboa



Jodn 9 Tai liéu day hoe

Bai 3. Mot hinh try c6 ban kinh ddy 1 cm va chiéu cao 2 cm, nguoi
ta khoan di mot phan co dang hinh nén nhu hinh v& bén, thi phan thé

tich con lai 1a X /
AY !
Ay s
27 . . 2 cm
A.Tcm3. B. 27 ¢cm? S/
PR _," s
g \\\,f lem s
4z 87z
C. -~ cm”. D. 2= c¢m?*
3 3

Bai 4. Cho hinh nén ¢6 chiéu cao 4 (cm), ban kinh dudng tron ddy 1a » (cm) va do dai duong sinh
x cm thi thé tich cta hinh ndn nay la

A. 7r*h cm?. B. %ﬂ'}’zh cm?’.

D. BAI TAP VE NHA
Bai 5. Cho hinh non c6 ban kinh 7, duong kinh dy 1a d, chiéu cao h, dudng sinh 7, thé tich V.
Hoan thanh bang sau

r(cm) d(cm) h(cm) I(cm) V(cm3)
10 10
10 10
10 1000
10 1000
10 1000
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Jodn 9 Tai liéu day hoe

Bai 6. Mot dung cu hinh nén c6 duong sinh dai 13 cm va dién tich xung

quanh 1a 657 (cm?). Tinh
a) Chiéu cao cua hinh nén.

b) Dién tich toan phan va thé tich ctia hinh nén.

Bai 7. Cit bo hinh quat OACB nhu hinh bén. Biét d6 dai cung C

AmB = x thi phan con lai c6 thé ghép hinh nén nao dudi day?

A B
L ‘
A Chu vi day bang B ' C.
£y O
- . D. Chu vi day bang z.
BalsMétcalxédmgnuocnhuhmhvéduoldéyThéthhnuUCChua ........................................................................
0.2m

day x0 s& 1a (tinh theo cm*)
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Jodn 9 Tai liéu day hoe

A 10007 . B. 17507z . C. 20007z ' D. 27507 .
3 3 3 3
Bai 9. Mot vat thé gém mot phén c6 dang hinh truy, phﬁn con lai c6 dang l4m

hinh nén. Céc kich thudc cho trén hinh v€ dudi day. Hay tinh

a) Thé tich cua dung cu ay.

70 cm

b) Dién tich mat ngoai ciia dung cu khong tinh nip day.

Bai 3. HINH CAU - DIEN TiCH MAT CAU

VA THE TiCH HINH CAU

A. KIEN THUC TRONG TAM
» Dién tich mit cau: S =4zR> hay S =7d>.

Vé6i R 13 ban kinh va d 1a dudng kinh ctia mit cau.

» Thé tich hinh cau: V = %m@.

B. CAC DANG BAI TAP VA PHUONG PHAP GIAI

Dang 1: Tinh dién tich mat cau, thé tich hinh cau va cac dai lugng lién quan

= Ap dung cong thirc tinh dién tich mat cau, thé tich hinh cau dé giai bai toan.

Vi du 1. Hiy dién vao céac 6 tréng trong bang sau:
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Jodn 9 Tai liéu day hoe

Ban kinh mit cu | 0,5mm | 2cm | 0,75dm | 3m | 50km
Dién tich mat cau
Thé tich hinh cau

Vi du 2. Thé tich ctia mot hinh cAu 1a 2212 ¢cm®. Thi ban kinh ciia hinh ciu 1 bao nhiéu? (Lay
2

T="=
; )

A. 7 cm B. 8 cm C. 9 cm D. 10 cm

Vi du 3. Mét hinh cau dat vira khit vao bén trong mqt hinh tru nhu hinh vé (chiéu cao cua hinh tru

bang d6 dai dudng kinh cua hinh cdu) thi thé tich cta nd bang % thé tich hinh tru. Néu duong kinh

cta hinh cu 14 & thi thé tich cta hinh tru 1a ——
A Lzt B. Lra’.

4 3 _--""d em) "~~~
C. 2nd’ D. 3 za’ N

Dang 2: Dang toan tong hop

=  Van dung linh hoat cac kién thirc di dugc hoc két hop véi cac cong thic va 1y thuyét vé
hinh cau dé giai bai tap.

Vi du 4. Mot cai bon chira xing gom hai nira hinh cau va mot hinh try. Tinh thé tich ctia bon chira
theo céac kich thudc nhu hinh vé.

4 m

C. BAI TAP VAN DUNG
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Jodn 9 Tai liéu day hoe

Bai 1. Mt hinh nén c6 ban kinh day bang 3 cm va c6 dién tich xung quanh bang dién tich cua mat
cau c6 ban kinh 3 cm. Tinh chiéu cao cua hinh non.

Bai 2. M4t cai hop hinh try dugc 1am ra sao cho mot qua bong hinh cu dit T

vira khit vao hop d6 nhu hinh v&. Ti s6 thé tich ciia hinh cau va hinh try 13 TN
4 2 / ’
A3 B. —. c.? D. =
4 3 2 3 , :
...................................................................................................................................................................................................................... ~—

Bai 3. Chiéu cao cia mot hinh tru gip 3 1an ban kinh day ctia né. Ti s6 cta thé tich hinh tru nay va
thé tich cta hinh cau c6 ban kinh bang ban kinh d4y cua hinh tru 13

4 4
A — B. 2 C. E . D. —.
3 4 1 9
Bai 4. Mot hinh try dugc “dat khit” vao bén trong mdt hinh cau ban
kinh » =12 cm nhu hinh vé. Tinh: ‘
a) Dién tich xung quanh cua hinh tru, biét chidu cao cua hinh try N 7
bang duong kinh day cta no. AN
b) Thé tich cuia hinh cau. |\ 12
| A
N |
¢) Dién tich mat cau. L
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Bai 5. Cho tam giac déu ABC cb6 canh 4B =8 cm, duong cao AH . Khi d6 dién tich mat cau duoc
tao thanh khi quay nira duong tron noi tiép a ABC mot vong quanh AH .

D. BAI TAP VE NHA

Bai 6. Cac loai bong cho trong bang déu c6 dang hinh cau. Hiy dién vao cac 6 trong & bang sau
(1am tron két qua dén chir sb thap phan thir hai, don vi: mm):

Loai bong Gon | Khic con cau | Ten-nit | Bong ban | Bi-a
Puong kinh 42,7 65 40 61
bJ dai duong tron 230
Dién tich
Thé tich
Bai 7. Dién tich cia mot mit cAu 1a 2464 m? thi duong kinh cua mat cu 1a bao nhiéu? (Léy
22
T=—
Z )
A. 28 cm. B. 28 mét. C. 38 mét. D. 30 mét.
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Bai 8. Mot khdi gb dang hinh tru ding, ban kinh duong tron day 1a a P

(cm), chiéu cao 1a 2a (cm). Nguoi ta khoét rong hai nira hinh cau nhu N

Lo X s \ 4

hinh v€. Dién tich toan b ctia khoi go la \, /!
2 2 2 2 po i 2a

A. 4za” cm”. B. 67a” cm~. o .

I.’ \\

’ _ A

2 2 2 2 | =-=TTTTT= ~~_ "

C. 87a” cm~. D. 10za” cm~. ol _a .

Ciau 8. Cho nira duong tron tim O, duong kinh AB=2R, Ax va By 1 hai tiép tuyén voi nira mit
duong tron tai 4 va B. Ly trén Ax diém M 1di vé tiép tuyén MP cit By tai N.

a) Ching minh AMON A APB .

b) Ching minh 4AM - BN = R*.

¢) Tinh ti sb Suow i AM:%

APB

d) Tinh thé tich ctia hinh do ntra hinh tron APB quay quanh AB sinh ra.
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ON TAP CHUONG IV

A. KIEN THUC TRONG TAM
= Xem lai phan kién thirc trong tAm ctia cac bai tir 1 dén 3.
B. CAC DANG BAI TAP VA PHUONG PHAP GIAI
Bai 1. Cho hinh chit nhat ABCD ¢6 AB=8 cm, BC =6 cm. Cho

hinh chir nhat quay quanh canh 4B ta dugc moét hinh try. Tinh dién m

, D
tich xung quanh va thé tich cua hinh tru nay.
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Bai 2. Hiy tinh dién tich toan phan ctia hinh ndn ¢é céc kich thude nhu sau:
a) Ban kinh day bang 2,5 mét va duong sinh bang 5,6 mét;

b) Ban kinh d4y bang 3,6 mét va dudng sinh bang 4,8 mét.

Bai 3. Cho aABC vudngtai 4,c6 AB=3 cm, AC =4 cm.
a) Tinh chiéu cao AH cta aABC. B

b) Cho aABC quay mdt vong quanh canh BC. Tinh ti sd dién tich
giita cac phan do cac diy cung AB va AC tao ra.

Bai 4. Cho hinh nén cut c6 hai ban kinh 9 cm, 14 cm. Chiéu cao ctia hinh nén 1a 12 cm. Tinh dién
tich xung quanh va thé tich cua hinh nén cut.
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Bai 5. Cho ban kinh cta Trai Dt va Mit Tring tuong tmg 13 6371 va 1738 ki-16-mét. Ti sb thé
tich giita Trai D4t va Mat Trang la

A. 3,67. B. 4,93. C. 15,63. D. 49,26.

C. BAI TAP VAN DUNG
Bai 6. Tinh thé tich cta cac hinh bén dudi theo cac kich thude da cho.

Bai 7. Khi quay tam gidc 4BC vudng & 4 mdt vong quanh canh
goc vuong AC ¢ dinh, ta dwoc mot hinh nén. Cho biét BC = 4
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Jodn 9 Tai liéu day hoe

dm, ACB =30". Tinh dién tich xung quanh va thé tich cta hinh nén.

Bai 8. Mot hinh cau c6 s do dién tich (don vi: m*) bang sb do thé tich (don vi: m*). Tinh ban kinh
hinh cau, dién tich mat ciu va thé tich hinh cau.

Bai 9. Cho hinh vuéng ABCD ndi tiép duong tron tdm O, ban kinh R va GEF 1a tam giac déu noi
tiép duong tron d6, EF 1a day song song véi AB. Cho hinh d6
quay quanh truc GO . Ching minh: G

a) Binh phuong cta thé tich hinh tru sinh ra boi hinh vudng bing

thé tich ctia thé tich hinh cAu sinh ra béi hinh tron va thé thé tich

hinh nén do tam giac déu sinh ra. a O

b) Binh phwong dién tich toan phan cta hinh tru bang tich cua dién H

tich hinh cau va dién tich toan phan cia hinh nén. E - F
D C
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