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Pai s6 10
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Chuong 2: Ham s6 bac nhat va bac hai

1 Bail. Ham sb

1.1 TIM TXD CUA HAM SO

Mtc d6 Thong hiéu

Cau 1. Tap xac dinh ctia ham s6 y = 2% — 322 1

(A) R\ {0}. (3; +00). O R. (D) (—o0; 3).

16
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Chuong 2: Tich vé huéng va itng dung

Miic d6 Van dung thap

Cau 2. Cho ba diém A(1;—3); B(=2;6) va C(4;—9). Tim toa do diém M thuoc Ox sao cho
véc-to & = MA + MB + MC c6 do dai nhé nhat.

(A) M(2;0). M (4;0). (C) M(3;0). (D) M(1;0).

18
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Pai s6 11

19



Chuong 1: Ham s6 lugng giac. Phuong
trinh luong giac

1 Bai 1. Cac ham s6 ludgng giac

11 TAP XAC DINH CUA HAM SO LUONG GIAC

Mic d6 Nhan biét

Cau 3. Tim tap xac dinh 2 ctia ham s6 y = tan <2x— %)
3 k 3
@Q:R\{§+;,kez}. .@:R\{ZJrlm,kEZ}.

@@zR\{T+IZT,keZ}. D) 2 =R\ g+k7r,k€Z}.

1.2 TINH CHAN LE CUA HAM SO LUONG GIAC

Mtc d6 Thong hiéu

Cau 4. Ham s6 nao sau day 1a ham s6 chin?

@y:SiDSI. yzcosx-taan. ©y=x~cosx, @y:tanx.

sin

Cau 5. Ménh dé nao sau day 1a sai?

@ Ham s6 y = cosz 13 ham s6 18. Ham s6 y = cot z 14 ham s6 1é.

@ Ham s6 y = sinz 1a ham s6 18. @ Ham s6 y = tanz 1a ham s6 18.
Miic do Van dung thap

o
2 cos - tr) = 5tan (z + 3m)
Cau 6. Ham s6 y =
2 —cos2x
(A) La ham s6 khong chiin khong 1é. La ham s6 1¢.
@ La ham s6 chén. @ D6 thi d6i xting qua truc Oy.

1.3 TINH TUAN HOAN CUA HAM SO LUONG GIAC

Mtc do Thong hiéu

Cau 7. Tim chu ki ctia ham s6 f(z) = tan% 4 2sin .

@ . @ 2. @247T. @ 8.

20



Tap gid tri va Max-Min cia ham s6 ligng gidc 21

Cau 8. Trong bon ham s6 sau:(1)y = sin2x; (2)y = cos4dz; (3)y = tan2x; (4)y = cot 3z c6 may

ham s6 tuan hoan véi chu ky 57

@o. ® 2. ©) 3. D) 1.

1.4 TAP GIA TRI VA MAX-MIN CUA HAM SO LUONG GIAC

Mtc do Thoéng hiéu

Cau 9. Tim gia tri 16n nhat clia ham s6 y = 1 — 2cosz — cos® x.

@ 2. ®) 3. ©o. D) 5.

Mitc dé Van dung thap

e . . cosx + 1
Cau 10. Tap gia tri cia ham s6 y = ——

T
- trén {O; —]
. sinx +1 | .
@ {2;2} (0;2]. © {2;2) o) (2;2>-
Cau 11. Goi M va m lan lugt 1a gia tri 16n nhat va gia tri nhé nhat ctia ham s6

y = —+/2sin (x—i—%) + /3 trén {0;%. Tinh tong S = M + m.

(A)S=—-1-v2+3. B)S=-1+v2+2V3
(©S=-1-v2+2V3. D) S =1+2+2V3.

2 Bai 2. Phuong trinh luong giac co ban

2.1 PTLG CO BAN (KHONG CAN BIEN DOI)

Mtc d6 Thong hiéu

Cau 12. Tim tap nghiém S ctia phuong trinh 2sin 2z — /3 = 0.

@S:{g+kﬂ;%+kﬂ,k€Z}. S:{g—FkQW;Qg—i—kQW,kEZ}.
@sz{gww;%Mw,keZ}. @S:{g+k2w;%+k2n,kez}.

Mic dé Van dung thap

1 ‘
Cau 13. Cho hai phuong trinh cos3z —1 =0 (1); cos 2z = —3 (2). Tap cac nghiém cia phuong
trinh (1) dong thoi 14 nghiém ctia phuong trinh (2) 1a
@x:g+k2w,keZ. B) z = k2, k € Z.

2
@:cz:l:ngkQW,kEZ. @x:i§+k2w,kez

2.2  PTLG CO BAN (TREN KHOANG, DOAN)

Mtc d6 Thong hiéu

Cau 14. Téng tat ci cac nghiém ctia phuong trinh cos(sinz) = 1 trén [0; 27] bing



PTLG co bin (bién doi, khong diéu kién) 22
@ 0. @ . @ 2m. @ 3.
Cau 15. Phuong trinh sin 2z = 5 €0 bao nhiéu nghiém trén khodng (0;37)?
A) 4. B 1. (©) 6. D) 2.
2.3 PTLG CO BAN (BIEN DOI, KHONG DIEU KIEN)
Mtc d6 Thong hiéu
Cau 16. Phuong trinh 2cosz + /2 = 0 ¢6 tat ca cac nghiem la
ng—l—kQW x—ZT+k27r
0y a3 ,(k € Z). - (ke
r=—+ k27 r=——+k27
- 34 - 4
xzzﬁ—i—k%r x:%+k27r
© - (k€ 1). ) o tm keED)
T = + k27 T=77 ™
Cau 17.
Nghiém ctia phuong trinh 2sinz + 1 = 0 dugc biéu dién trén duong tron Yy B
lugng giac ¢ hinh bén 1a nhitng diém nao? D
(A) Diém E, diém D. Diém C, diém F. o 7
(C) Diém D, diém C. (D) Diém E, diém F. 7
E
B/
2.4 PTLG CO BAN CO NGHIEM THOA DK
Miic do Van dung thap
Cau 18. Tinh tong cic nghiem thuoc khoang (0;27) clia phuong trinh
5
sin? g + cos? g =3
91 127 97
—. —_— —. 2.

3 Bai 3. Phuong trinh lugng giac thuong gap

3.1 CAC CAU HOI CHUA PHAN DANG

Mric d6 Thong hiéu

Cau 19. Phuong trinh nao sau day vo nghiem?

@tanm—i—?):(). Sinx—|—3:0.

©3sin:n—2:0. @26082x—cos:r—1:0.



PT dai s6 (bac n) theo 1 HSLG 23

Cau 20. Giai phuong trinh sinz + cos z = v/2sin 5.

7T—|—k7T 7T—|—]{57T ﬂ-—l—]{jﬂ- 7T+7T
€r = — —_ xr = — —_ xrT = — — €T = — —
18 2 12 2 16 2 4 2
@ B2 P Lo PP oo 42
xr = — — xrT = — — xr = — —_ €T = — J—
9 3 24 3 8 3 6 3

3.2 PT DAI SO (BAC N) THEO 1 HSLG

Miic d6 Van dung thap

Cau 21. Tim nghiém ctia phuong trinh cos? z — cosz = 0 théa man diéu kien 0 < z < 7.

@x:g. :1::0. @a::m @:1::

3.3 PT CO DIEN (A.SINX + B.COSX = C)

Mtc d6 Thong hiéu

Cau 22. Tinh téng tat ca cic nghiem thuge (0; 27) clia phuong trinh /2 cos 3z = sin x+cos z.
11 9

Cau 23. Tim tat ci gid tri thuc ctia tham s6 m dé phuong trinh sin 2z — (m + 1) cos 2 = 2 ¢6

nghiém.
@me (-1 - V3 -1+ V3). B) m e (- -—1—\/3] (1 + /3; +00).
(©me (—o0;—1-V3)U(~1+v3;4+00). @Mmel[-1-v3-1+3]

Cau 24. Tim tap nghiém S ctia phuong trinh v/3sinz — cosz = 2.

@ s={%+kn, kez). ®) S = { 1 k2, keZ}
© 5 = {—l—knr keZ} © 5= {3 +#k2m ke

Miic d6 Van dung thap

Cau 25. Tim diéu kién ctia tham s6 m dé phuong trinh m - sinz — 3cosz = 5 ¢6 nghiem.

@m24. m§—4hoacm24.
—4<m <4 D) m > /34,

34 PT DANG CAP (BAC N) DOI VOI SINX VA COSX

Mric d6 Thong hiéu

Cau 26. Giai phuong trinh 2sin®z + v/3sin 2z = 3.

@{—g-l—kﬂ,k‘GZ}. {g+k7r,k€Z}.
@{?Mw,kez}. @{E);Jrkw,kez}.



PTLG dua dugc vé dang tich 24

35 PTLG DUA DUOC VE DANG TiCH

Mtc do Thoéng hiéu

Cau 27. Giai phuong trinh sin 2x = (3054; — sin4g.
_aj: 24_]{;2; v = % l{:g
@ pd (k € Z). - (k € 7).
r=—+ k2w r=—+kr
i 72T r 27T ™
r=—-+km r=-—+k=
3 12 2
©| 5 (kew) ©| 5 “ken)
x:?+k27r x:Zqum

Miic d6 Van dung thap

Cau 28. Xét phuong trinh sin 3x — 3 sin 2z — cos 2z + 3 sinx + 3 cos x = 2. Phuong trinh nao dudi
day tuong duong véi phuong trinh da cho?

@ (2sinz — 1)(2cos®z + 3cosz + 1) = 0. (2sinz —cosz 4+ 1)(2cosz — 1) = 0.

@ (2sinz — 1)(2cosx — 1)(cosz — 1) = 0. @ (2sinz — 1)(2cosz 4+ 1)(cosz — 1) = 0.

Cau 29. Phuong trinh sin 2z 4+ 3 cosz = 0 ¢6 bao nhiéu nghiém trong khoang (0; )7

(A)o. B) 1. (©) 2. D) 3.

3.6 PTLG THUONG GAP (CHUA THAM SO)

Mtc d6 Thoéng hiéu

Cau 30. Tim tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh 5cosz —msinz = m +1 ¢

nghiém.

(A)m <12, B)m < —13. (©) m < 24. D) m > 24.

3.7 PTLC KHONG MAU MUC

Mrtc do Thoéng hieéu

Cau 31. Phuong trinh sin 22 cos x = sin 7z cos 4x ¢6 cac ho nghiém 1a

k27 m km km m km
v v ™ v s ™

Mitc d6 Van dung cao

Cau 32. Phuong trinh 5111339(: = 81n55x c6 3 nghiem A, B, C' phan biét thudc nita khoang [0; )
khi d6 cos A + cos B + cos C' biang

@ o. ® ©= O 1.




PTLG co nghiém trén khodng, doan 25

3.8 PTLG CO NGHIEM TREN KHOANG, DOAN

Mtc do Thoéng hiéu

Cau 33. Phuong trinh sinz 4+ cosz = 1 ¢6 bao nhiéu nghiém trén khoéng (0;7)?

(A) 1. B) 0. (©) 2. D) 3.

Mitc do6 Van dung thap

3
Tﬂ; 7r> cia phuong trinh v/3sinz = cos (; — 2:)3).

(A) 0. B 1. ©) 2. D) 3.

Cau 34. Tim s6 nghiém thuoc

Mitc d6 Van dung cao

Cau 35. S6 nghiém trén khoang (0; 27) clia phuong trinh 27 cos? z + 8sinz = 12 1a

(A)1. B 2. ©)s. D) 4.



Chuong 2: Té6 hop. Xac suat. Nhi thiic

Newton

1 Bai 1. Quy tac cong - quy tac nhan

1.1 DEM SO (THUAN NHAN)

Mtc d6 Thong hiéu

Cau 36. Tit cac chit s6 1,2, 3,4,5,6 co thé lap duge bao nhiéu sé tit nhién gom 4 chit s6 doi mot

khéc nhau?

(A) 15, (B) 4096. (C) 360. (D) 720.

1.2 DEM SO (KET HOP CONG, TRU, NHAN)

Mtc do Thong hiéu

Cau 37. Trong kho den trang tri con 5 béng den loai I, 7 bong den loai 11, cic béng den déu
khac nhau vé mau siac va hinh dang. Lay ra 5 bong den bat ky. Héi ¢6 bao nhiéu kha nang xay ra

s6 bong den loai I nhiéu hon s6 béng den loai 117

(A) 246. B) 3480. (C) 245. (D) 3360.

2 Bai 2. Hoan vi - chinh hop — té hdp

2.1 CAC CAU HOI CHUA PHAN DANG

Mitc d6 Nhan biét

Cau 38. Cho n, k 1a cic s6 tir nhién thoa 0 < k& < n. Trong cdc ménh dé sau, ménh dé nao

sai?

@Ckzcn—k Ak: n! @Ck:AifL @Ck: n!

(n

2.2  DEM SO (CHI DUNG MOT LOAI P HOAC A HOAC C)

Mitc d6 Nhan biét

Cau 39. Cho tap hop M c6 10 phan tit. S6 tap con gom 2 phan ti ctia M 1a

@) A3, A3, © 2, D) 102

26



Dém so6 (két hop P-A-C) 27

Mtc d6 Thong hiéu

Cau 40. C6 bao nhiéu sb tir nhién gom 5 chit s6 sao cho méi chit s6 ctia s6 d6 déu 1én hon chit
s6 bén phai clia n6?

(A) 210. (B) 30240. (C) 252. (D) 120.
Cau 41. T cac chit s6 0, 1, 2, 3, 4, 5, 6, 7, 1ap duge bao nhiéu s6 tu nhién chin gom ba chit s6
khac nhau doi mot?

(A) 144. B) 120. (C) 168. (D) 150.

Cau 42. Tinh s6 chinh hgp chap 4 ctia 7 phan tu.

(A) 24, B) 720. (C) 840. (D) 35.

Mitic do Van dung thap

Cau 43. Goi S 1a tap hop tat ca cac so6 tu nhién gom 5 chit s6 doi mot khac nhau dude lap tu
cac chit s6 5,6,7,8,9. Tinh tong tat ca cac s6 thuoc tap S.

(A) 9333420. (B) 46666200. (C) 9333240. (D) 46666240,
Cau 44. Co6 bao nhiéu sb tiy nhién c6 6 chit s6 doi mot khac nhau trong d6 chita cac chit s6 3,4, 5
va chit s6 4 ding canh chit s6 3 va chit s6 57

(A) 1470. B) 750. (C) 2940. (D) 1500.

Cau 45.

Cho mot tam giac, trén ba canh ctia n6 lay 9 diém nhu hinh vé. C6

Cs

tat cd bao nhiéu tam giac c6 ba dinh thudc 9 diém da cho?

(A) 79. B) 48.
(C) 55. (D) 24.

A Ay Ay Ay

2.3  DEM SO (KET HOP P-A-C)

Miic d6 Van dung thap

Cau 46. Tit cac chit s6 0,1,2,3,4,5,6 co thé lap duge bao nhiéu sé ¢6 5 chit s6 khac nhau ma s6
d6 nhat thiét c6 mat cac chit s6 1,2, 57

(A) 684. (B) 648. (C) 846. (D) 864.
Cau 47. C6 bao nhiéu s6 tu nhién c6 10 chit sé khac nhau, trong dé cac chit s6 1,2, 3,4, 5 dude
xép theo thit ty tdng dan tir trai qua phai va chit s6 6 luon ding truée chit s6 5.

(A) 3888. (B) 22680. (©) 630. (D) 544320.

Miic do Van dung cao

Cau 48. Mot khoi lap phuong c¢6 do dai canh 1a 2 ecm dudce chia thanh 8 khéi lap phuong canh 1

cm. Héi c6 bao nhiéu tam gidc tao thanh tit cac dinh ctia cac khéi lap phuong canh 1 cm?

(A) 2876. (B) 2898. (C) 2915. (D) 2012.



Chon ngudi, vat (thuan to hop) 28

2.4 CHON NGUOIL VAT (THUAN TO HOP)

Mtc do Thoéng hiéu

Cau 49. Mot nguoi vao cita hang an, nguoi dé chon thiyic don gom 1 mén an trong 5 mon, 1 loai
qua trang miéng trong 5 loai qua trang mieéng va mot nudc udng trong 3 loai nude uébng. C6 bao

nhiéu cach chon thuc don?
(A) 25. B) 75. (C) 100. D) 15.

Cau 50. C6 tat ca bao nhiéu cach chia 10 ngudi thanh hai nhom, mot nhém cé 6 ngudi va mot

nhém c6 4 nguoi?

(A) 210. B) 120. (C) 100. (D) 140.

2.5 BAI TOAN LIEN QUAN HINH HOC

Mic dé Van dung thap

Cau 51. Cho tap A gdm n diém phan biét trén mat phing sao cho khong c6 ba diém nao thing
hang. Tim n sao cho s6 tam gidc ma ba dinh thuoc A gap doi s6 doan thing duge néi tit hai diém
thuoc A.

(A)n=6. B)n=12. ©n=s. D) n = 15.

Mitc d6 Van dung cao

Cau 52. Bé Minh c6 mot bang hinh chit nhat gom 6 hinh vuéng don vi, ¢6 dinh khong xoay nhu
hinh vé. Bé mudn dung 3 mau dé t6 tit ca cac canh cta céc hinh vuong don vi, mdi canh t6 mot
lan sao cho mdi hinh vuong don vi duge t6 bdi ding 2 mau, trong d6 mdi mau to ding 2 canh.

Ho6i bé Minh c6 tat ca bao nhiéu cach t6 mau bang ?

(A) 4374. (B) 139968. (C) 576. (D) 15552.

26 PT-HPT DAI SO TO HOP

Mic dé Van dung thap

, 0o Qo Ch 2% —n—3
Cau 53. Tim s0 ty nhien n théa man —= + 2% 4+ 2 4 ; =
au Hn SO e oA A ot s T A T T i Dt 2) (it D+ 2)

(A) n = 100. B)n = 98. (©) n=9. (D) n = 101.



Bai 8. Nhi Thic Newton 29

3 Bai 3. Nhi Thitc Newton

3.1 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 54. Trong khai trién nhi thic (a + 2)™"° (n € N) ¢6 tit ca 17 s6 hang. Khi d6 gia tri n bing

bao nhiéu?

(A) n = 10. B)n =12 ©n=17. D) n = 11.

32 TIM HE SO VA SO HANG TRONG KHAI TRIEN

Mtc do Thong hiéu

) . 3\*
Cau 55. Tim hé s6 2° trong khai trién biéu thic (2x4 — 3> .
r

(A) —96. B) —216. (C) 96. (D) 216.
Cau 56. Cho da thic p(z) = (1+2)8 + (1 +2)° + (1 + ) + (1 + 2)™ + (1 + 2)*2. Khai trién
va rit gon ta duge da thitc P(z) = ag + a1z + asx® + - - - + ap2?. Tim he s6 as.
(A) 720. B) 700. (©) 715. (D) 730.
Cau 57. Cho da thic p(z) = (1+2)*+ (1+2)? + (1 +2)"° + (1 + 2)'* + (1 + 2)". Khi khai
trién va rit gon ta duge da thiic P(z) = ag + ayz + aza? + - - + appx'?. Tinh tong cac hé s a;
i =0,12.
@A) 5. B) 7936. ©o. (D) 7920.
Cau 58. Tim he s6 ciia #° trong khai trién thanh da thic ctia (22 + 3)3.
(A) —C3253%. (32533 (C) 32337 (D) C5223°.
) . 2\’
Cau 59. Tim so hang khong chita x trong khai trién nhi thitc Newton (m — ) 1, (x #0,n €
T
N*).
@ 27051- 28031‘ @ _28Cg1~ @ _27Cg1~
Cau 60. Tim s6 hang thit 4 trong khai trién (@ — 22)% theo lity thita tang dan clia z.

@ —Cg’OZSa”x?’. (3302%%3. @ —03023a17. @ 0302%17.

Mitc d6 Van dung thap

Cau 61. Khai trién biéu thic (1 — 2z)" ta duge da thic c6 dang ag + a1x + axx® + - - - + a,a™.
Tim hé s6 cta 2°, biét ag + a1 + as = 71.

(A) —648. B) —876. (C) —672. (D) —568.
Cau 62. Biét rang he sb ctia 2* trong khai trién nhi thitc Newton (2 — z)", (n € N*) biang 60.

Tim n.

@n:5. n:6. @n: : @n:



Hé s6 lon nhat, nhé nhat trong khai trién 30

. . . 2\ 2018
Cau 63. Tim hé s6 a ciia s6 hang chita 2°'8 trong khai trien P(z) = <x —\/_> ;x> 0.
T

Ba=cgam. Ba--CERIW. Qo= R [D)a= 2™
Cau 64. Trong khai trién biéu thitc (z + y)*', he s6 ciia sb hang chita =338 1a

(A) 116280. (B) 293930. (C) 203490. (D) 1287.
Cau 65. Cho n la s6 nguyén duong théa man 3"C% — 3"~ 1Cl + 377202 — ... + (—1)"C" = 2048.

Tinh hé s6 ctia z'° trong khai trién (z + 2)™.

(A) 11264. B) 22. (C) 220. (D) 24.

Mitc d6 Van dung cao

n
Cau 66. Tim hé s6 clia 2° trong khai trién nhi thitc Niu-ton (x\/i + ) biét tong cac hé s6

1
N
ctia khai trién bang 128.

(A) 35. B) 38. (©) 37. (D) 36.

33  HE SO LON NHAT, NHO NHAT TRONG KHAI TRIEN

Miic d6 Van dung thap

Cau 67. Hé sb c6 gia tri 16n nhat khi khai trién P(z) = (1 + 27)'2 thanh da thtc 1a

(A) 162270. B) 162720. (C) 126270. (D) 126720.

3.4 TINH TONG HOU HAN CAC C (KHONG DAO HAM, TICH PHAN)

Mitic do Van dung thap

Cau 68. Tinh tong T = Clyq + C3519 + Coo9 + - - - + C2010-

@ T — 92019 @ T — 92017 @ T — 92018 @ T — 92018 _ 1

Miic do Van dung cao

Cau 69. Tinh téng S = (C°)% + (CL)* + ... 4 (C")?

A) S =n-Cy, B) S =(Cg,)” ©S=n-(Cp). DS=Cy,.

4 Bai 5. Xac suat cua biéen co

41 TINH XAC SUAT BANG DINH NGHIA

Mtc d6 Thong hiéu

Cau 70. Doi thanh nién tinh nguyén ctia mot truosng THPT ¢6 13 hoc sinh gom 4 hoc sinh khoi
10, ¢6 4 hoc sinh khéi 11 va 5 hoc sinh khéi 12. Chon ngau nhién 4 hoc sinh di tinh nguyén, hay

tinh xac suat dé 4 hoc sinh duge chon ¢6 di 3 khéi.

8L ) 106 160 50
143" 715 143" 143"



Tinh zdc suat bang dinh nghia 31

Cau 71. Gieo ngau nhién 2 con stc sic can dbi dong chat. Tinh xac suat dé tong sé6 cham xuat
hién tré7n 2 con sic sac dé bang 7.
1 1 1
7 5 © 5 D
Cau 72. Mot t6 ¢6 5 hoc sinh nam va 6 hoc sinh nit. Gido vién chon ngau nhién 3 hoc sinh dé
lam truc nhat. Tinh xéac suat dé 3 hoc sinh duge chon ¢6 cd nam va nit.
3 24 9 3
@ ® e WS
Cau 73. Lay ngau nhién hai vién bi tit mot thiing gom 4 bi xanh, 5 bi dé va 6 bi vang. Tinh xac

suat dé lay dugc hai vien bi khac mau?
(A) 67,6%. 29, 5%. (C) 32,4%. (D) 70, 5%.

Cau 74. Mot 16p ¢6 20 nam sinh va 15 ni sinh. Gido vién chon ngau nhién 4 hoc sinh lén bang

giai bai tap. Tinh x4c suat dé 4 hoc sinh duge c¢6 ca nam va nit.
4615 @ 4651 4615 4610

Cau 75. Tu mot hop chita ba qua cau trang va hai qua cau den lay ngau nhién hai qua. Tinh
xac suat 1ay duge hai qua cting mau.
@ 2 4 © 3 ) 1.

5) 5) ) )
Cau 76. Gieo mot con stc sac can déi dong chat mot lan. Tinh xéac suat dé xuat hien mit c6 s6
cham 14 mot s6 nguyen to.

1 1 2 1
Cau 77. Mot hop chita 11 qué cau gom 5 quéi cau mau xanh va 6 qua cau mau do. Chon ngau
nhién dong thoi 2 qua tit hop dé. Xac suat dé hai qua cau chon ra cing mau bang

ki ® % ki 8
29" 11° 11° 11°

Miic d6 Van dung thap

Cau 78. Ldép 11B ¢6 25 doan vién trong d6 c6 10 nam va 15 nit. Chon ngau nhién 3 doan vién
trong 16p dé tham diy hoi trai ngay 26 thang 3. Tinh x4c suat dé 3 doan vien duge chon c¢6 2 nam
va 1 nﬁ;’.7 -
2 3 9
0% B 5 5 07
Cau 79. Mot ngusi bé ngau nhién 4 1a thu vao 4 bi thu da dé sdn dia chi. Tinh xac suat dé c6
it nhat 1 14 thu bo ding dia chi.
3 5 5 3
@:. - ©3 D
Cau 80. Xép 11 hoc sinh gom 7 nam, 4 nit thanh hang doc. Tinh xac suat dé 2 hoc sinh nit bat
ky khong xép canh nhau.
TIAS TIAG 7C4 74!
@ ST T © - ®ﬁ’
Cau 81. Chon ngau nhién bén dinh tit cac dinh ctia mot da giac déu noi tiép duong tron tam O,
biét da gidc c¢6 170 duong chéo. Tinh xac suat P clia bién ¢d bén dinh duge chon 1a bon dinh cta
mot hinh chi nhat.

3 3 6 14



Tinh zdc suat bang cong thiic nhan zdc suat 32

Cau 82. C6 muoi cai ghé (mdi ghé chi ngdi duge mot nguoi) duge sap trén mot hang ngang. Xép
ngau nhién 7 hoc sinh ngoi vao, mdi hoc sinh ngodi ding mot ghé. Tinh x4c suat sao cho khong c6
hai ghé trong nao ké nhau.

(A)0,25. 0,46. (©)0,6(4). (D) 0,4(6).
Cau 83. Cho tap hop A = {1,2,3,...,10}. Chon ngau nhién ba s6 tit A. Tim x4c suat dé trong

ba s6 chon ra khong c6 hai s6 nao 1a hai s6 nguyén lién tiép.

7 7 7 7

4.9 TINH XAC SUAT BANG CONG THUC NHAN XAC SUAT

Mtc do Thoéng hiéu

Cau 84. Cho A, B la hai bién ¢6 doc lap v6i nhau, P(A) = 0,4 va P(B) = 0,3. Tinh P(AB).
(A) P(AB) = 0,58. P(AB) =0,7. (C)P(AB) =0,1. (D) P(AB) = 0,12.

Mitc do6 Van dung thap

Cau 85. Cho mot da giac déu 20 dinh nai tiép trong duong tron O. Chon ngau nhién 4 dinh cla
da gidc d6. Tinh x4c suat sao cho 4 dinh dugc chon 1a 4 dinh ctia mot hinh chit nhat.

3 4 2 7
3 B3 569 316

43 TOAN TONG HOP VE HAI CONG THUC XAC SUAT

Mitc d6 Van dung théap

Cau 86. Hai xa thu ciing ban mdi ngudi mot vien dan vao bia mot cach doc lap véi nhau. Xac
suat ban tring bia ciia hai xa thu lan lugt 1 3 VA 3 Tinh xac suat ctia bién ¢6 c¢6 it nhat mot
xa th{ilkhéng ban tring bia. X X -

@ Bl oL S
Cau 87. Mbi lugt, ta gieo mot con sic sic (loai 6 mat, can d6i) va mot dong xu (can doi). Tinh
xac suat dé trong 3 luot gieo nhu vay, co it nhat mot luot gieo dudce két qua con stc sic xuat hien

mit 1 cham, dong thoi dong xu xuat hién méit sap.
397 @ 1385 1331 1603

1728 1728 1728 1728

Mic d6 Van dung cao

Cau 88. Hai nguoi ngang tai ngang stc tranh chitc vo dich ctia cude thi ¢o tudng. Ngusi gianh
chién thing la ngusi dau tién thing dude 5 van co. Tai thoi diém ngudi choi thit nhat da thing
4 van va ngudi choi thit hai méi thing 2 van, tinh xac sudt dé ngusi choi thit nhat gianh chién

thang.

®; ®; ©; ®;



Chuong 3: Day s6. Cap sbé cong. Cap sb

nhan

1 Bai 2. Day sb

1.1 SO HANG TONG QUAT CUA DAY SO

Mic dé Van dung thap

Cau 89. Cho day s6 (a,) xac dinh béi a; = 5,a,41 = q.a, + 3 v6i moi n > 1, trong d6 ¢
la hing s6, ¢ # 0, ¢ # 1. Biét cong thiic s6 hang tong quat ctia day sb6 viét duge dusi dang
1 n—1
a, = o.¢" ' + B——"—. Tinh a + 243.
q

(A) 13, B) 9. (©) 11, (D) 16.

1.2 DAY SO TANG, DAY SO GIAM

Mtc do Thong hiéu

Cau 90. Day s nao sau day giadm?
n—>5 d—3n
n — 9 N* . n — y N* .
W wy =, (nEN) B un =5, (neN)
@ u, =2n*+3, (n € N*). @ u, = cos(2n + 1), (n € N*).

Cau 91. Trong cac s6 hang tong quat sau, dau la sé hang tong quét ctia mot day s6 giam?

@un 2n+1. un:n3—1. @un:n2. @un:2n.

n

Cau 92. Trong cac day sb sau, diy s6 nao la day sb tang?

@un:%. un:n+3 @un=n2+2n. @un:(;}l)n

n+1

1.3 DAY SO BI CHAN

Mtc do Thong hiéu

Cau 93. Trong cac day s6 sau, diy sd nao l1a day s6 bi chan?
2n+1

@ (up,) v6i u, = (up) V01 u,, = 2n 4+ sin(n).

n+1"

(©) (un) v6i u, = n. D) (un) Vi u, = n? — 1.
Cau 94. Trong cac day s6 (u,) sau day, day s6 nao bi chan?

@un:n—i—;. un:2”+1. @un: n @un: n? + 1.

n—+1
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2 Bai 3. Cap s6 cong

2.1 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 95. Goi S la tap hop tat ca cac s6 tu nhien k sao cho CF,, C¥1, CF/2 theo thit tu d6 lap

thanh mot cap s6 cong. Tinh tich tat ci cac phan tit clia S.

(A) 16, B) 20. (©) 32. (D) 40.

2.2 NHAN DANG, KHAI TRIEN CAP SO CONG

Mtc do Thong hiéu

Cau 96. Trong cac day sb (u,) sau, diy s6 nao la cap s6 cong ?

(A) u, = n?. B) u, = (—1)".n. (©) u, = 3% D) u, = 2n.

2.3 XAC DINH UL, D, N, UN, SN (CU THE)

Mic dé Van dung thap

. . Us + 3U3 — U9 = —21 R B R
Cau 97. Cho cap so cong (u,) théa man . Tinh tong 15 s0 hang dau tién
3U7 - 211,4 =-34
clia cap s6 cong (uy,).
(A) —285. B) —244. (C) —253. (D) —274.

Cau 98. Cho sap so6 cong (u,) biét uy = 3,u4 = 7. Tinh gia tri clia us.

A) 27. B) 31. (C) 35. (D) 29.

924  DIEU KIEN DE DAY SO THANH CSC

Mitc dé Van dung thap

Cau 99. Tim tat ci cac s6 tu nhién k sao cho C¥,, C¥/* C¥[? theo thit tu lap thanh mot cAp sb

cong.

(A) k=4,k=5. B)k=3k=09. O©k=1k=8 D)k =4,k =38.

3 Bai 4. Cap s6 nhan

3.1 CAC CAU HOI CHUA PHAN DANG

Mitic do6 Van dung thap

Cau 100. Trong cac phat biéu sau, phat biéu nao la sai?
@ Day s6 c6 tat ca cac sd6 hang biang nhau 1a mot cap so6 nhan.

Day sb c6 tat ca cac s6 hang bang nhau 1a mot cap so cong.



Xdc dinh U1, q, n, Un, Sn (cu thé) 35

@ Mot cap sd cong c6 cong sai duong 1a mot day s6 tang.
@ Mot cap s cong c6 cong sai duong 1a mot day sé6 duong.

3.2 XAC DINH UL, Q, N, UN, SN (CU THE)

Mtc d6 Thong hiéu

Cau 101. Cho day s6 (x,) théa man x; = 40 va x, = 1,1 - 2,1 v6i moi n = 2, 3,4, .... Tinh gia
tri S =1 + 23+ - -+ + 12 (lam tron dén chit s6 thap phan thit nhat)

(A) 855,4. 855,3. (©) 741,2. (D) 741,3.

. —1 . 3 . .
Cau 102. Cho cap s6 nhan (u,), v6i u; = 3,q = —. H6i s6 356 13 s0 hang thit may?

@ o. B) 10. (2@ 8. D) 11,

33  TOAN TONG HOP CA CSC VA CSN

Miic d6 Van dung thap

C 03. Tong clia n s6 hang dau tién ctia mot day s6 (a,), n > 11a S, = 2n? + 3n. Khi d6

a,) la mot cap so cong v6i cong sai bang 4.

a,) 13 mot cap s6 cong véi cong sai bang 1.

©e®6 =

1

(an)

(a,) 1a mot cap s6 nhan véi cong boi bang 4.
(an)

(a,) 1a mot cap s6 nhan véi cong boi bang 1.

34 TOAN DO, TOAN THUC TE, LIEN MON VE CSN

Mic dé Van dung thap

Cau 104. Cho tam gidc ABC can (AB = AC), c¢6 canh day BC, dusng cao AH, canh bén AB

theo thit tu d6 lap thanh mot cap s6 nhan. Cong boi ¢ clia cap s6 nhan do 1a

® WL V2 ©evarD. ®VVETL

Cau 105. Cho tam giac ABC can tai dinh A. Biét do dai canh day BC, duong cao AH va canh
bén AB theo thit tir lap thanh cip sé nhan véi cong boi ¢. Gia tri clia ¢> bang

242 2 -2 V2+1 V2 -1
®22 DRG] ©V2r DREEES




Chuong 4: Gidéi han

1 Bai 1. Giéi han cta day sé

11 CAUHOI LY THUYET

Mitic do Van dung thip

Cau 106. Phat biéu nao trong cac phat biéu sau la sai?
(A) limu, = ¢, (u, = ¢ 1a hiing $6). limq =0, (¢l > 1).
1
@lim—:(). @llm— 0,(k>1).
n

1.2 DAY PHAN THUC HUU TY

Miic do Van dung cao

Cau 107. Cho day s6 (u,) duge xac dinh nhu sau: w1 = 1,us = 3, Upi9 = 2Upy1 — Up + 1,0 =

1,2,... Tinh lim u—g

n—-+0oo n,

@g. ®2 © ©°

2 Bai 2. Gi6i han ctia ham sb

2.1  DUNG LUQNG LIEN HOP (TAI X0)

Mrtc do Thoéng hiéu

\/3:1:+1—1 a

=7 , trong d6 a, b 13 hai s6 nguyén duong va phan s

O)

Cau 108. Biét hr% Oi gian.

Tinh gia tri biéu thic P = a + b2,

Sals

(A) P=13. B) P =0. (C) P=5. (D) P = 40.
Miic d6 Van dung thap
Cau 109. Tinh giéi han lim LH
] r—2 ] T —2
(A) 5 B) 7 (©)o. D) 1.
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Ham phan thic (tai x0)

37

2.2 HAM PHAN THUC (TAI X0)

Mtc do Thoéng hiéu

Cau 110. Xac dinh lim m

z—0 xz ’
@ 0. @ —00. @ khong xéac dinh.
3 _
Cau 111. Tinh lim & —5%+2
x—1 x2 -1
1
(A) 5 2. (©o.

2.3 HAM KHONG CHUA AN O MAU (TAI X0)

Mtc do Thong hiéu

Ny 24 22
Cau 112. Cho [ = im Y174 v

z—0

A) 3. x5

2.4  GIOI HAN MOT BEN

r—1

O

Mtc d6 Thong hiéu

. —2
Cau 113. Cho ham s6 f(z) = g

- Ménh dé nao sau day dung?

@) lim f(z) = +oova lim f(z) =
(

2.5 GIOI HAN TAI VO CUC

Miic do Nhan biét

Cau 114. lim r=2 bang
5 z—+oo 1 4+ 3
(A) -5 B) 1. (©) 2.
Mtc d6 Thoéng hiéu
_ . o 20 + 3
L=——. L =+/2. L=—.
®r-— V2 ©1=-

Cau 116. Tinh I = lim (\/4:1:2 +3x+1— 23:).
T—+00

@]:;. B) I = . ©1=0.

va J = limil. Tinh I + J.

@ +00.

D) 1.

D) 2.

—1 lim f(z) = —o0va_lim_f(r) = —1.
© Jim () = —cova lim f(z) =1 D) lim f(z) = +o0va_lim_f(x) = 1.
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26 TOAN TONG HOP, THUC TE, LIEN MON

Miitc d6 Van dung thap

vVo+4-2
Z 7x > 0 Z Z 2
Cau 117. Cho ham so f(z) = X m la tham so. Tim gia tri ciia tham so m de
mx +m + 1 <0

ham s6 c6 gi6i han tai z = 0.

@mzl. m:O. @m:221 ®m:_21

3 Bai 3. Ham s6 lién tuc

3.1 HAM SO LIEN TUC TAI MOT DIEM

Mtc do Thoéng hiéu

V2r+1-1
var+l-1 hi 2 # 0

Cau 118. Cho ham sb6 f(x) = x . Tim tat ci cic gia tri clia tham s6 m
m®—2m+2 khiz=0

dé ham s6 lien tuc tai z = 0.
@mz?. m:3. @m:O. @mzl.

Cau 119. Ham s6 nao trong cac ham so6 sau day lien tuc tai diém = = 17?

@f(){x—i—l Khi z > 1 f(){x—i—l Khi z > 1

3r—1 khiz<1 3r+1 khiz<1

© f(2) 2“1 ©) f(x) = VI =2z,

3.2  HAM SO LIEN TUC TREN KHOANG, DOAN. ..

Mtc d6 Thong hiéu

Cau 120. Cho ham s6 y = f(z) lién tuc trén (a;b). Didu kién can va di dé ham s6 lien tuc trén

[a; b] 1a
@) lim f(x) = f(a)va lim f(2) = f(b). lim f(2) = f(a)va lim f(z) = f(b).
© lim f(z) = f(a)va lim f(x) = (D). D) lim f(z) = f(a)va lim f(z) = f(b).

Mitc do6 Van dung thap

2
ﬂ,x#ii’)

Cau 121. Cho ham s6 f(z) = { 5% — 27 . Ménh d2 nao sau day ding?

~1
=430
9"

@ Ham s6 lien tuc tai moi diém trit cdc diém x thuoc khoang (—3;3).
Ham s6 lien tuc tai moi diém tri diém x = —3.

@ Ham s6 lien tuc tai moi diém trit diém x = 3.



Bai todn tham soé 39

@ Ham s6 lién tuc trén R.

3.3 BAI TOAN THAM SO

Mtc d6 Thong hiéu

2—r—2

o , ) ) khi x # 2
Cau 122. Tim tat ca cac gié tri thuc ctia m de ham s6 f(z) = x—2 lién tuc

m khi z=2

tai diém = = 2.

@m:—?). mzl. @m:3. @m:—l.

a’r —2 (x <2)
Cau 123. Tong binh phuong tat ca cac gia tri clia a dé ham s6 f(z) = { » 3 _9
Vx+2 (x> 2)
l‘ —

lién tuc tai zg = 2 1a7

®3 Bo © D

B O

'Miic do Van dung thp |

£ . ., . , 2v/xr —m véi x>0
Cau 124. Tim tat cd céc gia tri cia tham s6 m sao cho ham s6 f(x) =
mx +2 véi z <0

lién tuc trén R.

(A)m =2, B) m = +2. (©m=-2. (D) m = 0.

l—2—-+v1
9 VITTo VIS gy o
Cau 125. Tim tat ca cac gia tri cia m dé ham s6 f(z) = ) —Ix lien
m + khi z>0
1+

tuc tai x = 0.

@mzl. m:—2. @m:—l. @m:O.



Chuong 5: Dao ham

1 Bai 1. Dinh nghia va y nghia cuia dao ham

1.1 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thong hiéu

Cau 126. Phat biéu nao trong cac phat biéu sau la dang?
@ Néu ham s6 y = f(x) c6 dao ham trai tai o thi né lien tuc tai diém do.
Néuhamséy:f( )
@ Néu ham s6 y = f(x) c6 dao ham tai x¢ thi né lien tuc tai diem —x.
@Néuhémséy:f( )

x) c6 dao ham phai tai xy thi né lién tuc tai diem do.
z) ¢6 dao ham tai x thi né lien tuc tai diém do.

1.2 DAO HAM BANG DINH NGHIA

Mtc d6 Thoéng hiéu

Cau 127. Cho ham s6 f(z) = |z — 1]. Khang dinh nao sau day sai?

@f(l) = 0. f(x) c6 dao ham tai z = 1.

@ f(x) lien tuc tai z = 1. @ f(x) dat gia tri nho nhat tai x = 1.

Cau 128. Cho ham s6 y = 2* — 622 — 3. Tiép tuyén ctia do thi ham s6 tai diém A c6 hoanh do
o =1 cat do thi ham s6 tai diém B (B khéac A). Toa do diem B la

(A) B(—3;24). B) B(—1; -8). (C) B(3;24). (D) B(0; -3).

Mitc do6 Van dung thap

. — 2
Cau 129. Cho ham s6 y = f(x) c6 dao ham tai diém xy = 2. Tim hgg 2/ () f;f( )
T T —

@o. F(2). © 2f'(2) - f(2). D) f(2) —2f'(2

Cau 130. Cho ham 86 y = f(z) c¢6 dao ham tai x = o 1a f/(x0). Tim gid tri ctia biéu thiic
7 = lim v f(x) - fof(ﬁo).
T—rT0 xr — IO

(A) I = f(x0) + zof (x0)- B) I = — zof'(x0).
(©) I = f(xo) + f'(x0)- D= — f'(x0).
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Bai 2. Quy tdac tinh dao ham 41

2 Bai 2. Quy tac tinh dao ham

2.1 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 131. Cho ham s6 y = f(x) = 2® + (m + 1)2? + 3z + 2. Tim tap hop céac gia tri thyc cla
tham s6 m dé f'(z) > 0, Vx € R.

(A) (—o0; —2) U (4; +00). [—2;4].

(©) (—o00; —2) U [4; +00). @ (—2;4).

Cau 132. Cho f(z) =1+ 3z — v/1+ 2z, g(x) = sinz. Tinh gia tri cia

f'(0)
- - g(0)
A) . o (©)o. D) 1.

2.2 TIM HE $O ¢OC CUA TIEP TUYEN

Mitc d6 Nhan biét

Z Z Z N Zz 3 - 4 2
Cau 133. Hé so goc cua tiep tuyen cia do thi ham so y = < tai diem c6 tung do y = —1
la
9 5 5
® 10 ) ©-> D3
5 9 9
2.3 TIEP TUYEN TAI DIEM
Miic d6 Nhan biét
. . ) ; N P 4 .
Cau 134. Viet phuong trinh tiép tuyen cta do thi ham so y = -1 tai diem c6 hoanh do

1

r=—
@y:—x—i—& y:—:c—3. @y:x—l. @y:—x—l—l.

Mtc do Thoéng hiéu

Cau 135. Cho ham s6 y = :17
T+ 2

c6 do thi (H). Tiép tuyén ctia (H) tai giao diém cta (H) véi
truc hoanh c6 phuong trinh 1a
1
@y:?)x. y:x—3. @y:?)x—?). @y:§(m—1).
Z Z by Z ]— ]. e
Cau 136. Tiep tuyen ciia do thi ham so y = 11:4 + 5:1:2 + 1 tai diem c6 hoanh do duong va tung
.7
do bang — la
y 1 3 1 3
@ysz—Z. y:—2x+1. @y:—QI—Z. @y:2x+1

. 2x —
Cau 137. Cho ham s6 y = r
‘T JE—

1 5 .
. c6 do thi (¥). Goi A la giao diem ctia (%) v6i truc tung,
phuong trinh tiép tuyén ctia do thi (¢) tai diem A la

(A)y = —4z +2. B)y =4z +2. ©y=—-z+1 D) y=xz+1.



Tiép tuyén song song 42

Cau 138. Viét phuong trinh tiép tuyén ctia do thi ham s6 y = 2* + 222 — 1 biét tiép diém c6
hoanh do bang —1.

(A)y=—8z —6. B) y = 8z — 6. (©) y = =8z + 10. (D) y = 8z + 10.

Miic d6 Van dung thap

Cau 139. Phuong trinh tiép tuyén ctia do thi ham s6 y = 22 — 2 — 2 tai diém c6 hoanh do z = 1
1

A
(A) 22—y = 0. B)2r—y—4=0. Caz—y—1=0 D)z—y—-3=0.

94  TIEP TUYEN SONG SONG

Mitc do Thoéng hieéu

Cau 140. Cho ham s6 y = 2* — 22% + 3z + 1 ¢6 do thi (C). C6 tat ca bao nhiéu tiép tuyén clia
do thi (C) song song véi dudng thang y = 3z + 2018?

A) 2. B) 3. ©1. D) 4.

Mitc do6 Van dung thap

3

Cau 141. S6 tiép tuyén ctia do thi ham s6 y = — 27 song song véi truc hoanh la

A)o. B 1. x@ 2. D) 3.

. 2
Cau 142. Cho ham s6 y = :f+

¢6 do thi (H). C6 bao nhiéu tiép tuyén ctia do thi (H) song
song véi dusng thing y = 3z + 2?

@ 0. B 1. @ Vo s6. @ 2.

9.5 TIEP TUYEN THOA DK KHAC

Mtc d6 Thong hiéu

Cau 143. Cho ham s6 y = 2 — 322 4 62 + 5. Tiép tuyén ctia do thi ham s6 c6 hé sd goc nho
nhat c6 phuong trinh 1

(A) y =3z +9. By = 3z +3. (© y =3z +12. (D) y = 3z +6.

Mic dé Van dung thap

Cau 144. Cho ham s6 y = z® — 3z ¢6 do thi (C), Goi S la tap hgp tat ca cic gia tri thuc cta k

dé duong thing y = k(z + 1) + 2 cat do thi (C) tai ba diém phan bigt M(—1;2), N, P sao cho

cac tiép écuyén ciia (C) tai N vla P vuong goc véi nhaul. Tinh tich tat cd cdc phan ti ciia S.
®-2 L oL D) -1,

Cau 145. Cho ham s6 y = f(x) = 2% + 62% + 92 + 3 ¢6 d6 thi (C). Ton tai hai tiép tuyén phan

biet ctia (C') c6 cling hé s6 goc k, dong thoi dudng thang di qua cac tiép diém ctia hai tiép tuyén



Tong hop tiép tuyén va kién thie lien quan 43

do6 cat cac truc Oz, Oy tuong ting tai A va B sao cho OA = 2017.0B. Hoi c6 bao nhiéu gia tri

clia k théa man yéu cau bai toan?

(A) 0. B 1. (©)2. D) 3.

2.6 TONG HOP TIEP TUYEN VA KIEN THUC LIEN QUAN

Miic d6 Van dung thap

. 1 2 R B} . .
Cau 146. Cho hai ham s6 f(z) = o3 va g(z) = L Goi dy, dy lan lugt la tiep tuyén ctia moi
x

2 V2

dd thi ham s6 f(x), g(z) da cho tai giao diém ctia ching. Hoéi goc gitta hai tiép tuyén trén bing
bao nhiéu?
(A) 60°. B) 45°. (C) 30°. (D) 90°.
Cau 147. Tim tat ci céc gia tri thuc cia m dé dudsng thing d : y = —2x + m cit do thi ham s6
H) : y = 213 taj hai diém A, B phan biét sao cho P = k?°'8 4 k2018 dat gia tri nhoé nhat (véi
242 1 >
k1, ko 12 he s6 goc cla tiép tuyén tai A, B)

@m:—B. m:—2. @m:2. @mz&

< 4 N < 4 £ > 3N . < £ X +
Cau 148. Viet phuong trinh tiep tuyen ctia do thi ham so y = Sy
x

tung va truc hoanh tai hai diém phan biét A, B sao cho tam gidc OAB can.

@y:—x—Q. y:x—|—2. @y:x—Q. @y:—x—i—Q.

2.7 BAI TOAN QUANG DUONG, VAN TOC, GIA TOC

2 . £ < L A z <
5 biet tiep tuyen do cat truc

Mtc d6 Thoéng hiéu

Cau 149. Cho chuyén dong xac dinh bdi phuong trinh S = 3 — 3t> — 9¢, trong d6 t duge tinh
bing gidy (s) vd S dudc tinh bang mét (m). Tinh van tdc clia chuyén dong dé tai thai diém gia
toc triet tieu.

(A) —12 m/s. —21 m/s. (©) —12 m/s2. (D) 12 m/s.

Mic dé Van dung thap

Cau 150. Mot vat chuyén dong theo quy luat s = f(t) = —;t?’ + 6t2, v6i t (giay) 1a khoang
thoi gian tinh tit khi vat bat dau chuyén dong ma s (mét) la quang dudng vat di chuyen duge
trong khoang thoi gian d6. Héi trong khoang thoi gian 15 gidy, ké tit khi bit dau chuyén dong,
vat da ding yeén (dat van toc bang 0) may lan? Biét rang biéu thic ctia phuong trinh van toc 1a
o(t) = (1)

A)1. B 2. (©) 3. D) 4.

Bai toan thuc té

2 2 ? 2 1 1
Cau 151. Mot chat diem chuyen dong thang xac dinh béi phuong trinh S(t) = §t3 + 5252 —3t+1,

trong do ¢ dudce tinh bang giay va S tinh biang mét. Tim gia tdc ciia chuyén dong khi ¢ = 2 giay.



Bai 3. Dao ham cia cdc ham so lugng gidc

@) 5 (m/s%). 6 (m/s). ©) 3 (m/s”). D) 4 (m/s”).

3 Bai 3. Dao ham ciia cac ham sé luong giac

3.1 CAC CAU HOI CHUA PHAN DANG

Mric d6 Thong hiéu

Cau 152. Tinh dao ham ctia ham s6 f(x) = sin 2z — cos®3z.

@f’(a:) = 2cos2x + 3sin 6. f’(m) = 2cos2x — 3sin 6.
@ f'(x) = 2cos 2z — 25sin 3z. @ f'(x) = cos 2z + 2sin 3z.

4 Bai 5. Pao ham cap hai

4.1 TINH DAO HAM CAC CAP

Mtc d6 Thoéng hiéu

Cau 153. Cho ham s6 f(x) = 2% + 2z, tinh gid tri ctia f7(1).

(A) 6. B) 8. ©) 3. D) 2.

Mic dé Van dung thap

Cau 154. Dao ham bac 21 ctia ham s6 f(x) = cos(z + a) 1a
(A) f@(z) = — cos (x +a+ g) f@®(z) = —sin (:L‘ +a+ g)
(©) @ (z) = cos <x+a—i—g>. (D) f@)(z) = sin (:c—i—a—i—g).



Phan IV

Hinh hoc 11
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Chuong 1: Phép d&i hinh. Phép déng
dang

1 Bai 2. Phép tinh tién

1.1  TOA DO ANH, TAO ANH CUA DIEM QUA P.TT

Mtc d6 Thong hiéu

Cau 155. Trong mat phang toa do Oxy, cho AABC c6 A(2;4), B(5;1), C(—1;—2). Phép tinh
tién Tz bien AABC thanh AA'B'C’. Tim toa do trong tam ctia AA'B'C’.

@) (—4:2). (4:2). © (4 -2). D) (—4-2).
Cau 156. Trong mat Ozy cho diém A(2;5). Phép tinh tién theo véc-tc ¥ = (1;2) bién diém A
thanh diém A’. Tim toa do diém A’.

(A) A'(4;7). A'(3;7). (C) A'(3;1). (D) A'(1;6).
Cau 157. Trong mit phang toa do Oxy cho vec-to ¥ = (2;1) va diem A(4;5). Héi diém A 1a tao

anh ctia diém nao trong cac diém dudi day qua phép tinh tién theo T = (2;1)?

(A) M(1;6). N(2:4). (©) P(4;7). D) 1(3;1).

1.2 XAC DINH PTT, DEM SO P.TT

Mtc d6 Thong hiéu

Cau 158. Trong mat phang v6i hé toa do Oxy, cho hai dudng théng d; : 22 — 3y +1 = 0 va
dy : x +y — 2 =0. C6 bao nhiéu phép tinh tién bién d; thanh d.

(A) Vo s6. B) 0. ©1. D) 4.
2 Bai 3. Phép doi xing truc (giam tai)

2.1  TRUC DOI XUNG CUA MOT HINH

Miic do Nhan biét

Cau 159. Hinh nao dudi day khéng c6 truc doéi xing?
@ Tam giac can. Hinh thang can. @ Hinh binh hanh. @ Hinh elip.
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Bai 5. Phép quay A7

3 Bai 5. Phép quay

3.1 CAC CAU HOI CHUA PHAN DANG

Mic dé Van dung thap

Cau 160. Cho tam giac ABC vudng can tai A va diém M trong tam giac sao cho MA = 1,
MB =2, MC = /2. Tinh goc AMC.

(A) 135°. B) 120°. (C) 160°. (D) 150°.
4 Bai 7. Phép vi tu

41 VE ANH, TAO ANH CUA HINH QUA P.VT

Mtc do Thoéng hiéu

Cau 161.
Cho hinh thoi ABCD tam O (nhu hinh vé). Trong céc

B

ménh dé sau, ménh dé nao 13 ménh dé ding? ‘
O
A ‘ C
D

@ Phép quay tam O gbc g bién tam giac OBC thanh tam gidc OCD.

Phép vi tu tam O, t7 s6 k = —1 bién tam gidc ABD thanh tam giac CDB.
@ Phép tinh tién theo vec to AD bién tam gidac ABD thanh tam giac CDB.
@ Phép vi tir tam O ty s6 k = 1 bién tam gidc OBC thanh tam giac ODA.

42 PHUONC TRINH ANH, TAO ANH CUA D.THANG QUA P.VT

Mtc do Thong hiéu

Cau 162. Anh cta dudng thang d : 2z — 5y + 3 = 0 qua phép vi ty tam O ti s6 k = —3 1a

A) 2 —5y+7=0. B 22+5y-9=0 (©) —20+5y+9=0. D) —z+4y+7=0.
Cau 163. Trong mat phang Ozy cho dudng thang d : 2o +y — 3 = 0. Phép vi tu tam O ti s6
k = 2 bién duong thang d thanh duong thing nao trong cac duong thang c6 phuong trinh dugc

cho duéi day?

A4z +2y—-5=0. B 2+y—-6=0 C4r—-2y—-3=0. D) 2u+y+3=0.



Chuong 2: Quan hé song song trong
khong gian

1 Bai 1. Pai cuong vé dudng thang va mit phang

1.1 TIM THIET DIEN

Mic dé Van dung thap

Cau 164. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi M, N va P lan luct 1
trung diém clia cadc canh SA, BC, C'D. Héi thiét dien ctia hinh chop cit bdi mat phang (M N P)
14 hinh gi?

(A) Hinh ngi giéc. Hinh tam gidgc.  (C) Hinh tit giéc. (D) Hinh binh hanh.

2 Bai 2. Hai d.thang chéo nhau. Hai d.thang song song

2.1 XAC DINH, CHUNG MINH D SONG SONG D’

Mtc d6 Thong hiéu

Cau 165. Cho hinh chép S.ABCD c6 day ABCD la hinh thang day 16n la CD. Goi M 1a trung
diém ctia canh SA, N 1a giao diém ctia canh SB va mat phang (MCD). Ménh dé nao sau day la
ménh dé ding?

(A) MN va SD cét nhau. MN || CD.

(C) MN va SC ct nhau. @ MN va CD chéo nhau.

2.2 TIM THIET DIEN (VOI D SONG SONG D")

Mitc d6 Van dung thap

Cau 166. Cho hinh chép S.ABCD ¢6 day ABCD la hinh thang (AB || CD). Goi I, J lan luot
la trung diém ctlia cac canh AD, BC va G la trong tam ASAB. Biét thiét dién ctia hinh chép cét
bdi mat phang (I.JG) 1a hinh binh hanh. Khang dinh nao sau day 1 ding?

(A) AB = 3CD. (B) AB = ;CD. (C) AB = 201). (D) AB = gcp.
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2.3 BAI TOAN TINH TOAN HINH HOC

Mtc do Thoéng hiéu

Cau 167. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Goi G la trong tam tam

giac ABC va M 1a trung diém SC. Goi K la giao diem ctia SD v6i mit phang (AGM). Tinh ti
KS
KD

1

sO

. ; ©) 2. D) 3.

DO |

3 Bai 4. Hai mit phang song song

3.1 CAC CAU HOI CHUA PHAN DANG

Miic d6 Van dung thap

Cau 168. Cho hinh hop ABCD.A'B'C'D’. Goi M, N theo thit tu la trung diem AB’, BC. Mt
phing (DM N) cat hinh hop theo mot thiét dién hinh

@ Luc giac. Ngii giac. @ Tam giac. @ T giac.

3.2  CAU HOI LY THUYET

Mtc do6 Thong hiéu

Cau 169. Hay chon ménh dé ding trong cic ménh dé sau day.
@ Hai miit phang phan biét khong song song thi cit nhau.
Néu hai mit phang song song thi moi dudng thing nim trén mit phing nay déu song song
v6i moi duong thang nadm trén mat phing kia.
@ Néu hai mit phang (P) va (Q) lan lugt chita hai duong thang song song thi song song véi
nhau.

@ Hai mét phang ciing song song v6i mot dudng thang thi song song v6i nhau.

3.3 TIM THIET DIEN SONG SONG VOI MP

Mtc d6 Thong hiéu

Cau 170. Cho hinh chép S.ABCD c6 day 1a hinh binh hanh. Goi d 1a giao tuyén ciia hai mit
phing (SAD) va (SBC). Khang dinh nao sau day 14 khang dinh ding?

@ d di qua S va song song véi BD. d di qua S va song song véi BC.

@ d di qua S va song song véi AB. @ d di qua S va song song véi DC.



Chuong 3: Quan hé vuong géc trong
khong gian

1 Bai 1. Vécto trong khong gian

1.1 XAC DINH VECTO VA KHAI NIEM LIEN QUAN

Mic d6 Nhan biét

Cau 171. Cho tu dien ABCD. Héi ¢6 bao nhiéu vecto khac vecto 0 ma mbi vectd c6 diém dau,
diém cubi 1a hai dinh ctia t1t dien ABCD?

(A) 12, B) 4. (©) 10, D) 8.

1.2  CAC BAI TOAN TINH TOAN CHIEU DAI

Miic do Van dung cao

Cau 172. Cho hinh hop chit nhat ABCD.A'B'C'D', AB =6 cm; BB’ = BC = 2 cm. Diem F 13
trung diém canh BC'. Mot ti dién déu MNPQ c6 hai dinh M va N nam trén dudng théng C'E.
Hai dinh P, Q nim trén duong thing di qua diém B’ va cit duong théing AD tai F, khoang céch
DF bing

@1cm. 20m. @30m. ®6cm.

2 Bai 2. Hai duong thiang vudng goéc

9.1 CAU HOI LY THUYET

Miic do Nhan biét

Cau 173. Trong khong gian, cho cic ménh dé sau, ménh dé nao la ménh dé dung?
@ Mot duong thing vuong géc v6i mot trong hai duong thing vuong géc thi song song véi
duong théng con lai.
Hai dudng thing ciing vuong géc v6i mot duong thang thi ba thi song song véi nhau.
@ Mot duong thing vuong goéc véi mot trong hai duong thing song song thi vuong goc véi
duong théng con lai.

@ Hai dudong théng ciing vuong géc véi mot duong thang thi ba thi vuong géc véi nhau.

20
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22  GOC GIUA HAI DUONG THANG

Mtc do Thoéng hiéu

Cau 174. Tinh s6 do goc giita hai dudng thang AC' va BD ctia tt dien déu ABCD.

(A) 90°. B) 30°. (©) 60°. (D) 45°.
Cau 175. Cho hinh chép S.ABC c¢6 day la tam gidc déu canh a = 4v/2 cm, canh bén SC vuong
goc véi day va SC = 2 cm. Goi M, N la trung diém ctia AB va BC. Goc giita hai duong thang
SN va CM la

(A) 30°. B) 60°. (C) 45°. D)y = 2z +m.

Miic d6 Van dung thap

Cau 176. Cho hinh lap phuong ABCD.A'B'C'D’. Géc giita hai duong thing BA’ va C'D bing
(A) 45°. B) 60°. (©) 30°. (D) 90°.

Cau 177. Cho hinh chép S.ABCD c6 day ABCD la hinh vuéng, canh bén SA vudng géc véi

mat phing ddy. Duong thing SD tao v6i mit phang (SAB) mot goc 45°. Goi I 1 trung diém

ctia canh C'D. Tinh goc gitta BI va SD (s6 do goc duge lam tron dén hang don vi).

(A) 48°. B) 51°. (C) 42°. D) 39°.

9.3  HAI DUONG THANG VUONG GOC

Mtc do Thong hiéu

Cau 178. Cho hinh chép S.ABC day ABC' la tam giéc can tai C, canh bén SA vuong géc véi
day. Goi H, K lan lugt la trung diém ctia AB va SB Trong cdc ménh dé sau, ménh dé nao la
meénh dé sai?

(A) CHLSB. CHLAK. (C) AKLBC. (D) HK LHC.

3 Bai 3. Puong thang vuodng géc véi mit phang

3.1 CAC CAU HOI CHUA PHAN DANG

Mtc do Thoéng hiéu

Cau 179. Cho hinh choép S.ABC ¢6 SA = SB = SC va tam giac ABC vuong C. Goi H hinh
chiéu ctia A len (ABC). Xac dinh vi trf ctia H.

@ H la trung diém ctia AB. H la trong tam tam gidc ABC.

@ H la truc tam tam giac ABC. @ H 1a trung diém canh AC.



QH.VG trong hinh chop L1 (ddy tam gidc, vuong canh bén) 52

3.2 QH.VC TRONG HINH CHOP L1 (DAY TAM GIAC, VUONG CANH BEN)

Mtc do Thoéng hiéu

Cau 180. Cho hinh chép S.ABC ¢6 SA 1 (ABC) va tam gidc ABC vuong tai B, AH la duong
cao ciia tam gidc SAB. Khang dinh nao sau day sai?

(A) AH 1 BC. (B) AH L AC. (C) AH 1 SC. (D) SA 1L BC.

33  GOC GIUA DPUONG THANG VA MAT PHANG

Mitc do6 Van dung thap

Cau 181. Cho hinh chép S ABCD c¢6 day ABCD la hinh chit nhat, AB = a; AD = 2a, canh
bén SA vuong goc véi day va thé tich khéi chép S.ABCD béang 233. Tinh s6 do goc gitta duong
thang SB v6i mat phang (ABCD).

(A) 30°. B) 60°. (C) 45°. D) 75°.
Cau 182.
Cho hinh chép ti giac déu S.ABCD c6 tat ca cac canh biang a.
Goi M la trung diém ctia SD (tham khao hinh vé bén). Tang ctia
goc gitta duong thang BM va mit phang (ABCD) bang

®% B
©3 D

4 Bai 4. Hai mit phang vudng goéc

41 CAU HOI LY THUYET VE HAI MAT PHANG VUONG GOC

Mtc d6 Thong hiéu

Cau 183. Cho a,b, c la cac dudng thang. Ménh dé nao dudi day ding?
(A) Néu a L b va mat phéng (o) chita a, mat phéng 8 chita b thi (o) L (8).
Cho a L b,a C (a). Moi mat phéang () chita b va vuong géc a thi (3) L («).
@ Cho a L b. Moi mit phang chita b déu vuong géc véi a.
@ Cho a || b. Moi mit phang («) chia ¢, trong d6 ¢ L a,c L b thi déu vuong goc vi mat
phang (a,b).
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12  GOC GIUA HAI MAT PHANG

Mtc do Thoéng hiéu

Cau 184. Cho hinh chép S.ABC c6 day la hinh vuong tai B,SA 1L (ABC),SA = av/3 cm,
AB =1 cm, BC = v/2 cm. Mat bén (SBC) hop véi day mot goc bang

(A) 30°. B) 90°. (C) 60°. (D) 45°.
Cau 185. Cho hinh chép S.ABCD c6 ddy ABCD la hinh thoi SOL (ABCD),AB = SB =
a, SO = a\3/6 . Tinh géc gitta hai mat phing (SAB) va (SAD)

(A) 30°. B) 45°. (©) 60°. (D) 90°.
Cau 186. Cho hinh chép S.ABC c¢6 déy la tam gidc vuong can tai A v AB = av/2. Biét
SA 1 (ABC) va AS = a. Tinh goéc gitta hai mat phang (SBC) va (ABC).

(A) 30°. B) 45°. (©) 60°. (D) 90°.

Mitic do6 Van dung thap

Cau 187. Cho hinh vuong ABCD c6 canh a. Trén hai tia Bz, Dy vuoéng géc va nam cling phia
v6i mat phang (ABCD) lan lugt 1ay hai diem E, F sao cho BE = g, DF = a. Tinh géc ¢ gitta
hai mat phang (AEF) va (CEF).

(A) ¢ = 30°. B) ¢ = 90°. (©) ¢ = 60°. (D) ¢ = 45°.
Cau 188. Cho hinh chép S.ABC ¢6 day la tam giac vuong can tai B, canh bén S A vuong géc véi
mat phang day, AB = BC = a va SA = a. Géc giita hai mat phang (SAC) va (SBC) bing

(A) 60°. B) 90°. (C) 30°. (D) 45°.

Mic d6 Van dung cao

Cau 189. Cho hinh hop chit nhat ABCD.A'B'C'D’ ¢6 cac canh AB =2, AD =3, AA" = 4. Goc
gitta hai mat phang (AB'D’) va (A’C'D) 1a «. Tinh gia tri gan ding ctia goc a.

(A) 45,2°. 38,1°. (C) 53, 4°. (D) 61, 6°.

4.3  CAC TINH TOAN DO DAI HINH HOC

Mitc dé Van dung thap

Cau 190. Cho hai tam giac ACD va BCD nim trén hai mat phing vuong goéc véi nhau va
AC = AD = BC = BD = a, CD = 2x. Tinh gia tri clia 2 sao cho hai mat phang (ABC) va
(ABD) vudng géc véi nhau.

@5 B3 ©% RS
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5 Bai 5. Khoang cach

51 CAC CAU HOI CHUA PHAN DANG

Mic dé Van dung thap

Cau 191. Cho tit dién déu ABCD c6 khoang cach tit A dén mit phang (BCD) biang a. Canh
clia tit dién c6 do dai bang?

@af. f @“\f. @“f.

52 TU CHAN H CUA DUONG CAO DEN MP CAT DUONG CAO

Mrtc do Thong hiéu

Cau 192. Cho hinh chép S.ABC c¢6 day ABC la tam giac vudng tai B va canh bén SB vuong
gbc v6i mit phang day. Cho biét SB = 3a, AB = 4a, BC = 2a. Tinh khoang céch tit B dén mat
phang (SAC).

12v/61a 4a 12+/29a 3v14a
@61' ? ©29' ®14'

5.3 TU DIEM M (KHAC H) DEN MP CAT DUONG CAO

Mtc d6 Thong hiéu

Cau 193. Cho hinh chép S.ABC ¢6 SA, SB, SC d6i mot vuong goc va SA = a, SB = av/2,
SC = av/3. Tinh khoang céch tir S dén (ABC).

11a a\/66 6a a\/66
6 6 11 D 11

Miic d6 Van dung thap

Cau 194. Cho hinh chép S.ABCD c6 day ABC' D la hinh binh hanh, canh bén SA vuong géc véi
day. Biét khoang cach tit A dén mit phing (SBD) bing 67(1. Khoang cach tit C' dén mat phang
<SBD)1§)aéng 3a 4a 6a

s ® 7 T T

Cau 195. Cho hinh chép S.ABCD c6 day 1a hinh thoi canh a vi BAD = 60°. Hinh chiéu vuong
gbc ctia S trén mat phang (ABCD) tring véi trong tam ciia tam giac (ABC). Géc gitta mat
phiang (SAB) va (ABCD) bang 60°. Tinh khodng cach tit B dén mit phang (SCD).

a\/ﬁ av/21 3a\/7 3a\/7
@ 14 7 @ 14 @ 7T
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54 TU 1 DIEM DEN MP SONG SONG (HOAC CHUA) DUONG CAO

Mtc do Thoéng hiéu

Cau 196. Hinh lang tru ABC.A'B'C’ ¢6 day ABC' la tam gidc vuong tai A va AB = a, AC' = 2a.
Hinh chiéu vuong géc ctia A’ tren (ABC) nam trén dudng thing BC. Tinh theo a khoang cach
tit diém A dén mit phang (A’'BC).

2a 2a\/5 av'3
= v oW D) a.

55 GIUA HAI DOI TUONG SONG SONG

Mtc d6 Thoéng hiéu

Cau 197. Cho hinh lang tru ding ABC.A'B'C" ¢6 day 1a tam gidc ABC vuong tai A ¢c6 BC = 2a,
AB = av/3. Tinh khoang céch tit AA’ dén mat phing (BCC'B').

®n By e 0y

Miic d6 Van dung thap

Cau 198. Cho hinh chép S.ABCD c6 SA 1 (ABCD), ddy ABC D la hinh thang vuong c6 chiéu
cao AB = a. Goi I va J lan lugt 1 trung diém AB, C'D. Tinh khoang céach gitta duong thing I1.J
va mat phang (SAD)

@af. f ©° Do

56 HAI DPUONG CHEO NHAU (VE DOAN V.GOC CHUNG)

Mtc d6 Thong hiéu

Cau 199. Cho tit dien déu ABCD c6 canh bang a. Tinh khoang céch giita hai duong thang AB
va CD.

@A) ava. ® 1 © D).

Mitc do6 Van dung thap

Cau 200. Duong thing AM tao véi mat phang chita tam gide déu ABC mot géc 60°. Biét rang
canh clia tam giac déeu ABC bang a va MAB = MAC. Tinh khoadng céch giita hai dusng thang
AM V% BC. Y V3
a a a
s 2 ©a HEG
Cau 201. Cho hinh chép S.ABCD c6 day ABC'D la hinh vuong canh a, canh SA = a va vuong
goc voi mit day ABCD. Tinh khoang cach gitta hai dudng thing SC va BD.

®7 By ©5 RS
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Mitc d6 Van dung cao

Cau 202. Cho hinh chop S.ABCD c¢6 day la hinh ch@ nhat tam O, AB = a, BC = av/3. Tam
gidc SAO can tai S, mat phang (SAD) vuong géc véi mit phang (ABCD), goc giita SD va
(ABCD) bang 60°. Tinh khodng cach gifta hai duong thang SB va AC.

av/3 3a a 3a
@ == ® 3 ©3 T

5.7 HAI DUONG CHEO NHAU (MUCON MAT PHANG)

Mtc d6 Thoéng hiéu

Cau 203. Trong cic ménh dé sau, ménh dé nao sai?
@ Khoang cach gitta hai duong thang chéo nhau bang khoang céch gitta dudng thing nay va
mat phang song song v6i né dong thoi chita dudng thing kia.
Khoang cach gitta hai duong thing chéo nhau bing khoang cach giita hai mit phang song
song lan lugt chita hai dusng thing doé.
@ Khoang céach gitta hai duong thing chéo nhau bing khoang cach tit mot diém bat ki thudc
dudng thing nay dén duong thing kia.
@ Khoang cach giita hai duong thang chéo nhau la do dai doan vuong géc chung ctia hai duong
thing do.

Cau 204.
Cho hinh 1ap phuong ABC'D.A’B'C' D’ ¢6 canh bang a (tham A l?
khao hinh vé bén). Khodng cach giita hai duong thang BD |
va A’C’ bang B ; ¢
@ V3a. @ a. i ,
@ \/2§a‘ @ V2a. A’ \\\:\‘\P\\
RN .

Miitc d6 Van dung thap

Cau 205. Cho hinh chép S.ABCD c6 day ABC'D la hinh cht nhat AD = 2a. Canh bén SA = 2a
va vuong goc véi day. Tinh khoang céch giita hai duong thang AB va SD.

@a. 2a. @S:Z—a. @aﬂ.
NG
Cau 206. Cho hinh chép S.ABCD c¢6 day ABCD la hinh vuodng tam O canh a, SO vudng goc
v6i matjbéng day (ABCD) va SO = a. Khoang cach giita SC va AB bang
av3 av's 2a 2a

®5 P o%r.  o%
Cau 207. Cho hinh lang tru tam giac déu ABC.A'B'C’ ¢6 canh d4ay bing a va chiéu cao bang
2a. Goi M, N lan lugt la trung diém ctia BC va A’C’. Tinh khoang céch giita hai dudng thing
AM va B'N.

@ 2a. a\/g. @ a. @ a\/g.




Hai duong chéo nhaw (mugn mat phdang) 57

Mitc d6 Van dung cao

Cau 208. Cho hinh chép tit gidc déu S.ABCD c6 canh day bang a. Goi M, N lan luct 13 trung
diém SA va BC. Biét goc gitta M N va mat phang (ABCD) bang 60°. Khodng céach giita hai
dudng thang BC va DM la

® @g \/371) © \/g D) \E
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Chuong 1: Khao sat ham sé

1 Bai 1. Tinh don diéu ctia ham sb

1.1 LY THUYET VE TINH DON DIEU CUA HAM SO

Miic do Nhan biét

Cau 209. Cho ham s6 y = f(x) ¢6 dao ham trén (a;b). Ménh dé nao sau day sai ?
(A) Néu f'(z) < 0 v6i moi z € (a;b) thi ham s6 nghich bién tren (a; b).
Néu f’(z) > 0 v6i moi = € (a;b) thi ham s6 dong bién trén (a;b).
@ Néu ham s6 y = f(z) nghich bién trén (a;b) thi f/(z) < 0 v6i moi = € (a;b).
@ Néu ham s6 y = f(x) dong bién trén (a;b) thi f'(x) > 0 v6i moi = € (a;b).

1.2 NHAN DANG BBT, NHAN DANG HAM SO

Miic do Nhan biét

Cau 210. Cho ham s6 y = f(x) ¢6 bang bién thién nhu sau

r | —o0 -2 0 2 +o0

Y + 0 - 0 + 0 -

y 00/3\1/3\00

Ham s6 y = f(x) nghich bién trén khoang nao dudi day?

@) (-2;0). (—o0; —2). ©) (0;2). D) (0; +00).

Mrtc do Thong hiéu

Cau 211.

Ham s6 nao trong bén ham s6 sau co x —00 0 2 ~+00

bang bién thien nhu hinh vé ben? Y + 0 - 0 +
(A)y=a®—3z+2. +o00

y:—x3+3x—1. Y /2\ /

@y:x3—3x2+2. +00 -2

@y:x3+3w2—1.

29
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1.3 XET TINH DON DIEU CUA HAM SO (BIET DO THI, BBT)

Mitc d6 Nhan biét

Cau 212.
Cho ham s6 y = f(z) c¢6 do thi nhu hinh bén. Khi d6 f(x) dong bién Y
trén cac khoang
A (—00‘ —1), (1; +00). )
(—00: 1), (~1:0).
(©) (-1 ) (1; +00). —2-1 | 1 2
D (-1

;0), (051). 0 v

Mtc d6 Thong hiéu

Cau 213. Cho ham s6 y = f(x) xac dinh va lien tuc trén khoang (—oo; +00), ¢6 bang bién thien
nhu hinh sau

r |—00 —1 1 +00
Y + 0 - 0 +
2 +o00
—00 —1

Meénh dé nao sau day ding?
@ Ham s6 nghich bién trén khoang (1; +oo)
Ham s6 dong bién trén khoang (—oo; —1).
@ Ham s6 nghich bién trén khodng (—oo;1).
(D) Ham s6 ddng bién tren khoang (—1; +oo).

Cau 214. Cho ham s6 y = f(x) c6 bang xét dau dao ham nhu sau:

Menh dé nao dudi day dang?
@ Ham s6 dong bién trén khoang (—oo; 1).
Ham s6 nghich bién trén khoang (0;2).
(C) Ham s6 déng bién tren khoang (2; +00).
(D) Ham s6 nghich bién tren khoéng (1; 4-00).



Xét tinh don dieu cia ham so (biét y, y’) 61

1.4 XET TINH DON DIEU CUA HAM SO (BIET Y, Y?)

Mitc d6 Nhan biét

Cau 215. Ham s6 y = —2% + 322 + 1 dong bién trén khoidng nao dudi day?
@ (0; +00). (—00;2).

@ (0;2). @ (—00;0) va (2;4+00).

, | :
Cau 216. Cho ham s y = ;H Menh dé nao dusi day diing?
— X

@ Ham s6 nghich bién trén ting khoang xac dinh ctia né.
Ham s6 dong bién trén timng khoang xac dinh ctia né.
(C) Ham s6 déng bién tren (—oo; 2) U (2; +00).

(D) Ham s6 nghich bién tren khoéng (—oo; +00).

P 1
Cau 217. Cho cac ham so y = s 1
x J—

s6 trén, c¢6 bao nhiéu ham s6 don diéu trén R

@A) 3. B 1. © 2. D) 0.
Cau 218. Ham s6 y = 22* 4+ 1 dong bién trén khodng nio trong cac khodng dudi day?

1 1

@ (0; 4+00). (—2; +oo>. @ (—oo; —23. @ (—00;0).

Cau 219. Cho ham s6 y = 2® — 22% + z + 1. Ménh dé nao dudi day ding?
P . , 1
@ Ham s0 nghich bién trén khoang <3; 1).

vy =2t + 222+ 2,y = —2® + 22 — 32 + 1. Trong cAc ham

. . 1
Ham so nghich bién trén khoang (—oo; 3).

PR . 1
@ Ham s6 dong bien trén khoang (3; 1).
@ Ham s6 nghich bién trén khoang (1; +00).

. -2 .
Cau 220. Cho ham so6 y = ‘ e Ménh dé nao duéi day dung?
x

@ Ham s6 nghich bién trén khoang (—oo; —1).
Ham s6 dong bién trén khoang (—oo; —1).

(C) Ham s6 déng bién tren khoang (—oo; +00).
(D) Ham s6 nghich bién tren khoang (—1; +00).

3r + 2 R N
< +1 . Ménh dé nao sau day la ménh de ding?

Cau 221. Cho ham s6 y =

@ Ham s6 dong bién trén R.

Ham s6 nghich bién trén R.

(C) Ham s6 nghich bién tréen céc khoang (—oo;1) v (1;400).
@ Ham s6 dong bién trén khoang (—oo; 1).

20 +1

Cau 222. Cho ham s6 y = T Meénh dé nao duéi day la dang?

@ Ham s6 nghich bién trén céc khoang (—oo; 1) va (1;4+00).
Ham s6 dong bién trén cac khodng (—oo; 1) va (1; +00).
(C) Ham s6 dong bién tren R\ {1}.
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@ Ham s6 nghich bién tren R\ {1}.

Cau 223. Cho ham s6 y = f(z) ¢6 dao ham f'(z) = —2? — 4,Vz € R. Ménh dé nao dudi day

ding?
@ Ham s6 dong bién trén khoang (—oo; —2).
Ham s6 dong bién trén khoang (—2;2).
(C) Ham s6 dong bién tren khoéng (—oc; +00).
@ Ham s6 nghich bién trén khoang (—oo; +00).

Cau 224. Ham s6 nao sau day nghich bién trén khodng (—oo; +00) ?

@y =

T i

Mtc d6 Thong hiéu

P - 2 2 2
Cau 225. Cho ham s6 y = Ll Khang dinh nao sau day la khang dinh dung?
l’ —

@ Ham s6 nghich bién tren R\ {1}.

Ham s6 dong bién tren R\ {1}.

@ Ham s6 don diéu trén R.

@ Ham s6 dong bién trén cac khoang (—oo; 1) va (1;400).
Cau 226. Ham s6 y = 2® — 3z nghich bién trén khoang nao?

@) (—o0:-1). (005 +00). © (1), D) (0: +00).

Cau 227. Trong cac ham s6 dugc cho bén duéi, ham sd nao dong bién trén R?

@y:x3—3w2+3a¢—|—5. y:x+L

L7 +3
=at + 224+ 1. — ,
©y=2"+a7+ Dy=-—
Cau 228. Hoéi ham s6 y = 22* 4+ 1 dong bién trén khodng nao?
1 1
@ (—oo; —2>. (0; 4+00). @ (—2; +oo). @ (—00;0).

Cau 229. Ham s6 nao dudi day dong bién trén khodng (—oo; +00)?

@y:3x3+3x—2. B)y = 223 — 5z + 1. @y:x4+3x2. @y:x_Q

r+1

7z 1 2 2
Cau 230. Cho ham s6 y = IL’—i-l Khang dinh nao sau day la khang dinh dung?
l’ —

@ Ham s6 dong bién trén (—oo; 1) va nghich bién trén (1; 400).

Ham s6 nghich bién tren R\ {1}.

(C) Ham s6 nghich bién trén céc khoang (—oo;1) va (1;400).

@ Ham s6 nghich bién trén R.
Cau 231. Cho ham s6 y = v/4 — 22 dong bién trén tap nio trong cac tap sau?

@) (-2;2). ~22\{0}.  © () © (-20).
Cau 232. Cho ham s6 y = 2% + 3z + 2. Ménh dé nao dudi day ding?

@ Ham s6 dong bién trén khoang (—o0o;0) va nghich bién trén khodng (0; +00).

Ham s6 nghich bién trén khoéng (—o0; +00).

xi—; y:x+1. @y:—x3—x2. @y:—x3+1.
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@ Ham s6 dong bién trén khoang (—oo; +00).
@ Ham s6 nghich bién trén khodng (—o0;0) va dong bién trén khoang (0; +00).

nghich bién trén khoang nao dudi day?

Cau 233. Ham s6 y =
au am S0 y = — )

@) (0; +o0). (~1;1). (©) (—o0; +00). D) (~o0;0).
Cau 234. Ham s6 nao dudi day dong bién trén khodng (—oo; +00)?

@y:x+1 y:x3+3x. @y:i:; @y:—x3—3x.

r+3
Cau 235. Cho ham s6 y = 2 — 322, Ménh dé nao dudi day ding?
(A) Ham s6 nghich bién tren (0;2).
Ham s6 nghich bién trén khoang (2;400).
(C) Ham s6 dong bién trén khoéng (0;2).
@ Ham s6 nghich bién trén khoéng (—o0;0).

. 1 1 .
Cau 236. Ham s6 y = gx?’ — 5902 — 27 nghich bién trén khoang

(&) (—o0; -2). (—o0; ~1). © (-21). D) (-1;2).
Cau 237. Ham s6 y = 23 — 3z + 1 nghich bién trén khodng nao dudi day?
@) (0;2). (1; +00). ©) (005 -1). D (-11).

Cau 238. Cho ham s6 f(x) = z® — 3z + 2. Ménh dé nao duéi day ding?
@ Ham s6 nghich bién trén khoang (1;2).
Ham s6 dong bién trén khoang (—oo; 1) va (2, +00).
(C) Ham s6 dong bién trén khodng (—oo; —1) va (1, +-00).
@ Ham s6 nghich bién trén khodng (—oo; +00).

Mic dé Van dung thap

Cau 239.

Cho ham s6 y = f(x) ¢6 dao ham trén R. Duong cong ¢6 hinh vé ben
1a do thi ctia ham s6 y = f'(x) (y = f'(z) lién tuc trén R). Xét ham
s6 g(z) = f (z* — 2). Ménh dé nao dudi day sai ?

@ Ham s6 g(z) nghich bién trén (—oo; —2).
Ham s6 g(x) dong bién trén (2; +00).
(C) Ham s6 g(«) nghich bién tren (—1;0).
@ Ham s6 g(x) nghich bién tren (0;2).

T I e g—y

Cau 240. Cho ham s6 y = f(x) ¢6 dao ham f'(z) = (2* — 1)(x + 1)(5 — z). Ménh dé nao sau

day 1a ménh dé dang ?
@) £(1) < f(4) < £(2). f :
(©) £(2) < f(1) < f(4). D) f(4) < £(2) < f(1).
Cau 241.
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Hinh bén 1a do thi ctia ham s6 y = f/(x). H6i ham s6 y = f(z) dong bién trén Yy
khoang nao dudi day?

@ (2; +00). (1;2).

(©) (0;1). (D) (0;1) va (2; 400).

1.5 DK DE HAM SO-BAC BA DON DIEU TREN KHOANG K

Mrtc do Thoéng hiéu

N . 2 . 1 . )
Cau 242. Dieu kién tham so m dé ham so y = gx?’ — mz?® + (2m + 3)z + 2 dong bién tren R
la
(A)m > 3. B) —1<m<3. ©-1<m<3. D) m < 3.
. 1 . .
Cau 243. Cho ham so y = 53;3 — ma? 4+ 4x + 2m, v6i m 1a tham s6. Goi S 1a tap hop tat ca cac
gia tri nguyén ctia m dé ham s6 dong bién tren R. Tim tap S.
(A)S={meZ||m| =2} B) S = {—2;-1;0;1;2}.
© 8 ={-1;0;1}. D S ={mez||m >2}
. ? . 1 N
Cau 244. Tim tat ca cic gia tri ctia m dé ham s6 y = g(m2 —m)z® — 2ma?* 4+ 3z — 1 luon dong

bién trén R.

(A) -3 <m <0. B) -3 <m<0. (© —-3<m<0. (D) -3 <m < 0.

Mic dé Van dung thap

Cau 245. Tim tat ca cac gia tri thuc ciia tham s6 m dé ham s6 y = %x?’— (m+1)a?+(m —2) x—
3m nghich bién trén khodng (—oo; +00).
1 1
@—Z§m<0. mg—z. ©m<0. ®m>0.
Cau 246. Tim tat ca cac gia tri ciia tham s6 m dé ham s6 y = 2° — 3ma? — 9m?z nghich bién
trén (0;1).
1
@ m > 3 @ m < —1.
1 1
@nghoacmg—l. @—1<m<§.
Cau 247. Tim tat ca cac gia tri thyc clia tham s6 m dé ham s6 y = 22° + 3(m — 1)2% + 6(m —

2)x + 2017 nghich bién tren khodng (a;b) sao cho b —a > 3.

@m:9. @m>6. ®m<0.

m <0
m>6
Cau 248. Tim tap hop cac gia tri ctia tham s6 m dé ham s6 y = —23 + 322 + ma — 3 nghich bién

trén (2; +00) la

@A) (—o0; —3). (—00;0]. ©) (—o0; 3. D) (—o0;0).
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Cau 249. Cho ham s6 y = —2® — ma® + (4m + 9)x + 5 v6i m la tham s6. C6 bao nhieu gia tri
nguyén ciia m dé ham s6 nghich bién trén khodng (—oo; +00)?

A7 B) 4. (©) 6. D) 5.
Cau 250. Cho ham 86 y = %:1:3 —2mx? + (3m+5)z (1). C6 tat cd bao nhiéu gia tri nguyén ciia
tham s6 m dé ham s6 (1) dong bién trén R.

A) 6. B 2. (©) 5. D) 4.

Cau 251. Tim tat ca gid tri cia m dé ham s6 y = 23+ 22 +ma +1 dong bién trén (—oo; +00).

4 1 1 4
< —. < —. > —. > —.
=3 Bm< g =3 =3
. . . B 1
Cau 252. Tim tap hgp S tat ca cac gié tri ciia tham so thyc m de ham so y = gscg +(m+1)z%+

(m? 4 2m) z — 3 nghich bién trén khoang (—1;1).
(A) S = {-1;0}. B) S =wo. (©) S ={-1}. (D) S = {1;0}.
Cau 253. Tim tap hop tat ca cac gia tri ctia tham s6 m dé ham s6 y = 2® — ma® — (m —6)z + 1

dong bién tren khoang (0;4).

@A) (—o0; 6. (—00;3). ©) (—o0:3]. D) [3:6].

Mitc d6 Van dung cao

Cau 254. Hoi ¢6 bao nhiéu s6 nguyen m dé ham sé y = (m? — 1)2® + (m — 1)2® — x + 4 nghich

bién trén khodng (—oo; +00).

@) 2. B) 1. ©o. D) 3.

1.6 DK DE HAM SO-NHAT BIEN DON DIEU TREN KHOANG K

Mitc dé Van dung thap

w—m2

———— dong bién trén
r—3m—+2

Cau 255. Tim tat cd cac gia tri ctia tham s6 m dé ham s6 f(z) =

timg khoang xac dinh.
@me (—o0; 1] U [2; +00). B)m e (1;2).
@me (—o0;1) U (25 +00). @me [1;2].

1.7 DK DE HAM SO PHAN THUC (KHAC) DON DIEU TREN KHOANG K

Mrtc do Thong hiéu

mix + 4

+1

Cau 256. Tim tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y = nghich bién trén

timng khoang xac dinh ctia né.

@ m € (—o0; 400). m € (—2;2). @ m # 0. @ m € [—2;2].
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Mitc d6 Van dung cao

) cot?z — 2mecotx + 2m? — 1 S ,
Cau 257. Cho hamsoy = : , 0 bao nhiéu gia tri nguyén ctia m thudc
cotx —m

doan [~2018;2018] dé ham s6 da cho nghich bién tren G; g)‘?

(A) 2018. (B) 2020. (C) 2019. D) 0.

1.8 DK DE HAM SO LUONG GIAC DON DIEU TREN KHOANG K

Mic dé Van dung thap

Cau 258. Tim tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y = ma — sinz dong bién trén

R.
@m>1. mg—l. @le. @mZ—l.

. . ) tanx —2 £
Cau 259. Tim tat ca cac gia tri thyc ctia tham s6 m sao cho ham s6 y = e —m dong bien
anr —m

trén khoang <O; %)
@m§0h0301§m<2. mSO.

©1<m<2. D) m > 2.

1.9 UNG DUNG PHUONG PHAP HAM SO VAO DAI SO

Mic dé Van dung thap

Cau 260. Tap nghiém ctia bat phuong trinh (z + 2) {\/(x +2)24+3+ 1} +2 (V22 +3+1) >0
Ia

@) (1;+00). (1;2). © (13 +00). D) (-1;2).
2 Bai 2. Cyc tri cia ham sé

2.1 CAC CAU HOI CHUA PHAN DANG

Mitc d6 Nhan biét

Cau 261. Khoang cach tit diém cyc tiéu ctia do thi ham s6 y = 2* — 322 + 2 dén truc tung

bang

(A 1. B) 2. (©) 4. D) 0.

Mtc do Thong hiéu

Cau 262. Mot trong cac do thi ham s6 dudi day 14 do thi cia ham s g(z) lien tuc trén R thoa
mén ¢'(0) = 0, ¢"(z) < 0,Vz € (—1;2). Hoi d6 1a do thi nao?
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\/\/ N

o NS N @

1o \J =7

Cau 263. DO thi ham s6 y = az® + bx® + cx + d c6 hai diém cyc tri A(1; —7), B(2; —8).
Tinh y (—1).

@Ay(-1)=T. B y(-1) =1L ©y(-1)=-11. D) y(-1)=-35

Miic d6 Van dung thap

Cau 264. Cho ham s6 f(x) c6 dao ham lién tuc va c6 ding 3 diém cie tri 1a —2, —1 va 0. Hoi

ham s6 y = f(2? — 22) ¢6 bao nhiéu diém cyc tri.

@A) 3. B) 4. (©) 5. D) 6.

Mic do Van dung cao

Cau 265.
Hinh vé& ben 14 do thi ctia ham s6 y = f(x). Goi S la tap hop cac gia tri y
nguyén duong ciia tham sé m dé ham s6 y = |f(x — 1) +m/| c6 5 diém cuc
tri. Tong gia tri tat ca cac phan tit ctia S bing \ 2
@A) 12. B) 15. ©) 18. D) 9. | /\ | z
: 0,
--- i
6 |- |
Cau 266. V6i tham sd m, do thi clia ham s6 y = xl——i_mlx ¢6 hai diém cuc tri A, B vi AB = 5.

Meénh dé nao dudi day dung?

@m>2. O<m<1. ©1<m<2. ®m<0.

9.2 LY THUYET VE CUC TRI CUA HAM SO

Miic do Nhan biét

Cau 267. Cho ham s6 y = f(r) c6 dao ham cap 2 trén khoang K va xq € K. Ménh dé nao sau
day 1a ménh dé dang?
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@ Néu f”(z) > 0 thi zo 1a diém cyc tiéu ctia ham s6 y = f(x).
Néu f”(x) = 0 thi zo 14 diém cyc tri ctia ham s6 y = f(x).

@ Néu zg 1a diém cue tri ctia ham s6 y = f(x) thi f'(zo) = 0.
(D) Néu x, 1a diém cie tri chia ham s6 y = f(z) thi f”(zo) = 0.

Mtc do Thong hiéu

Cau 268. Ham s6 y = ax? + bz? + ¢ dat cuc dai tai A(0; —3) va dat cuc tiéu tai B(—1; —5). Khi

do, gia tri clia a, b, ¢ 1lan lugt la:
(A) 2;4; 3. —3:—1; 5. (C) —2;4; 3. (D) 2; —4; 3.

Cau 269. Phat biéu nao sau day la ding?
@ Ham s6 y = f(x) dat cuc tri tai z khi va chi khi 2 14 nghiem ctia dao ham.
Néu [ (xg) =0 va f" (xg) > 0 thi ham s6 dat cuc dai tai z.
@ Néu f" (zo) = 0 va " (x9) = 0 thi zy khong phéi la cuc tri ctia ham s6 y = f(z) da cho.
@ Néu f'(x) ddi dau khi z qua diém o va f(z) lién tuc tai 2o thi ham s6 y = f(z) dat cuc tri

. « 2
tai diem z .

Miic d6 Van dung thap

Cau 270. Cho ham s6 y = az* + bxz? + ¢ véi ab # 0. Ménh dé nao sau day ding?
@ V6i moi gia tri ctia a, b do thi clia ham s6 ¢6 3 diém cuc tri La 3 dinh clia mot tam giac can.
Ham s6 ¢6 3 diém cuce tri khi ab < 0.
(C) Ham 6 ¢6 3 diém cue tri khi ab > 0.

@ Ham s6 c6 1 diem cuc dai va 1 diem cuc tiéu.

2.3  NHAN DANG BBT, NHAN DANG HAM sO

Mitc d6 Nhan biét

Cau 271.
Cho ham s6 y = f(x) xac dinh, lién tuc trén doan [—2;2] va c¢6 do thi la A vy
duong cong trong hinh vé bén. Ham s6 f(x) dat cuc dai tai diém nao dudi
day? 2 1
@ T =2. @ r=-—1. i l
©e=1. D=2 /R O M L
—F-1 |\ 1/2
[ 2
,,_4<

Cau 272. Cho ham s6 y = f(x) c6 bang bién thién nhu sau
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x —00 0 2 +00
Y — 0 + 0 -
400 5
1 —00

Ham sb dat cuc dai tai diém

@le. a:':O. @x:5. @sz.

Miic d6 Van dung thap

Cau 273. Cho ham s6 y = f(x) c6 bang bién thién nhu sau.

r | —00 —2 0 +o0
(] + 0 — 0 +
2 +00
— 0 —1

Meénh dé nao dudi day dang?
@ Ham sb dat cuc dai tai x = 0. Ham s6 khong c6 diém cuc dai.

@ Ham s6 ¢6 hai diém cuc tri. @ Ham s6 dat cuc tieu tai z = —1.

2.4 DEM SO DIEM CUC TRI (BIET DO THI, BBT)

Mrtc do Thoéng hiéu

Cau 274.
Duong cong 6 hinh bén 1 do thi cia ham s6 y = ax? + ba? + ¢ Y
v6i a, b, c 1a cac s6 thye. Ménh dé nao duéi day dang?
@ Phuong trinh 3’ = 0 ¢6 dang ba nghiém thyc phéan biét.
Phuong trinh 3’ = 0 ¢6 ding hai nghiém thyc phan biét. O
@ Phuong trinh 4/ = 0 vo nghiém trén tap sd thuc.
@ Phuong trinh 3’ = 0 ¢6 diang mot nghiém thuec.

Miic d6 Van dung thap

Cau 275. Cho ham s6 y = f(x) c6 bang bién thién nhu sau
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) 00/5\1/+OO

D5 thi cia ham 86 y = | f(x)| c6 bao nhiéu diém cyc tri?

@A) 4. B 2. (©) 3. D) 5.

2.5 DEM SO DIEM CUC TRI (BIET Y,Y")

'Miic do Nhan biét|

Cau 276. Ham s6 y = —22* + 422 + 5 ¢6 bao nhiéu diém cyc tri?

@A) 3. B 1. (©)o. D) 2.
Cau 277. Ham s6 y = 2% — 322 4+ 32 — 4 ¢6 bao nhiéu cuec tri?

@A) 1. B 2. ©o. D) 3.

Cau 278. Ham s6 y = ! — 222 + 1 ¢6 bao nhiéu diém cuec tri?

(A)o. B) 3. © 2. D) 1.

Mtc d6 Thong hiéu

p 1 .
Cau 279. Ham s6 y = §x3 — 22+ 2+ 1 ¢6 bao nhiéu diém cuc tri?
A) 0. B 1. © 2. D) 3.

Cau 280. Tim gia tri cuc tiéu yor ctia ham s6 y = 2* — 222 — 3.

@ yor = 4. yor = —3. ©) yor =3. @ yer = —4.

Cau 281. S6 diém cye tri cfia ham s6 y = (z — 1)*°'7 1a

A) 0. B) 2017. ©1. (D) 2016.

Cau 282. Ham s6 nao trong bén ham s6 duge liet ké dué6i day khong c6 cyce tri?

20 — 1
@y: T y::c4. @y:—x3+x. @y:m

r+1°

Cau 283. S6 cyc tri cia ham s6 y = 2® — 22 —x +5 1a

@A) 1. B) 2. ©) 3. D) 0.

Mic dé Van dung thap

Cau 284. Cho ham s6 f(x) c6 dao ham f'(z) = 2?(2* — 3x)(2? — 9)(2* + 4z + 3). Ham s6 f(x)
¢6 bao nhiéu diém cuc tri?

A) 3. B) 2. (©)o. D) 1.

L s ) 3
Cau 285. SO diem cyc tri cia ham s6 y = tanxz —  — — trong khoang (—g; g) la

(A 1. B) 3. (©)o. D) 2.
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2.6 TIM CUC TRL, DIEM CUC TRI (BIET DO THI, BBT)

Mitc d6 Nhan biét

Cau 286. Cho ham s6 y = f(x) c6 bang bién thien nhu sau

T | —00 —1 0 1 +00
Y -0 + 0 - 0 +

’ +00\0/3\0/%0

Meénh dé nao dudi day sai?

@ Ham s6 ¢6 ba diém cuc tri. Ham s6 c6 gié tri cuc dai bang 3.
@ Ham s6 c6 gia tri cic dai bang 0. @ Ham s6 ¢6 hai diém cuc tiéu.

Cau 287. Cho ham s6 y = f(x) c6 bang bién thién nhu sau

T —00 -2 2 +o00

Y + 0 - 0 +
3 +00
y 7 \ /
—00 0

Tim gié tri cuc dai yep va gia tri cuc tiéu yor ciia ham sé da cho.
@ZJCD=3V313JCT=—2- yCD:2V3y0T20~
@yCDZ—QVéyCTZQ- @?JCDZ?)VayCT:O-

Mrtc d6 Thoéng hiéu

Cau 288. Cho ham s6 y = f(x) c6 bang bién thién nhu sau:

x —00 0 2 +00
Y + 0 — 0 +
3 +00
— 00 1

Ham s6 da cho dat cyc dai tai gia tri ndo cia z?

A) 2. ®B) 1. ©o. D) s.
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Mitc d6 Van dung cao

Cau 289. Cho hinh chép S.ABC ¢6 SA = SB = SC = 2a va tam giac ABC ¢6 géc A bang 120°
va BC = 2a. Tinh ban kinh mat cau ngoai tiép hinh chép theo a.

oEs DE ©% D

6 2

2.7 TIM CUC TRI, DIEM CUC TRI (BIET Y,Y’)

Mitc d6 Nhan biét

Cau 290. Cho ham s6 y = —a2 + 322 — 5. Cac ménh dé sau ménh dé ndo saz?
(A) Ham s6 ddng bién tren (0; 2).
Ham s6 nghich bién trén (3; +00) .
@ Ham s6 nghich bién trén khoéng (—oo;0).
@ Ham s6 dat cyc dai tai © = 0,y = —5.

Cau 291. Cho ham s y = 2* — 422 + 2. Khang dinh nao sau day 1a ding?
@ Ham sb dat cuc tiéu tai hai diém —v/2 va 2 = /2.
Ham s6 dat cuc tiéu tai diém z = 0.
@ Ham s6 dat cuc tiéu tai diém y = —2.
@ Ham s6 dat cuc dai tai hai diém (—\/5; —2) va (\/5, —2).

Cau 292. Ham s6 y = 2% — 322 + 2z dat cuc tiéu tai diém

@ng_g\/g. x:3+3 3. @x:O. @x:ﬂ

Mric d6 Thong hiéu

Cau 293. Tim gia tri cyc dai yep ctia ham s6 y = 2% — 3z + 2.

@yCD =4. ch =1 @ycp = 0. @ch =—1.

2
, 3
Cau 294. Cho ham sy =~
r+1

. Ménh dé nao duéi day dang ?
@ Cuc tiéu ctia ham s6 bang —3. Cuc tiéu ctia ham s6 bang 1.
@ Cue tiéu ctia ham s6 bang —6. @ Cue tiéu ctia ham s6 bang 2.

Cau 295. Hieu s6 gitta gia tri cuc dai va gia tri cuce tiéu ctia ham s6 y = 2° — 322 + 1 1
A) 2. B) 6. (©) 4. D) 8.

Cau 296. Gi4 tri cuc tiéu ctia ham s6 y = 2% — 322 — 9z + 2 1

(A) —25. B) —24. ©r. (D) —30.
Cau 297. Tim diém cuc tiéu ctia do thi ham s6 y = 1953 — 2% —3x +5.
(A)z=—1. (—1;?). (©z=3. (D) (3; —4).

Cau 298. Ham s6 y = 2% + 322 — 362 + 15 dat cuc dai tai diém

&) yo = —29. B) 2o = —3. (©) zo =2. (D) yo = 96.
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3
. x
Cau 299. Giai tri cyc dai cia hamso y = — —x + 1 1a

5 1
@) yeo = 0. ®B) yoo = 3. © yeb = ;- @) yoo = 1.
3 3

Cau 300. DO thi ham s6 y = 2% + 2% — 52 + 1 ¢6 hai diém cyc tri A va B. Diém nao dudi day 1a

trung diém ctia doan thing AB ?

ST TR en®) eel2)

Mitc d6 Van dung thap

Cau 301. Cho ham s6 y = 2* — 222 4+ 2. Tinh dién tich S clia tam giac c6 3 dinh 1a 3 diém cuyc

tri ctia do thi ham s6é da cho.

(A) S =3, S:; ©s5=1. D) S =2.

28 DK DE HAM SO CO CUC TRI

Mtc do Thoéng hiéu

Cau 302. Tim tat ci cac gia tri thuc ctia m dé ham s6 y = 2° — 322 + (m + 1)z + 2 ¢6 hai diém

cuc tri.

@m<2. m§2. ©m>2. ®m<—4.

3

Cau 303. Tim tat ca cac gia tri thuc ctia tham s6 m dé ham sé y = 2% — 22 —ma +m? — 1 ¢6

hai diém cuc tri.
@mZ—;. mg—;. ©m>—;. ®m<—z1)).

Cau 304. Tap hop tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y = —23 + 3ma? — 6ma + 1
¢6 hai cuc tri la
@ m <0 m <0

m>8' m>2.

Mitc do6 Van dung thap

Cau 305. Tim tat ca cac gia tri thuc ctia tham s6 m dé ham s6 y = (m — 1)z* — 2(m — 3)z? + 1

khong c6 cuc dai.

A)1<m<3. B)m < 1. ©m>1. D) 1<m<3.

Mitc d6 Van dung cao

Cau 306. Cho ham s6 f(x) ¢6 dao ham f'(z) = 2?(x + 1)(2® + 2mx + 5). C6 tat ca bao nhiéu

gia tri nguyén ctia m dé ham s6 y = f(z) c6 dang 1 diém cuc tri?

A)7. B) 0. © 6. D) 5.
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2.9 DK DE HAM SO CO CUC TRI TAI XO (CU THE)

Mtc do Thoéng hiéu

Cau 307. Tim m dé ham s6 y = —a* + 2ma? + 1 dat cyc tieu tai x = 0.
(A)m < —1. B)m > 0. (© m>0. D) —1<m<0.
. . 1 1
Cau 308. Tim m dé ham s6 y = §$3 — §(m2 + 1)z? + (3m — 2)x + m dat cyc dai tai z = 1.

@m:—l. m:—2. @mzl. @m:2.

Cau 309. Tim gia tri thuc ctia tham s6 m dé ham s6 y = il))xg —maz? 4+ (m? —4) z + 3 dat cuc
dai tai z = 3.
@mzl. m:—l. @m:5. @mz—?.
22 +ma +1

Cau 310. Cho ham s6 y = R v6i m 1a tham s6. V6i gia tri nao clia tham s6 m thi
r+m

ham sb dat cuc dai tai x = 27

@mz—& m:3. @m:—l. @m:O.

2.10 DK DE HAM SO CO CUC TRI, KEM GIA THIET (THEO X)

Mitic do6 Van dung thap

. 1 R .
Cau 311. Cho ham s6 f(z) = §$3 — (m+ 1)z* + (m + 3)z + m — 4. Diéu kién ctia tham s6 m
dé do thi ham s6 y = f(|z|) c6 5 diém cye tri 1a
(A) m > 4. B -3<m<-1. (©m>0. D) m > 1.
Cau 312. Biét my la gia tri ctia tham s6 m dé ham s6 y = 2° — 322 + ma — 1 ¢6 hai diém cye tri

x1, Lo sao cho x% + x% — 71279 = 13, ménh dé nao sau day dung?

@ mo € (—1;7). mg € (7;10). @ mo € (—15; 7). @ mo € (=7;—1).

2.11 DK DE HAM SO CO CUC TRI, KEM GIA THIET (THEO Y)

Mic dé Van dung thap

Cau 313. Biét M(0;2), N(2; —2) la cac diém cyc tri cia dd thi ham s6 y = az® + ba® + cx + d.

Tinh gia tri cia ham s6 tai z = —2.

@y(-2) =2 y(—2) = 22. (©) y(—-2) =6. D) y(—-2) = —18.

2.12 DUONG THANG NOI 2 DIEM CUC TRI (DO THI HAM BAC BA)

Mtc do Thoéng hiéu

Cau 314. Do thi ctia ham s6 y = 2% — 322 — 92 + 1 ¢6 hai diém cuc tri A va B. Diém nao duéi
day thuoc duong thang AB ?

(A) M (1;-10). (B) N (—-10;1). (©) P(1;0). D) Q(0; —1).
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Mic dé Van dung thap

Cau 315. Cho ham s6 y = —z° — 322 + 4. Biét ring c6 hai gia tri my, mo clia tham sé m dé
duong thang di qua hai diém cyc tri ctia do thi ham sé tiép xic véi duong tron (C) : (z —m)? +
(y —m —1)2 = 5. Tinh tong m; + ma.

@m1+m2:0. m1+m2:6. ©m1+m2:10 ®m1+m2:—6.

Cau 316. Goi S 1a tap hgp tat ca cac gia tri thuc ctia tham sé m dé do thi clia ham s6 y =
1 N N N
gx?’ — ma? + (m? — 1)z ¢6 hai diem cyc tri 1a A vd B sao cho A, B nam khac phia va cach déu
dudng thing d : y = 5z — 9. Tinh tong tat ca céc phan ti cta S.

A)o. B) 6. (©) —6. D) 3.

Cau 317. D6 thi ham s6 y = 2® — 322 — 92 + 1 ¢6 hai diém cuc tri A va B. Diém nao dudi day
thuoc dusng thing AB?

(A) P(1;0). M(0; —1). (C) N(1;-10). (D) Q(—1; 10).

2.13 DK HINH HQC VE 2 DIEM CUC TRI (HAM BAC BA)

'Miic do Van dung thép |

Cau 318. Tim tat ca cac gia tri thuc ctia tham s6 m dé do thi ham s6 y = 2% — 322 —ma + 2 ¢6
hai diém cuc tri A va B sao cho cac diém A, B va M(0;3) thing hang.

@mz—& Kh()ngténtaim. @m:—\/ﬁ. @mz&

Cau 319. D6 thi ham s6 y = —2° + 3ma? — 3m — 1 ¢6 cuc dai va cuc tiéu déi xing nhau qua
duong thang d : x + 8y — 74 = 0 khi m bang bao nhiéu?

@sz. m:4. @m:2. @m:7.

Mitc d6 Van dung cao

Cau 320. Cho ham s6 y = 2° — 322 + 3(1 — m)z + 1 + 3m. Tim m dé d6 thi ham s6 c6 cuc dai,
cuc tieu dong thoi diém cuc dai va cuc tiéu ciing véi goc toa do O tao thanh mot tam giac co dien
tich bang 4.

(A)m=1. B) m = +2. © m=-1. (D) m = +1.

2.14 DK HINH HOC VE TAM GIAC CUC TRI (HAM TRUNG PHUONG)

'Miic do Van dung thép |

? by z 1
Cau 321. Goi (C) la parabol di qua ba diém cyc tri ctia do thi ham s6 y = ZxA‘ —ma? +m?, tim
m dé (C) di qua diem A(2;24).

@m:—4. m:6. @m:4. @mz&

Cau 322. Tim tat ca cac gia tri thuc cia tham s6 m sao cho do thi ciia ham sé y = 2* +2ma?+1

c6 ba diém cuc tri tao thanh tam giac vuong can.

@m:—\g’/g. m:—l. @m:—l;m:\?/g. @m:—\‘"’/g;mzl.
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Cau 323. Tim tat ca cac gia tri thuc ciia tham s6 m sao cho do thi ctia ham s6 y = 2* +2ma?+1

¢6 ba diém cuc tri tao thanh mot tam gidc vuong can.
1 1
m=——. m = —1. m=—. m = 1.

Cau 324. Tim tat ca gia tri ctia tham s6 m dé do thi ham s6 y = —a* + 2ma? ¢6 ba diém cuc

tri tao thanh mot tam giac déu.

@m>0. m:€/§. @m:j:\:’/g. @mzl.

Mic d6 Van dung cao

Cau 325. Tim tat ca gia tri thyc clia tham s6 m dé dd thi ham s6 y = 2* + 2ma? c¢6 ba diém

cic tri tao thanh 1 tam giac déu.

@mz{*/ﬁ. m:—\3/§. @mzl. @m:—l.

215 CAU HOI TONG HOP VE TINH DON DIEU VA CUC TRI

Mtc d6 Thong hiéu

Cau 326. Cho ham s6 y = f(z) liéen tuc trén R va c6 dao ham f/(z) = (z — 1)(x — 2)*(z — 3)217.
Khang dinh nao sau day ding?

@ Ham s6 dong bién trén céc khoang (1;2) va (3; +00).

Ham s6 ¢6 3 didm cuec tri.

@ Ham s6 nghich bién trén khoang (1;3).

@ Ham s6 dat cuc dai tai z = 2, dat cuc tiéu tai z = 1 va z = 3.

Cau 327. Cho ham s6 y = 22® — 3z% + 5z — 4. Chon phuong an sai.
@ Ham s6 khong c6 cyc tri.
Ham sb don diéu trén R.

@ Ham 86 ¢6 mot diém cuc dai va mot diém cuc tiéu.
. . 1 ,
@ D6 thi nhan diem U (2; —2) lam tam doi xing.

Cau 328. Cho ham s6 y = 2* — 222 + 1 Xét cdc ménh dé sau day:
i) Ham s6 c6 3 diém cuyc tri.

ii) Ham s6 dong bién tren cac khoang (—1;0), (1;+00).

iii) Ham s6 c6 mot diém cuc tri.

iv) Ham s6 nghich bién trén cac khoang (—oo; —1), (0;1).

C6 bao nhiéu ménh dé ding trong bon ménh dé trén?

A) 3. B) 4. ©) 2. D) 1.

Mitc d6 Van dung thap

Cau 329.
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Cho ham s6 y = f(z) c¢6 dao ham cap mot f'(z) va dao /\ 1Y /\ )
ham cap hai f”(z) tréen R. Biét do thi clia ham s6 y = !
f(z), y = f'(z), y = f"(x) 1a mdt trong céc dudng cong / \ \

(C1), (Cy), (C3) ¢ hinh vé bén. Hoi do thi clia ham sé/ / /s’\ ()

y = f(z),y = f'(z), y = f"(x) lan lugt theo thtt ty nao ! /

i N /
dusi day? /\Z/ /\ /\ \Z/:U(C:s)
i

@A) (), (C1), (Cs). (C1), (Ca), (Cs).
(©) (Cy), (Cy), (CY). D) . / \\ \\L

Cau 330. Gia stt A, B 1a hai diém cyec tri ctia do thi ham s6 f(z) = 23 + a2? + bz + ¢ va duong
thing AB di qua goc toa do. Tinh gia tri nhé nhéat ctia biéu thic P = abc + ab + c.

16 25
~5- B) 9. (© -5 D) 1.

Mrtc d6 Van dung cao

Cau 331.
Cho ham s6 y = f(z) v6i dao ham f’(z) c6 do thi nhu hinh vé. y
3
Ham s6 g(z) = f(z) — T + 22 — 2 + 2 dat cuc dai tai diém nao trong cac diém L
’ / \V L
O| 1 2

Sm&k)x——l. le. @Z‘:O. @xzz 1%

3 Bai 3. GTLN, GTNN cta ham sb

3.1 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 332. Gia tri nhé nhat ctia ham s6 y = vVa? — 2z + 3 1a

@A) 1. ~1. © —v2. D) v2.

Mitc do6 Van dung thap

Cau 333. Cho ham 86 y = az® + bx? + cx + d (a # 0) ¢6 do thi (C), tiép tuyén ciia do thi (C)
c6 hé s6 goc dat gia tri 16n nhat khi

. . b ) ) b
@ a > 0 va hoanh do tiep diem la x = ~3q" a < 0 va hoanh do tiep diem la x = ~34
a a
z ? b z ? ? Z
@ Hoanh do tiep diem la x = ~3q" @ Tiep diém di qua diém uon.
a

Mic d6 Van dung cao

Cau 334. Cho do6 thi y = f(x) ¢6 do thi y = f'(2) nhu hinh vé.
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P 1, 3, 3 A N 1
Xét ham so g(z) = f(z) — 3T % + 3% + 2018. Ménh de nao duéi day y
dang? e 3
@ ming(x) = g (~1) B) ming(z) =g (1) | i
: : g(=3)+g(1) | I z
=qg(— \ A\
© ming(x) = g(-3) ©) ming(x) 5 HE
- 2
3.2  MAX-MIN BIET DO THI, BBT
Miic d6 Nhan biét
Cau 335.
Cho ham s6 y = f(z) c¢6 bang bién thien T |—o00 0 1 +00

nhu hinh vé bén. Ménh dé ndo duéi day
dang?

@yCD:5~
@Ir%ny:él.

3.3

Mitc d6 Nhan biét

+OO\4/5\OO

MAX-MIN CUA HAM SO DA THUC TREN DOAN [A,B]

Cau 336. Gia tri 16n nhét ctia ham s6 f(z) = 2% — 3z + 2 trén [—1;2] la

(A) 4. B) 0.

(©) —2.

D) 2.

Cau 337. Tim gia tri 16n nhat M ctia ham s6 y = 2* — 322 + 1 trén doan [—1;2].

(A) M = -3.

Mtc d6 Thong hiéu

B) M =1.

© M =-1.

(D) M = -3.

Cau 338. Tim gia tri 16n nhat ctia ham s6 y = z* — 22% — 15 trén [—3;2].

@ max = b4.
[-3;2]

®) g =7,

@ max = 48.
[-3;2]

@ max = 16.
[—3;2]

Cau 339. Goi M va m lan luot 1a gia tri 16n nhat va gia tri nhé nhat ctia ham s6 y = 23 — 322 —

9z + 35 trén doan [—4;4]. Tinh T'= M + 2m.

(A) T = —41. B) T = —44.

(© T = -43.

D) T = —42.

Cau 340. Tim gia tri nho nhat m ctia ham s6 y = 3 — 72? + 11z — 2 trén doan [0; 2].

(A)m =11. B) m = 0.

@m:—Z.

@mz&

Cau 341. Tim gia tri 16n nhat M ctia ham s6 y = 2% — 222 4 3 trén doan [0; V/3].

(A) M =09. B) M =83,

©M=1.

(D) M =6.

Cau 342. Tim gia tri 16n nhat ctia ham s6 y = 2° — 22? — 42 + 5 trén doan [1; 3].

(A) —3. B) 0.

(©) 2.

D) 3.
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Cau 343. Gia tri 16n nhat ctia ham s6 f(x) = 2! — 42% + 5 trén doan [—2; 3] bing

(A) 50. B) 5. ©1. (D) 122.

3.4 MAX-MIN CUA HAM PHAN THUC TREN DOAN [A,B]

Miic do Nhan biét

Cau 344. Gia tri 16n nhat clia ham s6 y = tren doan [1;2] 1a

T+

1 1
@ugy=1  Bpgv=3 mxy=—p  Ommy=-3
+1

5 trén doan [—1;0].

—_

Cau 345. Tim gia tri 16n nhat ctia ham s6 y =

-1 B 2. x(—@ 0. D) 1.

Cau 346. Tim gia tri nhd nhat m clia ham s6 y =

T+
3 5
@m:—l. m:E. @m:§. @m:?).

. trén doan [0; 3].

Mtc do Thoéng hiéu

2

Cau 347. Tim gia tri nhé nhat clia ham s6 y =

T —
@I[gl%ly:ﬁ miny:—2. @minyz—& @minyzlgg.

(2;4] [2;4] [2;4]

3
+1 trén doan [2;4].

Cau 348. Cho ham s6 y = zrm
x

. 16 N
(m la tham so thyc) théa mén miny + maxy = —. Ménh de
+1 (1;2] (1;2] 3

nao duéi day dang?

@mgo. m>4. ©O<m§2. ®2<m§4.

3.5 MAX-MIN CUA HAM PHAN THUC TREN K

Mtc d6 Thoéng hiéu

1 1

Cau 349. Tim gia tri nhé nhat clia ham s6 y = — — — khiz > 0.
x x

2v/3 1 243
@23 L @ D -2
9 4 9
. . 4
Cau 350. Tinh gia tri nhé nhat ctia ham s6 y = 3z + — trén khodng (0; +00).

x
@(g&in)yziﬁ%. (g_r}rin)y:T @ min)y: @ @(min)y:2\3/§.

(0;+00 5 0;4o00
Tu bang bién thién suy ra:(gnin) y = 3v/9.
;00

Mitic do Van dung thap

. . ) 4
Cau 351. Tich cta gia tri nhé nhat va gia tri 16n nhat cia ham s6 f(x) = x + — trén [1; 3]
x

2 B) 20. © 6. D) 635.

3

bang
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3.6 MAX-MIN CUA HAM SO VO Ti TREN DOAN [A,B]

Mtc do Thoéng hiéu

2 s . Z, AL N .z . 2 £ 2 N £ + 1
Cau 352. Tong binh phuong gia tri 16n nhat va gia tri nhé nhat ctia ham s6 y = x2+1 trén
x

doan [0; 3] la:

A) 3. B 2. (©) 5. D) 4.
Cau 353. Tim tap gia tri T ctia ham s6 y = Vo — 3 ++v6 — 7

AT =[0;v2]. B T = [3;5]. ©7T1=[v22 DT = (3;5).
Cau 354. Gia tri 16n nhat ciia ham s6 y = /5 — 4z trén doan [—1; 1] bang

A)o9. B 0. (©) 3. D) 1.

3.7 MAX-MIN CUA HAM LUQNG GIAC TREN DOAN [A,B]

Mtc d6 Thong hiéu

Cau 355. Trén doan {—g; g}, ham s6 y = sin 22 — = dat gia tri 16n nhat tai diém

@(L’O:—g. J]():g. @JZO:% @IOZ—%

3.8 MAX-MIN CUA HAM SO KHAC TREN K

Mitc do6 Van dung thap

Cau 356.
Cho ham s6 y = f(x) xac dinh va lién tuc trén doan Y

7 X )
{O; 2} va ¢6 do thi ham s6 y = f’(z) nhu hinh vé. H6i

. . 7
ham s6 y = f(z) dat gid tri nhé nhat trén doan {O; 5

tai diém z, nao duéi day?

@1‘0:2. ZEQZL @330:0 ®$0:3

3.9 MAX-MIN HAM SO CHUA DAU TRI TUYET DOI

Mtc d6 Thoéng hiéu

Cau 357.
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Cho ham s6 y = f(z) c¢6 do thi Yy
tréen doan [—2;4] nhu hinh vé bén. Tim

max /()|

[—2;

@) [£(0)].
B) 2.
©) 3.
D) 1.

310 MAX-MIN CUA HAM SO CO DUNG BDT CO DIEN

Mitc d6 Van dung cao

Cau 358. Cho 3 sb thyc z;y; z théa man 22 + y? + 22 — 2z — 4y — 42 — 7 = 0. Tim gia tri lén
nhét ctia biéu thic T = 2z + 3y + 62.

(A) T = 20. BT =1 © T =48. D) T = 49.

3.11 BAI TOAN THAM SO VE MAX-MIN

Mtc d6 Thong hiéu

Cau 359. Biét ham s6 y = 2° — 322 + m c6 gia tri nho nhat trén doan [0; 1] bang 2. Khi do gia
tri cua m la

@sz. m:2. @m:4. @m:ﬁ

Cau 360. Gia tri thyc ctia tham s6 m dé ham s6 y = 2 — 322 +m c6 gia tri nhd nhat trén [—1;1]

bang 1 1a
A) 6. B 5. (©) 4. D) 7.
A Loz myr—1 . o . ,
Cau 361. Ham so y = n 6 gia tri 16n nhat trén [0; 1] bang 2 khi
r+m

@m:—;. m:—3. @m:;. @mzl.

Mic dé Van dung thap

, 1 , / \
Cau 362. Cho ham s6 f(z) = 220~ Gi4 tri 16n nhét cia ham s6 tren [1; 2] bing 3. Khi d6 gis
r—m

tri m bang

® - ® . ©m=1. D)m=2.

Mitc d6 Van dung cao

mx + 1

Cau 363. Tim tat ca cac gia tri clia tham s6 m dé ham s6 y = c6 gia tri 16n nhat trén

. xr +m?
doan [2; 3] bang G
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m m

=3 =2 3
® B ©| ©)m=3
5 5 )

m m

3.12  MAX-MIN CUA BIEU THUC NHIEU BIEN

Mitic do Van dung thap

Cau 364. Cho ham s6 f(x) = 2® — 322 + m. Héi c6 bao nhiéu gia tri nguyén ctia m (m < 10) dé
véi moi bo ba sd phan biet a, b, ¢ € [1;3] thi f(a), f(b), f(c) 1a ba canh clia mot tam giac?

A) 4. B) 3. ©1. D) 2.

Mitc d6 Van dung cao

Cau 365. Cho a,b,c 1a cac s6 thyc thuoc doan [1;2] théa man logg’a + log‘; b+ logg c < 1. Khi
biéu thitc P = a3 + b + ¢* — 3 (log,a® + log,b® + log,c®) dat gid tri 16n nhat thi téng a + b+ ¢
1\

a@a ®)3-2%. (©) 4. D) 6.

3.13 UNG DUNG MAX-MIN GIAI TOAN THAM SO

Mic dé Van dung thap

Cau 366. Tim tap hop tat ca cac gia tri thuc ctia tham sé m dé phuong trinh

6sinz — cos2x + 2m — 1 = 0 c6 nghiém thudc {O; g}

(A)-3<m< 1. B) -1 <m<3. (© -3<m<1. (D) -1 <m<3.

Cau 367. Cho ham s6 y = i —H?f (m 1a tham s6 thyc) thoa man r[r2114r}1y = 3. Ménh dé nao duéi

day duang?

@m<—1. 3<m§4. @m>4. ®1§m<3.

314 BAI TOAN THUC TE, LIEN MON VE MAX-MIN

Mtc d6 Thong hiéu

Cau 368. Do giam huyét 4p ctia mot bénh nhan duge cho béi cong thiic G(x) = 0, 0352%(15 — ),
trong do z 1 liéu lugng thude duge tiem cho bénh nhan (z duge tinh bang miligam). Tinh liéu

lugng thude can tiem (don vi miligam) cho bénh nhan dé huyét 4p gidm nhiéu nhat.

(A)z =8, B) = = 10. (©) = = 15. D) x=1.

Mitc dé Van dung thap

Cau 369. Cho mot tAm nhom hinh vuong canh 12 cm. Ngudi ta cit 6 bon goc clia tam nhom
d6 bon hinh vuong bang nhau, mdi hinh vudng ¢6 canh bang z (cm), roi gap tadm nhom lai nhu

hinh vé duéi day dé dugc mot cai hop khong nap. Tim x dé hop nhan dude cé thé tich 16n nhat.
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@a:zG. m:3. @sz. @m:él.

Cau 370. Mot con ca hoi boi nguge dong dé vuot qua mot quang dudng 1a 200 km. Van tbc cla
dong nuée 1a 8 km/h. Néu van téc boi clia ca khi nude ding yen 1a v km/h thi ndng lugng tieu
hao clia ca trong ¢ gio dugce cho béi cong thic E(v) = cvdt, trong d6 ¢ 1a hing s6, E dugce tinh

bing jun. Tinh van téc boi clia ca khi nuée yén ling dé ning lugng tieu hao la it nhét.
(A) 9 kin/h. 4 km/h. (©) 12 km/h. (D) 6 kmn/h.

Cau 371. Trong hoi trai ki niem ngay thanh lap Doan thanh nién Cong san Ho Chi Minh 26/3,
ban t6 chitc phat cho mdi 16p mot doan day dai 18 m khong co dan dé khoanh trén mot khoang
dat tréng mot hinh chit nhat c¢6 cac canh la cac doan ciia sgi day d6. Phan dat dé dung trai chinh
la hinh chit nhat dudc tao thanh. Héi dien tich 16n nhat c6 thé ctia phan dat dung trai la bao
nhiéu mét vuong?

(A) 20,25 m?. B) 9m?. (C) 20,25 m?. (D) 81 m?.
Cau 372. Mot vat chuyén dong theo quy luat s = —t3 +6t2, v6i t (giay) 1a khodng thoi gian tinh
tit lic vat bat dau chuyén dong va s (mét) 1a quang dudng vat di duge trong thoi gian dé. Ké tit
ldc bat dau chuyéen dong dén lic van toc dat gia tri 16n nhat thi quang dudng vat di dudc la bao
nhiéu?

(A) 16 (m). 20 (m). (©) 12 (m). (D) 24 (m).
Cau 373.

Mot biic tuong cao 2 m nam song song véi toa nha va cach

toa nha 2 m. Nguoi ta muén ché tao mot cai thang bac ti

mit dat bén ngoai bitc tudng, gic qua biic tuong va cham
vao toa nha (hinh vé). Héi chieu dai toi thieu cua thang oa Ha
la bao nhiéu mét?

@@m 4\/§m.

3 2m
©6m. @3\/5m

2m

Mitc d6 Van dung cao

Cau 374. Xét tam giac ABC can tai A, ngoai tiép duong tron ban kinh r = 1. Tim gia tri nho
nhat Spin cla dién tich tam giac ABC?

@ Smin = 2. Smin - 3\/§ @ Smin - 3\/§ @ Smin = 4.
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Cau 375. Ong Tam mudn mua mot bé ca hinh hop chit nhat khong nip, dude lam bing kinh
cudng Iuc c6 theé tich 1a 1m3. Day ho 1a hinh chit nhat c6 chiéu dai gap 3 lan chiéu rong. Biét gia
mdi mét vuong kinh cuong luc 1a 500.000 dong. Hoéi ong Tam phai dit mua bé cé dang hinh hop
chit nhat c6 kich thuéc nhu thé nao dé tra it tién nhat va s tién ong Tam phai tra 1 bao nhicu
nghin dong?

(A) 3.780.000 dong. 1.260.000 dong.  (C) 2.625.000 dong. (D) 3.800.000 ddng.

Bai toan thuc té

Cau 376.

Mot man anh hinh chit nhat cao 1,4 m dudc dit 6 do cao 1,8 m so v6i tam mat €
(tinh tit dau mép dudi cia man hinh). Dé nhin ré nhat phai xac dinh vi tri ding 1.4
cach man anh bao nhiéu sao cho géc nhin 16n nhat. Hay x4c dinh khodng cach

d

B

6.
(A) 2,4 m. 2,42 m. (C) 2,46 m. D) 2,21 m. 1.8

A 0

Cau 377. Mot man anh hinh chit nhat cao 1.5m duge dit trén cao 2m so véi tam mat (tinh tir
mép dudi ctia man hinh). Dé nhin 16 nhat phai xac dinh vi tri ditng sao cho géc nhin 16n nhat.
Hay xac dinh vi tri d6 (goc BAC goi la goc nhin).

Cau 378. Chi phi xuat ban x cudn tap chi (bao gom: luong can bo, cong nhan vien,gidy in,...)
dugc cho béi C(z) = 0.0001z* — 0.2z + 10000, C(z) duge tinh theo don vi la van dong. Chi phi
phéat hanh cho méi cudn la 4 nghin dong. Ti s6 M (x) = T(xx) v6i T(x) 1a téng chi phi (xuat ban
va phat hanh) cho x cudn tap chi, dugce goi la chi phi trung binh cho mot cuén tap chi khi xuét
ban z cudn. Khi chi phi trung binh cho méi cuén tap chi M(z) 1a thap nhat, tinh chi phi cho méi
cudn tap chi do.

(A) 20.000 d. B) 15.000 d. (C) 10.000 d. (D) 22.000 d.

Cau 379. Giam déc mot nha hat A dang phan van trong viéc xac dinh mtc gia vé xem céac
chuong trinh dudgc trinh chiéu trong nha hat. Viéc nay rat quan trong, né sé quyét dinh nha hat
thu duge bao nhiéu lgi nhuan tit cac budi trinh chiéu. Theo nhiing cudn so ghi chép clia minh,
Ong ta xac dinh ring: néu gia vé vio cita 1a 20 USD /ngusi thi trung binh ¢6 1000 ngusi dén xem.
Nhung néu tdng them 1 USD/ngudi thi sé mat 100 khach hang hoac giam di 1 USD/ngudi thi sé
c6 them 100 khach hang trong s6 trung binh. Biét rdng, trung binh, méi khach hang con dem lai
2 USD lgi nhuan cho nha hat trong cac dich vu di kem. Hay gitp giam doc nha hat nay xac dinh
xem can tinh gia vé vio ctia 1a bao nhiéu dé nhap la 16n nhat?

(A) 21 USD/ngudi. 18 USD/ngusi.  (C) 14 USD/ngusi. (D) 16 USD/ngudi.
Cau 380.
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Nha ctia baban A, B, C nam 6 ba vi tri tao thanh A
mot tam gidc vuong tai B (nhu hinh vé), AB =
10 km; BC = 25 km va ba ban to chitc hop mit
tai nha ban C. Ban B hen cho ban A tai vi tri
M trén doan duong BC.

BH ; C

Gia st luon c6 xe buyt di thang tit A dén M. Tit nha ban A di xe buyt thang dén diém hen
M v6i van téc 30 km/h va tit M hai ban A, B di chuyén dén nha ban C' theo doan duong MC
biang xe may v6i van téc 50 km/h. Hoi 5M B + 3M C' biang bao nhiéu km dé ban A dén nha ban
C' nhanh nhat?

(A) 95 km. 90 km. (C) 85 km. (D) 100 km.

Cau 381. Mot vat chuyén dong theo quy luat s = —;tf‘ + 9t%, v6i t (giay) 1a khoang thoi gian
tinh tit Iic vat bat dau chuyén dong va s (mét) 1a quang duong vat di duge trong khodng thoi
gian d6. Hoi trong khoang thdi gian 10 giay, ké tit lic bat dau chuyén dong, van toéc 16n nhat ciia
vat dat dugc bang bao nhiéu ?

(A) 216 (m/s). 30 (m/s). (C) 400 (m/s). (D) 54 (m/s).
Cau 382.
Cho mot tAm nhom hinh vuéng canh 12 cm. Ngudi ta cat ¢ bon géc ciia tam
nhom dé bon hinh vuong bang nhau, mdi hinh vuong c6 canh bang x (cm)
roi gap tam nhom lai nhu hinh vé bén dé duge mot cai hop khong nip. Tim

x dé hop nhan dugce c6 thé tich 16n nhét.

Az =2 B) z = 4. (©) z=6. D)z = 3.

3.15 CAU HOI TONG HOP DON DIEU, CUC TRI VA MAX-MIN

Miic d6 Nhan biét

Cau 383. Cho ham s6 y = f(x) ¢6 do thi nhu hinh beén.
Ménh dé nao duéi day dung?
@ Ham s6 c6 gia tri cuc tiéu bang 2.

2
Ham s6 c6 gia tri 16n nhat bang 2 va gia tri nho nhat bang —2. /\
2

@ Ham s6 dat cuc dai tai z = 0 va dat cuc tiéu tai z = 2.

@ Ham sb c6 ba cuc tri. O \i/ r
p E— '

Mrtc do Thong hiéu

Cau 384. Xét ham s6 y = /4 — 3z trén doan [—1;1]. Ménh dé nao sau day dung?
@ Ham s6 ¢6 cyc tri trén khoang (—1;1).
Ham s6 khong ¢6 gia tri 16n nhat va gia tri nho nhat tren doan [—1; 1],
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@ Ham s6 dong bién trén doan [—1;1].
@ Ham s6 dat gia tri nhé nhat tai x = 1 va dat gia tri 16n nhat tai z = —1.

Cau 385. Cho ham s6 y = f(x) = 23 + ax® + bx + c¢. Ménh dé nao sau day sai?

@ D& thi ham s6 luon cit truc hoanh. 1_131 f(z) = +oo.
x o0
@ D6 thi ham s6 luon c6 tam doi xing. @ Ham s6 luén c¢6 cuc tri.

Mitc d6 Van dung cao

Cau 386. Ham s6 y = (2 +m)’+(z +n)® —2* (tham s6 m, n) ddng bién trén khoang (—oco; +00).
Gi4 tri nhé nhat ctia biéu thic P = 4 (n? + m?) — m — n bang

(A) —16. B) 4. —116. (D) i.

4 Bai 4. Pudng tiém can cia doé thi ham sb

41 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thong hiéu

1 2
s 90, khang dinh nao dang?

Cau 387. Trong cac khang dinh sau vé ham s6 y =
@ Ham s6 nghich bién trén tung khodng xac dinh.
Ham s6 ¢6 mot diém cuc tri.

@ D6 thi ham s6 chi ¢6 mot tiém can.

@ Ham s6 dong bién trén ting khoang xéac dinh.

Mitc dé Van dung thap

mx + 1

Cau 388. Cho ham s6 y = . Biét do thi ham s6 c6 dudng tiem can ding la x = 1 va

y'(2) = 1. Gia tri cia m +n la

@A) 2. B) 0. © 1. D) -3.

42 LY THUYET VE DUONG TIEM CAN

Mitc d6 Nhan biét

Cau 389. Cho ham s6 y = f(z) c6 xgrfooy =1va xgglwy = —1. Khéng dinh nao sau day la
khiang dinh ding?

@ D6 thi ham s6 da cho khong c6 tiém can ngang.

D6 thi ham s6 da cho c¢6 ding mot tiém can ngang.

@ D6 thi ham s6 da cho c6 hai tiém can ngang la cac dudng thang y =1 va y = —1.

@ D6 thi ham s6 da cho c¢6 hai tiém can ngang 1a cac dudng thang z =1 va z = —1.
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4.3 TIM DUONG TIEM CAN (BIET BBT, DO THI)

Miitc d6 Van dung thap

Cau 390. Cho ham s6 y = f(z) ¢6 bang bién thién nhu hinh vé du6i day. D6 thi ham s6 y = f(z)

¢6 bao nhiéu duong tiém can?

r | —o0 -2
Y +
3 || +o0
y /
-2

A) 4. B 2.

44 TIM DUONG TIEM CAN (BIET Y)

Miic d6 Nhan biét

. -2
Cau 391. Cho ham so y = L
T+ 2

ctia do thi (C).

(A) I(-2;2). I(=2:-2). ©1(21). D) I(-2;1).

c6 do6 thi (C). Tim toa do giao diém I cia hai duong tiem can

. R . 2 1
Cau 392. Duong thang nao dudi day la tiém can ding ctia do thi ham so y = x_:_l
x
@le. y=—1. ©y=2. @mz—l.
N . 2
Cau 393. Phuong trinh duong tiém can ngang ciia do thi ham so y = T 5 la
x —
@x=2. x:—2. @yzl. @y:—l.
R . -1
Cau 394. D06 thi ham so y = z 0
T+ 2
@ tiém can ngang r = —2. tiém can ngang x = 1.
@ tiém can ngang y = 1. @ tiém can ding x = 1.

Mrtc do Thong hiéu

Cau 395. Do thi ham s6 y = V422 + 42 + 3 — /422 + 1 c6 bao nhiéu dudong tiém can ngang?

@2. ®B)o. ©1. D3

2w+l
Tt - Khing dinh ndo dusi day 1a ding?

Cau 396. Cho ham s6 y =

(A) Db thi ham s6 ¢6 tiem can ding 1a z = 2.
Ham s6 c6 cuc tri.

(C) D5 thi ham s6 di qua diém A(1;3).

(D) Ham s6 nghich bién tren (—oo;2) U (2; +00).

£ . 2 X . N Z X +
Cau 397. Tim so duong tiém can ctia do thi ham so y =

(A) 0. B 1. (©) 2. D) 3.

B
I
il =
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N . 1
Cau 398. DO thi ctia ham s6 y = T 5 c6 phuong trinh cac duong tiém can la gi?

r—
@yzlvﬁx:—l. yzlv&sz. @y:—lvéxzz @yzZv&le.
2?2 -3z —4

x? — 16

@ 2. @ 3. @ 1. @ 0.
. i la dudng thing c6 phuong trinh

@925- B) z = 0. @le. @y:O.

Cau 399. Tim s6 tiem can ditng ctia do thi ham s6 y =

Cau 400. Tiém can ngang ctia do thi ham s6 y =

R . 2
Cau 401. Duong tiém can ding ctia do thi ham so y = * )
—x

@x:—Z. m:; @sz. @y:—2.

Cau 402. D06 thi cia ham s6 nao dudi day c6 tiem can ding?

c6 phuong trinh la

22 —3x+2 7 T <:) t
_- — . = 2 1. = .
Wy=—77 By=a Oy=vs S
Mitic do Van dung thap
r+1

Cau 403. Cho bon ham s6 y = 5 Y= 3%y =logsx; y = Va2 + x + 1 —z. C6 bao nhicu do
l‘_

thi clia cdc ham s6 nay c6 duong tiém can ding hodc duong tiém can ngang?
A) 4. B) 3. © 1. D) 2.
20 — 1 —vx2+2+3

2 -5 +6

Cau 404. Tim tat ca cac tiem can ding ciia do thi ham s6 y =
@x:—?)vax:—z x:—3.
@:17:3Vém:2. @x:?).

. . . Vo+ax—1
Cau 405. Tim tat ca cac duong tiém can ding ctia do thi ham so y = 2—:_4
T x
@ r = —4. D6 thi ham s6 khong c6 tiem can ding.

@x:(). @x:O,x:—éL

Cau 406. Do thi cia ham s6 nao sau day c6 tiém can ngang?

2
®y-2 By=Y"1 ©y="Fl @y=ats
Tz —2

T — 2

45 DEM SO TIEM CAN (BIET BBT, DO THI)

Mtc d6 Thong hiéu

Cau 407.

Cho ham s6 y = f(z) c6 bang bién r oo -2 0 +o0
thien nhu hinh duéi day. Hoi do thi Y + _

ctia ham s6 da cho c6 bao nhiéu +00

1
tiém can? Y / \
@) 1. ®) 3. o 0

© 2. D) 4.
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Mic dé Van dung thap

x+4x2 -3

2r+ 3
n la gia tri ciia ham s6 tai x = 1 thi tich m x n la

6 14 3 2
@z 5 ©3 15

Cau 408. Cho ham s6 y = (€). Goi m la sb tiem can cta do thi ham s6 (€) va

46 DEM SO TIEM CAN (BIET Y)

Mitc d6 Nhan biét

1
—z+2

(A) 0. B) 2. (©) 3. D) 1.

Mtc d6 Thong hiéu

Cau 409. S6 duong tiem can ctia do thi ham s6 y = 1a

2r — 6
2 —4x + 3
@ D6 thi ham s6 ¢6 tiém can ding x = 1 va tiém can ngang y = 0.

D6 thi ham s6 c6 ba dudng tiem can 1a cac dudng thang r =1, x = 3, y = 0.

Cau 410. Cho ham s6 y = . Khéng dinh nao sau day ding?

@ D6 thi ham s6 c6 hai duong tiém can ding x = 1, x = 3 va khong c6 tiém can ngang.
@ D6 thi ham s6 ¢6 ba duong tiem can la cac dudong thang x = —1, z = —3 va y = 0.

Xz

Cau 411. S6 duong tiem can ctia do thi ham s6 y = N 1a
T
@1 ® 2. ©4 Ds.
~ £ N o n N . RPN ~ 5 X FEETRN £ 1'2 — 4 N
Cau 412. SO duong tiém can ding va tiém can ngang ciia do thi hamsoy = ——— 1a
222 — bz + 2
op N ©s D1
~ A (PN ~ - ? X . N A x2 + 1 N
Cau 413. SO tiém can ding ctia do thi ham s6 y = 21 1a
x —
@s. ® 1 ©2 Do.
2
. . . -5 4
Cau 414. Tim s0 tiém can cta do thi ham so y = x2x1+
x _—

@A) 3. B 1. (©)o. D) 2.
Cau 415. Diém cuc tiéu ctia dd thi ham s6 y = 2® — 3z 4 5 13 diém

(A)Q(3;1). B) M (1;3). (©) P(7;-1). (D) N(-1;7).
r+vr—1

Cau 416. D6 thi ham s6 y = —————— ¢6 bao nhiéu tiém can ngang?

Va?+1
@) 2. B) 1. ©) 3. D) o.

N . 2 1
Cau 417. Do thi ciia ham s6 y = 12; +
¢ +1

@ o. ®) 3. © 2. D) 1.

¢6 bao nhiéu tiém can?
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Mic dé Van dung thap

22 — 37+ 2
x? —bxr+6
@ 1 duong tiém can ngang va 2 dudng tiém can ding.

Cau 418. Do thi ham s6 y = c6 bao nhiéu tiém can?

2 tiém can ngang va 1 tiém can ding.
@ 0 tiém can ngang va 2 tiém can ding.
@ 1 tiém can ngang va 1 tiém can ding.
Va2 —4+22-2 I
a
322 — 102 + 3
@ 2. B)o0. © 1. D) 3.
r+vVel+ar+1

Cau 420. Ham s6 y = l
x —_

@A) 2. B 3. (©) 4. D) 1.

N

2 —5x+6

Cau 419. S6 duong tiem can ctia do thi ham s6 y =

¢6 bao nhiéu duong tiém can?

Cau 421. Do thi ham s6 y =
ngang 7
@1 ®s3. © 4. D)2
2 _ .
(x* — 3z + 2)sinx B
x3 —4x

(A) 1. ®B) 2. ©) 3. D) 4.

4.7 BIEN LUAN SO DUONG TIEM CAN

c6 tat ca bao nhieu duong tiem can ding va tiém can

Cau 422. S6 duong tiem can ding ciia do thi ham s6 y =

Mitc do6 Van dung thap

vmz? +mz — 1

Cau 423. Tim cac gia tri thuc ctia tham s6 m sao cho do thi ctia ham s6 y =

2¢+ 1
c6 hai tiém can ngang.
@ Khong cé gia tri m nao. @ m = 0.
@ m < 0. @ m > 0.
Z Z 2 N z 1
Cau 424. Tim tat ca cac gia tri thyc cua tham so6 m dé do thi ham so y = Tt - cO
Vmz—1)?+4
hai tiém can dung.
m <0
@m<0. m:O. @ . ®m<1.
m# —1
~ N L 3 ~ L2 . 2 F4 X . 2 N Z .,I; + 1
Cau 425. Tim tat ca cac gia tri thyc ctia tham s6 m sao cho do thi cia ham so y = ﬁ
mx

c6 hai dudng tiém can ngang.

@ Khong c6 gia tri thyc ndo ciia m théa man yéu cau dé bai.

m<0.
@m:O.
®m>0.
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Mitc d6 Van dung cao

In(z —1)

5 . Dé do thi ham s6 c¢6 2 tiém can thi gia tri cia m
T4 —mx +

Cau 426. Cho ham s6 y =

bang?

@m:E). m:4. @sz. @mz?.

48 TONG HOP TIEM CAN VOI DIEN TiCH, GOC, KHOANG CACH,. ..

Mtc d6 Thong hiéu

20 +1

Cau 427. Biét hai duong tiém can ctia do thi ham s6 y = (m 1a tham s6 thyc) tao véi

hai truc toa do mot hinh chit nhat c6 dién tich bang 2. Gia tri cia m bang bao nhiéu?

@mz:l:l. m:i2. @sz. @mzl.

dmax + 3m
_ 2 .
ngang ctia do thi ham s6 cting hai truc toa do tao thanh mot hinh chit nhat c¢6 dién tich bang

2016.
(A) m = 1008. B) m = £504. (©) m = 4252, (D) m = £1008.
3z +1

Cau 428. Cho ham s6 y = . V6i gia tri nao cua m thi duong tiém can ding, tiém can

cat hai truc toa do tai cac diem

Cau 429. Hai duong tiém can ctia do thi ham s6 y =

A, B. Ban kinh R ctia duong tron ngoai tiép tam giac OAB la

(A) R =4. B R=>5. @R:; D) R =3.

Mitc dé Van dung thap

2 3 ? Zz
r +1 va M 1a diém bat ky tren (%). Gié sit dy, dy tuong

Cau 430. Cho duong cong (¢) : y =

ting 1a cac khoang céch tit M dén hai tiem can cta (%), khi d6 d; - dy bang
@A) 3. B) 4. (©) 5. D) 6.
P 2 .
Cau 431. Cho ham s6 y = gx?’ + (m + 1)z? + (m? + 4m + 3)z — 3, (m 1a tham s6 thuc). Tim
diéu kién ctia m dé ham sb ¢6 cuc dai cuc tiéu va cac diém cuc tri ciia dod thi ham sé ndm beén

phai ctua truc tung.

A)-5<m<-1. B-5<m<-3 (O -3<m<-1. (D

m > —1

m<—5.

49 CAU HOI TONG HOP TiNH DON DIEU, CUC TRI VA TIEM CAN

Mitc d6 Van dung cao

. . . p 4z
Cau 432. Tiep tuyen cia do thi ham so y = cuing véi 2 tiém can tao thanh mot tam giac

. 20+ 1
c6 dién tich bang

(A) 6. B)7. (©) 5. D) 4.
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Bai toan thuc té

Cau 433. Cho ham s6 y = f(z) xac dinh trén R\ {0}, lién tuc trén mdi khodng xac dinh va c6
bang bién thién nhu sau:

x —00 0 1 +00
f(x) — + 0 -
2 1
o) | S T T~

Menh dé nao sau day 1a dang?
@ Ham s6 dat cuc tiéu tai x = 0.
Gid tri 16n nhat ctia ham s6 la 2.
@ Ham s6 khong c6 cuc tri.
(D) D& thi ham s6 ¢6 1 dudng tiem can ding.

5 Bai 5.1 Doc db thi - bién déi dd thi

51 CAC CAU HOI CHUA PHAN DANG

Mrtc do6 Nhan biét

Cau 434. Ham s6 nao sau day c6 tap xac dinh 2 = R?
vr—1 r—1
Wy="5~+ By= ©y=s*-22+1 Dy=Va®+1

2 +1 2¢ — 1
2—x .

1a
_l’_

Cau 435. Tap xac dinh Z ctia ham s6 y =

A) 2 =R\ {-2}. B) 2 =R\ {-3}.

3
© 2 =R\ {2}. (D) 2 =R\ {3}.

Mtc do Thoéng hiéu

Cau 436. Cho ham s6 y = f(x) x4c dinh, lien tuc trén R va c6 bang bién thien:

T —00 0 1 +0o0
Y + - 0 +
+o0
0
—1
—00

Khang dinh nao sau day la khing dinh ding?
@ Ham s6 c¢6 ding mot cyce tri.
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Ham s6 c6 gia tri cuc tiéu bang —1.
@ Ham s6 c6 gia tri 16n nhat bang 0 va gia tri nho nhat bang —1.
@ Ham s6 dat cuc dai tai x = 0 va dat cuc tiéu tai z = 1.
Cau 437.
Duong cong hinh bén 1a d6 thi ham s6 y = az® + bx? + cv + d v6i
a,b,c,d 1a cac s6 thire. Ménh dé nao dudi day dang?

O T
@ Phuong trinh ¢’ = 0 chi ¢6 1 nghiém thyce va a < 0.
Phuong trinh ' = 0 ¢6 2 nghiém thyc phan biét va a > 0.
@ Phuong trinh 3’ = 0 chi ¢6 2 nghiém thyc phan biét va a < 0.
@ Phuong trinh 3’ = 0 chi ¢6 1 nghiém thuc va a > 0.
5.2 NHAN DANG 3 HAM SO THUONG GAP (BIET DO THI, BBT)
Miic do Nhan biét
Cau 438.
Duong cong bén 1a do thi ctia mot ham s6 trong bén ham s6 dudc liet ke 1Y

4 bon phuong an A, B, C, D dudi day. Hb6i ham s6 d6 1a ham s6 nao?
@y:x3+3x2+2. y:—x3—3x2+2.

_2z+1 .3 9.2 /\ .
@y—x_l. @y—x 3 + 2. /@ \/ >

Cau 439.

Duong cong hinh bén 13 do thi clia mot trong bén ham s6 duge liet ké &

bén phuong 4n A, B, C, D duéi day. H6i ham s6 d6 1a ham s6 nao? 9
@y:x4—2x2—1. By = —z*+222 - 1.

@y:x4—|—2w2—1. @y:—x4—2:p2—1. >

Cau 440.
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Duong cong ¢ hinh bén 13 do thi clia mot trong bén ham s6 duéi day. Y

Ham s6 do6 1a ham sé nao? \

@y:—x3+x2—1. B y=a'—22—-1. \i\/ !
©y=2°-2>-1 D) y=—a*+22—1.

Cau 441.
Duong cong ¢ hinh bén 1a do thi clia mot trong bon ham s6 dudi day. Y
Ham s6 d6 1a ham s6 nao?

@y:x4—2x2—|—1.

By = —z*+222+1.

@y:—$3—|—3x2+1.
@y:x3—3m2+3. e

Cau 442.

D6 thi ¢ hinh bén 13 do thi ctia ham s6 ndo sau day?

@922552—2- y:a:4+39:2—2.

©y=a'+2%-2 D)y =22 -2 i

Cau 443.
Duong cong hinh bén 14 do thi ctia ham sé nao duéi day?

Ay =—a*+ 22+ 2. By = ' — 222 +2.

@y:x3—3x2+2. @y:—x3+3x2+2.

)
o] |
'1\/1 T
—2
Yy
O
I | =

Mtc do Thong hiéu

Cau 444.
Duong cong trong hinh bén & do thi ciia mot ham s trong bon ham
s6 dugc liet ke ¢ bon phuong an A, B, C, D duéi day. Ho6i ham s6 do

14 ham s6 nao ?

@y:x4—x2+1. By=-2"+3z+1. O y=2*—3c+1.

Cau 445.
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Duong cong trong hinh bén 14 do thi cia mot ham s6 trong bon ham y
s6 duge liet ke ¢ bon phuong an A, B, C, D duéi day. Héi ham s6 do 1a
ham s6 nao?
_ 2 _ — _ 3
@y— r*+x—1. y— x° + 3x + 1. .
@y:x3—3w+1. @y:z4—x2+1. / \/ ]
Cau 446.
Duong cong trong hinh vé bén 1a do thi ctia mot i y
ham s6 trong 4 ham s6 duge liet ké 6 4 phuong i
an A, B, C, D dudi day. Hoi d6 1a ham s6 nao? | ,
21 + 3 2r — 1 |
@y_2x+1’ y_2x+11' 1l0
T — T+ -1,
Cau 447.
Hinh vé dudi day 1a do thi ctia ham s6 nao trong bén ham s6 sau? Yy
4 1
@y:—%er?—l. y:%—xQ—l. .
2 4 o

¥ x
@yzz—?—l-

Cau 448.

@yz%—QmQ—l.

Do thi bén dudi 1a do thi cia ham s6 nao?

@y:x3+3x2+4.

B N N}

-2
y:x3+3$2—4.
@y:—x3—3w2—4.
D) y = —a® — 322 + 4.
—4
Cau 449. Ham s6 nao c¢6 bang bién thién nhu hinh sau?
T —00 +00
y +
400
y /
—00

@y:x3+x2—x. B y=a®—a2—z.

©Cy=—a—a2+uz. @y:x3—x2+x.

Cau 450. Duong cong hinh bén dudi 14 do thi clia mot trong bén ham s6 duéi day. Ham sé do

14 ham s6 nao?
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)
2.
-2 @) 2 z
@y:x4+2x2+1. y:x4—2x2+1.
@y:—m4+2x2+1. @y:—x3+3x+2.

Cau 451.
D6 thi bén 14 ctia ham s6 nao?
1
— a4 1
@y gT T +

y:;x3+$2+1.
(©y=—a5+322-2.
@y:—;xiﬂ—xz—kl.

Mitc do6 Van dung thip

Cau 452.
Cho ham s6 y = az® + bx? + cx +d c6 do thi nhu hinh vé bén. Ménh
dé nao duéi day ding ?
@a<0,b>0,c>0,d<0. a<0,b<0,c>0,d<0.
@a<0,b<0,c<0,d>0. ®a<0,b>0,c<0,d<0.

Cau 453.
Cho ham s6 y = aax® + bx? + cx + d c6 do thi nhu hinh vé. Ménh dé
nao sau day dang?
(A)a<0,b>0,¢<0,d>0. B a>0,b>0,c<0,d>0.
@a<0,b<0,c<0,d>0. @a<0,b>0,c>0,d>0.

Cau 454.




Nhan dang 8 do thi thuong gap (biét ham s6) 97

Cho ham s6 y = ax® + ba? — 0,5 c¢6 do thi nhu hinh bén. Xac dinh céc Y
hé s6 a va b.

A)a=1;b=23 B a=-1;b=3.

@azl;b:—i’). @a:—l;b:—?).

T

Cau 455.

.y . 9 21~ £ ar — 2 32 . N ~ 1x
Gia tri ctia a,b dé ham s6 y = 0 c6 do thi nhu hinh vé 1a Y

@a:—lvﬁibzl. az—lvébz—l.@azlvabzl. @azlvﬁib:—l.

5.3 NHAN DANG 3 DO THI THUONG GAP (BIET HAM SO)

Mtc do Thong hiéu

Cau 456.

Duong cong trong hinh bén 13 do thi ctia ham s6 ndo trong cac ham sé duéi Yy

day?
@y:—I3+3x2+2. y:x3—3x2+2. /\

@yz—x4+2x2—2. ®y=x3—3x+2. / Ov x

Cau 457. Goi I 1a tam ddi xing ctia do thi ham s6 y = 20+ 1. Meénh dé nao sau day 1a ménh
dé dang?

(A) I thuoc goc phan tu thit nhat. I thuoc géc phan tu thit hai.

@ I thuoc truc hoanh. @ I thudc truc tung.

54 XET DAU HE SO CUA BIEU THUC (BIET DO THI, BBT)

Mtc d6 Thong hiéu

Cau 458.
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. b . '
Cho ham s6 y = Mj: 26 a > 0 ¢6 do thi nbut binh v& ben. Menh Y
CcIT

dé nao duéi day ding?

@b>0,c>0,d<0. b>0,c<0,d<0.

@b<0,c>0,d<0. @b<0,c<0,d<0.

e O
\\ >
Cau 459.
Ham 86 y = ax’ + bx? + ¢, (a # 0) ¢6 d6 thi nhu hinh bén. Xac dinh dau \ Yy /
cua a, b, c.
T

@a>0,b<0,c>0. a>0,b>0,c<0. 0
(©a>0b>0c>0. D) a>0,b<0,c<0,

Mitc d6 Van dung thap

Cau 460. Cho ham s6 y = 23 + bx? + cx +d (¢ < 0) ¢6 do thi (T) 1a mot trong bén hinh dudi

day. Do thi (T') 1a hinh nao? Y
y Y y

Hinh 1 Hinh 2 Hinh 3 Hinh 4
(A) Hinh 1. (B) Hinh 4. (C) Hinh 2. (D) Hinh 3.
Cau 461.
Cho ham s6 y = ax® + bx? + cx + d ¢6 do thi hinh ben. Yy

Chon khang dinh ding.
@a<0;b<0;c>0;d>0. a<0;b>0;c>0;d>0.
@a<0;b>0;c<0;d<0. @a>0;b>0;c>0;d>0.

]Y

5.5 TINH GIA TRI BIEU THUC (BIET DO THI)

Mitc dé Van dung thap

Cau 462.
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Cho ham s6 y = az® + bz? + cx + d ¢6 do thi cit truc tung tai diem cé tung
do —3; hoanh do diém cue dai 1a 2 va di qua diém (1; —1) nhu hinh vé. Ty
bang )

On

S g
b

@A) —1. B 1. (© -3. D) 3.

5.6 NHAN DANG HAM SO CHUA DAU TRI TUYET DOI (BIET DO THI)

Miic d6 Van dung thap

Cau 463.
Ham 86 y = (z — 2)(2* — 1) ¢6 d6 thi nhu hinh vé bén. Hinh nao dudi day 1a y
T

do thi ctia ham s6 y = |z — 2|(2? — 1)?

L ALL AL

@) - ® - ©

5.7 NHAN DANG DO THI (BIET HAM SO CHUA TRI TUYET DOI)

Mitc d6 Van dung cao

Cau 464. Biét rang phuong trinh /2 — z +v/2 + x — /4 — 22 = m ¢6 nghiém khi m thuoc [a; ]
v6i a,b € R. Khi d6 gia tri ciia T = (a +2)v/2 + b 1a

(AT =3v2+2. B)T = 6. ©T=s D) T =0.

58 BIEN DOI bO THI BANG PHEP TINH TIEN

Mic dé Van dung thap

Cau 465. Cho ham s6 f(z) = sinz + cosz ¢6 do thi (C). Trong cac ham sb sau, ham s6 nao c6
dd thi khéng thé thu duge bang cach tinh tién do thi (C')?

@y:sinx—cosx. y:‘\/ﬁsinx—l—\/ﬁ’.
= —sinx — cos . = sin a:—i—z .
© Dy -sn(e+ )
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59 CAU HOI GIAI BANG HINH DANG CUA DO THI

Mtc do Thoéng hiéu

Cau 466.

. . b
Duong cong & hinh bén la do thi ctia ham so y = ar+

cx +

v6i a, b, c,d 1a cac sb6 Yy
thite. Ménh dé nao duéi day diang?
@ y > 0,Vr € R. .
Yy < 0,Vz € R. \\ - -
©y >0,vVe #1. \
D)y <0,Vz #1.

Mic dé Van dung thap

Cau 467.
Z 2 Z 2 -
Hoéi ¢6 bao nhiéu cip s6 nguyén duong (a;b) dé ham s6 y = f Z Y
‘x _
c6 do thi tren (1;+o00) nhu hinh vé ben?
A 1. B) 4. (©) 2. D) 3.
Ne—
0 1 v
6 Bai 5.2 Su tuong giao cua hai do thi
6.1 CAC CAU HOI CHUA PHAN DANG
Mtc d6 Thong hiéu
Cau 468. D06 thi clia ham s6 nao sau day nam phia dudi truc hoanh?
@y:—x4—4x2+1. y:x4+5x2—1.
@y:—x4+2x2—2. @y:—x3—7x2—x—1.

Mitc dé Van dung thap

Cau 469. Do thi ham s6 y = 2 — 322 + 22 — 1 ciit do thi ham s6 y = 22 — 3z + 1 tai hai diém
phan biét A, B. Tinh do dai doan AB.

(A) AB =3. (B) AB = 2V/2. (©) AB =1. (D) AB = V2.
Cau 470. Phuong trinh |22 — 2z| (Jz| — 1) = m (v6i m 1a tham s thuyc) c6 t6i da bao nhiéu
nghiém thuyc?

@) s. ®) 4. © 5. D) 6.

Cau 471. C6 bao nhiéu s6 nguyén duong m sao cho dudsng thang y = x + m cit do thi ham s6
20 — 1 ,
y =2 ~ tai hai diém phan biet A, B va AB < 47

@x; B) 6. ©)1. D) 2.
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6.2 TIM TOA DO (DEM) GIAO DIEM

Mitc d6 Nhan biét

Cau 472. DO thi ctia ham s6 y = 2* — 222 + 2 vA d0 thi ctia ham s6 y = —2? + 4 ¢6 tat ca bao

nhiéu diém chung?

A)o. B) 4. ©1. D) 2.
Cau 473. Cho ham s6 y = 2° — 3z ¢6 dd thi (C). Tim sb giao diém ciia (C') va truc hoanh.

@A) 2. B) 3. ©1. D) 0.

Mtc d6 Thoéng hiéu

Cau 474. DO thi ctia ham 86 y = 23 — 22 — 22 + 3 va d6 thi ham s6 y = 22 — 2 + 1 ¢6 tat ca bao

nhiéu diém chung?

(A)o. B 1. (©) 2. D) 3.

N P 4 4 ~ 2
Cau 475. Do thi ham s6 y = T2 y = 22 — 1 cit nhau tai bao nhiéu diém?

A)o. 1.%_1 (©) 2. D) 3.

Cau 476. Biét rang duong thang y = —2x + 2 cit dd thi ham s6 y = 2% + 2 + 2 tai diém duy

nhat; ki hieu (%0; Yo) 1a toa do clia diém d6. Tim Yo-

(A) yo = 4. B) yo = 0. ©) yo =2. D) yo = —1.

Cau 477. DO thi ctia ham s6 y = 23 + 222 — 2 + 1 vA d0 thi ctia ham s6 y = 22 — 2 + 3 ¢6 bao
nhiéu diém chung?

@ C6 mot diém chung. C6 hai diém chung.

@ Khong c6 diém chung. @ C6 ba diém chung.

3

Cau 478. S6 giao diém ciia do thi ham s6 y = 2° — 22 + 2 + 1 v6i dudng tiém can ngang ctia do

. 2z — 1
thi ham so y = *
z+1

@) 3. B) 0. © 1. D) 2.

4
Cau 479. S6 diém chung ctia do thi ham s6 y = % — 422 + 4 va duong thang y = —4 13

A) 4. B) 3. ©) 2. D) 1.

Miitc d6 Van dung thap

la

Cau 480. S6 diém chung ctia hai do thi y = 2* + 22 vay =422 +4 1

A) 3. B) 4. (©) 2. D) 1.

6.3 DEM SO NGHIEM PT CU THE (CHO DO THI, BBT)

Mtc d6 Thong hiéu

Cau 481. Cho ham s6 y = f(z) xac dinh tren R\ {—1;1}, lién tuc trén ting khoang xac dinh

va ¢6 bang bién thién sau
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x —00 -5 -3 +00
f'(z) + + - +
+00 2 -3
@) S SN S

Tim tat ca cac gia tri thyc ciia tham s6 m sao cho phuong trinh f(x) = 3m ¢6 ba nghiém phan

biét.
2
@—1<m<§. m<—1. @mg—l.
Cau 482. Cho ham s6 y = f(x) c6 bang bién thién nhu sau:
T —00 —1 3 +00
f'(x) + 0 — 0 +
) 400
f(z) — \ ] —
—00

Phuong trinh f(z) — 2 = 0 ¢6 bao nhiéu nghiém ?

(A) 1.

Cau 483.

B) 3.

Cho ham s6 y = f(z) c6 bang bién thién nhu hinh| z
vé. SO nghiém ctia phuong trinh f(z) —2 =10 la )

A o.
©) 1.

B) 3.
D) 2.

Mitc dé Van dung thap

(©) 2.

®m<—3.

—00 —1 3 +o0
Y + 0 — 0
4 400
y / \ 2
—00 _

Cau 484. Cho ham s6 y = f(x) lién tuc tren R\ {1} va ¢6 bang bién thién nhu hinh dudi.

T —0

0 2

+00

J'(@ -

- 0

_|_

2

.

()

—00

Hoi phuong trinh |f(x)| = 3 ¢6 bao nhiéu nghiém?

@ 1 nghiém.
Cau 485.

2 nghiém.

@ 3 nghiém.

+oo\2/+oo

@ 4 nghiém.
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Cho ham s6 f(x) = 2* — 32? + 2 ¢6 do thi 1a dudng cong trong hinh Yy

ben. Héi phuong trinh (2% — 322 4+ 2)° — 3 (23 — 322 +2)° +2 = 0 ¢6

bao nhiéu nghiém thyc phan biét? 2
A)7. B 9. _/

(©) 6. D) 5.

Cau 486.
Cho ham s6 y = f(z) ¢6 do thi nhu hinh vé bén. Ménh dé nao sau day la
ménh dé ding?
@ Phuong trinh f(x) = m ludn c6 nghiém.
Phuong trinh f(x) = m ¢6 2 nghiém phan biét khi m > 0.
(z)
(z)

@ Phuong trinh f(x) = m c¢6 4 nghiém phan biét khi —1 < m < 0.
@ Phuong trinh f(x) = m v6 nghiém khi m < —1.

Mitc d6 Van dung cao

Cau 487.

Cho ham 6 f(z) = 23 — 322 + 2 ¢6 do thi nhu dudng cong trong hinh beén. y

Hoi phuong trinh (22 — 322 4 2)3 — 3(2® — 322 4+ 2)? + 2 = 0 ¢6 bao nhiéu 2

nghiém thyc duong phan biét? / \B\ z

@3 ®) 5. ©r. D1 AR

[\

6.4 DK DE F(X) = G(M) CO N-NGHIEM (KHONG CHUA TRI TUYET DOI)

Mrtc do Thoéng hiéu

Cau 488. Tim tap hop T tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh 3 — 322 — m? +

3m? = 0 c6 ba nghiém phan biét.

)T = (~1:3)\{0;2}. ®7T=(-13)

© T = {0;2}. DT=0.
Cau 489. Gia tri ctia tham s6 m dé phuong trinh 2® — 32z = 2m + 1 ¢6 ba nghiém phan biét
la

3 1 3 1

@—§<m<§. B -2<m<2. ©—§§m§§. D) —2<m<2.
Cau 490. Cho do6 thi ham s6 y = az® + bz? + cx + d c6 diem cyc dai la A(—2;2), diém cuc ticu
13 B(0; —2). Tim tat ca céc gia tri m dé phuong trinh az® 4 b2? + cx + d = m c¢6 ba nghiém phan
biét.

=2
@m>2. m<—2. @—2<m<2. @ "

m:—2.
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Cau 491. Duong thing y = 2x — 1 c¢6 bao nhiéu diém chung véi do thi ctia ham s6 y =
2 —z—1
—7
r+1
A) 3. B 1. (©o. D) 2.
Cau 492. C6 bao nhiéu gia tri nguyén ctia tham s6 m dé dd thi ctia ham s6 y = 23+ (m + 2)z? +

(m? —m — 3) x — m? cat truc hoanh tai ba diém phan bigt?
(A) 4. B 3. © 1. D) 2.

Cau 493. Tim tat ca cac gia tri thuc ctia tham s6 m dé duong thang y = ma cit do thi ham s6

y = 23 — 622 tai ba diém phan biét.

m # 0 m # 0
@ . @ m < 9. @ . @ m > —9.
m <9 m > —9
Cau 494.
Cho ham s6 y = —22% + 322 + 1 ¢6 do thi 1a hinh bén. Véi gia tri ndo Y

cia tham s6 m thi phuong trinh 223 — 322 +m = 0 ¢6 duy nhat mot

nghiém?
@me (—00;0) U (1;+00). me (—00;0) U (3; +00). I
@mG (0;1). @me (—o0; 1) U (2; +00).

=)
JE
T

Mitc dé Van dung thap

3x+m

Cau 495. Tap hop tat ca céac gia tri cia m dé do thi ham s6 y = va duong thing

y = 2z + 1 ¢6 diém chung la
@) (~3:+00). [~3: +20). © (~o0: 3] D) (~o0:-3).
Cau 496. Cho ham s6 y = f(x) xac dinh tréen R\ {—1} lién tuc tréen mdi khoang xac dinh va c6

bang bién thién nhu sau:

T | —o0 —1 3 +0o0
Yy + — 0 +
2| +oo +00
Y
—00 —4

Tim tat ca cac gia tri clia tham s6 m sao cho phuong trinh f(z) = m c¢6 ding ba nghiém thuec
phan biét.
@) (~4:2). [~4;2). © (—4:2. D) (—o032).

Cau 497. Cho ham s6 y = f(x) ¢6 bang bién thién nhu sau:
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x —00 0 2 +00
Yy’ — + 0 -
+00 2
—11 —o00 —00

Tim tap hop tat ca gia tri ctia tham s6 m dé phuong trinh f(x) +m = 0 c6 ba nghiém phan
biét.

@A) (-2;1). [~1;2). ©) (-1;2). D) (-2 1].

Mitc d6 Van dung cao

Cau 498. Tap hgp nhitng gia tri a dé phuong trinh: 2% — 422 + |log; a| + 3 = 0 ¢6 4 nghiem thuye
phan biét 1a

(A) (0;3). [1:3). © {2173> (D) (;3>

6.5 DK DE F(X) = G(M) CO N-NGHIEM (CHUA TRI TUYET DOI)

Mic dé Van dung thap

Cau 499. Cho ham s6 y = f(x) x4c dinh, lién tuc trén R va c6 bang bién thién nhu sau.

r | —00 0 1 +o0
Y + - +
0 +00
—00 -1

Tim tat ca cac gia tri thuc ctia tham s6 m dé phuong trinh f(|z|) = 2m + 1 ¢6 bon nghiém phan
biéet?

@—;Sméo. —;<m<0. @—1<m<—; @—1§m§—;.

Mitc d6 Van dung cao

Cau 500.
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Cho ham s6 y = v 1 c6 do thi (C') nhu hinh vé. Yp oo
Tim tat ca gia tri thuc clia tham sé m dé phuong i
trinh [z + 1 = m ¢6 nghiém thuec. 3
x| — 1 |
@m>1. o
B m< -1 e
@ m = 0. 5\ g 1 x
D) m e R\ (~1;1] 3

6.6 DK DE BPT CO NGHIEM, VN, NGHIEM DUNG TREN K

Miic d6 Van dung thap

Cau 501. Cho ham s6 y = f(z) ¢6 tap xac dinh 1a R\ {—1} va lien tuc trén mdi khoang xac

dinh. Biét ham s6 c6 bang bién thién nhu hinh vé duéi day:

T | —oo —1 1 +00
Y — + 0 —
+00 3
— — 00 — 00

Menh dé ndo sau day 1a ménh de dang?
@ Bat phuong trinh f(z) > 3 vo nghiem.
Bat phuong trinh f(x) < m c6 nghiem véi moi gia tri ciia m.
@ Bat phuong trinh f(z) < 3 ¢6 dung 3 nghiém phan biét.
@ Bat phuong trinh f(z) > m c¢6 nghiem duy nhat véi moi m > 3.

6.7 DK DE (C) VA D CAT NHAU TAI N-DIEM

Mtc d6 Thong hiéu

Cau 502. Duong thing y = 2+ 1 cit do thi ham s6 y = *
do dai doan thang AB.

+ i1’> tai hai diém phan biet A, B. Tinh

(A) AB = v/34. (B) AB =8, (C) AB =6. (D) AB = V17.

Cau 503. Cho ham s6 y = f(z) xac dinh trén R\ {0}, lién tuc trén mdi khodng xac dinh va ¢6

bang bién thién nhu sau.
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T —00 0 1 +00
y’ — -+ 0 —
+00 2
_1 —00 —00

Tim tap hop tat ca cac gia tri ctia tham s6 thyc m sao cho phuong trinh f(z) = m ¢6 ba nghiem
thuc phan biét.

@) [-1;2]. (~1;2). ©) (-1;2l. D) (—o0; 2.

Cau 504. Tim tat ca cic gia tri thic ctia tham s6 m dé phuong trinh 23 — 322 —m = 0 ¢6 3
nghiém thyc phan biét.

(A)0<m<2. B) —4<m<0. (© —-4<m<0. D0<m<2.

Mitc do6 Van dung thap

7z 2 - 1 N 2
Cau 505. Cho ham s6 y = f c6 do thi (C) va dudng thang d : y = x + m. Véi gia tri nao
—x

ctia m thi duong thang d cit do thi (C) tai hai diém phan bigt?

@m>—1. m<—5.

@—5<m< —1. @me (—o0; =5) U (—1; +00).
. 2 5
Cau 506. Cho ham sb y = i I . (C) va dudng thang d : y = m — x. V6i gié tri ndo ctua m thi d
x
cat (C) tai hai diém phan biét?
m< —1 m< —2
(A) —2<m<2. B) -2<m<2. (© . (D) .
m >2 m >2

Bai toan thuc té

Cau 507. Diéu kien ctia tham s6 m dé duong thing y = 2m+1 cit do thi ham s6 y = 2* — 222 —2

tai 4 diém phan biet 1a

@—2<m<—;. B) -3<m<1. (C©) -3 <m<0. D) m > —3.

6.8 DO THI HAM B.3 CAT D, THOA DK THEO Y

Mtc d6 Thong hiéu

Cau 508. Tong tung do giao diém ctia duong thangy = 2 —1 va do thi ham séy = 23 — 22+ 2 —1
1a?

@ -3. ®)o. © -1. D) 2.
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6.9 DO THI HAM B.3 CAT D, THOA DK HINH HOC

Miitc d6 Van dung thap

Cau 509. Tim tat ca cac gia tri thuc ctia tham s6 m dé dudng thang y = ma —m + 1 cit do thi
ctia ham s6 y = 2® — 322 + z + 2 tai ba diém phan biet A, B, C sao cho AB = BC.
@me(—oo;O}U[él;jLoo). B) m e R.
@me (—i;—l—oo). @me(—2;+oo).

Cau 510. Tim tat ca cac gia tri thuc clia tham s6 m dé do thi ham s6 y = 2®+2ma?+3(m—1)z+2
cit duong thing y = 2 — « tai ba diém phan biet A, B, C sao cho O, B, C la ba dinh ctia mot
tam gidc c6 dién tich bang 2, biét B va C' khong nam trén truc Oy.
1++/5 3E+vb

@m: 2\/_. m: 5 @m:O. @mzl.
Cau 511. Tim tat ca cac gia tri thuc ctia tham s6 m dé duong thang y = ma —m + 1 cit do thi
ctia ham s6 y = 2® — 322 + x + 2 tai ba diém A, B, C phan biét sao cho AB = BC.

(A) m € (—o0; 0] U [4; +00). B) m eR.

5)

@me[—z;jLoo). @me(—2;+oo).

Cau 512. Tim tat ca cac gia tri thuc ctia tham s6 m dé dudng thing y = —ma cit do thi ham

s6 y = 2 — 322 — m + 2 tai ba diém phan biet A, B, C sao cho AB = BC.

@me (—o0;3). B) m € (—o0; —1). (C) m € (—o0; +00). @me (1; +00).

Mitc d6 Van dung cao

Cau 513. Do thi (C) ctia ham s6 y = 2° — 3z + 4 va dudng thing y = ma + m cit nhau tai ba
diém phan bigt A(—1;0), B, C sao cho AABC c6 dién tich bing 8 (O la gbc toa do). Menh dé
nao duéi day dung ?

@ m 1a s6 nguyén to. m 1a s6 chan.

@ m 1a s6 vo ti. @ m 1a s6 chia hét cho 3.

6.10 DO THI HAM N.B CAT D, THOA DK HINH HOC

Mitc d6 Van dung cao

Cau 514. Cho ham s6 y = ‘

‘r JE—
tri cia m dé dudng thing d cit do thi (C) tai hai diém phan biét A, B sao cho tam giac OAB
(O 1a gbc toa do) c6 ban kinh duong tron ngoai tiép bing 2v/2 la:

A)o. B) 3. ©) 1. D) 2.

: c6 dd thi (C) va dudng thang d : y = —x +m. Khi d6 sb gia
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6.11 DO THI HAM T.P CAT D, THOA DK HINH HOC

Miitc d6 Van dung thap

Cau 515. Cho ham s6 y = 2* — 322 — 2. Tim s6 thyc duong m dé duong thing y = m cat do
thi ham s6 tai 2 diém phan biét A, B sao cho tam giac OAB vuong tai O, trong d6 O la gbc toa

do.
@m:2. m:;). @sz. @mzl.

7 Bai 5.3 Bai toan tiép tuyén, su tiép xtic (cé kién thic
12)

7.1 CAC CAU HOI CHUA PHAN DANG

Mitc do6 Van dung thap

Z ]. N . L Z Z o X .
Cau 516. Cho ham s6 y = §x3 — 3224+ 2+ 1 ¢6 do thi (C). Trong cac tiép tuyén ctia do thi (C),
hiy tim phuong trinh tiép tuyén c6 hé sd géc nhéd nhat.

(A) y = —8z —19. B)y =z —19. (C) y = —8z + 10. D)y = —z +19.

7.2 CAC BAI TOAN TIEP TUYEN (KHONG THAM SO)

Mtc d6 Thoéng hiéu

Zz 2 - 2 + 2 z 2 Zz N z
Cau 517. Cho ham so y = % Biet duong thang y = ax + b tiép xtc v6i do thi ham so

tai diém c6 hoanh do bang 3. Gid tri cia T = a + b 13

(AT =2 BT =1 ©T=-1. DT =3.

Mitc dé Van dung thap

:Z' pa—
2r — 3’
Khoang cach tit I dén tiep tuyen cua do thi ham so da cho dat gia tri 16n nhat bang

@d:\}ﬁ. B)d= 2. ©d=1. (D) d = /5.

Cau 519. Cho ham s6 y = —2® + 322 — 3z + 1. Viét phuong trinh tiép tuyén ctia do thi tai giao

Cau 518. Cho ham s6 y = Goi I la giao diém ciia hai tiém can ctia do thi ham s6.

diém ctia do thi véi truc tung.
@y:—3x+3. y:O. @y:—B:c—i—l. @y:?)a:.

Cau 520. Cho ham s6 y = 2% — 322 + 2z. C6 tat ci bao nhiéu tiép tuyén ctia do thi ham s di
qua diem A(—1;0)?

A1 B 2. (©) 3. D) 4.
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7.3 CAC BAI TOAN TIEP TUYEN (CO THAM SO)

Miitc d6 Van dung thap

Cau 521. C6 bao nhiéu diém M thuoc do thi (C) ctia ham s6 y = z(2? — 3) sao cho tiép tuyén
tai M ctia (C) cat (C) va truc hoanh lan lugt tai hai diém phan bigt A (khac M) va B sao cho
M la trung diém ctia AB.

A) 0. B 1. © 2. D) 3.

8 Bai 5.4 Diém dic biét ctia do thi ham sb

8.1 CAC CAU HOI CHUA PHAN DANG

Mrtc do Thong hiéu

) X . 2 — ,
Cau 522. Tam d6i xing clia d6 thi ham s6 y = x+ 0 15 diém
A
(A) 1(2;-2). 1(—2;2). (©) 1(3;-2). D) 1(-3;2).
Cau 523. Tam d6i xitng ctia do thi ham s6 y = 2 + 322 — 2° 1a diém
(A) I(1;4). B) 1(0;2). (©) I(~1;6). (D) I1(—1;0).

8.2 TIM DIEM THUOC DO THI THOA DIEU KIEN

Mic dé Van dung thap

Cau 524. Cho ham s6 y = 2® + 3z + 1 ¢6 dd thi (C). C6 bao nhicu diém M thude (C) sao cho
khoang cach tit M dén gbc toa do bang 27?

@A) 2. B) 4. (©) 3. D) 1.

Miic do Van dung cao

, N . 2 1
Cau 525. Goi M(a;b) la diem trén do thi ham s6 7 : y = x—|j—L2
x

thang d : y = 3z + 6 nho nhat. Khi d6

(A)a+2b=1. B a+b=2 ©a+b=-2 D) a+2b=3.

8.3 DO THI HAM SO DI QUA DIEM CHO TRUGC

c6 khodng cach dén duong

Mtc d6 Thoéng hiéu

a:2—|—3x+3?
x+1

@) (-2;1). (3;0). ©) (2;1). D) (0;3).

Cau 526. Diém nao sau day thuoc do thi (C) ctia ham s6 y =
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84 DIEM CO TOA DO NGUYEN

Miitc d6 Van dung thap

R . 2v — 5
Cau 527. Trén do thi ham so y = Sx

(A) 4. V0 6. (©) 2. D) o.

c6 bao nhiéu diém c6 toa do 1a cac sd nguyen?

9 Bai 5.5 Toan téong hop vé ham sbé

91 CAC BAI TOAN TONG HOP VE HAM SO

Mitc dé Van dung thap

z—3
z+1

Cau 528. Tiép tuyén ciia do thi ham s6 y = (C) cung vé6i hai dudng tiém can tao thanh

mot tam giac c6 dién tich bang bao nhiéu?

(A) 6. B)s. ©7. D) 5.

Miic do Van dung cao

3z —1

Cau 529. Hai diem M, N thuoc hai nhanh khac nhau ctia do thi ham s6 y = 7 Khi do do

da doan thdng M N ngin nhat bing
(A) 8v/2. B) 2017. (©)s. D) 4.

Cau 530.
Cho ham s6 y = f(z). Do thi clia ham s6 y = f’(z) nhu hinh
beén. Dat h(x) = 2f(x) — 22 Ménh dé nao dudi day ding?

(A) h(4) = h(=2) > h(2).

h(4) = h(—2) < h(2).
(©) h(2) > h(4) > h(-2)
(D) h(2) > h(—2) > h(4)




Chuong 2: Ham sé mi - logarit

1 Bai 1. Liy thita

1.1 CAC CAU HOI CHUA PHAN DANG

Mitc d6 Van dung cao

Cau 531. C6 tat ca bao nhiéu bo ba s6 thuc (z,y, z) thda man dong thoi cac dieu kien dudi day

Ve gV 16V — 128w (zy® + 242 = 4 + (zy® — 2*)%

A) 3. B) 4. ©1. D) 2.

1.2 THUC HIEN PHEP TINH

Miic do Nhan biét

Cau 532. Gi4 tri ctia bidu thitc A = 642 - 645 - /64 1a

(A) A= ¥/64. B) A=2. (C) A =64 D) A =2

Mtc do Thoéng hiéu

Cau 533. Tinh gia tri ctia biéu thic P = (7 + 4\/3)2017 <4\/§ _ 7)2016‘

@P:l. P:7_4\/§' @p:7+4\/§‘ @(7+4\/§)2016'
Cau 534. Cho a,b la cac s6 thuc duong khac 1 va z,y 1a cac s6 thue. Khang dinh nao sau day
la khing dinh ding?

@ a*a¥ = a*tv. T @ a®b¥ = (ab)*tv. @ (a®)¥ = a™*v.

a¥y

1.3 THU GON BIEU THUC, LUY THUA

Miic do Nhan biét

1
Cau 535. Rit gon bicu thic P =23 - J/x véi z > 0.
1 2

A) P =z B) P = 8. © P =29, D) P = a2

Mic d6 Thong hiéu

Cau 536. Cho biéu thic P = \/z.v/22.v/23, véi z > 0. Meénh dé nao dudi day ding ?

P = 13, P = x3i. P = ri. P = 13,
@ ® ©

112
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Cau 537. Rit gon biéu thiic Q = véi b > 0.

@ Q =, @—b

%\ e
> wl—

»—“w

Miic do Van dung cao

© Q=0

D Q

wlu

= bs.

0! 1\2 2017 )
Cau 538. Tich (2017)! <1 + 1) (1 + 2) e (1 + 2017) dugc viét dudi dang a’, khi d6 (a; b)

la cip nao trong cac cap sau day?

(A) (2018;2017). (2019; 2018).

1.4 SO SANH CAC LUY THUA

Mic do Thong hiéu

Cau 539 Cho a > 1. Ménh dé nao sau day 13 dung?

VB
@—>1 a‘\/§>61l : @a%>\/5.

2 Bai 2. Ham s6 liy thia

2.1  TXD CUA HAM LUY THUA, HAM VO TY

Mrtc do6 Nhan biét

Cau 540. Ham s6 y = (z — 2)7 ¢6 tap xéac dinh la:

AR\ {2}. (2;+00). ©OR.
Cau 541. Tim tap xac dinh 2 ctia ham s6 y = (1 — x)".

(A) 2 = (—o0; 1). B) 2 = (—o0; 1]. © 2 =R.

Cau 542. Tim tap xac dinh cfia ham s6 y = (z — 1)3.

(A) D = (—o0;1). B) D = (1; +00). (© D=R.

Cau 543. Ham s6 y = (422 — 1)7* c6 tap xac dinh 13

@A R. B R\ {—;;} (C) (0; +00).

Mtc d6 Thong hiéu

Cau 544. Tim gia tri thyc clia tham s6 m dé ham s6 y = (22 +m)V2 ¢6 tap xac dinh 1a R.

@Moigiétrim. m#O. ©m>0.

2.2 DAO HAM, MAX-MIN CUA HAM SO LUY THUA

Mitc d6 Nhan biét

Cau 545. Cho ham s6 y = V2 xac dinh trén khoéng (0; +00). Dao ham cfia ham s6 da cho la

@ y =22V 1 In V2. By =2v2

(©) (2015;2014).

(D) (2016; 2015).

1

®W<

q2017°

D) R\ {0}.

D) 2 =

D) D =R\ {1}.

D (-

) m

1+oo

11
2’2

> 0.

),
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@ y = 2V21n /2. @ y =22Vl

Mitc do Thoéng hieéu

Cau 546. Ham sé y = va + bx3 c6 dao ham la

22
@y B \/a—l—be y \/a+2bx3
' = 3622 a + ba®. S
©y =sbaVa s D= Sat ooy
Cau 547. Ham s6 y = V222 — 2 + 1 ¢6 dao ham f/(0) bang
1 1
@4 B2 ©-1 oL

3 Bai 3. Logarit

3.1 CAC CAU HOI CHUA PHAN DANG

‘Ml’l’c d6 Thong hiéu‘

Cau 548. Cho a>0vha+#1; z,ylahaisoé duong. Khing dlnh nao duéi day dang?

@ loga - = loga ’ Oga

v log,x’ Yy loga

@ al%8® = . @ log, x = log, a - log, x

Mic dé Van dung thap

log, 5 + b
Cau 549. Cho loggds = a + 222217
log, 3 + ¢

A1 B) 0. (©) 2. D) —4.

Cau 550. Nam 1992, nguoi ta da biét s6 p = 2776839 — 1 1a mot s6 nguyen t6 (sd nguyen t6 lén

,a,b,c € Z. Tinh téng a + b + c.

nhéat duge biét cho dén lic do). Hay tim s6 cac chit s6 ctia p khi viét trong he thap phan.
(A) 227830 chit s6. 227834 chits6.  (C) 227832 chits6. (D) 227831 chit s.

Cau 551. Gia sit ta c6 he thic a® + b? = Tab, (a,b > 0). He thiic nao sau day la ding?
b b
@ 4log, ag— = log, a + log, b. 2log, a—?)i— = log, a + log, b.

b
@ 2logy(a + b) = logy a + log, b. @ log, a;— = 2(log, a + log, b).

32 TINH GIA TRI BIEU THUC CHUA LOGARIT

Mrtc d6 Nhan biét

Cau 552. Cho a la s6 thyc duong khac 1. Tinh [ = log /; a.

@1:;. B)I=0. ©1=-2 D)1 =2.
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Mtc d6 Thong hiéu

Cau 553. Tim tat ci cic gid tri thyc clia a dé biéu thiic B = log,(2 — a) c6 nghia.

@a>2. a:3. ©a§2. ®a<2.
Cau 554. Cho log, » = 2, log, x = 3 vdi a,b 1a cac s6 thic 16n hon 1. Tinh P = logb% T.
@ s. ® 6. ©c D
Cau 555. Tinh gia tri clia biéu thiic A = 2084910825,
(A) A=3s. (B) A = 405. (© A=15 (D) A = 86.
Cau 556. Cho a la s6 thuc duong, a # 1 va P = log g a®. Ménh dé nao dudi day ding?
A P=1 B P=1 © P=09. @P:;
Cau 557. Cho b 1a mot sé duong, két qua rit gon biéu thic P = log, 3.log; 25. log; b 1a
@ log; b%. 2log, b. @ log, b. @ logs b.
Cau 558. Tinh gia tri clia biéu thic v/210843 50812527
(A) V3. 3v/3. (©) 3+ 3. (D) 27/9.
Cau 559. Tinh gia tri cia biéu thitec F = log;(2 cos 1°). log(2 cos 2°). log, (2 cos 3°)... logs (2 cos 89°).
989
A 1. B) 0. ©e. o
Cau 560. Cho log, b= 3; log, ¢ = —2. Tinh A = log, a4;%.
(A)1. B) 7. (© " D) —1.
Cau 561. Cho log, b =2 valog, c = 3. Tinh P = log, (b*c?).
(A) P =31. B) P =13. (©) P = 30. (D) P = 108.

’ 1
Cau 562. Riat gon biéu thic N = log% 7+ 2logg 49 — log, ;5 35 ta dugc

(A) N = —log, 7. (B) N = 5log, 7. (C) N =1log, 7. (D) N = 3log, 7.

Cau 563. Gia tri clia biéu thitc M = 3% % 2 |
'35
Cau 564. Cho log, b = 5, log, ¢ = —3. Gia tri biéu thic log, < )
c?
35
—=. —40. 40. —.
® - ® © i

Cau 565. V6i a va b 1a cic s6 thue duong, tinh gia tri clia biéu thiic log, (a2b).
(A) 2 —log, b. 2+ log, b. (©) 1+ 2log, b. (D) 2log, b.
Cau 566. Cho log,a = 2 va log, b = 4. Tinh P = log, b*.

(A) P=3s P_— @P_f D) P = 32.
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Mic dé Van dung thap

Cau 567. Tinh gi4 tri ctia biéu thic

P =log (tan1°) + log (tan 2°) + log (tan 3°) + - - - + log (tan 89°).

(A) P=0. B P =2 @P:;. D) P=1.

b 16 .
Cau 568. Choa >0,b>0vaa# 1 thoa man log, b= " log, a = 5 Tinh tong a + b.

(A) 16. B) 12. (©) 10, D) 18,

Cau 569. Cho a,b la cac s6 thuc duong théa man a # 1,a # Vb va log,b = /3. Tinh P =
b
log@ —

a a

AP=-5+3/3 B®P=-1+v3  (©OP=-1-v3 D P=-5-3V3

1+ logyz +logyy
2logo(z +3y)

@M:i B M =1. @M:;. @M:;

Cau 570. Cho z,y 1a cac s6 thic 16n hon 1 théa man 2°4+9y? = 6zy. Tinh M =

3.3 CAC MENH DE LIEN QUAN DEN LOGARIT

Mitc d6 Nhan biét

Cau 571. Cho a,b > 0 vd a,b # 1,  va y 1a hai s6 duong. Tim ménh dé sai trong ménh dé

sau
@ logi 2% = —4log? x. log, xy = log, = + log, v.
’ 1
(C) log, #2016 = 2016 log,, . (D) log, = = 122:2

Cau 572. Cho a la s6 thyc duong khac 1. Ménh dé nao dudi day dang véi moi s6 thue duong

x,y?
@A) log, Z = log, z — log, y. log, Z= log, = + log, y.
y y
1
© loga ~ —log,(z — y). D) log, - .

y log,y
Cau 573. V6i a la s6 thuc duong bat ki, ménh dé nao dudi day ding?

1
@ log(3a) = 3loga. log(a®) = 3 loga. (C)log(a®) = 3loga. @ log(3a) loga

Mtc d6 Thong hiéu

Cau 574. Chon ménh dé sai trong cac ménh dé sau:
(A) Khi > 0 thi log, 22 = 2log, . Khi 0 < a < va b < ¢ thia® > a°.
(C) Vé6i a < b thi log, b < log, a < 1. (D) Diéu kien dé V2 ¢6 nghia la z > 0.

Cau 575. Khang dinh nao sau day la khéng dinh ding?

@ logs 5 > log, 4. log1 2 > 0. @ logsm = 0. @ In3 < logse.
2
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Cau 576. Cho cac s6 thuc duong a, b, véi a # 1. Khang dinh nao sau day 1a khing dinh ding?

1

@ log,2(ab) = 5 log, b. log,2(ab) = 2 + 2log, b.
1 1 1

@ log,2(ab) = 1 log,, b. @ log,2(ab) = 515 log,, b.

Cau 577. Cho hai s6 thyc a va b, véi 1 < a < b. Khang dinh nao duéi day 1a khang dinh ding?
@logab< 1 <log a. 1 <log, b < log; a.
©logba<logab< 1. @logba<1<logab.

Cau 578. V6i cac s6 thuc duong a, b bat ki. Ménh dé nao duéi day dung?

2a3 2a® 1
@ log, (Z) =1+ 3log,a —log, b. log, (Z) =1+ 3 log, a — log, b.
2a3 2a3 1
@ log, (Z) =1+ 3log,a+ log, b. @ log, (Z) =1+ 3 log, a + log, b.
Cau 579. V6i cac s6 thyc duong a, b bat ki. Ménh dé nao duéi day ding ?
(A) In(ab) = Ina + Inb, In(ab) = Ina.Inb.
a Ina a
@ n 5 = b @ n ) nb—Ina
Cau 580. Meénh dé nao sau day ding?
2017\"
2016\ *

Cau 581. Cho a,b la cac sd thyc duong, a # 1, o 1a s6 thyc bat ki. Ménh dé nao sau day la
diang?
1
(A) log,. b = —log, b. (log, b)? = log, b2. (C) log,(2b) = 2log, b. (D) log, b* = alog, b.
a
Cau 582. V6i a, b 1a cac s6 thyc duong tuy ¥ va a khac 1, dat P = log, b + log,. b°. Menh dé
nao dudi day dang?
(A) P =9log, b. (B) P = 27log, b. (C) P =15log, b. (D) P = 6log, b.
Cau 583. V6i a,b 1a cic s6 thuc duong tuy ¥ va a # 1, dit P = log,2(ab®). Ménh dé ndo duéi
day dung?
1
(A) P = 231log,(ab). P =3log,(ab). (C) P = 5 T 3log,b. (D) P =2+ 3log, b.

Mitc do6 Van dung thap

Cau 584. Cho hai s6 thuc duong a, b thoa man log, a = logg b = logg(a + b). Tinh %.
1 —1++/5 -1-+5 1++5
@3 3 ©— D —5—
Cau 585. Cho hai s6 a > 1, b > 1. Khing dinh nao sau day sai?
@ log, b+ log,a > 2. log,, b.logy 5 a < 0. @ log,, % > 0. @ log, b+ log, a > 0.

Cau 586. Cho log, z = 3, log, x = 4 v6i a, b 1a cac s6 thuyc 16n hon 1. Tinh P = log,, z.

7 1 1
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Mitc d6 Van dung cao

Cau 587. Xét cac s6 thyc duong z, y théa man log, m Zy =3xy +x + 2y — 4. Tim gia tri nho
Z Y

nhat P, cia P = x + v.

9v11 —19 9v11+ 19
@Pmin:f- Pmin:f-
_ 18v11 —29 _2v/11-3

©) Py = L2 D) P = Y2

3.4 BIEU DIEN LOGARIT NAY THEO LOGARIT KHAC

Miic do Nhan biét

Cau 588. Cho log, 5 = a. Khi d6 log, 500 tinh theo a bang

@;(Sa—l—Z). B) 30 + 2. (©) 2(5a+4). (D) 6a — 2.

Mtc d6 Thong hiéu

Cau 589. Dit a = log,, 6, b = log,, 7. Hay biéu dién log, 7 theo a va b.

b b a a
@a—i-l' 1—a‘ ©b—1' ®b—|—1'
Cau 590. Dit a = log, 3,b = log; 3. Hay bicu dién logs 45 theo a va b.
a+ 2ab 2a% — 2ab
@ - a% b - ab2 b
a—+ 2a 2a% — 2a
logg 4 logg 4 :
@ Ogﬁ 5 b+b @ 0g6 5 b+b
Cau 591. Néu log3 = a thi log 9000 bang
@aQ. 3a2. ©a2+3. ®3+2a.
. b
Cau 592. Cho a,b la cac s6 thic duong théa man a? + b*> = 98ab. Tinh P = In <a$ )

(A) P = 21n(ab). B) P =2In(10ab). (C) P = ;ln(l()ab). D) P = ;ln(ab

Mic dé Van dung thap

Cau 593. Cho cac s6 thyc théa man « = log, x, 8 = log, z. khi d6 log,,. x* dugc tinh theo «,

bang
2+ 5) 2 af 203
@ a+28 " 2a+ﬁ' ©2a—|—ﬁ' ®2a+ﬁ'
Cau 594. 3Cho a = log; 189. Biéu 2thu.’c log ;g 7 dutge biéu glen theo a la )
® o © =~ O~

(07 (0% « «
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4 Bai 4. Ham s6 miu, ham so6 logarit

41 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 595. C6 tat ca bao nhiéu gia tri nguyén clia tham s6 m dé ham s6 y = In(2? — 2ma +4) c6
tap xac dinh 1a R ?

A1 B) 0. ©s. D) 3.

Mic dé Van dung thap

Cau 596.
Cho a va b 1a cac sd thuc duong khac 1. Biét rang bat 1Y

ki dudng thang nao song song véi truc tung ma cit cac

do6 thi ham s6 y = log, x, y = log, x va truc hoanh lan y = log, @ A
luot tai A, B va H ta déu ¢6 2HA = 3HB (hinh vé bén).
Khéang dinh nao sau day ding? O >
(A) a2b = 1. B) 3a = 20. —
= log, = B

(C) 2a = 3b. D) o = 1. y = log,

42 TIM TAP XAC DINH CUA HAM SO MU, LOCARIT

Mitc d6 Nhan biét

1 x
Cau 597. Tim tap xac dinh Z ctia ham s6 y = < )

@.@:(1;+oo). B) 2 = (—00; +0). @.@ (0; +00). @.@:

Cau 598. Tim tap xac dinh 2 ciia ham s6 y = ¢ 22,

(A) 2 = R. B 2 =[0;2]. (©) 2 = R\{0;2}. D) 2 = 2.

Cau 599. Tim tap xac dinh 2 ctia ham s6 y = 25

A) 2 =R\ {1}. B) 7 = (0; +c0). © 2 =R (D) 2 =R\ {0}.

T+ 3

Cau 600. Tim tap xac dinh 2 ctia ham s6 y = log2

@9 —3] U (2; +00). .@ (2; +00).
@@:—, . D) 2 = —3) U (2; 400).

Mtc d6 Thong hiéu

Cau 601. Tim tap xéc dinh 2 clia ham s6 y = log 5(x* — 3z + 2).
@.@— ;1) U (2; +00). B 2 = (-
(© 2 = (2; +0). D) 2 =
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Cau 602. Tim tap xac dinh 2 ciia ham s6 y = /log, 5(z + 3).

(A) 2 = (—3; +0). P = (=3;-2). © Z=[-3+x). D 2=(-
Cau 603. Ham s6 y = (422 — 1)~* ¢6 tap xac dinh 1

@A) 7 = [0;400). _@:R\{—lé}.
© 2 =R. D) 2 = (— )

L 1
Cau 604. Tap xac dinh ctia ham 86 y = v/ =222 + 5 — 2+ In — 1a:
I‘ j—
1
@ (1;2). (1:2). © (32) D) [1:2].
Cau 605. Tim tap xac dinh D ciia ham s6 y = logy(2? — 2z — 3).
@D:(—oo;—l]u[?);—i-oo). B)D=[-
(©) D = (—o0; —1) U (3; +0). D)D=(-

Cau 606. Tim tap xac dinh D clia ham s6 y = \/log, x + 3

(A) D = {—l—oo) B) D = (0; +00). (©D=[-3;4x). D D=R.

Cau 607. Tim tap xac dinh D ctia ham s6 y = log; i;;

(A) D =R\{-2}. B) D = (—o0; —2) U [3; +00).

@ D = (-2;3). @ D = (—o00; —=2) U (3; +00).
Cau 608. Tim tap xac dinh ctia ham s6 y = log i;g

(A) 2 = (=3; 9 =

© 2= ) [2; +00). D 2= —3) U (2; +00).
Cau 609. Tap xac dinh Z ciia ham s6 y = In 31x_—i-x6 1a

(A) 2 = (-2;1). B) 2 = (—00; —2) U (1; +00).

© 2 =[-21). D) 2 = (—o0; —2] U (1; +00).

Mitc dé Van dung thap

Cau 610. Tim tap xac dinh Z ctia ham s6 y = In (:Jc —2—Vz? -3z — 10)

(A) 2 = [5;14]. B 7 = (2;14). (© 2 =[2;14). (D) 2 = [5;14).
Cau 611. Tim tat ca cac gia tri thyc ciia tham s6 m dé ham s6 log (22 — 2ma + 4) c6 tap xac
dinh R.

m > 2
(A) . B) m = 2. ©m<2. D) -2 <m < 2.
m < —2
~ A~ . . o < £ 2—x
Cau 612. Tap xac dinh cta ham so 10g1 P la

(A) [0;2). (0:2). (©) (—o0;—2)U[0;2). (D) (—2;2).
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Mitc d6 Van dung cao

Cau 613. Tim tat ci cac gia tri ctia m dé ham s6 y = logy (—22 + mx + 2m + 1) xac dinh véi
moi = € (1;2).

@mZ—;. mZ ©m>2 ®m<—;.

H>\OJ

4.3 TINH DAO HAM CAC CAP HAM SO MU, LOCARIT

Mitc d6 Nhan biét

Cau 614. Tinh dao ham ctia ham s6 y = logs (2% + 2).
2xInb
r_ _ r_ _
@y m2+21n5 By = x2—|—2) ©y ' @y x2—|—2)ln5

(2% +2)
Cau 615. Tinh dao ham ctia ham s6 y = 13%.

1 x
Ay =z-131, By =13"-In13. (O y =13 D)y = ; 313.
n
Cau 616. Tinh dao ham ctia ham s6 y = log .
1 nlO 1 1
r_ = I I
@y =, By = ©v= DY = g7
Cau 617. Tinh dao ham ctia ham s6 y = 55
@y’:5sm"”-ln5. y’:5Si” -In5 - cos z.
(©) y =57 . cos . D)y = 5" . sinz,
Cau 618. Dao ham cia ham s6 y = logz(22 — 1) 1a
2$1n3 2z 2x
r_ _ I I
@y = I3 By = 1y ©y (22— 1)In3’ OF (22— 1)
Cau 619. Tinh dao ham cia ham sOy = log2 (2z +1).
1
r_ _ _ I
@y_(Qm—i- In2 By = 2:L'—|— 1)In2’ @y @y 2x +1

Mrtc do Thong hiéu

P 1 2 2
Cau 620. Cho ham so y = ixzez. Khang dinh nao trong cac khang dinh sau la ding?
@y” —y =e"(z+1). y” —y =e"(z—1).
©y +y =e(z—1). Dy +y =e (-2 +1).

Cau 621. Tinh dao ham ctia ham s6 y = e*(sinz — cos x).

@ Yy = —2e" - sinz. y = 2" -sinw. @ Yy = —2e" - cos . @ y = 2e" - cosx.

B} 1
Cau 622. Tinh dao ham ctia ham séy:x;.
1—-2(z+1)In2 14+2(x+1)In2
@A)y = (2%) ' By - (2%) |
1-2(zx+1)In2 14+2(x+1)In2
©y -2t in? PSRRI
296 2:):
Cau 623. Tinh dao ham ctia ham s6 y = In (1 + vz +1).
1
/ —
@y 2\/x—|—1<1—|—\/:c—|—1)' y 1+\/x+

!/ 1 —
©y‘m(1+m)‘ Dy = W(Hm)'
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Cau 624. Tinh dao ham cta ham s6 y = logy(1 + /7).
V= ma ¥ /2 In2’ Y=o/ + 2Vz(1 + V)’
©v = 1+f)1n2 ®y_ 1—|—\/_)1n4
Cau 625. Tinh dao ham ctia ham s6 y = logg (2% + 1)
1 2%. In 2 In3
r_ r_ _ r_
@y (2* +1).In3’ ®y (2° + 1).1n3’ ©v= 1)‘ Dy (2° + 1).In2’
Cau 626. Tinh dao ham ciia ham s6 y = e(S‘“)2.
@ y (mnx yl — 2COS T - e(Si”)Q_
@ y = 2x - 625””. @ Yy = sin 2z - elsin)®
Cau 627. Tinh dao ham ctia ham s6 y = 47" 2743,
Ay = (22 — 2).47° 7243, y = 47288 I g,
(C) y = 4%" 2043, D)y = 128(x — 1).4"" 2% In 4.
Cau 628. Dao ham ctia ham s6 y = 2% + log(z? — z + 1) 1a
2z — 1 2z —1
/= 27In?2 . rmgrgp T
@y " +(x2—x+1)ln10 y +a:2—:c+1
2% 20 — 1 20 — 1
2 - N R
@y ln2+(x2—x+1)ln1() @y " +a:2—:v+1
Cau 629. Cho ham s6 y = In(3z* — 2z — 1). S6 nghiém ctia phuong trinh 3/ = 0 1a
A)o. B 1. (©) 3. D) 2.
Cau 630. Cho ham s6 y = In(z? — 2z — 3). Tap nghiém S ciia bat phuong trinh ¢’ > 0 1a
@) s = < +00). § = (=00 =) U[1;3).
©S= 3;+00). @Sz— 1)U -+o0).
Cau 631. Tinh dao ham ¢’ ctia ham s6 y = log,(2x + 1).
2In2 2 2 1
. —_ —— log 2. —_
@ &1 (2:z;+1)1n2 ©(2x—|—1) o8 ®(2x+1)ln2
) 1 1
Cau 632. Ham s6 f(z) = — —|— ﬂ c6 dao ham la
Inz lnx Inz . S
@y =2 y gt @Ket qua khac.

Miic d6 Van dung thap

Cau 633. Cho ham s6 y = f(z) = 2018In(e™s + y/e). Tinh gia tri biéu thitc
T=f'(1)+f(2)+..+ f/(2017).

@T:%;g. B) T = 1009. @T:20217. (D) T = 1008.

1
Cau 634. Cho ham s6 y = H ménh dé nao dudi day dang?

A) 2 + xy" = _ﬁ' y’ +ay’ = 5512 ©y +ay' = _;2' D2y +ay’ =

. 1 .
Cau 635. Cho ham s6 y = In T ket luan nao sau day dang?
x

@y’—Zyzl. y’+ey=0. @yy’—?zo. @y’—éley:O.
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44 TOAN MAX-MIN (1 BIEN) VOI HAM MU, LOGARIT

Mtc do Thoéng hiéu

Cau 636. Gia tri 16n nhat ctia ham s6 y = (z — 2)%e® tren [1; 3] la
@ e, @ e. @ 0. @ et
. . . 1
Cau 637. Gia tri 16n nhat M va gia tri nhé nhat m ctia ham s6 y = 2° — 2Inx trén {; e}
e

@M262—2,m:e_2+2. M:e_2—|—2,m:1.
@M:e_2+l,m:1. ®M262—2,m:1.

Mic dé Van dung thap

1 N ) P ?
Cau 638. Cho a € {9;3} va M,m lan lugt la gia tri 16n nhat va nho nhat ctia bieu thrtc

910g?% Ja + logé a —logy a® + 1. Khi do, gia tri cia A = 5m + 2M bang?

@ 4. ®)s5. ©)s. D) 6.

45 TOAN MAX-MIN (NHIEU BIEN) LIEN QUAN MU VA LOGARIT

Mitc do6 Van dung thap

Cau 639. Cho a,b,c > 1. Biét rang biéu thitc P = log, (bc) + log, (ac) + 4 log,(ab) dat gia tri nhé
nhat bang m khi log, ¢ = n. Tinh gia tri m + n.

@m—i—n:lQ. m—l—n:225. @m—l—n:l4. @m—l—n:lo.

Mitc d6 Van dung cao

. 2 1
Cau 640. Cho z, y la cac so thuc duong thoa man logs, aH_j_JjL = x + 2y. Tim gia tri nho
rTy
. , 1 2
nhat ctia bieu thic T'= — + —.
Ty
(A) 3+ V3. B) 4. (C) 3 +2V3. D) 6.

r+y

= z(z—3 -3 :
PPty t2 r(r—3)+y(y—3)+zy

Cau 641. Xét cac s6 thuc duong z,y théa méan log

3z +2y+1
r+y+6

@A) 3. B 2. ©1. D) 4.

Cau 642. Xét cac so6 thuc a, b théa man a > b > 1.

Tim gié tri nhé nhat Py, cita bidu thite P = log} (a?) + 3log, (%)

(A) Py = 19. Poin = 13. (C) Poin = 14 (D) Pain = 15.

r,y € R
Cau 643. Cho sao cho In <1 + x) + 322y —In2 = Ty — z(2? + 3y?). Tim gia tri nho
z,y =1 Y

Tim gid tri 16n nhat P, clia P =

nhat m ctia biéu thic T = x +

x+ 3y’

@m:2. mzl. @mzl—i—\/g. ®m:i
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) 1 —ab
Cau 644. Xét cac so thuc duong a, b thoéa man log, Tab = 2ab+ a + b — 3. Tim gié tri nho
a

nhat P, cia P = a + 2b.

~ 210 -3 3107 2\/_0—1 ~2V/10-5
@ Pun =" B Pan=""5 . (© Pun= D) o = 200

Cau 645. Cho cac s6 a,b > 1 théoa méan log,a + log;b = 1. Tim gia tri 16n nhat cta P =
\/10g3 a + \/log2 b.

@ /1ogy 3 + logs 2. Vlogs 2+ y/log, 3. @ ; (log, 3 + logy 2). @ 1 2 :
v/1og, 3 +logs 2

46 SU BIEN THIEN LIEN QUAN HAM SO MU, LOGARIT

Mtc d6 Thoéng hiéu

Cau 646. Ham s6 nao trong bon ham s6 liét ké & dudi nghich bién trén cic khodng xac dinh clia

n6? s
1 —x -+ 3 T

R TC R TN
Cau 647. Ham s6 y = log,(2? — 27) dong bién trén khodng nao dudi day?

@ (1; +00). (—00;0). @ (0; +00). @ (2; +00).

~ 2 N S € r N \/g ! e N A
Cau 648. Cho cac ham so y = log, x,y = (—) Yy =logixvay = - - Trong cac ham so

™ 2

trén, c¢6 bao nhiéu ham s6 dong bién trén tap xac dinh ctia n6?

@A) 2. B) 4. (©) 3. D) 1.

Cau 649. Trong cic ham s6 duéi day, ham s6 ndo nghich bién trén tap sé thuyc R?

@y: (g)w y:log% x.
@yzlogg (227 +1). D)y = (z)x

Miic d6 Van dung thap

Cau 650. Tim tap hop tat ca cac gia tri ctia tham s6 thuc m dé ham s6 y = In (22 + 1) —max +1
dong bién trén khoang (—oo; +00).

@) (—o0; —1). (—131), © [-1:1]. D) (—o0; —1].
Cau 651. Cho ham s6 f(z) = 2°.7%°. Khing dinh nao sau day 13 khéng dinh sai?

(A) flz) <1< z+22logy 7 < 0. B) f(z) <1e zn2+22In7 < 0.

(©) f(z) <1 zlog, 2+ 2% < 0. D) f(z) <1e 1+xlogy7 < 0.

T

Cau 652. Cho ham s6 y = n
x
@ C4 ba phuong an trén déu sai. Ham s6 nghich bién trén (—oo;1).
@ Ham s6 nghich bién trén R. @ Ham s6 dong bién trén R.

T Meénh dé ndo dudi day dung?
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Mitc d6 Van dung cao

Cau 653. Tim tap hgp tat ca cac gia tri clia tham s6 thyc m dé ham s6 y = In (22 + 1) —ma +1

dong bién tren khoang (—oo; +00)

@A) (—o0; —1]. (—o0; —1). ©) [-1:1]. D) [1; +00).

47 TOAN CUC TRI LIEN QUAN HAM SO MU, LOGARIT

Mtc do Thoéng hiéu

Cau 654. Cho ham s6 y = ea@’+bzte dat cuc tri tai z = 1 va dd thi ctia ham sb cit truc tung tai

diém c6 tung do bang e. Gia tri ctia ham s6 tai x = 2 1a

@ y(2) = y(2) = ©y2)= D) y(2) -1

48 DOC DO THI HAM SO MU, LOGARIT

Miic do Nhan biét

Cau 655. Cho ham s6 y = 12°. Khang dinh nao sau day sai?
@ Ham s6 dong bién trén R.
D6 thi ham s6 nhan truc hoanh lam tiém can ngang.
@ D6 thi ham s6 luon nam phia trén truc hoanh.

@ D6 thi ham s6 luon ndm bén phai truc tung.

Cau 656. Cho ham s6 y = a® v6i 0 < a # 1 ¢6 do thi (C). Hay chon khang dinh sai.
@ Do thi (C') dbi xiing v6i do thi ham s6 y = log,  qua dudng phan gidc clia goc phan tu thi
nhat.
D6 thi (C') khong c6 tiém can.
@ D06 thi (C) di lén tu trai sang phai khi a > 1.
(D) D& thi (C) luon di qua diém c6 toa do (0;1).

Mitc do Thong hieéu

Cau 657. Choa > 0,0 > 0,b # 1. D6 thi cac ham s6 y = a® va y = log, x cho nhu hinh vé& ben.

ménh dé nao sau day la ding?
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A)a>10<b<1. B 0<a<l;b>1. Y

©O<a<1;0<b<1. ®a>1;b>1.

Cau 658.
Cho ba s6 thuyc duong a, b, ¢ khac 1. Do thi cac ham s6 y = a®, y = b7,
y = c® dudc cho trong hinh vé bén. Ménh dé nao dudi day dang?

@a<b<c. a<c<b. ©b<c<a. ®c<a<b.

Cau 659. Cho ham s6 f(z) = xIlnz. Mot trong bon do thi cho trong bon phuong 4n A, B, C,
D du6i day 1a do thi ctia ham s6 y = f/(x). Tim do thi do6.

® ¢ ' » I
) Yy
- ™

0/1 T 19 z

©

Cau 660.
Cho a va b 1a hai s6 thyc duong va a # 1, b # 1. D6 thi clia hai
ham s6 y = log, * va y = log, = trong hinh vé sau. Ménh dé nao

sau day la dang?

Cau 661.
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Duong cong trong hinh vé bén 1a do thi clia mot trong bon ham s6 Yy
duoc liet ke & bon phuong an A, B, C, D duéi day. Héi ham s6 d6
14 ham s6 nao?

@yz?x. y:10g3a:.

©y=(0,5)" D) y = logy, . -

Cau 662.

Cho ba s6 thuc duong a, b, ¢ khac 1. Do thi cac ham s6 Yy
y =a", y =b", y = log,x dugc cho trong hinh vé bén
duéi. Ménh dé nao dudi day diang?

©b>c>a. y =log.x

Mic dé Van dung thap

Cau 663.
Cho cac ham s6 y = a*, y = log, x, y = log.x ¢6 do thi nhu
hinh vé. Chon khang dinh ding.

@c>b>a. b>a>c. \
©a>b>c. ®b>c>a.

4.9 BAI TOAN LAI SUAT

Mric d6 Thong hiéu

Cau 664. Mot ngudi giii 100 trieu dong vao mot ngan hang vdéi 1ai suat 0,4%/thang. Biét rang
néu khong it tien ra khéi ngan hang thi cit sau mdi thang, s6 tién 1ai sé duge nhap vao von ban
dau dé tinh 1ai cho thang tiép theo. Héi sau diing 6 thang, ngudi d6 duge linh s6 tién (ca von ban
dau va 1ai) gan nhat véi s6 tien nao dudi day, néu trong khodng thoi gian nay nguoi doé khong rit
tién ra va lai sudt khong thay doi?

(A) 102.424.000 déng.  (B) 102.423.000 dong. (C) 102.016.000 ddng. (D) 102.017.000 ddng.

Mitic do6 Van dung thap

Cau 665. Mot nguoi giii tiét kiem s6 tien 80 000 000 dong véi 1ai suat 1a 6,9%/nam. Biét rang
tien 1ai hang nam duge nhap vao tién goc, hoéi sau ding 5 nam ngudi dé c6 riat duge ca goc va lai

sO tién gan vé6i con s6 ndo nhat sau day?
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(A) 116 570 000 déng. 107 667 000 déng. (C) 105 370 000 déng. (D) 111 680 000 déng.

Cau 666. Mot ngudi giii 50 tricu dong vao mot ngan hang véi 1ai suat 6% /nam. Biét rang néu
khong rit tién ra khoi ngan hang thi ct sau mdi nam so tién 1ai sé duge nhap vao gdc dé tinh
14i cho nam tiép theo. Héi sau it nhat bao nhiéu nam ngudi dé6 nhan duge s6 tién nhiéu hon 100
trieu dong bao gom goc va 1ai? Gia dinh trong sudt thoi gian giti, 1ai suat khong ddi va ngusi do

khong rtt tién ra.

@ 13 nam. @ 14 nam. @ 12 nam. @ 11 nam.

Mic d6 Van dung cao

Cau 667. Mot nguoi gii tiét kiem ngan hang theo hinh thitc gii gép hang thang. Lai suat tiét
kiem gii gop c6 dinh 0,55%/thang. Lan dau tién ngudi d6 gui 2.000.000 dong. Cit sau mdi thang
ngudi dé gii nhidu hon s6 tién da gii thang truée d6 1a 200.000 dong. Héi sau 5 nam (ké tit lan
giii dau tién) ngusi d6 nhan duge tong sb tién ca von 1an lai 1a bao nhiéu?

(A) 618051620 ddng. 484692514 déng.  (C) 597618514 déng. (D) 539447312 déng.
Cau 668. Mot nguoi cit dau mdi thang glii vao ngan hang 3 trieu dong theo hinh thic 1ai kép,
ki han mot thang, 1ai suat 0,67%/ thang. Héi sau hai nam ngudi d6 nhan duge téng cong 1a bao
nhiéu tién, tinh chinh xac dén hang don vi?

(A) 77308561 dong. 73833974 dong.  (C) 74830022 dong. (D) 78351483 dong.
Cau 669. Trong thoi gian lién tuc 25 nam, mot ngudi lao dong luon gbi ding 4.000.000 dong vao
mot ngay co dinh ctia thang & ngan hang A vé6i lai suat khong thay doi trong sudt thoi gian géi
tien 1a 0,6% / thang. Goi A dong la s6 tién ngusi d6 c6 duge sau 25 nam. Hoi menh dé nao dudi

day dung?
@ 3.500.000.000 < A < 3.550.000.000. 3.400.000.000 < A < 3.450.000.000. .
@ 350.000.000 < A < 3.400.000.000. @ 3.450.000.000 < A < 3.500.000.000.

Bai toan thuc té

Cau 670. Ong A vay ngén han ngan hang 100 tri¢u dong, véi 1ai suat 12% /nam. Ong mudn hoan
ng cho ngan hang theo cach: Sau ding mot thang ké tit ngay vay, ong bat dau hoan ng; hai lan
hoan ng lién tiép cach nhau ding mot thang, s6 tién hoan ng ¢ méi lan 14 nhu nhau va tra hét
tién ng sau ding 3 thang ké tit ngay vay. Héi, theo cach do, sb tién m ma ong A sé phai tra cho
ngan hang trong mdi lan hoan ng la bao nhieu? Biét ring, 1ai sudt ngan hang khong thay ddi

trong thoi gian ong A hoan ng.

100.(1,01)? \ 1,01)3 \
&) m — <3) (tricu dong). m— (1(01)3)_1 (tricu dong).

100 x 1,03 : 120.(1,12)3 :
© m= % (trieu dong). D) m= (11(2>3_)1 (tricu dong).

Cau 671. Ong A gdi 200 trieu dong vao ngan hang Viettinbank. Lai sudt hang nam khong thay
ddi 1a 7,5%/nam va duge tinh theo ki hang 14 mot nam. Néu ong A hang nam khong rit 1ai thi
sau 5 ndm s6 tien ong A nhan duge ca von lan 1ai 14 bao nhieu? (két qué lam tron dén hang

ngan).
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(A) 287126000 ddng. 267094000 déng.  (C) 248459000 déng. (D) 231125000 dong.

Cau 672. Mot ngudi mua xe may tra gép véi gia tien 1a 20 trieu dong, mic 1ai suat 1a 1, 2% mot
thang v6i quy uée 1 thang tra 800 ngan dong ca gdc va 1ai. Hoi sau 12 thang ké tit ngay nguoi ay
mua xe sO tién con ng 13 bao nhiéu dong?

(A) 13,318 trieu. 13,518 triu. (C) 12,818 tricu. (D) 11,518 trieu.

Cau 673. Dau nam 2016, ong A thanh lap mot cong ty. Tong sb tién ong A dung dé tra luong
cho nhan vién trong nam 2016 14 1 ty dong. Biét ring cit sau mdi nam thi tong sb tien ding dé
tra luong cho nhan vién trong nam dé tang thém 15% so v6i nam truée. Héi nam nao dudi day 1a
nam dau tién ma tdng s6 tién ong A diung dé tra luong cho nhan vién trong ca nam lén hon 2 ty
dong?

(A) Nam 2023. (B) Nam 2022. (C) Nam 2021. (D) Nam 2020.

410 BAI TOAN THUC TE, LIEN MON

Mic dé Van dung thap

Cau 674. S6 lugng ciia loai vi khuan A trong mot phong thi nghiem duge tinh theo cong thiic
s(t) = 5(0).2¢, trong d6 s(0) 1a s6 lugng vi khuan A lic ban dau, s(t) la s6 lugng vi khuan A c6
sau t phut. Biét sau 3 phit thi s6 lugng vi khuan A 13 625 nghin con. Hoi sau bao lau, ké tit lic

ban dau, s6 luong vi khuan A 1a 10 trieu con ?
(A) 48 phit. 19 phiit. (C) 7 phat. (D) 12 phit.

Cau 675. Sy tiang trudng ciia mot loai vi khuan tuan theo cong thiic S = Ae™, trong d6 A 1a s6
lugng vi khuan ban dau, r 1a ti 1 ting truéng (r > 0), ¢ 1a thoi gian ting trudng (tinh theo don
vi 1a gid). Biét s6 vi khuan ban dau 1a 110 con va sau 5 gid ¢6 300 con. Tinh thdi gian gan ding
nhéat dé vi khuan tang gap doi s6 ban dau.

(A) 3 givs 20 phut. 3 giv 9 phit. (C) 3 givs 40 phit. (D) 3 givs 28 phiit.

Bai toan thuc té

Cau 676. Cho biét chu k¥ ban ra ctia chat phéong xa Plutoni PU239 1 24360 nam. Sy phan hiy
dugc tinh theo cong thitc S = A - e, trong d6 A 13 khéi luong chat phong xa ban dau, r 1a ti le
phan hiy hang nam (r < 0), ¢ 1a thoi gian phan hiy va S 1a khoi lugng chat phong xa con lai.
Biét sau mot chu ki, s6 lugng chat phéng xa con lai sé bang mot nita s6 lugng chat phéng xa ban

dau. Hoi 6g Pu239 sau 30000 nam sé con lai bao nhiéu? (tinh gan ding)
(A) 2,554g. 2,555¢. (C) 2,5569. (D) 2,5579.

Cau 677. Goi N(t) 1a s6 phan tram cacbon 14 con lai trong mot bo phan clia mot cay sinh
trudng tit ¢ nam trude day thi ta 6 cong thic N(t) = 100.(0.5)7% (%) v6i A la hing s6. Biét ring
mot mau gd co tudi khodng 3754 nam thi lugng cdcbon 14 con lai 1a 65%. Phan tich mau gd tit
mot cong trinh kién tric co, ngudi ta thay luong cacbon 14 con lai trong mau gb 1a 63%. Hay xac

dinh tudi ctia mau gb dugc lay tit cong trinh do.

(A) 3874. (B) 3833. (C) 3834. (D) 3843.
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Cau 678. Gia st ctt sau mot nam dién tich ring ciia nude ta gidm x phan tram dién tich hién

c6. Hoi sau 4;1513 nita dién tich rfm%: cﬁ% nude ta sé 13 bao nhiéu phan dién tich hi4é£ nay?
@(1—100). 1-(1()0). ©) 60%. D1-

Cau 679. Dan s6 tinh Hai Duong nam 2013 1a 1, 748 triéu nguoi véi ti lé ting dan s6 hang nam

la r = 1,04%. Hoi dén nam nao thi dan s6 tinh Hai Duong dat 3 tricu ngusi? (Gia st ti 1¢ tang

dan s6 khong thay doi).

(A) 2067. (B) 2066. (C) 2065. (D) 2030.

Cau 680. Nam 2016, Viet Nam xuét khau hang may miic sang thi truong Chau Au véi téng sb
tien 1a 29 ty dong. Biét ring cit sau mdi nam thi tong s6 tien xuat khau hang may mic sang thi
truong Chau Au ciia Viet Nam tang them 10% so v6i nam trude. Héi nam nao dudi day 1a nam
dau tien ma téng s6 tién hang may mac Viet Nam xuat khau sang thi truong Chau Au dat tren
35 ty dong?

(A) Nam 2019. (B) Nam 2018. (C) Nam 2017. (D) Nam 2020.

5 Bai 5.1 Phuong trinh mu

51 CAC CAU HOI CHUA PHAN DANG

Mic d6 Van dung thap

522 —51z+10
t y =1
Cau 681. Goi (z;y) la nghiém nguyén cua hé phuong trinh . Khi d6 z +y

xy =15
bang

(A) 16, B) 75. 322 D) —14.

52 DANG PT MU CO BAN

Miic do Nhan biét

Cau 682. Giai phuong trinh 2¢°+3% = 1.

@xzo,x:?). mzl,x:—?). @le,sz. @xzo,x:—i’).
Cau 683. Giai phuong trinh 3°5 — 3% = 121.

@x:logzi’). x:—10g32. @x:10g32. @x:—logg?).
Cau 684. Nghiém ctia phuong trinh 128 = 2773 13

@x:—?). x:6. @leO. @x:?).
Cau 685. Phuong trinh 43772 = 16 c¢6 nghiém 13

@x:j 5. @ng @3.



PP dua vé cing co so 131

Mtc d6 Thong hiéu

R ) 27 — 373 — 4
Cau 686. Biet rang 3° — 377 = 4. Gia tri cia bieu thic 1" = o 1 9= la
1

AT =09 T:f. ©T=4 DT =4.
5.3 PP DUA VE CUNG CO SO
Miic d6 Nhan biét
Cau 687. Tim nghiém ctia phuong trinh 3°~! = 27.

@x:9. a:':3. @:1:':4. @leo.

1
Cau 688. Nghiém ctia phuong trinh 2017904 = 5017 1a
1
@x:—l. x:5. @x:O. @x:§

54 PHUONG PHAP DAT AN PHU

Miic do Nhan biét

Cau 689. Cho phuong trinh 4% 4 21 — 3 = 0. Khi dat ¢t = 2%, ta dugc phuong trinh nao duéi
day?

(A) 212 —3=0. Bt +t-3=0. (C) 4t —3=0. D)2 +2t —3=0.

Mtc d6 Thong hiéu

Cau 690. Tim tap nghiém S ctia phuong trinh 32+t —10-3% + 3 = 0.

@) 5 ={0;1}, ®s={-r1y.  ©Os={n-13. ©Os={1}
Cau 691. Tim tap nghiem S ciia phuong trinh 4*72 — 5.2¢ + 2 = 0.

@) s ={-1:1}. S ={-1}. ©s={1}. D) s =(-11).
Cau 692. Phuong trinh (2 + \/§>x + (2 — \/§>x = m c6 nghiém khi

@ m € (—o0;5). m € (2;400). (©) m € (—o0;5). @ m € [2;+00).

Cau 693. S6 nghiém ctia phuong trinh 3% — 317 = 2 13

A) 3. B) 1. (©) 2. D) 0.
Cau 694. Phuong trinh 9% — 3-3% +2 = 0 ¢6 hai nghiém x1, 25 vi 11 < zo. Gia tri clia 221 + 39
1a
(A) 3log, 2. B 1. (C) 41og, 2. (D) 2log, 3.
Cau 695. Goi x1, x5 1a nghiém ctia phuong trinh 521 +5-(0,2)*"2 = 26. Tinh S = 2% + 3.
(A) S = 10. B) S =6. (© S =4. D) S =12.

Cau 696. Tap n&}hiém S ctia phuong trinh 97 + 2.6 —3.47 =0 la

@sz{—;;y B S =o. (©) S ={1}. D) S = {0}.
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Cau 697. Tap nghiém ctia phuong trinh 49**1 + 7.7¢ — 56 = 0 1
A S =o. B) S = {1}. (© S ={0;1}. (D) S = {0}.
Cau 698. Tim tap nghiém S clia phuong trinh 572 + 5% — 6 = 0.

@) s = {0;1}. ®) S = {1;2}. ©) S5 = {0;—1}. D) S = {1}.

Mitc d6 Van dung thap

Cau 699. Tinh tong tat cd cic nghiém ctia phuong tri4nh 328 — 4375 4 27 = 2
(A) 5. B) 5. o —5
Cau 700. Goi 1, 75 13 hai nghiém ctia phuong trinh log, z + log, 2 = 5. Tinh gia tri ctia bicu
thaec T = T1.79.
(A)T = 32. B) T = 16. ©T=5 DT=1.
Cau 701. Tap nghiém S clia phuong trinh 2¢05°# 4 92sin®zteos®= — 5 13
@S:{g+kw|kez}. B) S = {kr | k € Z}.
T T
©s={Z+ker|kez). © s={k2|kez).

Mrtc d6 Van dung cao

Cau 702. Cho z,v,z la céc s6 thuc thda man 2° = 3Y = 67%. Gia tri cla biéu thic M =

ry +yz+xz la

(A) 0. B) 6. (©) 3. D) 1.

55 TOAN THAM SO VE PHUONG TRINH MU

Mtc d6 Thong hiéu

Cau 703. Cho phuong trinh 3% = m + 1. Chon phét biéu ding.
@ Phuong trinh c6 nghiém duong néu m > 0.
Phuong trinh luon c6 nghiém véi moi m.
@ Phuong trinh luon ¢6 nghiém duy nhat z = logs(m + 1).
@ Phuong trinh c6 nghiém véi m > —1.

Mitc d6 Van dung thap

Cau 704. Tim tat ci cac gid tri ctia tham s6 m dé phuong trinh 4% — 2m.2% +m + 2 = 0 ¢6 hai
nghiém phéan biét.

@—2<m<2. B)m > —2. ©m>2. @m<2.
Cau 705. S gia tri nguyéen ctia m dé phuong trinh (m + 1)16% — 2(2m — 3)4%* + 6m +5 = 0 c¢6 2

nghiém trai dau I

A) 2. B) 0. ©1. D) 3.
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Cau 706. Tim gia tri m dé phuong trinh 22#=1+1 4 2le=1l 4 = 0 ¢6 nghiem duy nhét.
1
@sz. m:§. @mzl. @mz—&
Cau 707. Tim tham s6 m dé phuong trinh 9° — 4 -3 —m + 1 = 0 ¢6 2 nghiem thuc phan biét
x1, To théa man x; + x5 = 1.

@mz?. m:—l. @m:—Z. @mzl.

Cau 708. Cho phuong trinh 9% —2(m —1)3% +3m —4 = 0. Gia tri thuc ctia tham s6 m dé phuong
trinh ¢6 2 nghiém phan biét z; x5 sao cho 1 +x9 = 3 la

@m:g. m:?)gl. @m:; @mz&
Cau 709. Tim tat ci cac gia tri thuc ciia tham s6 m dé phuong trinh 4% — 2! + m = 0 ¢6 hai
nghiém thyc phan biét.

@me(—oo;l). B) m € (0;+00). (©) m € (0;1]. @me(o;l).
Cau 710. C6 bao nhiéu gia tri nguyen ctia tham s6 m dé phuong trinh 4% —m2* ! +(2m?—5) = 0
¢6 hai nghiém phan biét?

A 1. B 5. (©) 2. D) 4.
Cau 711. Tim tap hgp tat ca céc gia tri ciia m dé phuong trinh 4% — m2*t! 4+ 3m — 3 = 0 ¢6 hai
nghiém trai dau.

@A) (—00;2). (15 +00). ©) (1;2). D) (0;2).

) . IR ,
Cau 712. Tim tat ca cac gia tri thuc ctia tham so m de phuong trinh <2> = m—1 ¢6 nghiém
thue.

@m>1. mzl. ©m<1. @m;«él

Mitc d6 Van dung cao

) . 2

Cau 713. SO gia tri nguyén cia m dé phuong trinh (m — 1) - 9% 4+ g(m —-2)-3" +m+3=0
c6 nghiém la

A1 B 2. (©) 3. D) 4.
Cau 714. C6 bao nhiéu gia tri nguyeén ctia m dé phuong trinh 6% + (3 +m)2% +m = 0 c6 nghiem
thuoc [0; 1]7

(A) 0. B 1. (©) 3. D) 2.
Cau 715. Tim tap hop céc gia tri cia tham s6 thiyic m dé phuong trinh 6% + (3 — m) 2% —m = 0
c6 nghiém thudc khoéng (0; 1).

@A) [3; 4]. 2; 4]. ©) (2; 4). D) (3;4).
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6 Bai 5.2 Phuong trinh 16garit

6.1 CAC CAU HOI CHUA PHAN DANG

Mic dé Van dung thap

Cau 716. Cho biét phuong trinh log,(3** — 1) = 2z + log1 2 ¢6 hai nghiém x; va z,. Hay tinh
tong S = 277 + 27%2

(A) S = 252. B) S = 45. ©S=9. (D) S = 180.
Cau 717. Co6 tat ca bao nhiéu cip s6 nguyen chdn (z;y) théa man 2% — 3¥ = 557
(A) 8. B) 2. (©) 16. D) 1.

Cau 718. Chon ngau nhién mot s6 tir nhién A c¢6 4 chit s6. Goi N 1a s6 thoa man 3V = A. Xac

suat dé N 1a mot s6 tu nhién bang
1 1 1
— 0. — —_—
4500 @ 2500 3000

6.2 DANG PT LOGARIT CO BAN

Mitc d6 Nhan biét

Cau 719. Giéi phuong trinh log,(x — 1) = 3.

(A) z = 63. B) z = 65. (©) z = 80. D)z = 82.
Cau 720. Nghiém ctia phuong trinh log%(x2 —-1)=-11a

(A) S = {-2}. B) S = {2}. ©S=wo. D) S = {-2;2}..
Cau 721. Tim tap nghiém S cta phuong trinh log,(z — 1) = 2.

(A) S = {5}. B) S = {1}. (©) S = {4}. D) S =wo.
Cau 722. Tim nghiém ctia phuong trinh log,(1 — x) = 2.

@x:—él. a::—3. @x:?). @a::5.
Cau 723. Tap nghiém S cta phuong trinh log,(2z + 3) = 1.

@) s =3} ®)s={-1}. © s ={0}. ©s={1

Mtc d6 Thong hiéu

Cau 724. Tim tap nghiém S cia phuong trinh logg [x(5 — z)] = 1.
(A) S = {2; -6} B) S = {2;3;4}. (©) S = {2;3}. D) S = {-1;2;3}.

Cau 725. Giai phuong trinh log%(:n —1)=-2.

@x:z m:; @ng @x:&
Cau 726. Tim tap nghiém S cia phuong trinh log,(z — 1) + log,(x + 1) = 3.
@) s ={-33} B 5= {4}

© 5 ={3}. D) § = {~v/10;10}.
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6.3 PP DUA VE CUNG CO SO

Mtc do Thoéng hiéu

1
@52{2}. B) S = {1}. (©) S = {0}. D) S = {2}.
Cau 728. S6 nghiém clia phuong trinh log; (2% — 6) = logg(x — 2) + 1 la
(A) 0. B 1. (©) 2. D) 3.
Cau 729. Giai phuong trinh 4 logg(z — 3) + logg(z — 5)* = 0. Mot hoc sinh lam nhu sau:
. >3
Budc 1: Dieu kién: (%)
x#5

Budc 2: Phuong trinh da cho tuong duong véi 4 logg(x — 3) + 4logg(z — 5) = 0.

=442
Budc 3: Hay la logg [(:c—3)(:c—5)] =0& (z-3)(z—-H)=1o21’-8r+14=0%
r=4—12
Déi chiéu vé6i diéu kien (), suy ra phuong trinh da cho cé nghiem 1a z = 4 + /2.
Bai gii trén dung hay sai? Néu sai thi sai ¢ budc nao?
(A) Budc 1. (B) Budc 3. (C) Budc 2. (D) Ding.
Cau 730. Tim tap nghiém S ctia phuong trinh log 5 (z — 1) 4 logi (z + 1) = 1.
A) S = {2+/5). B) S = {252+ 5}
3+ v1
© 53}, ®s-{*H0
Cau 731. Tap nghiem S clia phuong trinh log,(—x) — log,(82?) +1 =0 la
1
A) S = {— o) S:{—4}. ©S=2. D) S = {0;4}.
Cau 732. Tap nghiém S ciia phuong trinh logs (32 — 2z + 1) = logz(x + 1) 1a
(A) S = {1}. B) S = {o0}. (©) S = {0;1}. D) S =o.
Cau 733. S6 nghiém clia phuong trinh log;(22 + 1) + logg(z + 1) = 1 1a
@A) 2. B) 3. (©)o. D) 1.
Cau 734. Phuong trinh In(x + 1) + In(z + 3) = In(z 4+ 7) ¢6 may nghiém?
A) 0. B) 3. ©) 2. D) 1.

Mic dé Van dung thap

Cau 735. S6 tién ma An dé danh hang ngay 14 z (don vi nghin dong, v6i 0 < o € Z) biét z la
nghiém ctia phuong trinh log 5(z — 2) + logs(z — 4)? = 0. Tong s6 tién ma An dé danh dugc sau
1 tuan (7 ngay) la

A7 B) 21. (C) 24. D) 14.
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6.4 PHUCNG PHAP DAT AN PHU

Mtc do Thoéng hiéu

5
Cau 736. Phuong trinh log, 2 + log, z = 3
(A) C6 hai nghiem duong.

V6 nghiém.
@ C6 mot nghiém am.
@ C6 mot nghiém am va mot nghiém duong.

Cau 737. Tong cac nghiem clia phuong trinh log,(z — 1)? = 2log, (2 +z + 1) la:

A) 9. B) —2. © 1. D) 0.

Miitc d6 Van dung thap

Cau 738. Tich cic nghiém cua phuong trinh log, (1252) logg5 r = 1 bing
7 630 1
5 B ot o (D) 630.

6.5 PHUONG PHAP PHAN TIiCH THANH TIiCH

Mic dé Van dung thap

Cau 739. Giai phuong trinh log; x + log, * = 1 + log; z. log, x 1a

@|°° [ng- ©| " D) z=1.

r=4 r=1 r=4

6.6 PHUONG PHAP HAM SO, DANH GIA

Mic dé Van dung thap

Cau 740. Tap nghiém ctia phuong trinh log (22 —x — 6) +z = log (z + 2) + 4 1a

@ {1} {41 © {3}, © {2}

A . . % T N o R 2$2+1 (erL)
Cau 741. Tinh tich tat ca cac nghiém thyc cia phuong trinh log, 5 + 2\ ) =5,

x
1

(A) 0. B 2. © 1. (D) 5
Cau 742. Hoi phuong trinh 322 — 6z + In(xz 4+ 1)® + 1 = 0 ¢6 bao nhiéu nghiém phan bigt?

@A) 2. B 1. (©) 3. D) 4.

Mitc d6 Van dung cao

Cau 743. Tinh tong tat cd cac nghiém ciia phuong trinh

3 +322—-3x—-5
2 +1

A) -2+ 3. B) 2. ©o. D) -2 - V3.

log +(z+1)P° =22 +62+7.
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6.7 TOAN THAM SO VE PHUONG TRINH LOGARIT

Mtc do Thoéng hiéu

Cau 744. Tim cac gia tri thuc ctia tham s6 m dé phuong trinh logs z — 2mlog, z +2m — 1 = 0
c6 hai nghiém thl_IC T1, o thoa man zize < 64.

@ m € ( ; @ m € (

@me 006\{1} @me 003\{1}

Miitc d6 Van dung thap

Cau 745. Gia tri ndo ctia m dé phuong trinh 10g§ x4+ logg x+1—2m—1=0 co it nhat mot
nghiém thudc doan {1; 3‘/5}.

(A)1<m<16. B)4<m<8. (©3<m<8. D)0 <m<2.
Cau 746. Tim céc gia tri thuc ctia tham sé m dé phuong trinh logg r—3logsx+2m —7=0co
hai nghiém thuc zq, zo théa méan (z; + 3)(z2 + 3) = 72.

61 . 9

@m:?. m:3. @kh()ngt@ntai. ®m:§
Cau 747. S6 céc gia tri nguyeén ciia tham s6 m dé phuong trinh log 5 (# — 1) = log, (mz — 8) c6
hai nghiém thuc phan biét la

A) 3. B) 4. (©) 5. (D) Vo sb.
Cau 748. Tim tap hop cac gia tri cia m dé phuong trinh logg 5 (m + 6z) +logy (3 — 2z — 2%) = 0
c6 nghiém duy nhat.

(A) (—6;19). (—6;18). ©) (-3;18). D) (—6;19).
Cau 749. Tim tap hgp tat ca cac gia tri ctia m dé phuong trinh logs x — log, 22 + 3 = m c6 ding
hai nghiém thudc [1;8].

@) (3;6]. (2:6). © [3:6). D) (2:3.
Cau 750. Tim gia tri thyc ctia tham s6 m dé phuong trinh logg x—mlogsr+2m —7 =0 c6 hai

nghiém thuc x1,29 thoa man x;z, = 81.

@m:—4. m:4. @m:81. @m:44.

Mitc d6 Van dung cao

Cau 751. Tim m dé ton tai duy nhat cap s0 (z;y) thoa man log,s, 2 (42 + 4y — 4) > 1 va
22+ + 22 -2y +2—m=0.

@ (VID - v3)” B) VI0 - V3 v VIO 4 V2

© (VIO - v2)’ v (VIO 4 v2)" D) vI0 - v2

Cau 752. Goi S la tap hop tat ca cac gia tri cdu m sao cho 10m € Z va phuong trinh 2log,,,, - (22?—
5x +4) = 1og /mz=s(2* + 22 — 6) ¢6 nghiem duy nhat. Tim s6 phan tit ciia S.

(A) 15, B) 14. (C) 13. (D) 16.
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Cau 753. Hoi c6 bao nhiéu gia tri m nguyén trong [—2017;2017] dé phuong trinh log(mx) =
2log(z + 1) ¢6 nghiem duy nhat?
(A) 2017. (B) 4014. (C) 2018. (D) 4015.

Cau 754. Tim cac gia tri clia tham s6 a dé phuong trinh sau c6 nghiem duy nhat logy 22 +

ay/logzz3 +a+1=0.
@a<—1. azl. ©a<1. @Khéngténtaia.

7 Bai 6.1 Bat phuong trinh ma

7.1 CAC CAU HOI CHUA PHAN DANG

Mitc dé Van dung thap

/ /2016
Cau 755. S la tap nghiém ctia bat phuong trinh /3x + 1+ 2z +4 < 3 — 2017 Ho6i S 1a con
cua tap nghiém nao dudi day

@) [~2;0). (—2;0). ©) (~2;+00). D) (0; +00).

7.2  DANG BPT MU CO BAN

Mtc d6 Thong hiéu

Cau 756. Tap nghiém ctia bat phuong trinh 372 > ; 1a

(A) (—o0; —4). [—4; +00). (©) (o0 D) (—4; +00).
Cau 757. Tap nghiém ctia bat phuong trinh 31*~2l < 9 1a

@) (0:4). (~1:5). © (-1:3 © (-22)

7.3 PP DUA VE CUNG CO SO

Mitc d6 Nhan biét

P 1
Cau 758. Tim tap nghiém S clia bat phuong trinh 57t — 5> 0.

(A) S = (1;4+0). S=(-1;400). (O 8= (-2+x). [D)S=(—00;—2).

Mtc d6 Thong hiéu

. . 1\ 7"
Cau 759. Tap nghiem S ctia bat phuong trinh 572 < (25) 1a

@ S = (—o0;2). S = (—o0;1). @ S = (1;+00). @ S = (2;+00).
B 1 2x—10
Cau 760. Bat phuong trinh 9o —3r+d < (2> ¢6 bao nhiéu nghiém nguyén duong?

@A) 2. B) 4. © 6. D) 3.
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P 1\ =z
Cau 761. Tim tap nghiém S cia bat phuong trinh (3) > 0.
1 1
@Sz(—oo;—Q)U(O;—i—oo). B) S = ( 3 )
1 1

Cau 762. Tap nghiém ctia bat phuong trinh 227 < 2746 13

@) (06). (~00:6). © (0;64). D) (6;+0c).

Vs

Cau 763. Tap nghiém ctia bat phuong trinh <3> > 377 1a

(&) (25 +oc). (1;2). © 12 D) [2: +00).

74 PHUONG PHAP DAT AN PHU

Mtc d6 Thong hiéu

Cau 764. Bat phuong trinh log, (z + 7) > log, (x + 1) ¢6 bao nhiéu nghieém nguyen?

(A) 1. B) 2. (©) 4. D) 3.
Cau 765. Tim tap nghiém S ctia bat phuong trinh 9% — 10.3*+1 481 < 0

(A) S = (3; +00). S = (0; +00).

@S: 1;3). @S: —00; 1) U (3; 4+00).

7.5 PHUONG PHAP LOCGARIT HOA

Mtc d6 Thong hiéu

xT

Cau 766. Cho ham s6 f(z) = . Khing dinh nao dudi day la sai?

a1

T 7:52—1 )
@f(x) >1s T+ log, 7 > T+ log. 3 f(m) >16 z.logi3> (27 —1)log, 7.
@f(x)>1(:)$>(x2—1)10g37. @f(:v)>1(:)xln3>(x2—1)ln7.

. N _ - .

Cau 767. Cho ham s6 f(z) = (2> - 5%, Khang dinh nao sau day la sai 7

@f(x)>1<:>x2—|—xlog25>0. f(x)>1<:>x—x210g25<0.
@f(x)>1@x2—xlog52>0. @f(x)>1(:)—xln2+x21n5>0.

7.6  TOAN THAM SO VE BPT MU

Mic dé Van dung thap

Cau 768. Tim tap hop cac gia tri thuc ctia m dé bat phuong trinh: m.9v2e—2* _3v2r—22 L gy 1 <
0 co nThiém.

Blpw) ®(=) ©f @)
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7.7 BAI TOAN BPT CO NGHIEM, VO NGHIEM TREN K

Miitc d6 Van dung thap

Cau 769. Cho bat phuong trinh 25°7 4 3¢0s™r >y 3sin*s Pyiay kien clia tham sb m dé bat phuong

trinh c6 nghiém 1a

(A)m < 4. B) m < 4. (© m > 4. D) m > 4.

8 Bai 6.2 Bat phuong trinh l6garit

8.1 CAC CAU HOI CHUA PHAN DANG

'Miic do Thong hidu|

v e 2 2
Cau 770. Dé giai bat phuong trinh In ’ 7 > 0 (%), mot hoc sinh lap luan qua ba buée nhu sau:
w _
R 2 <0
Bude 1: Didu kien: ——— >0 | (1)
T — z>1

Buée 2: Ta ¢6 In

2 2 2
x1>()<:>ln x1>1n1<:>—x1>1(2)

Busc 3: (2) @2x >0 —1< x> -1 (3)
Két hop (3) va (1), ta duge “lr<d
x>1
Vay, tap nghiém ctia bat phuong trinh 1a (—1;0) U (1; +00).
Hoi lap luan trén ding hay sai? Néu sai thi sai § budc nao?
(A) Lap luan hoan toan ding. Sai ¢ budc 1.
@ Sai 6 buée 2. @ Sai ¢ bude 3.

Mitc d6 Van dung cao

Cau 771. Trong cic nghiém (z;y) théa man bat phuong trinh 10g,249,2(27 +y) > 1. Gid tri l6n
nhét ctia biéu thitc T = 2z + y bing

® ® . ©; Do

8.2 DANG BPT LOGARIT CO BAN

Miic do Nhan biét

Cau 772. Tim tap nghiém S ctia bat phuong trinh logi(z +1) <logy(2x —1).
1
@A) S=(@2+00). B S=(-x2). ([©5= <2;2>. D) S =(-12).
Cau 773. Tap nghiem ctia bat phuong trinh loge (22 — 2x) < loge (z + 4) 1a

(A) S = (—4;—1) U (4; +00). B) S = (—o0; —1) U (4; +00).
(©) S = (—o00;0) U (2;4+00). @S:Q
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Mtc d6 Thong hiéu

Cau 774. Giai bat phuong trinh log,(3z — 1) > 3.

1 10
@x>3. §<x<3. ©x<3. x>§.
Cau 775. Tap nghiém ctia bat phuong trinh log,(2? — 3z + 3) > 0 1a
@ (—o0;1]. [2; +00).
©) [1;2]. (D) (—o0; 1] U [2;400).

Cau 776. Biét tap nghiem S ctia bat phuong trinh log [logs(z — 2)] > 0 1a khoang (a;b). Tinh
6
b—a.

@) 2. B) 4. (©) 3. D) 5.
Cau 777. Tim tap nghiém ctia bat phuong trinh log,(x — 1) < 3.
(A) (—o0;10). (1;9). (©) (1;10). (D) (c0;9).

Miic d6 Van dung thap

Cau 778. Tim tap xac dinh 2 ctia ham s6 y = log\nﬁ(Qx —1).

B 7= (Li4). B 2= [1;+o). @@:(2;1>. @9:(2;1}

8.3 PP DUA VE CUNG CO SO

Mtc d6 Thong hiéu

Cau 779. Tim tap nghiém S ctia bat phuong trinh log;(x — 1) +logs(11 — 2z) > 0.

@) S = (1:4]. B) S = (—oc; 4. © 5= ( ”). D) s -

8.4 PHUCONG PHAP DAT AN PHU

Mtc do Thoéng hiéu

Cau 780. Tim tap nghiém S ctia bat phuong trinh logs 2 — 5log, = + 4 > 0.
(A) S = :2] U [16; 4-00). S = [2:16].
© S = 16+oo) (D) S = (—o00; 1] U [4; +00).

Miic d6 Van dung thap

log, 2 log 22

< 1.
logox  logyx —1 —

0y (o;ﬂ U (1;v/2] U (2; +00). B (o; ﬂ U (1;v2].
(© (0; H U [V2; +00). (D) (0; H U [1; +00).

Cau 781. Tim tap nghiém S ctia bat phuong trinh
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8.5 BAI TOAN BPT NGHIEM DUNG VOI MOI X THUOC K

Miic do Van dung cao

Cau 782. Tim tat ci gia tri thyc ctia tham sé m dé bat phuong trinh
log, (72 + 7) < logy(ma® + 4z + m)

nghiém dang v6i moi z > 0.

(A) m > 5. B) m < 14. ©m>T1. D) -1 <m< 14

8.6 BAI TOAN BPT CO NGHIEM, VO NGHIEM TREN K

Mitc d6 Van dung cao

Cau 783. Cho bat phuong trinh logy, 11+1log1 (V22 + 3az + 10 + 4) - logs, (22 + 3ax + 12) > 0.
° L 7 Z

Gia tri thyc ctia tham s6 a de bat phuong trinh trén c6 nghiém duy nhat thuoc khodng nao sau

day?

@) (-1;0). (1;2). ©) (0;1). D) (2;+00).

87 CAC BAI TOAN TONG HOP VE MU VA LOGARIT

Mitc dé Van dung thap

Cau 784. Tim tich tat ci cdc nghiém clia phuong trinh 4- 3log(1005) | g 4loa(102) _ 13. Gl +logw
A1 0,1. (C) 100. D) 10,

Cau 785. Goi , y 1a s6 thyc duong thoa man dieu kien logy x = loggy = log, (v + y) va T
Y

— b 2
L\/— véi a, b 1a hai s6 nguyén duong. Tinh a.b.

2
@a.b:5. a.bzl. @a.b:& @a.b:4.

Mitc d6 Van dung cao

Cau 786. Cho céc s6 thuc duong z va y thoa man 4 4+ 9 - 372 = (4 + 9‘”2‘2@/) 722 Ty

) . 2y + 18
gia tri nho nhat ctia biéu thic P = %
x
2
@®p=2t Broo
@ P=1+92. @ Ham s6 khong c6 gia tri nhé nhat.

Cau 787. Goi S la tap cac cap s6 thuc (z,y) sao cho xz € [—1;1] va In(z — y)* — 2017z =
In(z —y)¥ — 2017y + €218, Biét riang gia tri 16n nhat clia biéu thitc P = 2187 (y + 1) — 201822 v6i
(z,y) € S dat dugc tai (xg;yo). Ménh dé ndo sau day diang?

@xoe (—1;0). B) zp = —1. @:cozl. @:L‘OE [0;1).



Chuong 3: Nguyén ham, tich phan va
ung dung

1 Bai 1.1 Nguyén ham (dinh nghia va tinh chat, mé rong)

1.1 CAC CAU HOI CHUA PHAN DANG

Mic dé Van dung thap

Cau 788.

Mot vat chuyén dong trong 4 gio véi van tdc v (km/h) phu thude thoi gian
¢ (h) 6 dd thi la mot phan clia dudng parabol ¢6 dinh I(1;1) va truc déi 10
xiing song song v4i truc tung nhu hinh bén. Tinh quang duong s ma vat

di chuyén dugc trong 4 gio ké tit lac xuat phat.

@3:6km. 3:8km. @3:436km. @s——km

12 CAC CAU HOI LY THUYET

'Mitc do Nhan biét|

Cau 789. Khang dinh nao trong cac khéng dinh sau la sai?
@/kf dx:k/f( )dz véi k € R.

./ x) + g(x da:—/f dx+/g )dz véi f(x), g(x) lién tuc trén R.
@/ ada:— C“H#—C'V(jla;zé—l
/f x dx = f(x)

Cau 790. Cho hai ham s6 y = f(x), ¥y = g(x) c6 dao ham trén R. Phat biéu nao dusi day
ding?

@ Néu /f’(a:) do = /g’(x) dz thi f(z) # g(x),Vz € R.

Néu f(x) = g(x) + 2017, Vz € R thi /f’(x) dzr = /g'(x) dz

(C) Néu /f(x) doe = /g(x) dz thi f(z) # g(x),Vz € R.

143
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(D) Néu /f’(:c) de = /g’(a:) do thi f(z) = g(x),Vz € R.

Cau 791.
Diém M trong hinh vé bén la diém biéu dién s6 phic M y
oo 1
(A)z=—-2+i. B)z=1-2i. ;

©z=2+i. D) 2 =1+2i.

Mtc d6 Thoéng hiéu

Cau 792. Mot vat xuat phat tit A chuyén dong thing va nhanh dan déu véi van téc v(t) = 1+ 2t
(m/s). Tinh van tdc tai thoi diém ma vat dé cach A mot khodng 20 m (gia thiét thoi diém vat
xuat phat tir A tuong ting véi ¢t = 0).

(A) 12 (m/s). 11 (m/s). (©) 10 (m/s). (D)9 (m/s).

1.3 CAU HOI GIAI BANG DINH NGHIA

Mrtc d6 Thoéng hiéu

Cau 793. Biét F(x) 12 mot nguyén ham ctia ham s6 f(x) = sinx va do thi ham s6 y = F(z) di
qua diém M (0;1). Tinh F (g)

@F(3)=o ®F(5)=1 ©F(%)=2 D F (%)=~

Mitc dé Van dung thap

. 1 >
Cau 794. Biét /f(x) de = 2zxIn(3z—1) + C véi z € (9;—1—00). Khang dinh nao sau day

dang?
@/f Jdz =2xIn (92 — 1) 4+ C. ./f Jdzr =6xIn(3z — 1) 4+ C.
@/f Ydr =6xIn (92 — 1) + C. @/f Jdz =3zIn(9z — 1) + C.

14 CONG THUC NGUYEN HAM CO BAN, MO RONG

Miic do Nhan biét

. 1
Cau 795. Nguyén ham ciia ham s6 y = 22 — 3z + — 1a
T

x3 3 3 3x? 1

————1 . —_—— 4+ — )

3 2 nlz|+C i33 2 —i—xQ—i—C
©f—7+lnx+0 @%—7+ln|m|+0.

Cau 796. Nguyén ham ctia ham s6 f(z) = 223 1a
zt t T
@Z—I—O 5—1-0 ©3$2+$+C. @Z~I—x+0.

Cau 797. Trong cac ménh dé sau, ménh dé nao sai?

@/exdx:e$+0. /2xdxzx2+0.
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1
@/;dx:1n|x|+0. @/sinxdxzcosx+0.
Cau 798. Tim nguyén ham ctia ham s6 f(z) = cos 2z.
1
@/f(x)dxzﬁsirﬂx%—a ./fx :——sm?x—i-C’
@/f(x)dx:281n2x+0. @/fx :—251n2:c—|—0.

Cau 799. Ho nguyén ham ctia ham s6 y = sinx 1a
@cosx—f—C’. —cosx+C’. @tanx+0. @cotx+0.

Cau 800. Tim nguyén ham ctia ham s6 f(z) = cos 3z.

@ /Cos3mda: = 3sin3z + C. /Cos3xdx = sm33.7: +C.
in 3
@/COS3[L’dZB= _sm3 a: + C. @/cos3azd$:Sin3x+C’.
. 1
Cau 801. Tim nguyén ham cta ham s6 f(z) = —t
l’_
dx 1 dx 1
— =1 -2 . /7:——1 -2 )
@/596(1_2 511]53: |+ C 5xd_2 2n(5:1: )+ C
x T
55 — 2l + O / — |5z — 2|+ C.
©/5x—2 5ln bz — 2|+ C (D) S n|br —2|+C

Mtc d6 Thong hiéu

Cau 802. Tim ho nguyén ham ctia ham s6 f(z) =

2\/2x +1
@/fx Ydz =2z + 1+ C. ./f =222 +1+C.
1 1
C. [ 1@ de =2 C.
©/f NS D [ 1@ pVEr Lt
Cau 803. Tim ho nguyén ham ctia ham s6 f(z) = 2018,
1
@/f(x)dx:ezm&”—l—a /f(x)dx:m-emlgx—l—@
@ /f(x) dz = 2018¢*"1%* + (. @ /f(x) dz = e*"1%* . 1n 2018 + C.
Cau 804. Trong céac khang dinh sau, hay chon khang dinh diing.
32w 9z
2x _ 2 —
@ [ d _ln3+0. ® [3d =+ C.
JEL ©) [3de = NS
@ 3*dx = T = 1
. 2
Cau 805. Trong cac ham s6 sau: (I) f(z) = tan?z+2, (II) f(z) = . (ITT) f(z) = tan?z+1.
Ham s6 nao ¢6 nguyén ham 1a ham s6 g(z) = tan x?
(A) Chi (11). Chi (II1). (C) Chi (11), (III). D) (1), (11), (I11).
Cau 806. Tim nguyén ham ctia ham s6 f(z) = 2z — 1.
2
@/f dx:§(2x—1)\/2x—1+0. ./f 2x—1)\/2x— el
@/f dz = — (2x—1)\/2x— +C. @/f 2:13—1)\/2:16— +C.
1 . ‘
Cau 807. Cho f(x) = w3 Ham s6 nao sau day khong phai la nguyén ham cua f(x)?
T
In |2 In|4
® Fla) =" ® Fr) = 20
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3
In |z + =|
In |4 6
@F(x):n|z+|+4. @F(w):TQ—l—éL
Cau 808. Ho nguyén ham ctia ham s6 f(r) = €?® la
1 1
(A) 2¢* 4 C. ¢ +C. © ¢+ C. D) > + C.

. 1
Cau 809. Cho F(z) la mot nguyén ham ctia ham so f(x) = p— thoa F'(2) = 1. Tinh F'(3).
x —_—
(A FB)=I2+1. B F(3) =2 ©FB)=1-m2. D) F@B)=In2-1.

Cau 810. Tim ho nguyén ham ctia ham s6 f(x) = 2z + sin 2z.
1 1
@12—500821'-1-0. :L‘2—|—§COSQI'+C. (©) 42 —2cos2z +C. (D) 2% + 2cos 2z + C.

1.5 TONG, HIEU, TICH VOI SO CUA CAC HAM DON GIAN

Miic do Nhan biét

Cau 811. Ho nguyén ham ctia ham s6 y = 22 + 1 13

3 3 2
@%+a¢+0. %+C. (©) 2z +C. ®%+x+0.
Cau 812. Ho nguyén ham ctia ham s6 f(z) =322 + 1 la
3
(A) 2%+ C. %+x+C’. (©) 6z + C. D) 23 + 2+ C.

Mtc d6 Thoéng hiéu

. 1 B}
Cau 813. Néu /f(:zc)da: = — +1n|2z| 4+ C véi z € (0;+00) thi ham so f(x) 1a
x

@f(a:>=—;+;- f:v=ﬁ+i-
©) f(=) —+1 (2). D) f(x) 1 2133
Cau 814. Tim nguyén ham ctia ham s6 f(z) :xQ—i—;z.
3
@ [ fw)d —i+c. ®) [ fx)d :”g—:lﬁc.
2 1
@/f —+ +C. @/f =5 +-+C.

Cau 815. Cho ham sb f(x) = " 4 Ging. Tim m dé nguyén ham F(z) cta f(x) théa man
T
F(0)=0; F(r) =5.

@sz. m:3. @m:4. @mzl.

1.6 HAM PHAN THUC (CHI BIEN DOI, KHONG DAT)

Mrtc do Thoéng hiéu

Cau 816. Tim ho cdc nguyén ham clia ham s6 f(z) =

3 2
@/f(a:)da::%+%+x+ln|x—1|+0.
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/f(:c)d xg—l—x;—i-x—l—ln(x—l)—l—C.

X

@/f(l‘)dl‘:3—3;2+£E+1I1|$—1|+C.
@/f(m)dx:% x;—i-x—i-ln(x—l)vLC.

w

w

Mitc do6 Van dung thap

L s . 2017
Cau 817. Biét rang F(z) la mot nguyén ham trén R ctia ham s6 f(z) = (3(;2—1—1;018 thdéa man
F(1) = 0. Tim gia tri nhé nhat m ciua F(z).
1 — 22017

1 1+ 22017 1
@m:_i‘ B)m= T 92018 - ©m= T 92018 ®m:§

1.7 HAM LUONG GIAC (CHI CAN BIEN DOI, KHONG DAT)

Mrtc do Thoéng hiéu

Cau 818. Tim ho ctia nguyén ham f(x) = tan 2z.
@ /tan2xdx =2 (1 + tan? 2x> +C. /tan2xdx = —In|cos 2z| + C.

1 1
@ /tanQ:de =3 (1 + tan? 21’) +C. @ /tan?wdx = —§ln]0052x\ +C.

Miic do6 Van dung thap

1

Cau 819. Tim cac ho nguyén ham ctia ham s6 f(r) = —5———
sin? z cost

1
dr = = tan®x + 2tan®z —
3 tanx

(x)
/f(x)dx:itan $+2tanx—tan$+0
1
(x)
(x)

tanx

1.8 NGUYEN HAM CO DIEU KIEN (CHI BIEN DOI)

Miic do Nhan biét

P D 14
Cau 820. Cho ham s6 F'(z) la mot nguyén ham cia ham s6 f(z) = cos 3z va F' (g) = — thi

3
13 1
@F —sm3x+§ F(:B):—gsin3x+5.
1 1 13
(C) F(x) ) = 5sindz +5, @F(x):—gsin3x+§.

Mtc d6 Thong hiéu

Cau 821. Tim nguyén ham F(z) ctia ham s6 f(x) = 6x + sin 3z, biét F(0) = =

3 2 3
@F(a:):3x2—cozx+§. F(:r):3$2—cozx—1
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3 3
@F(z):3x2+cosm+1. @F(m):?)xz—cosx—l—l.
Cau 822. Cho ham s6 f(z) théa man f'(z) = 2 — 5sinz va f(0) = 10. Ménh dé nao dudi day
diang?
@f(x):2x+5cosx+5. f(x):2x+5cosx+3.
@f(m)sz—5cosa:—l—10. @f(:z:)z?x—5cosx+15.

2 Bai 1.2 Phuong phap tim nguyén ham

2.1 THE HIEN QUY TAC DOI BIEN (CHO SAN PHEP DAT T)

Mtc d6 Thong hiéu

Cau 823. Tim ho nguyén ham ctia ham s6 f(z) = 5%.

52x 25%
2x -9 ] /2w _ ]
@ [ d 40 5% dy %12+51+C
© [ de =25 m5+C. ©) [ 5 de = 5+1 +C
x

Cau 824. Nguyén ham ctia ham s6 f(x) = /3x + 1 1a
1
@/f(:):)dx:§\3/3x+1+0. ®) [ fle)do = VBrr1+C.

@/f(x)dx:;(3x+1)\3/3x+1—|—0. @/f(x)d:c:i(3x+1)\3/3x+1+0.

2.2  THE HIEN QUY TAC NGUYEN HAM TUNG PHAN

Mtc d6 Thong hiéu

Cau 825. Tinh F(x) = /:r;cosxdx ta duge két qua

@F(x):xsinx—cosx—l—C. F(x):—xsinx—cosx—l—C.
@F(m):xsinx+cosx+0. @F(a:):—a:sinx+cosx+0.

2.3 DOI BIEN T KHONG QUA BIEN DOI (DT CO SAN)

Mtc d6 Thong hiéu

Cau 826. Tim ho nguyén ham ctia ham s6 f(z) = 2% - e*'+1.

@/f(x)dx:ex4+1+0. f(z)dz = 4”1 4 C,

4
1

@/f(:v)dx:%ex4+l+0. @/f(x)da:zzex4+l+0.

A . s In 3z
Cau 827. Tim ho nguyén ham cia ham so f(x) = )

x
1 1 3 1
@61n23x—|—0. gln23x—|—C. ©§ln23$+0. ®§ln23$—|—0.

Cau 828. Cho ham 6 f(z) thoa f'(z) = 3—5sinx va f(0) = 10. Ménh dé nao dudi day dung?

@f($)23$+5005$+5' f(x)=3x—|—5cosx+2.
©) f(z) =3z —5cosz + 2. @f(m):3x—5cosx+15.
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2.4 PP TUNG PHAN VOI (U = DA THUC)

Mtc do Thoéng hiéu

Cau 829. Nguyen ham ctia ham s6 f(z) = x.e* la:

@F:L‘:fe (m—é)—i—C’. F(m):262x<x—;)—l—0.
(C) F(z) = 2% (2 —2) + C. D) F(z) = ;e% (x—2)+C.
Cau 830. Tim ho nguyén ham ctia ham s6 f(z) = x cos 2.
@3381;1233_0012%_}_0‘ msinQ:v—COSQQCEqLC’.
@xsin2x+cos22x+0. ®xsi;12x+cosfx+a

Miic d6 Van dung thap

Cau 831. Cho F(z) = z? 1a mot nguyén ham ctia ham s6 f(z)e?*. Tim nguyén ham ctia ham s6
f/(x)em:‘
@/f’x e do = —2® + 22+ C. /f’(x)ehdx:—xz—i—x—i—a
@/fx doz =2? — 22+ C. @/f’(m)e2wdx:—2x2+2x+0.

2.5 PP TUNG PHAN VOI (U = LOGARIT)

Mitc dé Van dung thap

Cau 832. Tim nguyen ham ctia ham s6 f(z) = v/zInz.

@/f(x)dx:;xg(iilnx—Q)—i-C’. /f(x)d
@/f(x)dng 2(3lnz—1)+C. @/f(m)dx

2?(3Inz —2) + C.

l\.’)\w

@\ww\w

z2(3lnz —2)+C.

2.6 KET HOP BIEN DOI, DOI BIEN, TUNG PHAN

Mitc do6 Van dung thip

Cau 833. VOl Cla hang s6. Tim meénh dé sai trong cdc ménh de sau.

@/ Jdo = ln’$_2+0.

T+ 2
1 . 1 .
./ sin z. sin 3z) d1::—§s1n4x+1sm2x+0.

@/xexdx:xe”—e’”%—a

1 2018 — ( )
@/x( + ) dx 5019 +C
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2.7 NGUYEN HAM CO DK (PP TUNG PHAN)

Miitc d6 Van dung thap

Cau 834. Cho a la s6 thyc duong. Biét rang F'(z) 1a mot nguyen ham ctia ham s6
1 1 N

f(z)=¢€" <1n(am) + ) théa man F’ () = 0 va F(2018) = 28, Menh dé nao sau day dung?
T a

@a€<20118;1>. a@( 2018} (©) a € [1;2018). (D) a € [2018; +00).

Mitc d6 Van dung cao

Cau 835. Cho F(z) = (x — 1)e” la mot nguyén ham ctia ham s6 f(x)e?®. Tim nguyén ham ciia
ham s f/(z)e?.
9 _
@/f’ e dr = (4 —2x)e” + C. /f’(x)e%dx: Qxe””%—C.
@/f )e**dz = (2 — x)e” + C. @/f’(x)e%dx:(x—Q)em—l—C.

3 Bai 2.1 Tich phan (dinh nghia va tinh chit, mé rong)

3.1 CAC CAU HOI CHUA PHAN DANG

Mtc do Thong hiéu

. P e Inz
Cau 836. V6i cach doi bién v = v/1 + 3Inz thi tich phan ——————— dx tré thanh
P 1 zv1+3nx

@g/iuz—l)du. 3/12(u2—1)du. @2/12(u2—1)du. @3/12“2;1@

Miic d6 Van dung thap

Cau 837. Cho ham s6 f(z) lien tuc tréen R théa man f(tanz) = cos’z,Vo € R. Tinh [ =

1
/f(:c) dz
0
2+ 2+m T
: 1. . —.
@2 o D
. 1
Cau 838. Cho ham s6 f(x) lién tuc tréen R* thoa man f'(z) > z+ —, Vo € RT va f(1) = 1. Tim
T
gia tri nhé nhat cua f(2).
@A) 3. B) 2. ©§+1n2. D) 4.

Cau 839. Cho f, g la hai ham s6 lién tuc trén [1; 3] théa man:
3

| () +39()) dx—lo/ (2f(x) — g(x)) dx = 6.

1

Tinh]:/(f(x)Jrg(:v)) dz.
(A)I=6. B)I=s. ©rI1=1. D) 1=09.
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e

2 Pe 1 - l
Cau 840. Dadi bien u = Inz thi tich phan / 2na: dz tré thanh
x
0 1 ' 0 1
@ /(1 —u)e" du. /(1 —u) du. @ /(1 —u)e®™ du. @ /(1 —u)e " du.
1 0 1 0

3.2 CAC CAU HOI LY THUYET

Mic d6 Van dung cao

2

Cau 841. Cho /f(t) dt = x - cos(mz), x > 0. Tinh gia tri cua f(4).
0
1 1 1
@ ].. Z. @ _1- @ 5.

3.3 CAU HOI GIAI BANC DINH NGHIA, Y NGHIA HH

Mtc d6 Thong hiéu

Cau 842. Cho ham s6 f(z) ¢6 dao ham tren doan [1;2], f(1) =1 va f(2) = 2.
2

Tinh I :/ f'(z)dx
1

A)I=1. B)I=-1. ©1=3. @1:;.
2
Cau 843. Gia tri ciia s6 thuc a sao cho /x?’dx:2 1a
(A) a = +1. B) a=+2V2. . @a:i;ﬁ. D) a = +2V/2.

4 3
Cau 844. Cho ham s6 f(z) thoa man / fla)de = 4, / f(z)de = 2. Khi d6 gia tri cta téng
0

2

jf(x)dx+/4f(m)dx bang

0
A) 2. B) 4. ©) —2. D) 6.

Cau 845. Cho F(z) 1a mot nguyén ham ctia ham s6 f(x) = hlxx Tinh I = F(e) — F(1).
A)I=e I:i. @I:;. D)1 =1.

3.4 SUDUNG NGUYEN HAM CO BAN, MO RONG

Miic do Nhan biét

20177
Cau 846. Gia tri ctia tich phan / sinz dzx 1a

@) 2. " ©) 3. D) o.
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Mtc d6 Thong hiéu

9 4
Cau 847. Biét f(z) 1a ham lien tuc trén R va /f(:r:)dx = 9. Khi d6 gié tri cta /f(?)a: — 3)dz
0 1

la
A) 27. B 3. (C) 24. D) o.
2
Cau 848. Tinh [ = [ 26 da.
0
@I:3e4—1. B) I = 4e*. O 1I=e¢"-1. @I:e4.
5
Cau 849. Tinh tich phan I = /cosxdx.
0
1 V3 1 V3
@ -3 -5 ©3 ObX
Fod
Cau 850. Tich phan 0/3053 bang
16 ) ) 2

Cau 851. Trong khong gian Ozyz, cho hai diém A(—1;2;1) va B(2;1;0). Mat phang qua A va
vuong géc v6i AB c¢6 phuong trinh la

@3x—y—z—6:0. 3x—y—z—|—6:0.

©x+3y+z—5:0. ®x+3y+z—6:0.
1
Cau 852. Tinh tich phan I = / 2" du.

0
(A) =2 —1. B) I = 2e. (©I=2e+1. D) =2 —2.

35 TONG, HIRU, TICH VOI SO CUA CAC HAM DON GIAN

Mtc do Thong hiéu

2 2
Cau 853. Cho [ = /f(x)dx — 3. Khi d6 J = / [4f(z) — 3] dz bing
0 0
@A) 2. 6. (©) 8. D) 4.
Cau 854. Giai phuong trinh / etdt = 22017 _ 1
0

(A) z = 2017. B) z =2017In2. (C©) x =1n2017 . ®I:21101127-

Cau 855. Cho /f(x) dr =2 va /g(:c) dz =—1. Tinh I = / [z +2f(z) — 3¢g(x)] dz.

= -1

5 7 17 11
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3.6 HAM PHAN THUC (CHI BIEN DOI, KHONG DAT)

Miitc d6 Van dung thap

4

Cau 856. Biét I = / Qdf =aln2+bln3+clnb, véi a, b, c 1a cac sd nguyén. Tinh S = a +
4 x
b+ c.
(A) S =6. B S =2 © S =-2 D) S = 0.

3.7 HAM LUQNG GIAC (CHI CAN BIEN DOI, KHONG DAT)

Mtc do Thong hiéu

b
Cau 857. C6 bao nhiéu s thuyc b thude (7;37) sao cho /4005 2exdx =17

A) 8. B 2. @4.77 D) 6.

4 Bai 2.2 Phuong phap tinh tich phan

41 THE HIEN QUY TAC DOI BIEN (CHO SAN PHEP DAT T)

Mtc d6 Thong hiéu

Cau 858. Tinh tich phan [ = /COS3 x-sinx dz.

0
@]:—iw‘l. B) I = - ©1=0. @1:—}1.

2
Cau 859. Tinh tich phan I = / 22V 2% — 1dx bang cach dat v = 2% — 1, ménh dé nao duéi day
1

dang?

@]:2/03\/ﬂdu. ]:/12\/ﬂdu. @I:/Og\/ﬂdu. @]zi/jﬁdu.

Miic do Van dung cao

Cau 860. Cho ham s6 f(z), f(—=) lién tuc trén R va théa man 2f(z) + 3f(—x) = Tinh

4+ 22

m 0 m T
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42 THE HIEN QUY TAC NGUYEN HAM TUNG PHAN

Mtc do Thoéng hiéu

1
Cau 861. Két qua ctia phép tinh tich phan /1n(2x + 1)dzx dugce biéu dién dudi dang aln3 + b,
0

khi d6 gia tri ctia tich ab® bang

@A) 3. ‘;’ ©1. (D) —2.

43 DOI BIEN T KHONG QUA BIEN DOI (DT CO SAN)

Mrtc do Thong hiéu

4 2
Cau 862. Cho / f(«)dz = 16. Tinh tich phan I = / (22) da.
0 0
(A) =32 B)I=s. (©) I =16. D) I=4

5
Cau 863. Biét [ = /esmx. coszdx, dit t = sinx ta c6
0

3

™
2 1 1

@)1= [t ®1=[cat. ©1=-[cat @I:/ldt.

0 0 0
1
Cau 864. Két qua ctia phép tinh tich phan /x\/ 22 + 1dz duge biéu dién dang av/2 + b. Tinh
0

gia tri cua ab.

2 2 —2 —2
@3 3 © 4 D
2 2
Cau 865. Tinh tich phan / dz.
0 12$ +1
(A) 2In5. 51n5. (©) In5. (D) 41n5.
Miic d6 Van dung thap
. f1+mlnt X
Cau 866. Biét / J”Z‘n dt = 0, khi d6 didu ndo sau day ding?
1
A)m>1. B) -6<m<-3.  (©Om<-2 D) -3<m <0.
Fod
x
Cau 867. Biét I = /7 =aln3 4+ blnb5. Gia tri ctia 2a® + ab + b? biang?
/ rv/3x + 1 ' &
(A)s. B 7. (©) 3. D) 9.

Cau 868. Cho ham s6 f(z) lien tuc va c6 dao ham trén (a;b) thoa man f(a) = f(b). Két qua

nao sau day la ding?

@ /b f'(z)e!@dz > 0. /b #(2)ef@dz £ 0.
© [ r@ea =o. ® [ 7@ <.
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Mitc d6 Van dung cao

9
Cau 869. Choham séy = f(x) lien tuc trén R thoa mén/ f(\>/_5) dz =4va / f(sinz)cosxdr =
T

2. Tinh tich phan I — / f(2) dz bing?
0
A)1=8. B) I =6. ©1I=4 (D) I = 10.

4.4 DOI BIEN T SAU KHI BIEN DOI (DT BI AN)

Mitc do6 Van dung thap

Dnz+2
1+xlnx

1 B}
Cau 870. Biét / dr =ae+bln (e—i—) trong do a,b la cac so nguyén. Khi do
e

t5 56 < 12
ysob a

1
(A) 5 B) 1. (©) 3. D) 2.
Cau 871. Xét ham s6 y = f(z) lién tuc trén mién D = [a;b] ¢6 do thi 1a mot dudng cong (C).
Goi S 13 phan gi6i han béi (C) va cac dudng thang z = a, = b. Ngudi ta chiing minh dudc ring
b

do dai duong cong S bang /\/1 + (f'(x))?dz. Theo két qué trén, do dai duong cong S la phan

1+ /m
vn

do thi ctia ham s6 f(z) = Inx bi giéi han béi cac duong z = 1, z = V3 lam — /m + In
véi m,n € Z thi gia tri m? — mn + n? 1a bao nhiéu?

A) 6. B)7. ©) 3. D) 1.

1
1

Cau 872. Cho /
et + 1

0
A) S =2. B) S = -2. (©S=o. D) S =1.
6 2
Cau 873. Cho /f(x) dz =12. Tinh [ = /f(3:c) dz.
0 0
(A)I=6. B) I = 36. ©1=2 D)1 = 4.
g%—b In 2+4clIn 3, véi a, b, ¢ 1a cac s6 nguyén. Tinh a-+b+c.

Cau 874. Ch/
at © 4+2\/x+ 3

A)1. 2. ©r. D) 9.

1 .
dr =a+bln —i—e’ v6i a, b 1a céc s6 hitu ti. Tinh S = a3 + b3.

Mitc d6 Van dung cao

Cau 875. Cho ham s6 f(x) lien tuc trén R va théa man f(z) + f(—x) = v/2 + 2cos 2z, Vr € R.
3m
2

Tinh [ = f(z)dx.

3
2

(A) I =—6. B)I=0. ©1=-2 D)1 =6.
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45 POI BIEN BANG PHEP LUONG GIAC HOA

Mtc do Thoéng hiéu

2

Cau 876. Biét_f:/dxzﬂ-l—cvéib,cez; b=#£0. Tinh b+ ¢
J 2+4 b
A7 B) 6. ©s. D) 8.

4.6 PP TUNG PHAN VOI (U = DA THUC)

Mic dé Van dung thap

1
Cau 877. Cho ham s6 f(r) théa méan /(x + 1) f'(x)de = 10 va 2f(1) — f(0) = 2. Tinh
0

0@1:—12‘ B)I=3s. ©m=1. D) I =-8.

47 PP TUNG PHAN VOI (U = LOGARIT)

Mtc d6 Thong hiéu

Cau 878. Tinh tich phan I = /$ln$ dx

1
2 2 2
@1:;. [:62_2. @1:621. @1:64_1.

Mic dé Van dung thap

4
Cau 879. Biét /a:ln(x2 +9)dz = aln5+bIn3 + ¢ trong d6 a, b, ¢ 1a cic s6 nguyen. Tinh gia tri
0

ctia biéu thitc T = a + b + c.

(A) T = 10. BT =9. ©T=s D) T =11.

2
. 1 b . . b
Cau 880. Biet /H—QI dz = -+ aln2 (v6i a la s6 thue, b, ¢ 1a cac s6 nguyén duong va — 1a phan
x c c
1

s6 t61 gian). Tinh gia tri ctia 2a + 3b + c.

(A) 4. B) 6. (©) 6. D) 5.
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48 KET HOP BIEN DOI, DOI BIEN, TUNG PHAN

Miitc d6 Van dung thap

us

Cau 881. Cho ham s6 f(x) lién tuc tréen R va thoa man /f(tan x)dr =4 va / v J (@) de = 2.
0 0

1
Tinh tich phan I = /f(x) dz.
0

(A) 6. B) 2. (©) 3. D) 1.

4.9 KY THUAT RIENG CUA HAM PHAN THUC (CO DAT)

Mic dé Van dung thap

4r + 11

1
£ a’ . a ~ ~ A L. .2 ~ ~ - S ~
Cau 882. Cho biet / dz = In— (v6i 7 la phan so toi gian va a, b la cac so6 nguyén
x
0

245246 b
duong). Gia tri cia a + b 1a

(A) 11, B) 13. (©) 10, D) 12.

410 TICH PHAN DAC BIET (HAM CHAN, LE, TUAN HOAN,...)

Mitc do6 Van dung thap

22
et +1

@T:;. T:130. ©T1=0. @T:—130.

T N 1
Cau 883. Biet / dr =9, trong d6 a € R. Gia tri cia bieu thic T =a + — la
a

5 Bai 3. Ung dung hinh hoc ciia tich phan

51 CAUHOI LY THUYET VE UNG DUNG HINH HOC CUA TP

Miic do Nhan biét

Cau 884. Viét cong thiic tinh thé tich V ctia khéi tron xoay dudc tao ra khi quay hinh thang
cong, gi6i han bdi d6 thi ham s6 y = f(z), truc Ox va hai dudng thang = a,z = b (a < b), xung

quanh truc Ozx.

@Vzw/bﬁ(a:) dz. vz/bﬁ(x) dz.
@Vzw/bf(:c)dx- @V:W/b|f(x)|dx.

Cau 885. Cong thitc tinh dién tich S ctia hinh phang giéi han béi cac do thi ham s6 y = f(x),
y = g(z) lien tuc trén [a; b] v& hai duong thing x = a, x = b v6i a < b la:
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@ s-| / [£(@) = gl do). § = / f (@) = g(x)|da.
@S:/b‘f(x)‘dx—/b‘g(x)‘dx. @S:

Cau 886. Cho ham s6 y = f(z) lién tuc trén doan [a;b]. Goi D la hinh phing gidi han bdi do
thi ctia ham s6 y = f(x), truc hoanh va hai dudng thang x = a, z = b (a < b). Thé tich ctia khoi

b b
/f(x)dx‘ — ‘/g(m)dm‘

tron xoay tao thanh khi quay D quanh truc hoanh dugc tinh theo cong thiic

@V:W/b]d(x)dx' V:27r/bf2(x)dx.
@VZWQ/be(x)dx- @V:W2/bf(:c)dx.

52 XAY DUNG CONG THUC TINH DIEN TiCH THEO HINH VE

Mic d6 Thong hiéu

Cau 887. .
Goi S la dién tich hinh phang (H) giéi han béi

cac dusng y = f(z), truc hoanh va 2 dudng thang y
r = —1, x = 2 (nhu hinh vé bén). Dat a = 27
/0 f(x)dx, b= /2 f(x)dx. Ménh dé nao sau day 11
li:iljng? ' 1

o

—_

[\
8

A)S=b-a. B) S =b+a. |
(© S =-b+a. D) S=-b—a. )/

53 XAY DUNG CONG THUC TINH THE TiCH THEO HINH VE

Miic do Van dung cao

Cau 888.
Ong An c6 mot manh vuon hinh Elip ¢6 do dai truc 16n bing

16m va do dai truc bé binglOm. Ong mudn trong hoa trén

mot dai dat rong 8m va nhan truc bé ctia elip lam truc doéi
xting (nhu hinh vé&). Biét kinh phi dé trong hoa 1a 100.000
dong/1m?. Héi ong An can bao nhiéu tién dé trong hoa trén
dai dat d6? (S6 tien duge lam tron dén hang nghin).

(A) 7.862.000 déng. 7.653.000 ddng,

(C) 7.128.000 dong. (D) 7.826.000 ddng.
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5.4 DIEN TICH HINH PHANG Y=F(X), OX

Mtc do Thoéng hiéu

Cau 889. Gia sit hinh phang gidi han bdi cac dudng y = f(x), y =0, r = a, z = b ¢6 dién tich

S1, hinh phang tao béi cac duong y = |f(z)|, y =0, * = a, v = b c6 dién tich S,, con hinh phing

tao béi cac duong y = —f(x), y = 0, z = a, v = b c¢6 dién tich S3. Két qua nao dudi day ding?
(A) Sy > Ss. B) Sy = Ss. (©) Sy = —Ss. D) S, > Si.

Cau 890. Dién tich hinh phang giéi han béi do thi ham s6 y = 2%, truc hoanh va hai duong

thang v = —1,2 = 2 1a

9 15 17
@ 5. @ Z. @4. Z.

5.5 DIEN TICH HINH PHANG Y=F(X), Y=G(X)

Mitc do Thoéng hieéu

Cau 891. Tinh dién tich hinh phang gi6i han bdi dd thi ciia cac ham s6 y = 22 — 5z + 3 va

y=—22%+42x — 1.
@ 833 263 35

54 54 162 54
Cau 892. Tinh dién tich hinh phéng gi6i han bdi d6 thi ham s6 y = 2% + 2 va y = 3.

@ 1. ® ©; ©) 5

Mitc dé Van dung thap

Cau 893. Goi dién tich hinh phang giéi han bdi (P) : y = 22, tiép tuyén tai A(1;1) va truc Oy

bang S;. Dién tich hinh phang gii han bdi (P) : y = 22, tiép tuyén tai A(1;1) va truc Ox bing
St

S,. Khi d6 gl bing?

2
1 1
@ . ®) 4. © = D 3.
4 3
Cau 894. Tinh dién tich hinh phéng giéi han bdi do thi ham s6 vy = 2® — z va do thi ham s6

y=x— 2%

37 9 81
15 ® - D) 13,

5.6 DIEN TICH HINH PHANG Y=F(X), Y=G(X), Y=H(X)

Mtc d6 Thong hiéu

r—1

Cau 895. Goi S la dién tich hinh phéng gii han bdi do thi ham s6 (H) :y = va cac truc

. z+1
toa do. Khi dé gia tri ciia S bang

(A) S =1n2 — 1(dvdt). B) S =2In2 — 1(dvdt).
(©) S =2In2 — 1(dvdt). (D) S = In2+ 1(dvdt).
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57 DIEN TiCH HINH PHANG DUA VAO PO THI

Miitc d6 Van dung thap

Cau 896.
Cho hinh thang cong (H) giéi han béi cac dusng y =e*, y =0, x =0, Yy
z = In4. Dudng thing x = k(0 < k < In4) chia (H) thanh hai phan
c6 dien tich 1a S; va S, nhu hinh vé bén. Tim k dé S; = 25,.

@k:élm. B) k=In2.
@l{:zlni. D) k =1n3.

Miic do Van dung cao

Cau 897. Cho dudng tron tam O dudng kinh AB = 8. Trén AB lay hai diém M, N d6i xtng
nhau qua O sao cho M N = 4. Qua M, N ké hai day cung PQ va EF cung vuong goc véi AB.
Tinh dién tich S phan giéi han bdi duong tron va 2 day cung PQ, EF ( phan chita diém O).

(A) S = 8r +5. B)S =121 7. (©) S =67 +8v/3. @521367T+8\/§.

58 THE TICH VAT THE, BIET MAT CAT

Mitc dé Van dung thap

Cau 898. Tinh thé tich V ctia phan vat thé giéi han béi hai mat phang x = 1 va x = 3, biét ring
khi cit vat thé bdi mat phang tiy ¥ vuong géc véi truc Ox tai diém c6 hoanh do z (1 < 2 < 3)
thi duge thiét dién 1a mot hinh chit nhat cé hai canh 1a 3z va V322 — 2.

(A)V =32+ 2/15. V:m;”.
@V:1§4. DV = (32+2V15) .

5.9 THE TICH VAT THE TRON XOAY Y=F(X), OX (QUANH OX)

Miic do Nhan biét

Cau 899. Cho hinh (H) gidi han bdi cdc duong y = —22 + 2, truc hoanh. Quay hinh phang (H)

quanh truc Oz ta dudce khéi tron xoay cé theé tich la
4967 @ 327 47 167

15 15 3 15

Mtc do Thong hiéu

Cau 900. Cho hinh thang cong (H) gi6i han béi cac duong y = e*, y =0, z = 1 v x = —1.
Tinh thé tich vat thé tron xoay sinh ra khi cho hinh (H) quay quanh truc hoanh.
2

® ) © 5 RS
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Cau 901. Cho hinh phang D giéi han béi dudng cong y = v/2 + cos z, truc hoanh va cac duong
thing t =0, x = g Khéi tron xoay tao thanh khi quay D quanh truc hoanh cé thé tich V bang
bao nhiéu?

@V:ﬂ'—l. BV = (x —1)x. @V:(W+1)7r. @V:W+1.
Cau 902. Cho hinh phing D giéi han bdi dudng cong y = /2 + sin z, truc hoanh va cac duong
thang = 0, z = 7. Khéi tron xoay tao thanh khi quay D quanh truc hoanh c6 thé tich V bing

bao nhiéu?

AV =2(r+1). B®V=2r(r+1). ©V=2r D)V =2r.

Mitc d6 Van dung thap

Cau 903. Cho hinh phiang D gi6i han béi dudng cong y = e, cac truc toa do va phan dudng
thing y = 2 — x v6i « > 1. Tinh thé tich khéi tron xoay tao thanh khi quay D quanh truc
hoanh.

1 e*—1 7 (5e? — 3) 1 e—1 e—l
@V:§+ PR v—i. @v:§+ —. @v—f .

6e2

Cau 904. Ki hiéu (H) la hinh phang gidi han bdi do thi ham s6 y = 2(x — 1)e®, truc tung va truc

hoanh. Tinh thé tich V ctia khéi tron xoay thu duge khi quay hinh (H) xung quanh truc Oz.
AV =42 BV =(4-2)r. (©V=e-5. D)V = (e2—5)n

Cau 905. Cho hinh phang (H) gidi han bdi cac duong y = 22 — 2, truc hoanh, truc tung, dudng

thang # = 1 .Thé tich V hinh tron xoay sinh béi (H) khi quay (H) quanh truc Ox la

8 47 1567 I

Cau 906. Tinh thé tich V ctia khéi tron xoay tao thanh khi quay quanh truc Oz hinh phing
duge gi6i han bdi do thi ham s6 y = (2 — x)ez va hai truc toa do.

AV =722 —-10). BV =2e?+10. ©V =n(224+10). D)V =2e— 10.

5.10 THE TICH VAT THE TRON XOAY Y=F(X), Y=G(X).... (QUANH OX)

Mtc d6 Thoéng hiéu

Cau 907. Cho hinh phéng (H) giéi han bdi cdc dudng y = 22,y = 2x. Thé tich ctia khéi tron

xoay dugc tao thanh khi quay (H) xung quanh truc Oz béng
327 @ 64 21m 167

Mic dé Van dung thap

Cau 908. Tim cong thiic tinh thé tich ctia khéi tron xoay khi cho hinh phéng giéi han béi parabol
(P):y= :1: va dudng thing d : y = 2z quay xung quanh truc Ox.

@71‘/[)3—21‘ dax. . /4xdx—7r/xdx
2
@ﬂ/4x2dx+7r/x4dx. @W/(2x—x2)dx
0 0 0
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Cau 909. Thé tich ctia khoi tron xoay khi cho hinh phang gi6i han béi Parabol (P) : y = 222 va
duong thang (d) : y = x quay xung quanh truc Ox duge tinh bOi cong thic nao dudi day?

1
@V:W/ 2d1:—47r/2:c4d:1:. V—ﬂ'/ (z — 22%)dz.
0
@V—w/ (z — 22%)dx. @V—w/ 2dx—|—47r/ ztdz.

0

N

M\»—A

511 CAU HOI LIEN HE GIUA GIA TRI HAM VA DIEN TICH HINH PHANG

Miic do Van dung cao

Cau 910.
Cho ham s6 y = f(x). D6 thi ctia ham s6 y = f’(z) nhu hinh bén. Dat
g(z) =2f(x ) (.CE + 1)2 Meénh dé nao duéi day dang?
@) g(-3 > g(1).
® 9(1 > 9(3).
© g(3) > 9(=3) > g(1).
© 9(1) > @ 9(=3).

5.12  BAI TOAN THUC TE (GAN HE TRUC, TIM DUONG CONG,...)

Mic dé Van dung thap

Cau 911. Bac Nam lam mot cai cita nha hinh parabol c¢6 chiéu cao tit mat dat dén dinh 1a 2,25
mét, chiéu rong tiép giap v6i mat dat 1a 3 mét. Gia thué mdi mét vuong 1la 1500000 dong. Vay sd
tien bac Nam phai tra 1a

(A) 33750000 déng. 3750000 dong. (C) 12750000 dong. (D) 6750000 dong.

Mitc d6 Van dung cao

Cau 912.

Cho ham s6 y = az* + br? + ¢ ¢6 dd thi (C), biét ring (C) di qua diém
A(—1;0), tiép tuyén d tai A cta (C) cit (C) tai hai diem c6 hoanh do
lan Iugt 14 0 va 2. Dién tich hinh phang gidi han béi d, do thi (C) va hai
dudng thing * = 0, x = 2 ¢6 dién tich bing = (phan gach chéo trong
hinh vé&). Tinh dién tich giéi han bdi d, do thi (C) va hai duong théng

r=-—1,x=0.

@g @i @j @;
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Bai toan thuc té

Cau 913. Mot 6 to dang chay v6i van toc 10 (m/s) thi ngudi 1ai dap phanh; tit thoi diém do, 6
t6 chuyén dong cham dan déu véi van téc v(t) = —5¢t + 10 (m/s), trong d6 ¢ 1a khoang thdi gian
tinh bang giay, ké tit lic bat dau dap phanh. Héi tit lic dap phanh dén khi dimg han, 6 t6 con di

chuyén bao nhiéu mét?
(A)0,2 m. B) 2 m. (C) 10 m. (D) 20 m.

Cau 914.
Coi cai trong truong la vat thé giéi han bsi mot mit cau ban kinh -
R = 0,5m va hai mat phang song song cach déu tam nhu hinh vé sau.
Biét ch5153u cao clia trong 1a h = 0, 8m. Tizl%thé tich clia cai trong.
T T

* Fivn D

© T(WB)- @ ﬁ(mi").
Cau 915.
Mot vat chuyén dong trong 3 gio v6i van téc v (km/h) phu thuoc thoi gian ¢t v
(h) ¢6 do thi ctia van téc nhu hinh bén. Trong khodng thoi gian 1 gio ké tu
khi bit dau chuyén dong, do thi dé 1a mot phan ctia duong parabol cé dinh

1(2;9) va truc ddi xiing song song véi truc tung, khoang thoi gian con lai do

thi 1a mot doan théng song song vé6i truc hoanh. Tinh quang duong s ma vat

B e aale]

di chuyén duge trong 3 gis d6 (két qua lam tron dén hang phan tram). 4
(A) s = 23,25 km. (B) s = 21,58 k.
(©) s = 15,50 k. (D) s = 13,83 km.
ol 2 st
Cau 916.

Mot vat chuyén dong trong 3 gio dau véi van téc v (km/h) phu thude thoi olv
gian t(h) c6 do thi 1A mot phan ctia duong parabol c6 dinh 1(2;9) va truc d6i

<

e )

xtng song song vdi truc tung nhu hinh bén. Tinh quang duong s ma vat di 6
chuyén dugc trong 3 gio do.

(A) s = 24,25 km. (B) s = 26, 75 km.

(©) s = 24, 75 km. (D) s = 25,25 km.

)
O
w

5.13 CAC BAI TOAN LIEN MON

Mtc do Thong hiéu

Cau 917. Mot 6 to bat dau chuyén dong nhanh dan déu vé6i van tdc v(t) = Tt(m/s). Di duge
5(s) ngudi lai xe phat hién chuéng ngai vat va phanh gap, 6 to tiép tuc chuyén dong cham dan
déu véi gia toc a = —35(m/s?). Tinh quing duong ctia 6 t6 di dugc tinh tit lic bat dau chuyén
banh cho dén khi ding han.
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(A) 87.5 mét. B) 96.5 mét. (C) 102.5 mét. (D) 105 mét.
Cau 918. Cho 10 xo0 c6 chieu dai ty nhién bang 10cm, do ciing k& = 800N/m. Cong sinh ra khi
kéo 10 xo tit do dai tir 15cm dén 18cm bang.

(A)1,54J. 1,561 (©)1,69J. (D) 1,96J.

Cau 919. Mot nha may san xudt sita bot cho tré em can thiét ké bao bi cho mot loai san pham

méi. Bao bi can san xuat c6 thé tich 1a 2 dm?, lam theo dang hinh hop chi nhat c6 day la hinh
vuong va chiéu cao la h. Dé tiét kiem vat lieu nhat thi chiéu cao h ctia bao bi gan bing gia tri

nao nhat trong cac gia tri sau.

(A) 1,26 (dm). 1,59 (dm). (©) 1,03 (dm). (D) 1,62 (dm).

Mitc d6 Van dung thap

Cau 920. Mot chiéc xe bat dau khdi hanh nhanh dan déu véi van toéc v(t) = 3t (m/s) trong do6
t 1a khoang thoi gian tinh bing giay ké tit khi xe bat dau chuyén dong. Sau khi khéi hanh dugce
5 giay thi chiéc xe gitt nguyén van téc va chuyén dong thing déu. Tinh quang duong chiée xe di

dugce sau 10 giay

(A) 112,5 m. B) 75 m. (C) 2812,5 m. (D) 150 m.



Chuong 4: Sé6 phiic

1 Bai 1. S6 phic

1.1 CAC CAU HOI CHUA PHAN DANG

Miic do Nhan biét

Cau 921. Diém biéu dién ctia cac sb6 phitc z = 7+ bi véi b € R nam trén dudng théng c6 phuong

trinh 1a

@Wy=1. B z=1. Cy=az+T7. D)y = .

Mtc d6 Thong hiéu

Cau 922. , . ,
Trén mat phang toa do, diem M la diém biéu

dién ctia s6 phiic z (nhu hinh vé bén). Diém nao
trong hinh vé 14 diém biéu dién ctia s6 phiic 227
(A) Diém N.
Diém Q.

Diem FE. N | P

Miic d6 Van dung thap

Cau 923. Hoi ¢6 bao nhiéu s6 phiic 2 théa man dong thoi cdc dicu kien |z —i| = 5 va 22 1a s

thuan 4o?

A)2. B) 3. (©) 4. D) o.

1.2 TIM PHAN THUC, PHAN AO

Miic do Nhan biét

Cau 924. Phan thyc va phan 4o ctia 6 phiic z = (1 + 2i) 4 lan lugt 1a

(A)1va2. B) -2 va 1. (©)1va—2. (D)2 va 1.
Cau 925. Cho s6 phiic z = 3 — 2i. Tim phan thuc va phan 4o clia sd phiic 2z

@ Phan thuyc bang —3 va Phan 4o bang —2i.

Phan thyc bang —3 va Phan 4o bing —2.

(C) Phan thue bing 3 va Phan 4o bing 2i.

@ Phan thyc bang 3 va Phan 4o bang 2.

165
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Cau 926.
Diém M trong hinh vé bén la diém biéu dién ctia s6 phic z. Yy
Tim phan thuc va phan 4o clia s6 phic z.
(A) Phan thyc 1a —4 va phan 4o la 3. )
Phan thyc 13 3 va phan 4o 1a —44.

-2
(C) Phan thue 1a 3 va phan &o 1a —4. D
(D) Phan thyc 1a —4 va phan 4o 1a 3i. b fu

Cau 927. Ki hiéu a, b lan lugt 1a phan thuc va phan 4o cta sé phic 3 — 2v/2i. Tim a, b.
@a:?);bzz a:3;b:2\/§. @a:3;b:\/§. @a:?);b:—2\/§.
Cau 928. S6 phiic nao duéi day 1a s6 thuan 4o?
@z:—2+3i. z:3i. @z:—2. @z:\/g—ki.
Cau 929.
S6 phiic ndo dudi day c6 diém bieu dién trén mit phang toa do la diem M, Yy
nhu hinh bén?
(A) 24 = 2+1. B) 2z, =1+ 2i. |
-2 O
(C) 23 = —2+i. D) 2 =1-2i.

Cau 930. Cho s6 phiic z = 1 — i + 3. Tim phan thiyc a va phan 4o b cia 2.
(A)a=0b=1. Ba=-2b=1  (©a=10b=0. Da=1,b=—-2.

931. Cho s6 phtic z = 6 — 5i, hay chon khing dinh ding.

C
Z ¢6 phan thyc bang 6 va phan 4o bang 5i.

Z ¢6 phan thyc bang —6 va phan 4o bang 5.

Z ¢6 phan thyc bang 6 va phan 4o bing 5.

Z ¢6 phan thyc bang —6 va phan 4o bang —5i.

®O®® &

1.3 SO PHUC LIEN HOP

Mtc d6 Thong hiéu

Cau 932. Cho s6 phiic z = 1 — 2i. Diém nao duéi day la biéu dién clia s6 phitc w = iz trén mit

phéng toa do?

(A) Q(1;2). N(2:1). (©) M(1;-2). (D) P(-2;1).

1.4 TINH MODUN CUA SO PHUC

Mitc d6 Nhan biét

Cau 933. Cho z, 2’ 14 hai s6 phtic. Khang dinh nao sau day la sai?
@ |2l + ] > |z + 2 2] = | =2l.
2 _
© L) =2 © Izl = 2l
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Mtc d6 Thong hiéu

3
. 143
Cau 934. Cho so phtic z thoa man z = (1\/_) Tim mo-dun cia z + iz.
—i
@A) 4v2. B) 4. (C) 8v2. D) s.
Cau 935. Cho s6 phiic z théa man diéu kien (1 +i)(z — i) + 22 = 2i. Mo-dun ctia s6 phric
zZ— 22 +1
w=——F"1a
® Vio V8. © —v1o. D) V8.
Cau 936. Tinh modun ctia s6 phiic z thoa méan 2(2 — i) + 13i = 1.
5\/ 4 v 34
@) |2 = V34, 2] =34, © 2l = D || = Y5~

Cau 937. Tinh modun ctia s6 phiic 2z biét z = (4 — 3i)(1 + z).

@) |2] = 25v2. 2] = 7V2. ©) |2l = 5v2. D) |2 = V2.

2 Bai 2. Cac phép toan cong, trir, nhan sé phic

2.1 CAC CAU HOI CHUA PHAN DANG

Miic d6 Van dung thap

Cau 938. C6 bao nhiéu s6 phtic z théa man |z| = |z + z| = 1.

@o. ®1. ©1. D3

2.2  THUC HIEN CAC PHEP TOAN

Miic do Nhan biét

Cau 939. Cho hai s6 phiic z; = 4 — 3i va 2, = 7 + 3i. Tim s6 phtic z = 21 — 2.

(A) 2z =11. B) z =3+ 6i. (©) 2= —1—10i. D) 2= -3 - 6i.

Mtc do Thong hiéu

Cau 940. Cho s6 phitc z = a + bi, (a,b € R) théa man 32 + 5z = 5 — 2i. Tinh gia tri P = %

5 25
P=". p=4 p== P_—
Cau 941. Cho s6 phiic z = a+bi (trong d6 a, b 1a cic s6 thuc) thda man 3z—(4+5i)z = —17+114.
Tinh ab.

@abzﬁ ab:—3. @asz. @ab:—G.
Cau 942. Cho s6 phiic z = 2 + 5i. Tim s6 phtic w = iz + Z.
(A) w="7-3i. B) w= -3 - 3i. © w=3+Ti. D) w=—7-Ti.

Cau 943. Cho hai s6 phiic z; = 5 — Ti va 2o = 2 + 3i. Tim s6 phtic z = 2z + 2.

A) z=7-4i. B) 2 =2+ 5. (©) 2= —2+5i. D) z = 3 — 10i.
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Mic dé Van dung thap

Cau 944. Cho s6 phitc z = a+bi (a,b € R) théa man z+ 1+ 3i — |z|i = 0. Tinh S = a + 3b.

@S:; B) S = -5. ©Ss=>s @5:—;

2.3 TIM PHAN THUC, PHAN AO

Mtc d6 Thong hiéu

Cau 945. Cho sb phiic z = (2i — 1) — (3 4 i)%. Tong phan thuc va phan 4o clia 2z 1a

(A) —1. B 1. (©) —21. (D) 21.

Mic dé Van dung thap

Cau 946. Cho s6 phiic z = a + bi (a,b € R) théa man z + 2+ = |z|. Tinh S = 4a + b.
(A) S =4. B S =2 (© S =-2. D) S = —4.
Cau 947. C6 bao nhiéu s6 phtic z thda man |z + 2 — | = 2v/2 va (z — 1)? la s6 thuan &o?

(A)o. B) 4. (©) 3. D) 2.

94 SO PHUC LIEN HOP

Miic do Nhan biét

Cau 948. Cho s6 phiic z = 5 — 4i. S6 phiic lien hgp clia 2z ¢6 diém biéu dién 1a

@A) (—5;4). (5; —4). ©) (5;4). D) (—5; —4).

Mtc d6 Thoéng hiéu

Cau 949. S6 phiic lien hop ctia 86 phitc z = (=3 +44)(2 —4) +5 — Ti la

(A)z=—-3—4i. B)z= -3+ 4. (©)z=3+4i. D)z = 3 — 4.

95 TINH MODUN CUA SO PHUC

Miic d6 Nhan biét

Cau 950. Cho hai s6 phtic z; = 1 4+ i vA 29 = 2 — 3i. Tinh modun ctia sd phiic 2z, + 29

@|zl+z2|:\/ﬁ. |Zl—|—22|:\/5. ©|Z1+22|:1- ®|751+22|:5-

Mtc d6 Thong hiéu

Cau 951. Tinh mo-dun s6 phiic nghich ddo ctia s6 phiic z = (1 — 2i)%
1 1 1
—. D. —. —.
Cau 952. Cho s6 phic z thoa man w = (2 +3 — i) (z+ 1+ 3¢) 1a mot s6 thye. Tim s6 phic z
dé |z| dat gia tri nho nhat.

(A) z =2+ 2i. B) z=—2—2i. (©)z=—2+2i. D)z =2 - 2i.
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Cau 953. Modun ctia s6 phitc z = —2i'% — 4(2; — 1) 1a

(A) |2 = 8. 2| = 4. (©) |2 = 12. D) || = 10.

Miic d6 Van dung thap

. -2+ 14
Cau 954. Cho so phiic z théa méan (3+1) |z| = !+1 —3i. Nhan xét nao sau day dang?
2

@1<\z|<2. ;<|z|<2. ©Z<|Z|<151' ®f<|z|<4.

Cau 955. Cho s6 phiic z, biét ring cac diém biéu dién hinh hoc clia cac s6 phiic 2;iz v 2z 4 iz

tao thanh mot tam giac c6 dién tich bang 18. Tinh mo-dun ctia s6 phiic z.

(A) 2v/3. 3v/2. © 6. D) 9.

3 Bai 3. Phép chia s6 phic

3.1 THUC HIEN CAC PHEP TOAN

Mtc d6 Thoéng hiéu

11—
(A) . B 1. © —1. (D) —i.
2+
1—2i

@zzé—i—i. z:i—i-i. @z:i. @z:éi.

143\ 2017
Cau 956. Cho s6 phiic z thdo méan z = ( ) . Tinh 2%

Cau 957. Tim sb phtc z =

3.2 TIM PHAN THUC, PHAN AO

Miic do Nhan biét

Cau 958. Tim s6 phiic lien hop ctia s6 phiic 2 =i (3i + 1).

)
A)z=3-i. B)z=-3+i. ©z=3+:1. D)z=-3-i.

Mtc d6 Thong hiéu

Cau 959.
Cho s6 phitc z théa man (1 +14)z =3 — . Y
Hoi diém bicu dién ciia 2 14 diém nao TN T M
trong cac diém M, N, P, & hinh bén? E E
(A) Diém P. Diém Q. (C) Diém M. ©)Diém N. e
Lol
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3.3 TINH MODUN CUA SO PHUC

Mtc do Thoéng hiéu

Cau 960. Tinh mo6-dun ctia s6 phtic z thod man z(2 — i) + 5i = 1.

26v/5 V26 26 26
®E=22 ®E-2 on=r 02

Mic dé Van dung thap

Cau 961. Cho cac sb phtic z théa man |z| = 4. Biét rang tap hop cac diém biéu dién cac sd phiic

w = (34 4i)z + ¢ la mot duong tron. Tinh béan kinh r ctia dusng tron do.

A)r=4. B)r =5. (©) r = 20. D) r = 22.
Mitc d6 Van dung cao
~ Pa A 2, 2 ~ . \% 10 . ~ X N 2,0 ~ -
Cau 962. Xét so phtic z théa man (1 + 2i)|z| = — 2+ . Ménh dé nao dudi day dang?
z
3 1 1 3
@3 <led <2 ® |2 > 2 © el < 5. @5 <ll<}

3.4 PHUONG TRINH BAC NHAT THEO Z (VA LIEN HOP CUA 7)

Miic d6 Van dung thap

Cau 963. Cho sb phiic z = a+bi (a,b € R) théa man (1+4)z+2z = 3+ 2. Tinh P = a+0.

@p:; B P=1. ©P=-1. @P:—;.

4 Bai 4.1 Phuong trinh bac hai hé sé6 thuc

41 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 964. Ki hiéu z;, 29, 23 va 24 1a bén nghiém phiic ctia phuong trinh 2% — 22 — 12 = 0.
Tinh tong T = |z1| + |22| + |23] + |24]-

(AT =4 BT =2v3. (©) 4+2V3. D) T =2+23.

Cau 965. Ki hi¢u zy, 29 12 hai nghiém ctia phuong trinh 32% — 2 +1 = 0. Tinh P = |z1| +|2»|.
3 23 2 14
@P:\g. P:\3/_. ©P=:. @P:\/g_.

4.2 TIM NGHIEM PHUC CUA PHUONGC TRINH BAC HAI

Mtc do Thong hiéu

Cau 966. Phuong trinh nao duéi day nhan hai s6 phitc 1 + V2ival—+/2i 1a nghiém?

A)22+2:43=0. B :2-2:-3=0. (©)22-2:43=0. D) 22+2:-3=0.
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Cau 967. Goi z; va 2, 1a hai nghiém phiic ciia phuong trinh 422 — 4z + 3 = 0. Gia tri ctia bicu
thiic |z1] + |22| bang

(A) 3v/2. 2V/3. (©) 3. D) V3.

43 CAU HOI VE MOI LIEN HE GIUA 2 NGHIEM PHUONG TRINH

Mtc do Thoéng hiéu

Cau 968. Ki hiéu 21, 2o 13 hai nghiém phiic ctia phuong trinh 2z? + z + 1 = 0. Tinh gia tri cla
P= Z% +Z§ + 2129.

A P=1 B) P =2 ©P=-1 D) P=0.

Miic d6 Van dung thap

£ ]' L . 2 - 2 P ]' N
Cau 969. Cho s6 phitc z théa man z + — = 1. Gia tri ctia bicu thite T = 227 + —— la
2

z
(AT =1. BT =-1. (© T = 2017. D) T = —2017.
Cau 970. Goi z; v& 2 1a nghiém ctia phuong trinh 22 — 22+ 5= 0. Tinh P = z{ + 2.

(A) P =-12. B) P = 14i. (© P=14. (D) P = —14i.

Mrtc d6 Van dung cao

Cau 971. Cho s6 phtic z 1a nghiém ctia phuong trinh 22 — 2z 42 = 0. Tinh gié tri ctia biéu thic
P = 52012 4 1

52012
1659 +1 1659 — 1 1659 +1 —16%% 41
@P:_ 4508 P: 4508 ©P: 4508 ®P: 4508
44 TIM NGHIEM PHUC CUA PHUONG TRINH BAC CAO
Mtc do Thong hiéu
Cau 972. Tong cac nghiém phiic ctia phuong trinh 23 4 22 —2 =0 13
@) 1. ®B) 1. ©1-i. D)1 +i.
Miic do Van dung thap
- S A e s T SRR S | 1
Cau 973. Cho z la so0 phtic ¢c6 mo-dun bang 2017 va w la so phic théoa man — + — = o
z w  z4w

Mbo-dun ctia s6 phitc w 1a

(A) 2015. B) 0. ©1. (D) 2017.



Bai 4.2 Tap hop diém 172

5 Bai 4.2 Tap hop diém

51 CAC CAU HOI CHUA PHAN DANG

Mitc d6 Van dung cao

Cau 974. Trén mit phang toa do Ozy, lay M la diém biéu dién s6 phitc 2z = (2 —i)(—1 4+ 1) va
goi ¢ 1a goc tao bdi chiéu duong truc hoanh véi OM. Tinh sin 2.

3 3 3 3
@5 ® -5 O O

la s6 thuan ao?

Cau 975. C6 bao nhiéu s6 phtic z théa man |z — 3i| =5 va
Z J—

A)o. Vo s6. ©1. D) 2.

52 BIEU DIEN MOT SO PHUC

Miic do Nhan biét

Cau 976. Goi z la nghiem phiic c6 phan 4o am ctia phuong trinh 2% + 2z + 3 = 0. Toa do diém
M Dbiéu dién s6 phic z; 1a

(A) M (=1;—v2). B) M (—1;2). (©) M (-1;-2). D) M (—1;—v/2i).
Cau 977. Ki hieu M la diém biéu dién sb6 phitc z, N la diém biéu dién s6 phtc z. Khang dinh
nao sau day la dang?

@ M, N déi xting nhau qua truc hoanh.

M, N déi xting nhau qua truc tung.

@ M, N dé6i xting nhau qua dudng thing y = —z.

@ M, N dbéi xting nhau qua dudng thing y = .

Mtc d6 Thoéng hiéu

Cau 978. Cho s6 phitc z = 2—3i, (a,b € R). Diém biéu dién cho s6 phitc w = iz — (i +2)z 1a:
(A) M(2;6). M(2;—6). (©) M(3;—4). (D) M(3;4).

Cau 979. Ki hiéu zp 1a nghiém phtic c¢6 phan 4o duong clia phuong trinh 422 — 162 + 17 = 0.

Trén mit phang toa do, diém nao dusi day la diém biéu dién ctia s6 phitc w = izy?
1 1 1 1

Cau 980.

Diém nao trong hinh vé bén la diém biéu dién ctia s6 phiic Yy
z=(1410)(2—1)? N 3| .M
@ P ® M. ©n. D e ]
A O
LT
—1 1 3
---------- -1
P
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Cau 981. Goi z la nghiém phtic ¢6 phan 4o am ctia phuong trinh 2% + 2z + 3 = 0. Toa do diém
M biéu dién s6 phtc 2 1a

@) (-1;2). (—1; —V/2i). © (-1;-v2). D) (~1;-2).

Mic d6 Van dung cao

Cau 982. Cho céc 86 phiic z1, 29 khac 0, théa man 27 — 2125 + 25 = 0. Goi A, B 1a cac diém biéu
dién tuong ting cua zq, zo. Khi d6, tam giac OAB la tam giac:

@ Déu. Vuong tai O. @ Tu. @ Vuong tai A.

53 TAP HOP DIEM BIEU DIEN LA DUONG THANG

Mic dé Van dung thap

Cau 983. Trén mat phang tap hgp cac s6 phitc z = o + yi théa man |z +2 +i| = |z — 3i| 1a
dudng thang c6 phuong trinh

@yzx—kl. y:—x—i—l. @y:—x—l. @y:x—l.

Cau 984. Tap hop cac diém trong mat phang toa do Ozy biéu dién s6 phic 2z thod méan dicu
kien [z + 2+ 3| =4 1a

@ duong tron c6 tam I(1;2) ban kinh R = 6.

. 1 7

duong thang z = —3 va r = —3
. 1 7

@ duong thang r = - va oz = —=.
% 2

@ dudng thing r = = va x

[\
l\D\\I

54 TAP HOP DIEM BIEU DIEN LA DUONG TRON, HINH TRON

Mrtc d6 Thong hiéu

Cau 985. Trén mit phang toa do Ozy, tap hop diém biéu dién ctia s6 phiic 2z thda man [2+ 2| =

li — 22| 1a
22\ .. ..

@ duong tron c6 tam [ ( = 3) va ban kinh R =

( V17

3

. NP 2
@ duong tron c6 tam [ ( g, ) va ban kinh R =

V17
=

—_

duong tron c6 tam [ ) va ban kinh R =

\]

; ) va ban kinh R =

C«O\l\D

@ duong tron c6 tam [

Miitc d6 Van dung thap

Cau 986. Cho sb phiic thoéa |z| = 3. Biét rang tap hgp sé phitc w = z + 4 1a mot duong tron.

Tim tam ctia duong tron do.

(A) 1(0;1). B) 1(0; —1). (©) I1(-1;0). (D) 1(1;0).
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Cau 987. Tap hgp tat ca cac diem bicéu dién s6 phiic z théa méan [z + 2 — 4| = 4 la dudng tron
tam I c6 ban kinh R lan luot 1a

(A)I(-2;-1);R=4. B)I(-2;-1);R=2. (©I(2;-1);R=4. D) I(2-1);R=2

55 TAP HOP DIEM BIEU DIEN LA MOT CONIC

Miic d6 Van dung thap

Cau 988. Tap hop diém biéu dién s6 phiic z théa man 2|z — 1| = |z + z + 2| trén mat phang toa
do 1a mot

@ dudng thang. duong tron. @ parabol. @ hypebol.
6 Bai 4.3 Max-Min cia médun so phiic

6.1 MAX-MIN CUA MODUN

Mtc d6 Van dung cao

Cau 989. Xét s6 phitc z théa man |z — 2 — 2i| = 2. Gid tri nho nhit clia biéu thic P =
|z —1—1]+ |z — 5 — 2] bang

(A) 1+ V10. B) 4. (©) V17 D) 5.
Cau 990. Cho s6 phiic z théa man |z — 3 — 41| = V5. Goi M va m 1an lugt 1 gia tri 16n nhéat va
gia tri nhé nhat clia bicu thiic P = |z + 2|? — |z — i|?. Tinh mo-dun ctia s6 phiic w = M + mi.

(A) |w| = /1258, lw| = 3v/137. (©) |w| = 2v/314. D) |w| = 21/309.
Cau 991. Tim gia tri 16n nhat ctia P = |22 — 2| 4|22+ 2+ 1] v6i z 1a 86 phiic thoa man |z| = 1.

13

@) V3. ®) 3. © . D) 5.
Cau 992. Xét s6 phiic z théa man |z +2 —i| + |z — 4 — 7i| = 63/2. Goi m, M lan lugt la gia tri
nhé nhat va gia tri 16n nhat ctia |z — 1 +¢|. Tinh P =m + M.

@P:\/E—F\/ﬁ. P=5\/§+22\/7_3. @P:5\/§+2\/ﬁ. @ng’\/ﬁ;\/ﬁ'

Cau 993. Cho s6 phiic z théa man |z — 1 — 2i| = 4. Goi M, m lan lugt 1a gia tri 16n nhat va nho
nhat clia |z + 2 +4|. Gia tri cia T = M? + m? 1a

(A) T = 64. B) T = 68. (© T = 50. D) T = 16.
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Chuong 1: Khéi da dién

1 Bai 1. Nhan dang khéi da dién

1.1 CAC CAU HOI CHUA PHAN DANG

Miic do Nhan biét

Cau 994.

Hinh da dién bén c¢6 bao nhiéu mat

(A) 11,

Cau 995.

Hinh bén ¢6 bao nhiéu mat?

(A) 10,

B) 12.

B)7.

(©) 10. D) 7.

(©)o9. D) 4.

Cau 996. Chon tit thich hop dién vao chd cham dé dugc mot menh dé dang: "Mai dinh ctia mot

hinh da dién 1a dinh chung ctia it nhat ...canh"

@ hai.

1.2 NHAN DANG CAC KHOI DA DIEN

Mitc d6 Nhan biét

@ ba.

@ nam.

@ bon.

Cau 997. Ma3i hinh sau gom mot s6 hitu han da gidc phéng, tim hinh khong 13 hinh da dién.

1
1
1
| J_—
’

@ p

Y

Cau 998. Trong cic ménh dé sau, ménh dé nao dung?
@ Ton tai mot hinh da dién c6 sé canh bang s6 dinh.
S6 dinh va s6 mat ctia mot hinh da dién luon luon bang nhau.
@ Ton tai hinh da dién c6 s6 canh va s6 mat bang nhau.

@ Ton tai mot hinh da dién c6 sé dinh va s6 mit bang nhau.

Cau 999. Hinh da dién nao sau day c6 tam doéi xitng?

176

©

1
1
1
| -
’,

v
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(A) Hinh hop chit nhat. Hinh ti¢ dign déu.
@ Hinh chép ti gide deu. @ Hinh lang tru tam giac.

Cau 1000. S6 nao trong cac s6 sau day khong phai 1a s mat ciia mot khéi da dien déu nao

do

(A) 6. B) 12. (©) 20. D) 30.
Cau 1001. Trong cac ménh dé sau, ménh dé nao dang?

@ Ton tai mot hinh da dién c6 s6 canh bang s6 dinh.

Ton tai mot hinh da dién c6 s6 canh va s6 mit bang nhau.

@ S6 dinh va sd mat ctia hinh da dién luon bang nhau.

@ Ton tai mot hinh da dién c6 sé dinh va s6 mit bang nhau.

Cau 1002. Khéi lang tru ngii giac c6 tat ca bao nhiéu canh?

(A) 20. B) 25. (©) 10, (D) 15.

Mric d6 Thong hiéu

Cau 1003. Hinh hop ding c6 day 1a hinh thoi thi c¢6 bao nhiéu mat phang doi xiing?
A1 B) 3. (©) 4. D) 2.

Cau 1004. Trong cac hinh sau, hinh nao khong 1a khéi da dien

Hinh 1

Hinh 3 Hinh 4

(A) Hinh 2. (B) Hinh 2 va Hinh 4. (C) Hinh 4. (D) Hinh 3.

1.3 PHAN CHIA, LAP GHEP KHOI DA DIEN

Miic d6 Nhan biét

Cau 1005. Trong cic ménh dé sau, ménh dé nao sai?
(A) Khéi tit dien 1a khéi da dien 15i.
Lap ghép hai khéi hop sé duge mot khéi da dien 15i.
(C) Khéi lap phuong la khéi da dien 16i.
@ Khéi lang tru tam giac 1a khoéi da dien 16i.

Mtc d6 Thoéng hiéu

Cau 1006. Mit phang (A’BC) chia khéi lang tru ABC.A’B'C’ thanh cac khoi da dién nao?
(A) Mot khéi chép tam gidc va mot khoi chop ngi giac.



Cau héi lién quan phép bién hinh

178

Mot khoi chép tam giac va mot khdi chop tii gidc.
(C) Hai khoi chop tam giac.
(D) Hai khéi chép tit gidc.

1.4 CAU HOI LIEN QUAN PHEP BIEN HINH

Mrtc do Thoéng hieéu

Cau 1007. Hinh chép tit gidc déu c6 bao nhiéu mit phang déi xting?

(A) 3. B 2. (©) 4.

2 Bai 2. Khéi da dién 16i - déu

2.1  CAC CAU HOI CHUA PHAN DANG

Miic do Nhan biét

Cau 1008.

Hinh da dién trong hinh vé bén c¢6 bao nhiéu mat?

(A) 6. B) 10.
(© 12, D) 11.

Cau 1009. S6 dinh ctia khéi da dién déu loai {5;3} 1a

(A) 30. B) 15. ©) 12.

92  NHAN DANC CAC KHOI DA DIEN LOI, DEU

Mitc d6 Nhan biét

Cau 1010. Trong cdc ménh dé sau, ménh dé nao sai?
(A) Chi c6 nam loai khéi da dien déu.

D) 6.

Hinh chép tam gidc déu 1a hinh chép c6 bon mit 1a nhitng tam gidc déu.

@ Modi canh ctia hinh da dién la canh chung ctia ding hai mit.

(D) M&i khéi da dien déu 1a mot khéi da dien 1i.

Mtc do Thoéng hiéu

Cau 1011. C6 bao nhiéu loai khéi da dien déu c6 mdi mat 1a mot tam gidc deu?

A) 5. B) 4. (©) 2.

D) 3.
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9.3 TINH CHAT DOI XUNG CUA KHOI DA DIEN DEU

Mtc do Thoéng hiéu

Cau 1012. Hinh da dién nao duéi day khong c6 tam ddi xing?

@ Tt dién deu. B4t dien deu.

@ Hinh lap phuong. @ Lang tru luc giac déu.
Cau 1013. Hinh ling tru tam gidc déu c6 bao nhiéu mat phang déi xing?

A) 5. B) 6. (©) 4. D) 3.
Cau 1014. Hinh da dién nao duéi day khong c6 tam ddi xing?

@ Hinh lang tru ti giac déu. Hinh bat dién deéu.

@ Hinh ti dién deéu. @ Hinh 1ap phuong.
Cau 1015. Hinh bat dién déu c6 tat ca bao nhiéu mat phang déi xing?

A) 5. B) 6. ©) 9. D) 8.
Cau 1016. Hinh choép t gide déu c6 bao nhiéu mit phang doi xing?

@ 3 mat phing. 2 mit phang. @ 5 mat phang. @ 4 mat phing.

Miic d6 Van dung thap

Cau 1017. Hinh hop chit nhat c6 ba kich thuée doi mot khac nhau cé bao nhiéu mit phang déi
xtng?

@ 4 mit phang. 3 miit phang. @ 6 mit phang. @ 9 mit phang.
3 Bai 3.1 Theé tich khoi chép

3.1 CAC CAU HOI CHUA PHAN DANG

Miic do Nhan biét

Cau 1018. Thé tich ctia khéi chop c6 chiéu cao bang h va dien tich day bang B la
1 1 1
@V:§Bh. VzéBh. (©V = Bh. @VziBh.

Miic d6 Van dung thap

Cau 1019. Cho khéi ti dien déu ABC'D ¢6 thé tich 1a Vapep. Goi Vi) la thé tich khoi bat dien
Vi)

Vasep

2 1 1 1

déu c6 cac dinh 1 trung diém cac canh ciia ti dien déu dé. Tinh k =
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3.2  KHOI CHOP CO MOT CANH BEN VUONG GOC VOI DAY

Mitc d6 Nhan biét

Cau 1020. Cho ti dien O.ABC c¢6 cac canh OA,OB,OC déi mot vuong goc v6i nhau. Biét
OA=2cm, OB =3 cm, OC =6 cm. Tinh thé tich ctia khéi t& dien O.ABC.

@ 6 cm?®. 36 cm?®. @ 12 cm?. @ 18 cm?.
Cau 1021. Cho hinh choép t gidec S.ABCD c¢6 day ABC'D 1a hinh vuong canh a, canh bén SA
vuong géc véi mit phiang day va SA = v/2a. Tinh thé tich V cta khédi chép S.ABCD.

@V:\/gag. vz\/iag. ©V =2da". @vz\/zag.

Cau 1022. Cho khéi chép S.ABC c¢6 day ABC la tam gidc vuong can, SA vuong goc v6i mit
phiang (ABC) vi AB = AC = SA = a. Tinh theo a thé tich V ctia khdi chop da cho.

@V:a3. V:;ag. @V:;ag. @V:éa?’.

Mtc d6 Thong hiéu

Cau 1023. Cho khéi chép S.ABC ¢6 SA L (ABC), SA = AB = a, AC = 2a va BAC' = 120°.
Tinh thé tich V ctia khéi chop S.ABC.

@V:a?);/g' V:a3é/§. @V:a323. @V:a3\/§.

Cau 1024. Cho hinh chép S.ABC c¢6 SA vuong goc v6i mit phang ddy, tam giac SBC déu canh
a, goc giita m:fx/t_phéng (SBC) va mat\/d_éy biang 30°. Tinh thé tich V ctia khoi chép Sjl_BC’.
asv/2 adv/3 3a? adv/3

AV = o BV = R ©V:(T4‘ DV = 5
Cau 1025. Cho hinh chép S.ABCD c¢6 day ABCD 1a hinh chit nhat AB = a, AD = a+/2, duong
thang SA vuong géc véi mit phang (ABCOD); géc giita dudng thang SC va mat phang (ABCD)
bing 60°. Tinh theo a thé tich khoi chép S.ABCD.

@ 3\/§a3. \/6@3. @ 3a3. @ \/§a3.
Cau 1026. Cho hinh chép S.ABCD c6 SA vuong goéc véi mit phang (ABCD), day 1a hinh
thang ABCD vuong tai A va B ¢6 AB = a, AD = 3a, BC' = a. Biét SA = a+/3, tinh thé tich
kho6i chép S.BCD theo a.

@ 2\/3@3. \/2(13' @ 2\/35@3' @ \/ia?)'

Cau 1027. Cho ti dien ABCD c¢6 cac canh AB, AC' va AD do6i mot vudng goc véi nhau; AB =
6a, AC = Ta va AD = 4a. Goi M, N, P tuong tng la trung diém cac canh BC,CD, DB. Tinh thé
tich V cia ta dien A.MNP.

@V: ;a3. V: 14a3. @V: 238a3. @V:7a3.
Cau 1028. Cho hinh chép S.ABCD c6 day la hinh vuong canh a, SA vuong goc v6i mat day,
SD tao v6i mit phing (SAB) mot goc bang 30°. Tinh theé tich V ctia khéi chép S.ABCD.

@V:\/fg. B)V = 3d®. @vz‘/g“. @V:\/za.
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Cau 1029. Cho hinh chép S.ABC c6 ddy ABC' la tam gidc vuong can tai B, canh huyén AC =
v/2, canh bén SA vuong géc véi (ABC), SA = 2. Thé tich khéi chop S.ABC bing

2 1 2

—. 1. —. —.

®2 ® ©! DF
Cau 1030. Cho hinh chop ti gidc S.ABCD c¢6 day ABC'D 1a hinh chit nhat, canh AB = a,

AD = 2a, canh bén SA vuong goc véi day, goc giita canh SD va miat day bing 60°. Thé tich V'
ctia khoi chop S.ABCD la

2v/3a? 4v/3 3

@ \/3_& . 4/3a3. @ \?)/_a3. @ %.
Cau 1031. Cho hinh chép S.ABCD c6 day la hinh chit nhat ABC'D véi AB = a, AD = 2a.
Canh bén SA vuong géc v6i mat phang day Mat phiang (SBC) tao v6i mat ddy mot géc bao
nhieu do dé khéi chép S.ABCD cé thé tich ?’7

(A) 45°. B) 60°. (C) 30°. D) 75°.
Cau 1032. Cho khéi chép S.ABCD c¢6 day 1a hinh chit nhat, AB = a, AD = a/3, SA vuong goc
v6i day va mit phang (SBC) tao véi day mot goc 60°. Tinh thé tich V' ctia khdi chop S.ABCD.

3 3 3

@V:%. vz\[“ ©V=ad D)V = 3.
Cau 1033. Cho khoi chép S.ABCD c6 day 1a hinh chit nhat canh AB = 3a, AC = 5a. Biét SA
vuong goéc véi day va SC tao c6i mat day mot goc 60°. Tinh thé tich V ciia khéi chop da cho.

(A) V = 20v/3d%. V = 60v/3d?. (©V = 25V/3d. (D) V = 75v/3d%.

Miic d6 Van dung thap

Cau 1034. Cho hinh chép S.ABCD ¢6 SAL(ABCD), ABCD 1a hinh chit nhat, SA = AD = 2a.
Goc gitta (SBC) va mat day (ABCD) la 60°. Goi G 1a trong tam tam giac SBC. Thé tich khoi
chép S.AGD la

@ 32a%/3 8a3V/3 © 4a*V/3 D) 16a®
27 27 9 9v3
Cau 1035. Cho khdi chép S.ABCD c6 day 1a hinh vuong canh a, SA vuong goc véi day va SC
tao v6i mat phang (SAB) mot goc 30°. Tinh thé tich V ctia khdi chop da cho.

6a® 2a3 2a3
@V:‘/;“. vz\/;“. @vz%. D)V = V2.
Cau 1036. Cho khoi chép S.ABCD c6 day ABCD 1a hinh vuong canh a va SA = a vuong goc

v6i day. Goi M la trung diéem SB, N thudc canh SD sao cho SN = 2N D. Tinh thé tich V cta
khoi ti dlen ACMN.

1 1 1
@V——a BV = -d. @V:fa?’. @V:—a?’.
6 8 36
Cau 1037. Cho khoi chép S.ABCD c6 day ABCD 1a hinh vuong canh a va SA = a vuong goc

v6i day. Goi M la trung diéem SB, N thudc canh SD sao cho SN = 2N D. Tinh thé tich V cta
khoi tt dien ACMN.

1 1 1
AV =—d BV = -d. ©V =d @V——a
12 6 8
Cau 1038. Cho khéi chép S.ABCD c6 day 1a hinh vuong canh a. Biét SA vuong goc véi day va
mat phang (SBD) tao véi day mot goc 45°. Tinh thé tich khéi chop S.ABCD.
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@V:“Sﬁ. ®v- Y2 @vzag*/g D)V = a*V/6.

3 6 3
Cau 1039. Cho khéi chép S.ABC ¢6 SA vuong goc véi day, tam giac ABC vuong tai B, SA =
4,AB = 6, BC = 10. Tinh thé tich V ciia khéi chép S.ABC.

@) v=120. V=80. (©) V=4o. (D) V=60.

Cau 1040. Cho khéi chép S.ABCD c6 day 1a hinh vuong, canh SA vuong goc véi day. Biét
SA = a2 va khodng cach tit A dén mat phang (SBC) bang a. Tinh thé tich V ctia khéi chop
da cho.

@V:zag\/ﬁ. vz26“3. @vz‘ﬁﬁ. @vzagﬂ.

3 6 2

3.3  KHOI CHOP CO MOT MAT BEN VUONG GOC VOI DAY

Mitc do6 Van dung thap

Cau 1041. Cho hinh chép S.ABCD c¢6 day ABCD la hinh thang vuong tai A va B, AB =
BC = 1AD = a. Tam giac SAB déu va nam trong mét phang vuong géc véi day. Tinh thé tich
kho6i chép S.ACD.

3

3 3 2 3 3
@ VS.ACD = CL VS.AC’D = % @ VS.AC’D = e \/_ @ VS.AC’D = - \/_

2 6 6

3.4  KHOI CHOP DEU

Mtc d6 Thong hiéu

Cau 1042. Thé tich khéi ti dien déu canh av/3 bing:

@ a3g/6‘ a?’g/é' © 3@5;\/5‘ D) az/é'
Cau 1043. Tinh thé tich ctia khéi tit dién déu c6 canh bang 2.

@) 4\3/5 V2. © 2? D) 2v2.
Cau 1044. Thé tich ctia khéi tit dien déu canh 1 1a

AV =1 V:;. @vz\l/j. @V:{j.

Cau 1045. Cho chép tit giac déu S.ABCD c6 day la hinh vuong canh 3. Canh bén tao véi day
mot géc 60°. The tich V clia khéi chop S.ABCD la

9v6 9v3 9v2 3v6
@20 B2V @22 D= 3V0

2 2 2 2
Cau 1046. Tinh thé tich V cta khéi bat dien déu canh a.

3 3 2 3 2 3
Dy -2 Bv-"2 ov-22 pv-o

Cau 1047. Cho khéi chép tit gide déu c6 canh day bang a, canh bén gap hai lan canh day. Tinh
theé tich V ctia khéi chép da cho.

@V—agf. v—“Sg/i. @v—as‘z/ﬂ. @v—ag‘gﬂ.
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Cau 1048. Mot hinh chép co day 1a tam giac déu canh bing 2 va ¢ chiéu cao bang 4. Tinh thé
tich hinh choép doé.

4/3
(A) 4. - (© 2v3. D) 2.
Cau 1049. Cho khdi chép tit gide déu, day 1a hinh vuong canh a, canh bén tao véi day mot goc
60°. Thé tich V ctia khéi chop dé la

a’v/6 a’ a’ a6

V= : V=—. V=— V= -
Cau 1050. Thé tich V ctia khéi ti dien déu canh a 1a

3 3 6 3 2 3 2

av-t mr-t grt

Cau 1051. Cho khéi chép déu S.ABC c6 canh day bang a, tinh thé tich V ctia khéi chop S.ABC

biét canh bén bang a la:

@V:i”;. V:Cf. ©V= ‘/_1 @V:agﬂ

Mittc do6 Van dung thap

Cau 1052. Cho hinh chép déu S.ABCD c6 do dai canh day bang a. Goi G la trong tam tam
gidc SAC. Mat phang chita AB va di qua G cit cac canh SC, SD lan lugt tai M va N. Biét mat
bén ciia hinh chép tao véi ddy mot goc bang 60°. Theé tich khéi chép S.ABMN béng

3 3 V3 3
@aT. a?. @aﬁ. @3@1—6

Cau 1053. Cho hinh chép tit gide deu S.ABCD c6 canh day bang 2a, canh bén bang 3a. Tinh
the tich V ctia khéi chép da cho.

@A)V = 47a?. vz4ga3. @vzf. D)V = M_a

3.5 CAC KHOI CHOP KHAC

Mtc d6 Thong hiéu

Cau 1054. Cho tit dien ABCD c6 thé tich V. Goi G la trong tam AACD. Tinh thé tich khoi
chop G.BCD theo V.
N ™ 2v 2v
2 3 3 9
Cau 1055. Cho hinh chép S.ABCD déy 1a hinh ch@ nhat tam O, AB = a, AD = av/3,SA = 3a,
SO vuong goc véi mat day (ABC D). Tinh thé tich khéi chép S.ABC.

2a3+/6 3V6
@) iV, ® 2 Gl D) 206,
Cau 1056. Cho tit dien ABCD c6 thé tich bing 12 va G 1a trong tam tam giac BC'D. Tinh thé
tich V ctia khéi chép A.GBC.

AV =3. BV =4. ©V =6. D)V =5.

Cau 1057. Cho khéi chop S.ABCD c6 day ABCD la hinh thoi tam O, canh bang 1 va goc
—_ P 2 Z NS 1
ABC = 60°. Biét SO L (ABCD) va the tich khoi chép S.ABCD bang T Tinh SA.

(A) SA=1. SA:‘?. @SA:‘? @SA:‘?
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Mic dé Van dung thap

Cau 1058. Xét khoi tit dien ABCD ¢6 canh AB = 21/3 va cac canh con lai déu bang z. Tim z
dé thé tich khéi ti dien ABCD bing 2v/2.

@x:\/a x:2\/§. @x:3\/§. @sz\/g.
Cau 1059. Cho hinh chép S.ABC c6 day la tam giac ABC déu canh a, tam giac SAB vuong
tai B, tam giac SAC vuong tai C. Biét goc gita hai mat phang (SAB) va (ABC) bang 60°. Tinh
thé ticl\l/khg)i chop S.ABC thec\)/c_z. , Sl Sl

3a 3a 3a 3a

@ 8 12 @ 6 @ 4
Cau 1060. Cho tit dien ABCD c¢6 BD = 2, hai tam giac ABD, BCD c6 dién tich 1an lugt 13 6 va
10. Biét theé tich tit dien ABC'D bang 16. Tinh s6 do goc giita hai mat phang (ABD), (BCD).

@ arccos (é) arcsin (;L) @ arccos <§) @ arcsin (145>
Cau 1061. Cho khéi lang tru ABCD.A'B'C'D’ ¢6 thé tich bang 12, ddy ABCD la hinh vuong
tam O. Tinh thé tich khéi chop A’.BCO.

A1 B) 4. (©) 3. D) 2.
Cau 1062. Cho hinh hop ABCD.A’B'C'D’ ¢6 day 1a hinh thoi canh av/3, BD = 3a, hinh chiéu
vuong goc clia B trén mat phang (A’B'C'D’) trung véi trung diém ciia A’C’. Goi (a) la goc tao

) V21 ) )
bdi hai m#t phang (ABCD) va (CDD'C’), cosa = - Tinh the tich khoi hop.

3a® 9v/3a? 9a® @ 3v/3a®
4 4 4 4
Cau 1063. Cho hinh lap phuong ABCD.A'B'C'D’ c6 canh bing a. Tinh thé tich V ctia khoi tii
diéen ACD'B’.

3 3 3
@V:;ai’x vz“f. @V:“Z. @vz“f.

3.6 SUDUNG DINH VE Ti 8O THE TiCH

Mtc do Thong hiéu

Cau 1064. Cho ti dien M NPQ. Goi I; J; K lan lugt la trung diém ctia cac canh MN:; M P; MQ.
v 2oz VMIIK
Ti so the tich

bang
MNPQ

® 5 ® O ©)

Mic dé Van dung thap

Cau 1065. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh va c6 thé tich V. Goi M
la diém trén canh SC sao cho MC = 2MS. Goi () la mit phing chita duong thang AM va song
song v6i dusng thang BD, () cat hai canh SB, SD lan lugt tai hai diem N, P. Tinh theo V thé
tich khoi chop S.APMN.

Vv Vv \% Vv
@5 B 5 ©% i
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Cau 1066. Cho khdi chép S.ABCD, trong d6 day ABCD 1a hinh thang c6 cac canh diy 1a AB
va CD sao cho CD = 4AB, mot miit phing qua CD cit SA, SB tai cac diém tuong tng M va
N. Néu M nam trén SA sao cho thiét dien M NCD chia khéi chép da cho thanh hai phan c6 thé
tich Vsprnen @ Viunepa = 1: 2. Khi do ti s6 if\j bang?
@—3+\/@' —6+\/ﬁ' ©—3+\/ﬁ' ®—3+x/ﬁ.
2 3 2 2
Cau 1067. Cho hinh chép S.ABCD c6 day la hinh vudng canh a. Canh bén SA vudng géc véi

mit day va SA = 2a. Goi B’; D’ lan lugt 13 hinh chiéu vuong géc ctia A trén cac canh SB, SD.
Mit phang (AB'D’) cit canh SC tai C'. Tinh thé tich ctia khéi chép S.AB'C'D’

a’ 16a3 a’ V2a?
@3 ® 2 ©3 © -7

Miic do Van dung cao

Cau 1068. Cho khéi chép S.ABC ¢6 M € SA, N € SB sao cho MA = —2M3, NS = —2NB.
Mit phang () qua hai diem M, N va song song véi SC chia khéi chép thanh hai khéi da dien.
Tinh t; s6 thé tich clia hai khéi da dién d6 (s6 bé chia486 16n). ;

@ = ©5 Db
Cau 1069. Cho hinh chép S.ABCD c6 day ABCD la hinh binh hanh. Diém M di dong trén
canh SC', dat ]\j\ig = k. Mat phing qua A, M song song véi BD cit SB, SD theo thit tu N, P.
Theé tich khéi chép C.APM N 16n nhat khi

(A) k= V3. B k=1 © k=2 D) k = V2.

Cau 1070. Cho tit dien déu ABCD c6 canh bang a. Goi M, N lan luct 1 trong tam ciia cic tam
giac ABD, ABC va E la diém doi xiing v6i diem B qua diém D. Mat phang (M NE) chia khoi
ttt dien ABCD thanh chia khéi da diéen, trong dé khéi da dién chita dinh A c6 thé tich V. Tinh
@ a2 3a3v/2 @ 3a3v/2 @ 9a3\/§
96 80 320 320
Cau 1071. Cho khéi ti dieén c6 thé tich bang V. Goi V’ la thé tich C,ﬁa khoi da dién c6 céc dinh

la cac trung diém ctia cac canh ctia khéi t dien da cho, tinh ti s6 v
|74 |74 2 "5
@y=3 ®v-=7 ©v-=3 Dv-=5
Cau 1072. Cho hinh chép S.ABCD c6 day la hinh vuong canh a, SA vuong géc v6i day va

. SM . \
SA = a. Diem M thudc canh SA sao cho A= k, 0 < k < 1. Khi d6 gia tri cia k dé mat phang
(BMC) chia khéi chép S.ABCD thanh hai phan c6 thé tich bing nhau 1a

@k__l‘g 0. k_1+4 0. @k__lg\/g. @k__lg\/ﬁ.

3.7 KHOI DA DIEN CAT RA TU MOT KHOI CHOP

Mtc d6 Thong hiéu

Cau 1073. Cho khéi chép S.ABCD c6 thé tich V. Goi M, N lan lugt I trung diém ctia SA, MC.
Thé tich ctia khéi chép N.ABCD la
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Vv Vv 1% Vv
@ E. Z. @ 5. @ g.
Cau 1074. Cho khéi tit dien ABCD c6 thé tich V. Goi M, N, P, Q lan luct la trong tam ctia
cac tam giac ABC, ABD, ACD, BCD. Tinh theo V thé tich ctia khéi ti dien M N PQ.

Vv 4V 2V Vv
5 B 5 S Dy

Miitc d6 Van dung thap

Cau 1075. Cho hinh chop S.ABCD c¢6 day ABCD la hinh vudng canh a, SA = a va SA L
(ABCD). Goi M la trung diem SB, N la diém thudc canh SD sao cho SN = 2ND. Tinh thé
tich V cta khoi ti¢ dien ACMN.
a’ a’ a’ a’
@V:%. vz§. @vzﬁ. @V:E.
Cau 1076. Cho hinh chép tit gide déu c6 canh ddy bang 1, chiéu cao bang 2. Xét da dien 16i (H)

c6 cac dinh 1a trung diém tat ca cac canh ctia hinh chép dé. Tinh thé tich ctia (H).

(A) g. B) 4. (© 2v3. 152

Miic do Van dung cao

Cau 1077. Cho tit dien déu ABCD c6 cac canh bing a. Goi M, N lan lugt la trung diém cta
cac canh AB, BC va E la diém déi xting v6i B qua D. Mit phang (MNE) chia khéi tit dien
ABCD thanh hai khéi da dién, trong d6 khoi da dién chita dinh A c6 thé tich V. Tinh V.

7V 2a? 11v2a3 13v/2a3 V2a?
@V_ 216 V_ 216 ©V_ 216 ®V_ 18

4 Bai 3.2 Thé tich khdi lang tru

41 CAC CAU HOI CHUA PHAN DANG

Miic d6 Nhan biét

Cau 1078. Cho khéi ling tru c6 thé tich V, dién tich day 1a B va chiéu cao h. Khing dinh nao

sau day dung?

@V:;Bh. B)V = VBh. (©V = Bh. D)V = 3Bh.

Mrtc d6 Thong hiéu

Cau 1079. Cho khéi lang tru va khéi chép c6 dien tich day bang nhau, chiéu cao ciia khoi lang
tru bang ntta chiéu cao khoi chop. T s6 thé tich giita khoi lang tru va khéi chép dé 1a
3 1 1 1
@3 5 © D
Cau 1080. Cho khéi ling try ABCDE.A'B'C'D'E’. Trén canh bén AA’ lay diém S sao cho
2SA" = 5SA. Goi V; 1a thé tich khdi ling tru ABCDE.A'B'C'D'E’ va V, 1a thé tich khdi chép

SABC'D'E'. Tinh k = “;1
2

@k:251. k::271. @k:221. @k:125.
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Mic dé Van dung thap

Cau 1081. Cho lang tru ABC.A'B'C’. Goi E, F lan lugt la trung diém BB’, CC’. Duong thing
AE cit A'B’ tai E', duong thing AF cit A’C’ tai F'. Ti s6 thé tich ctia khéi chép A.B'C'F'E'
VA thééfich khoi lang tru ABC.A’B'C" 1a 5

(A) 3 B) 3. ©1. D) it
Cau 1082. Cho hinh hop ABCD.A'B'C'D'. Goi E, F theo thit tu la trung diem BB’, DD'. Mat
phang (CEF) chia hinh hop thanh hai khéi da dién, dat V4 1a thé tich khéi da dién chia diém B
va V5 1 khéi da dién chita diém B’. Thé thi ta ¢6

i 3 i_ i 1 i_2
®p=3 ®p=1 ©p=3 On-=2

42 KHOI LANG TRU DUNG (KHONG DEU)

Mitc d6 Nhan biét

Cau 1083. Cho khoéi lang tru ding ABC.A'B'C" ¢6 BB’ = a, day ABC' la tam gidc vuong can
tai B va AC' = a+/2. Tinh thé tich V ctia khéi lang tru da cho.
3 3

3
V =ad3. V:a—. V=2 v=%
3 6 2

Mrtc d6 Thong hiéu

Cau 1084. Lang tru ding ABC.A’B'C’ ¢6 day ABC' la tam giac vuong can tai A, AB = AC =
av/5, A'B tao v6i mat day lang tru goc 60°. Tinh thé tich khéi lang tru.

@ a3+/6. 5@3\/1—5‘ @ 5&3\/3. @ 4a3+/6.

2 3

Mitc dé Van dung thap

Cau 1085. Cho khéi lang tru diing ABC.A'B'C’ ¢6 day ABC 1a tam giac can véi AB = AC = a,
BAC = 120°, mit phang (A'BC") tao v6i day mot goc 60°. Tinh thé tich V ctia khéi lang tru da
ch

0.
- 3a? B 9¢3 B a?’\/g - 3\/§a3
@v =" BV =" ©v="1- Dv="—

Cau 1086. Cho lang tru ding ABC.A’B'C" ¢6 day la tam giac vuong tai A, AC = a, ACB = 60°.
Duong chéo BC’ ctia mit ben (BCC'B') tao véi mat phang (AA'C'C) mot goc 30°. Tinh thé tich
V ctia khéi lang tru theo a.

AV = a3V6. BV = “3?:@ ©V= “3;/6. DV = 2‘12\/6.

4.3 KHOI LANG TRU DEU

Mrtc do6 Nhan biét

Cau 1087. Tinh thé tich V clia khéi lang tru tam giac déu co tat cd cac canh bing a.

3./3 3./3 3./3 3./3
@V:“gf. vzal‘{. @vza2 . @vz“f.
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Mtc d6 Thong hiéu

Cau 1088. Cho hinh lang tru tam giac déu c6 canh day bang 2a va c6 cac mat bén déu la hinh

vuong. Tinh theo a thé tich khéi lang tru da cho.

@ 2(133\/§. 3a3\/§. @ 2(11\/5. @ 2a3\/§.

Cau 1089. Tinh thé tich V ctia khéi lang tru tit giac déu ABCD.A'B'C'D’, biét do dai canh day
bing a va A’C hgp v6i mat phiang (ABCD) goc 60°.

@v="0 BV =a'va ©V =i D)V =a'VG.

Cau 1090. Lang tru tam giac déu c6 do dai tat ca cac canh déu bang 3. Thé tich khéi ling tru

da cho bang
93 273 273 9v/3
Cau 1091. Cho hinh lang tru tam gidc déu c6 canh day va canh bén déu bang a. Goi S 1 dién

tich xung quanh ctia hinh lang tru trén. Tinh S.

3a? 3a?
@S:\/;a. B) S = 5a2. @5:*/;“. D) S = 3a2.
Cau 1092. Tinh thé tich V ctia khéi lap phuong ABCD.A'B'C'D’, biét AC = av/2.

@V:;a?’. BV =a’. © V =33 @vzg\fag.

44 KHOI LANG TRU XIEN (KHAC)

Mtc d6 Thoéng hiéu

Cau 1093. Cho hinh lang tru ABC.A'B'C" ¢6 day 1a tam giac déu canh a. Hinh chiéu vuong goc
ctia diém A’ lén mat phang (ABC) trung véi trong tam tam giac ABC. Biét khodng cach giita hai

: . 3 . )
duomg thing AA’ va BC bing “j{ Tinh theo a thé tich V ciia khéi lang tru ABC.A'B'C

_a3 3 _a3\/§ _a3 3 _a3\/§
@V =" BV ="73" ©v="-3~ Dv=="

2
Cau 1094. Mot khdi lang tru tam gidc c6 day 1a tam gidc déu canh 3 cm, canh bén 24/3 tao véi

mat phing ddy mot goc 30°. Khi do thé tich ctia khéi lang tru la
®? ® & D 2
4 4 4 4
Cau 1095. Cho lang tru tam giac ABC.A'B'C" ¢6 day ABC' la tam gidc vudng can tai A, canh

AC = 2v/2. Biét AC’ tao v6i mat phing (ABC) mot goc 60° vi AC’ = 4. Tinh thé tich V ciia
khoéi da dien ABCB'C'.
@v-= Bv-2 ©v-3 DV =103
3 3 3 3
Cau 1096. Cho lang tru ABC.A'B'C" ¢6 day ABC la tam giac vuong can tai A. Géc giva AA’
va mit phing (ABC) bing 45°. Biét ring AA’ = AB = a+/2. Tinh thé tich V ciia khéi lang tru
6

0.
@V:a3. V:\éﬁa:”. @V:;cﬁ. @V:ﬂa3.
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Mic dé Van dung thap

Cau 1097. Cho hinh lang try ABCD.A'B'C'D’ c6 day ABC'D 1a hinh thoi canh a, biét A’ ABC
1a hinh chép déu va A’ D hgp véi day mot géc 45°. Tinh thé tich ciia khéi ling tru ABCD.A'B'C'D’.

3V6 3V6
or Bl © av3 DIl
Cau 1098. Lang tru ABC.A'B'C’ ¢6 day la tam gidc déu canh a. Hinh chiéu vuong goc ciia A’

len (ABC) trung vé6i tam O ctia tam gidc ABC. Mt phang (P) qua BC vudng goc véi AA’ cét
2
3. Thé tich lang tru ABC.A'B'C’' bang.

lang tru theo thiét dién c6 dién tich bang
@ as’\/2 a’\/6 @ a6 @ a’v/3
12 12 3 12
Cau 1099. Cho khoéi lang try ABC.A'B'C" ¢6 day 1a tam gidc déu canh a, hinh chiéu vuong goc
clia A trén mit phang (A’B'C’) tring véi trong tam ciia tam giac A’B’C’, mat phang (ABB'A’)
tao véi day mot goc 60°. Tinh thé tich V clia khéi lang tru da cho.

@v-2 @v-2E gv-9E oo

45 KHOI LAP PHUONG

Mitc d6 Nhan biét

Cau 1100. Tinh thé tich V ctia khéi lap phuong ABCD.A'B'C'D’, biét AC' = a\/3.

AV =d. V:?)ﬁéa{ © V =33 @V:;a:”.

Mrtc d6 Thong hiéu

Cau 1101. Dién tich toan phan ctia mot khéi lap phuong 1a 150 cm?. Thé tich ctia khéi lap
phuong do 1a

(A) 125 cm?. 100 cm?, (C) 25 cm?. (D) 75 cm?.

46 KHOI HOP CHU NHAT

Mtc do Thong hiéu

Cau 1102. Cho hinh hop ch@ nhat ABCD.A'B'C'D ¢6 AB = a, BC = 2a, A'C' = v/21a. Thé
tich ctia khoéi hop chit nhat do 1a

(A) 4a?. 1643, © ia?’. (D) 8a?.

Mitc do6 Van dung thip

Cau 1103. Hinh hop ding ABCD.A'B'C'D’ ¢6 day ABCD la hinh thoi. Dién tich cac ti giac
ABCD, ACC'A', BDD'B’ lan lugt 14 Sy, Ss, S3. Khi d6 thé tich ctia khéi hop ABC'D.A'B'C'D’

la:
1 1 1 S
A) 5515255, B) S VIS5, ©§ 35,5555, @51\/_5253.
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Cau 1104. Trong cdc ménh dé sau, ménh dé nao ding?
@ Hai khéi lap phuong cé thé tich bang nhau thi cé dién tich toan phan bang nhau.
Hai khéi hop chit nhat c6 dién tich toan phan bing nhau thi c6 thé tich bing nhau.
@ Hai khéi chép tit gide c6 dien tich day bang nhau thi cé thé tich bang nhau.
@ Hai khéi chép tam gidce déu cé chidu cao bing nhau thi c6 thé tich bing nhau.

47 KHOI HINH HOP KHAC

Mtc d6 Thong hiéu

Cau 1105. Trong cidc ménh dé sau day ménh dé nao sai?
@ Hai khéi lap phuong cé dién tich toan phan bang nhau thi c6 thé tich bang nhau.
Hai khéi hop chit nhat c6 dién tich toan phan bing nhau thi c6 thé tich bing nhau.
@ Theé tich hai khéi chép c6 dien tich day va chiéu cao tuong ting bing nhau la bing nhau.
@ Thé tich ctia khéi lang tru bing dien tich ddy nhan véi chiéu cao.

Mitc dé Van dung thap

Cau 1106. Cho khéi hop ABCD.A’B'C'D’ ¢6 day 1a hinh thoi v6i goc nhon 60°. Chiéu cao khoi
hop bang canh day. Goi M, N, P lan lugt la trung diem AB, B'C’, C'D’. Tinh thé tich V ctia
khoi hop da cho biét ring khéi tit dien C'M NP c6 thé tich 10 cm?.

(A) V = 360 cm?. V =120 cm?. (©) V = 240 cm®. (D) V = 60 cm?.

48 KHOI LANG TRU KHAC

Miic do Nhan biét

Cau 1107. Cho khéi lang tru (T) c6 thé tich a® va dién tich day biang a?. Chiéu cao h clia khoi
lang tru (7) la

@A) h=a. B) h = 3a. @h:%. D) h = 2a.

49 KHOI DA DIEN CAT RA TU KHOI LANG TRU

Mtc do Thong hiéu

Cau 1108. Cho lang tru tam gidc ABC.A'B'C’ ¢6 day 1a tam giac déu canh a va do dai canh
bén bing 4a. Mat phang (BCC'B’) vudng goc véi day va B'BC = 30°. Tinh thé tich V ctia khéi
chop A.CC'B’.

3 3 3\/3 3\/3 3\/5
@V:“2 . vz“12 . @vz“18 . @vz“6 .

Cau 1109. Cho hinh hop chit nhat ding ABCD.A'B'C'D’ ¢6 AB = a, AD = 2a, AA’ = 3a. Goi
O’ 1a tam ciia hinh chit nhat A’B'C'D’. Thé tich khéi chép O'.ABCD bang?

@ 4a’. 2a3. @ a’. @ 6a’.
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Cau 1110. Cho khéi lang tru ABC.A'B'C" c¢6 thé tich bang 2017. Tinh thé tich khéi da dien
ABCB'C'.

2017 4034 6051 2017

R B S S

Cau 1111. Cho khéi lang tru ABC.A’B'C" ¢6 thé tich bing 2018. Goi M la trung diém AA’;
N, P lan lugt 1a céc diém nam trén cac canh BB’, CC’ sao cho BN = 2B'N, CP = 3C'P. Tinh

thé tich khoi da dien ABCMNP.
4036 ®) 32288 40360 23207

3 27 27 18

Mitc dé Van dung thap

Cau 1112. Cho khéi lang tru tam gidc ABC.A'B'C’. Tinh ti s6 thé tich giita khéi da dien
A'B'C'BC va ABC.A'B'C".
2 1 5) 1
@3 5 ©5 D,
Cau 1113. Cho hinh hop ABCD.A'B'C'D' thé tich 1a V. Tinh thé tich cta tt dien ACB'D’
theo V.

® 5 ® 5 @5 O .

Mitc d6 Van dung cao

Cau 1114. Cho khéi hop chit nhat ABCD.A'B'C'D’ ¢6 thé tich bing 2018. Biét M, N, P lan lugt
nam trén cac canh AA’, DD’ CC" sao cho AAM = MA,DN = 3ND',CP = 2P(C’. Mat phang

(M N P) chia khéi hop da cho thanh hai khéi da dién. Tinh thé tich khéi da dién nho hon.
7063 @ 5045 5045 5045

6 6 9 12
Cau 1115. Tinh thé tich V ctia khéi lap phuong c6 cac dinh 1a trong tam cac mat ctia khéi bat

dién déu canh a.

8a® a? 16a®/2 2a3
@v="1 BV=. ©V= 27f. Dv="
Cau 1116.
Cho khéi hop chit nhat ABCD.A'B'C'D’ ¢6 thé tich D o
bang 2110. Biét AM = MA,DN = 3ND'.CP = E
2C"P nhu hinh vé. Mat phang (M NP) chia khoi ,i*N— ______
hop da cho thanh hai khéi da dien. Thé tich khoi da s g/ AP
dién nhé hon bang A / ! > T
)T R o s sy S
18 12 9 6
P
Mp ______________________ .
D
Al
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5 Bai 3.3 Tinh toan vé do dai (khoang cach), dién tich

51 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 1117. Cho hinh chép S.ABCD c6 day ABCD la hinh thang can, AD = 2AB = 2BC =
2C'D = 2a. Hai mit phing (SAB) va (SAD) ciing vuong géc véi mit phang (ABCD). Goi M, N
lan lugt 1a trung diém ctia SB va C'D. Tinh cosin géc gitta M N va (SAC), biét thé tich khdi chop

3
S.ABCD bing & f
V310 3v5 3v/310 V5
@5 ® 35 © =5 RS

5.2 TINH TOAN DO DAI HINH HQC (DON THUAN)

Miic d6 Van dung thap

Cau 1118. Cho hinh chép tit giac S.ABCD c6 day 1a hinh vuong canh bang v/2a. Tam giac SAD

can tai S va mat ben (SAD) vudéng géc véi mat phang day. Biét thé tich khéi chép S.ABCD
. 4 ) .

bang ga?’. Tinh khodng cach h tit B dén mit phang (SCD).

@hzga. hzga. @hzga. @h:ia.

Mitc d6 Van dung cao

Cau 1119. Cho hinh chép S.ABCD c6 ddy ABCD la hinh thoi canh biing a, BAD = 60°, SA
3

vuong géc véi mit phang day. Thé tich khéi chép S.ABCD la az. Tinh khoang cach d gitta hai
duong thang BD va SC.

@d:\/?_la. d:\/;_la. @d:‘f’a. Dd=3.
Cau 1120. Trong khong gian véi hé toa do Oxyz, cho hai diém A(5;0;0) va B(3;4;0). Véi C la
mot diém trén truc Oz, goi H la tryc tam tam gidac ABC. Khi C di dong trén truc Oz thi H ludén
thuoc mot duong tron c6 dinh. Tinh ban kinh dé.

® Y ® Y ©Y D) V3.

53 TINH KHOANG CACH BANG PHUONG PHAP THE TICH

Mtc d6 Thong hiéu

Cau 1121. Cho tt dien déu ABCD canh bing a. Goi M la trung diém C'D. Tinh khoang cach
gitta hai duong thang AC va BM.

22 2 3
®YZ =z ©%2 Do
11 3 3
Cau 1122. Cho hinh chép S.ABC cé day la tam gidc déu canh 2a va thé tich bing @®. Tinh

chiéu cao h ctia hinh chép da cho.
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@h:@. h:@. @h:@. (D) h = /3a.

6 2

Miic d6 Van dung thap

Cau 1123. Cho hinh chép S.ABC c6 ASB = BSC = ASC = 60° va SA =3,SB = 6,SC = 9.
Khoang cach d tit C' dén mit phang (SAB) la

(A) d=6v/3. d—g\f. @d—g. D) d = 3V/6.
Cau 1124. Cho hinh chép S.ABCD c6 day la hinh thoi canh a, mat bén SAB la tam gidc vuong

a’\v/3

can tai S va thuoc mit phing vuong goéc véi day. Biét thé tich khéi chép S.ABCD bang T
Tinh khoang cich tit diém C' dén mit phang (SAB).

@ o3 ®) a3 @Mf. @af.

2

6 Bai 3.4 Max-Min trong hinh hoc

6.1 MAX-MIN THE TiCH

Miic do Van dung cao

Cau 1125. Cho hinh chép S.ABC ¢6 SA = 2;BC = y; AB = AC = SB = SC = 1. Thé tich
khoi chop S.ABC 16n nhat khi tong = + y bing bao nhieu?

@ V3. jg © jg D) 4v3.

Cau 1126. Cho khéi chép S.ABC ¢6 SA = a,SB = av/2,SC = av/3. Tinh thé tich 16n nhat
ctia khéi chép.
a*V/6 a6 a*V/6
@) @V, L Gl D
Cau 1127.
Mot tam kém hinh vuong ABCD c6 canh bang A E G B E G
30 cm. Ngudi ta gap tam kém theo hai canh E'F va

GH cho dén khi canh AD va BC' trung nhau nhu
hinh vé bén dé duge mot hinh lang tru khuyét hai

day. Gia tri clia z dé thé tich khéi lang tru 16n nhét
1a 1T
D—%L—F H—<L—(C F H
@szcm. x:9cm. \_/
@x:8cm. @le()cm.

Cau 1128. Cho hinh chép déu S.ABCD c6 khoang cach tit A dén (SC'D) bang 2a. Gia tri nho
nhét ctia thé tich khéi chép S.ABCD theo a la

@V:2a3. V:2\/§a3. @V:3\/§a3. @V:4a3.
Cau 1129. Xét khéi tii dien ABCD c6 canh AB = x vi céc canh con lai déu bang 2v/3. Tim «
dé thé tich khoi tit dien ABCD dat gia tri 16n nhat.

@x:\/é. x:\/ﬂ. @m:3\/§. @sz\/g.
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6.2 MAX-MIN DO DAI HINH HOC

Miic do Van dung cao

Cau 1130. Cho khoéi lang tru ding ABCD.A'B'C'D’ ¢6 day 1a hinh vuong va c6 theé tich 1a V.

Dé dién tich toan phan ctia ling tru nhé nhat thi canh day cta ling tru bang bao nhieu?

@) V7. ®) V2. © V. @CE

7 Bai 3.5 Toan thuc té, lién mén

71 TOAN THUC TE, LIEN MON VE HINH HOC KHONG GIAN

Bai toan thuc té

Cau 1131. Mot ngudi ban gao mudn déng mot thiing ton dung gao cé thé tich khong doi bang
8 m?, thiing ton hinh hop chit nhat c6 diy la hinh vuéng, khong nap. Trén thi truong, gia ton
la day thung 1a 100.000 dong/m?, gia ton lam thanh xung quanh thung 14 50.000 dong/m?. Hoi
ngudi ban gao dé can déng thing dung gao véi canh day bing bao nhiéu dé chi phi mua nguyén

lieu 1a nho nhat?
(A) 3 m. B) 1,5 m. (©) 2 m. (D)1 m.

Cau 1132. Ngudi ta got mot khoi 1ap phuong bang gb dé 1ay khdi tAm miat déu noi tiép né (tic
1a khdi ¢6 cac dinh 1a cdc tam clia cac mat khdi 1lap phuong). Biét canh ctia khdi lap phuong bang

a. Hay tinh thé tich ctia khoi tam mit déu doé.
3

a a? a? a?
) ® % O D3
Cau 1133. Mot gia dinh muén xay mot bé nuéc dang hinh hop chit nhat ¢ chidu dai 2,2 m,
chiéu rong 1,5 m, cao 1 m. Bé nuéc duge thiét ké khong cé ndp day, bon bite tuong va day déu
day 1 dm. Bé nuéc duge xay dung bang cac vién gach 1a khdi lap phuong canh bang 1 dm. Gia
stt do day clia vita xay khong dang ké thi s6 lugng vien gach can dé xay bé bing

(A) 3300 (vien). 1220 (vien). (C) 960 (vien). (D) 2340 (vien).

8 Bai 3.6 Giai bang phuong phap toa do héa



Chuong 2: Khéi tron xoay

1 Bai 1.1 Hinh nén, khéi nén

1.1 TINH DO DAI bUONG SINH, BAN KINH DAY, DUONG CAO

Miic do Nhan biét

Cau 1134. Trong khong gian, cho tam giac ABC vuong tai A, AB = a vi AC = v/3a. Tinh do
dai duong sinh ¢ ctia hinh nén, nhan duge khi quay tam giac ABC xung quanh truc AB.

@ﬁza. sz/ﬁa. @sz/ga. ®€:2a.

Cau 1135. Cho hinh nén c6 dién tich xung quanh bing 37a? va ban kinh day bang a. Tinh do
dai duong sinh [ ctia hinh nén da cho.

@z:\f“. B) I = 2v/2a. @1:32“. (D) = 3a.

Cau 1136. Tim ban kinh r ctia mit nén biét dién tich toan phan clia mat nén bang 47 va do
dai dudng sinh [ = 3.

@r:; 7‘22. @T‘:;l. @7‘:1-

Mtc do Thong hiéu

Cau 1137. Cho hinh nén c6 dién tich xung quanh bang 3wa® vd ban kinh day bing a. Do dai
duong sinh ctia hinh nén da cho bang

@ 2/2a. @ 3a. @ 2a. 3;.

1.2 TINH DIEN TICH XUNG QUANH, DIEN TiCH TOAN PHAN

Miic do Nhan biét

Cau 1138. Cho hinh nén c6 ban kinh day 1a r = /3 va do dai dudng sinh [ = 4. Tinh dien tich
xung quanh S ctia hinh nén da cho.

@ S = 8/3r. S = 24m. @ S = 164/3. @ S = 44/3r.

Cau 1139. Cho hinh nén c6 ban kinh day bang 3 va chiéu cao bang 4. Tinh dién tich xung quanh

cua hinh noén.

(A) 127. B) 9r. () 30r. D) 157.

Mtc d6 Thong hiéu

Cau 1140. Cho hinh nén ¢6 chiéu cao 2av/3 v ban kinh day 1a 2a. Tinh dién tich xung quanh

Sxq ctia hinh nén do.

195
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(A) Syq = 8ma?. Syq = 4ma?. (C) Syq = 2ma?. (D) Sy = 167a?.

Cau 1141. Cho khéi nén c¢6 ban kinh day » = 3 cm va goc ¢ dinh bang 120°. Tinh dién tich

xung quanh Sy, ctia khoi nén do.

@ Seq = 97 cm?. Syq = 3v/37 cm?. @ Syq = 64/37 cm?. @ Syq = 9V/37 cm?.

Cau 1142. Cho hinh nén c6 do dai duong sinh | = 4a va ban kinh day r = /3. Dién tich xung

quanh ctia hinh nén bang bao nhiéu?

@ 2rav/3. 47?(132\/3 @ 8ra?v/3. @ dma?4/3.

Cau 1143. Cho tam giac ABC vuong tai B, ¢c6 AC' = 2a, BC' = a. Khi quay tam giac ABC
quanh canh géc vuong AB thi duong gap khic ACB tao thanh mot hinh nén tron xoay c6 dién

tich xung quanh S,, bang bao nhiéu?
@ Seq = Tal. Seq = dma?. @ Seq = 2ma?. @ Seq = 3ma’.
Cau 1144. Cho hinh nén ¢6 ban kinh day la 4a, chiéu cao 1a 3a. Tinh dien tich xung quanh S,,

cua hinh noén.
(A) S, = 12ma?. Spq = 24maZ. (©) S,y = 40ma?. (D) S,y = 20ma.

Cau 1145. Trong khong gian, cho tam gidc déu ABC' canh bing a. Tinh thé tich V ciia khoi
né6n nhan duge khi quay tam giac ABC quanh mot duong cao ctia no.

@V:ﬂa3 3 V_ﬂa?’\/g @v_La?’ @V_37m3
I = = . = .

2 4 4

1.3 TINH THE TiCH KHOI NON, KHOI LIEN QUAN NON

Miic do Nhan biét

Cau 1146. Cho khdi nén (N) ¢6 ban kinh day bang 3 va dién tich xung quanh bang 157. Tinh
thé tich V ctia khéi nén (N)

AV =12r. B)V = 20m. (©) V = 36m. (D) V = 60r.
Cau 1147. Mot khoéi nén c6 dién tich day bang 97 va dién tich xung quanh bing 157. Tinh thé
tich V' ctia khoi non.

AV =12n. B)V = 10r. ©V =20m. D)V = 45

Cau 1148. Cho khdéi nén tron xoay cé chiéu cao bang 6 cm va ban kinh duong tron day bang 8

cm. Thé tich ctia khoi nén 1a

(A) 1287 (B) 3847. (C) 967. (D) 487.

Cau 1149. Cho khéi nén c¢6 ban kinh day r = /3 va chiéu cao h = 4. Tinh thé tich V ctia khéi

nén da cho.
@vzl&; 5 BV = 4r. ©V =167v3. D)V = 127,

Cau 1150. Tinh thé tich V ctia khéi nén tron xoay cé chiéu cao h va déy 1a hinh tron ban kinh

r.
@ V = nrh. V= gm“h. @ V= ;WT2h. @ V = mr2h.
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Mtc d6 Thong hiéu

Cau 1151. Tam gidc ABC vuong can dinh A c6 canh huyén 13 2. Quay hinh tam giac ABC
quanh truc BC' thi duge mot khdi tron xoay co thé tich 1a

2v/2 4 2 1
® 22 ® i © 2 D i
Cau 1152. Cho hinh nén c6 géc é dinh bang 60°, dién tich xung quanh bang 6ma?. Tinh thé tich

V ctia khoi n()r% \(}@ cho. 5
3 2 2
Wy =" BV =T © V = 3ra®. D)V = ra®.
Cau 1153. Mot khéi nén c¢6 ban kinh day bang 1 va do dai duong sinh bing /5. Tinh thé tich
V ctia khoi non.

2 \/6 7T\/6 2
@v==:. BV =" ©v=- Dv==

Cau 1154. Tinh thé tich V ctia khéi non c6 thiét dien qua truc ld mot tam gidc déu canh bang

@V \/g‘ BV =r \/g‘ ©v= \/g DV = f

Cau 1155. Tinh thé tich ctia khéi nén cé chiéu cao bing 4 va du’bng sinh bing 5.

(A) 167. (B) 48. (©) 127. (D) 367
Cau 1156. Cho tam giac ABC vuoéng tai A. Biét AB = 3 cm, AC = 4 cm. Goi Vi 1a thé tich
ctia khdi nén duge tao nén khi quay tam giac ABC quanh canh AB v‘% V5 1a thé tich ctia khéi
nén duge tao nén khi quay tam giac ABC quanh canh AC. Tinh ti s6 Vl

2
i1 Vi i 4 i 3
®Y-] " ©b-! Db
Cau 1157. Cho tam giac ABC vuong tai A c6 AB = 3, AC' = 4. Quay mién tam giac ABC
quanh truc AC ta dugc mot khéi non tron xoay. Tinh thé tich V' ctia khéi nén tron xoay do.

V = 16m. BV =r. V=3 V = 12x.
@ i

Mic dé Van dung thap

Cau 1158. Cho khéi nén cé ban kinh day r = 4 va do dai dudng sinh [ = 5. Tinh thé tich V ciia

khdi non da cho.

(A)V =8r. B) V = 4r. (©V = 16m. D)V =12r.

1.4 BAI TOAN LIEN QUAN THIET DIEN VOI KHOI NON

Miic d6 Van dung thap

Cau 1159. Cho hinh nén tron xoay c6 chiéu cao h = 20 cm, ban kinh » = 25 cm. Mot thiét dien
di qua dinh ctia hinh nén c6 khoang cach tit tam ctia ddy dén mit phéng chita thiét dien 1a 12 cm.
Tinh dién tich ctia thiét dien do.

(A) S = 500 cm?. S = 400 cm?. (©) S =300 cm?. (D) S = 406 cm?.
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Cau 1160. Cho hinh nén dinh S, day la hinh tron tam O, ban kinh R = 3 c¢m, géc ¢ dinh hinh
nén la ¢ = 120°. Cat hinh nén béi mit phing qua dinh S tao thanh tam giac déu SAB, trong d6
A, B thuoc duong tron day. Tinh dién tich tam giac SAB.

@3\/§cm2. 6\/§ch. @6cm2. ®3cm2.

Mitc d6 Van dung cao

Cau 1161. Cho hinh nén dinh S c¢6 chidu cao h = a va ban kinh day r = 2a. Mt phang (P) di
qua S cit duong tron day tai A vi B sao cho AB = 2v/3a. Tinh khoang céch d tit tam ctia duong
tron day dén (P).

@d:f“. B) d=a. @d:‘f“. @d:@

1.5 HINH NON NOI TIEP-NGOAI TIEP KHOI CHOP

Mrtc do Thong hiéu

Cau 1162. Cho hinh chép tit giac déu S.ABCD c6 canh diy bang a. Tam giac SAB c6 dién tich
bing 2a’. Tinh thé tich V ctia khéi noén c6 dinh 1a S va dudng tron day noi tiép ABCD.

@AV = m;\ﬁ. BV = M?’?ﬁ. ©V = Miﬁ. DV = ”“3\/_.

Cau 1163. Cho tit dien déu ABCD c¢6 canh bang 3a. Hinh nén (N) ¢6 dinh A va dudng tron
day 1a duong tron ngoai tiép tam gidc BC'D. Tinh dién tich xung quanh Sy, ctia (N).

@ qu = 6’/TCZ2. qu = 3\/571'@2. @ qu = 127{@2- @ qu = 6\/§7TCL2.

Mitc do6 Van dung thap

Cau 1164. Cho hinh chép tit gide déu S.ABCD c6 cac canh déu bang av/2. Tinh thé tich V ciia
kho6i nén c6 dinh S va duong tron day 1a dudng tron noi tiép ti giac ABCD.

@v-="" B v V2 Qv-="" DV = ‘[m
2 6 -6

1.6 TOAN THUC TE, LIEN MON LIEN QUAN KHOI NON

Mitc d6 Van dung cao

Cau 1165. Cho mot miéng ton hinh tron c6 ban kinh 50 cm. Biét hinh nén cé thé tich 16n nhat
khi dién tich toan phan ctia hinh nén bang dién tich miéng ton & trén. Khi dé hinh nén c6 ban
kinh day la

@ 10v/2 (cm). 501/2 (cm). @ 20 (cm). @ 25 (cm).

Cau 1166.
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Cho mot dong ho cat nhu hinh vé bén (gom 2 hinh nén chung dinh ghép
lai), trong d6 dudng sinh bat ky ctia hinh nén tao véi ddy mot goc 60°. Biét Q‘b

rang chiéu cao ctia dong ho 1a 30 cm va téng thé tich clia dong ho 1a 10007
cm?®. Héi néu cho day lugng cat vao phan trén thi khi chay hét xudng dudéi,

ty 1& thé tich cat chiém chd va thé tich phan phia duéi 1 bao nhieu? (@)

A\

1 1 1 1
@g- 2*7- ©ﬁ @@-

2 Bai 1.2 Hinh tru, khdi tru

2.1 CAC CAU HOI CHUA PHAN DANG

Miic do Nhan biét

Cau 1167. Goi [, h, R 1an lugt 14 do dai duong sinh, chiéu cao va ban kinh déay ctia hinh tru (7).
Goi dién tich toan phan ctia hinh tru (T') 1a S;,. Khang dinh nao duéi day dang?

@ Sip = TRl + TR Stp = TRl + 2T R2.

(©) Sy, = 2nRI + 27 R2. (D) S,y = TRh + TR2.

Mtc d6 Thong hiéu

Cau 1168. Trong khong gian, cho hai diém A, B c¢6 dinh, phan biét va diém M thay déi sao cho
dien tich tam giac M AB khong doi. Trong cac ménh dé sau, ménh dé ndo ding?

@ Tap hop cac diém M 1a mot mit phang. Tap hop cac diém M 1a mot mat tru.

@ Tap hop cac diém M 1a mot mat nén. @ Tap hop cac diém M 1a mot mat cau.

Mitc d6 Van dung thap

Cau 1169. Cho hinh try c6 thiét dién qua truc 1a hinh vuong ABC'D canh 2v/3cm véi AB 1a
duong kinh ctia dudng tron day tam O. Goi M la diém thudc cung AB ctia dudng tron day sao
cho ABM — 60°. Tinh thé tich ctia khéi t dien ACDM.

@V:3cm3. V:4cm3. @V:G(:rn3. @V:70m3.
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2.2 TINH DO DAI DUONG SINH, BAN KINH DAY, DUONG CAO

Mitc d6 Nhan biét

Cau 1170. Cho khdi tru c6 thé tich bang 647 va c6 do dai chidu cao h bing ban kinh r ciia

duong tron day. Tinh chiéu cao h ctia khoi tru.

(A) h = 4. h:;l. © h=3. @h:i.

2.3 TINH DIEN TICH XUNG QUANH, DIEN TICH TOAN PHAN

Mic d6 Nhan biét

Cau 1171. Trong khong gian, cho hinh chit nhat ABCD c¢6 AB =1 va AD = 2. Goi M, N lan
lugt 1a trung diém ctia AD va BC. Quay hinh chit nhat d6 xung quanh truc M N, ta dugc mot
hinh tru. Tinh dién tich toan phan Sip ctia hinh tru do.

@ Stp = A4r. Stp = 2m. @ Stp = 6. @ Stp = 10m.

Mtc d6 Thong hiéu

Cau 1172. Cho hinh tru c¢6 hai day 13 hinh tron tam O va O/, ban kinh bang R, chiéu cao Rv/3;
va hinh nén ¢6 dinh 1a O', day 1a duong tron (O; R). Tinh ti s6 gitta dién tich xung quanh clia
hinh tru va dién tich xung quanh ctia hinh nén.

A) 2. B) 3. ©) V2. D) V3.
Cau 1173. Tinh dién tich xung quanh S ctia khéi tru c6 ban kinh day r» = 3 va chiéu cao
h = 2V/3.

(A) S = 6v/3r. S =12v/3m. (©) S = 621 (D) S = 3217

24 TINH THE TICH KHOI TRU, KHOI LIEN QUAN TRU

Miic do Nhan biét

Cau 1174. Tinh thé tich khéi tru biét ban kinh ddy r = 4 cm va chiéu cao h = 6 cm.
@ 32 cm?. 247 cm?. (C) 487 cm?®. @ 967 cm?.

Cau 1175. Cit mot khéi tru bdi mot mit phing qua truc ta duge thiét dien 1a hinh chit nhat
ABCD c6 AB va C'D thuoc hai day ctia khéi tru. Biét AB = 4a, AC = 5a. Theé tich ctia khéi tru
la

(A) 367ma®, 60ma?. (C) 487a®. (D) 127a®.
Cau 1176. Tinh thé tich V ctia khoi tru c6 duong kinh day va chiéu cao ciing bang 10 cm.

A 22% cm?®, 25073 cm?, (©) 2507 cm?®. (D) 10007 cm?.
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Mtc d6 Thong hiéu

Cau 1177. Trong khong gian, cho hinh chit nhat ABCD c6 AB =1 va AD = 2. Goi M, N lan
lugt 1a trung diém ctia AB va CD. Quay hinh chit nhat d6 xung quanh truc M N ta dugc mot
hinh tru. Tinh thé tich V cda hinh tru dé.

@V:g. BV =r. ©V =2r. D)V = 4r.

Cau 1178. Cho hinh tru c6 dién tich toan phan la 47 va c6 thiét dien cit bdi mit phing qua
truc 1a hinh vuong. Tinh thé tich khoi truy.

ALl sl © ™o i
9 9 12 9
Cau 1179. Tinh thé tich V ctia khéi tru c6 ban kinh day r = 4 va chiéu cao h = 44/2.
(A)V = 128r. V = 64v/2r. ©V = 32r. (D) V = 32/2r.

Cau 1180. Mot hinh tru c6 thiét dién qua truc 1a hinh vuoéng canh a. Tinh thé tich V ctia hinh

tru do.

3 3 3 3
@v =" BV =" ©v="- DV ="

Miic d6 Van dung thap

Cau 1181. Mot hinh tru ¢6 ban kinh day bang a, chu vi thiét dien qua truc bang 10a. Tinh thé

tich ctia khoi tru da cho.

@ wa’. 5ra’. @ Amad. @ 3ma’.

2.5 BAI TOAN LIEN QUAN THIET DIEN

Mric d6 Thong hiéu

Cau 1182. Cho khoéi tru c¢6 ban kinh day R = 5em. Khoang cach 2 day h = 7em. Cét khoi tru

bing mot mat phing song song véi truc va cach truc 3em. Dién tich ctiia thiét dién bing?

6em”. 56ecm”. 66cm=. 36cm”.
4 2 @ 2 2 2

Mitc dé Van dung thap

Cau 1183. Mot hinh tru c6 ban kinh r = 5cm va khoang cach gitta hai day h = 7cm. Cat khoi

tru béi mat phang song song véi truc va cach truc 3cm. Dién tich thiét dién tao thanh la
@ 56 cm?. 55 cm?. @ 53 cm?. @ 46 cm?.

Cau 1184. Mot hinh tru c6 dién tich xung quanh bang 4, thiét dien qua truc 1a hinh vuong.
Mot mat phang () song song véi truc, cit hinh tru theo thiét dién 1 tit gidc ABB’A’, biét mot
canh ctia thiét dién 1a mot day cung ciia dudng tron day ctia hinh tru va cang mot cung 120°.
Tinh dién tich thiét dien ABB'A’.

(A) 3v2. V3. (©) 2v3. D) 2v2.
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9.6 HINH TRU NOI TIEP-NGOAI TIEP KHOI LANG TRU

Mtc do Thoéng hiéu

Cau 1185. Cho hinh tru c6 ban kinh day bing a va chiéu cao h. Tinh thé tich V ctia khdi ling

tru tam gidc déu tam giac déu noi tiép hinh tru da cho.

V3a2h 3\/_a2h
AV = — BV =

4a h?  a? 3\/_7m
- 2 - - i _ _v="
©v== <h+3> It DV .

Cau 1186. Cho hinh lang tru tam gidc déu ABC.A'B'C’ ¢6 do dai canh day bing a va chiéu cao

bang h. Tinh thé tich V ctia khéi tru ngoai tiép lang tru da cho.
h h h
@V:m . vzm . (©) V = 3ra2h. @vzm
Cau 1187. Tlnh thé tich V ctia khoi try ngoai tiép hinh lap phu’dng c6 canh bang a.

@v_E BV = rd’. @v_@ @v_E

Cau 1188. Cho hinh lap phuong canh a. Tinh dién tich xung quanh ctia mot hinh tru ngoai tiép

hinh lap phuong da cho:

® T2 B) a3, ©) 2ra?. DTV

Miic d6 Van dung thap

Cau 1189. Tinh dién tich xung quanh Sy, ctia hinh tru ngoai tiép hinh lap phuong c6 canh bang

a.

2
@ Sxq = V242 Sxq = 7“/25&. @ Sxq = 2ma’. @ Sxq = wa?

2.7  TOAN MAX-MIN LIEN QUAN KHOI TRU

Miic do Van dung cao

Cau 1190. Cho hinh tru c6 day la hai duong tron tam O va O', ban kinh day bang chiéu cao va
bang 2a. Trén duong tron day tam O lay diém A, trén duong tron tam O’ lay diém B. Dat a la
goc gitta AB va day. Biét rang thé tich khéi ti dien OO’ AB dat gia tri 16n nhat. Khang dinh nao
sau day dung?

tana:ﬂ. tanoz:i. tanazl. tana = 1.
® e 2

98 TOAN THUC TE, LIEN MON LIEN QUAN KHOI TRU

Mrtc do Thong hieéu

Cau 1191. Mot cai noi nau nuéc nguoi ta lam dang hinh try, chiéu cao clia noéi 1a 60 cm, dién
tich day 9007 cm?. Hoéi ngusi ta can miéng kim loai hinh chit nhat c6 kich thuée 14 bao nhiéu dé
lam than noi d6? (bé qua kich thude cdc mép gap).

@ Chiéu dai 607 cm, chiéu rong 60 cm. Chiéu dai 900 cm, chiéu rong 60 cm.
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@ Chiéu dai 180 cm, chiéu rong 60 cm. @ Chiéu dai 307 cm, chiéu rong 60 cm.

Miic d6 Van dung thap

Cau 1192.

Cho tam ton hinh nén c6 ban kinh day 1a r = §, do dai duong
sinh { = 2. Ngudi ta cit theo mot duong sinh va trai phéng ra
duge mot hinh quat. Goi M, N theo thit tu la trung diém ctia
OA va OB. Hoéi khi cat hinh quat theo hinh chit nhat M N PQ
(hinh vé) va tao thanh hinh tru c6 dudng sinh PN trung véi
M@ thi duge khéi tru c¢é thé tich bang bao nhieu?

@3w(\/§—1) 3(\/1_3—1).

8 4m
VI3 - m (V13 -
©5( 112?; 1). D ( 193 1).

Cau 1193. Khi thiét ké v6 lon nguoi ta dit muc tiéu sao cho chi phi lam it nhat. Mudn thé tich

lon 14 V ma dién tich toan phan nhé nhat thi ban kinh vé lon R bang?
[V |V 3m [2m
3 o 3 o 3 7 3 =

Mitc d6 Van dung cao

Cau 1194. Mot hop dung phan hinh hop chit nhat c¢6 chiéu dai 30 cm, chiéu rong 5 cm va chiéu
cao 6 cm. Ngudi ta xép ding vao dé cac vien phan giong nhau, mdi vién phan 1a khdi tru c6 chiéu

cao 1a 6 cm va ban kinh day la 5 cm. Héi ¢6 thé xép dugce toi da bao nhiéu vien phén.

(A) 150 vien. (B) 153 vien. (C) 151 vien. (D) 154 vien.

Bai toan thuc té

Cau 1195. T mot tAm ton hinh chit nhat kich thude 50 cm x 240 cm, ngudi ta lam cac thiing

dung nude hinh tru ¢6 chiéu cao bang 50 cm, theo hai cach sau (xem hinh minh hoa duéi day):
e Cach 1: Go tAm ton ban dau thanh mit xung quanh ctia thing.

e Cich 2: Cat tam ton ban dau thanh hai tam bang nhau, roi go mdi tam d6 thanh mit xung

quanh ctia mot thung.

Ki hieu V; 1a thé tich cia thiing go dugc theo cach 1 va V5 la tong theé tich ctia hai thiing go duge

theo cach 2. Tinh ti s6 —.
Vo
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I

Vi 1 Vi
@72_5' E—l.

3 Bai 2.1 Khéi cau

3.1 CAC CAU HOI CHUA PHAN DANG

Mitc do6 Van dung thip

Cau 1196. Trong mat phang cho géc 2Oy. Mot mit phang (P) thay doi va vuong goc véi dudng
phan gidc trong ctia géc 0y cit Oz, Oy lan lugt tai A, B. Trong (P) lay diem M sao cho
AMB = 90°. Meénh dé nao sau day 1a diang ?

@ Diém M chay trén mot mat cau. Diém M chay trén mot mat non.

@ Diém M chay trén mot mat tru. @ Diém M chay trén mot dudng tron.

3.2 TINH BAN KINH KHOI CAU

Mitc d6 Nhan biét

Cau 1197. Cho khéi cau c6 thé tich 1a 367 (cm?). Ban kinh R ctia khéi cau la

@szﬁ (cm). R:3\/§ (cm). @R:3 (cm). @R:\/é(cm).

Mtc d6 Thong hiéu

Cau 1198. Cho hinh hop cht nhat ABCD.A'B'C'D’ ¢6 AB = a, AD = 2a va AA’ = 2a. Tinh
ban kinh R clia mit cau ngoai tiép tit dien ABB'C’.
3 3
) R = 3a. R:Z“. @R:?a. D) R = 2a.
Cau 1199. Thiét dien qua truc cia mot hinh nén la tam giac déu canh bang 2. Mot mét cau c¢6

dién tich bang dién tich toan phan ctia hinh nén dé sé c6 ban kinh 1a

@) 23 B2 © V3. DR

Miic d6 Van dung thap

Cau 1200. Cho ti dien ABC'D c6 tam giac ABC 1a tam gidc can véi BAC' = 120°, AB = AC =

a. Hinh chiéu ctia D trén mit phang (ABC) la trung diém ctia BC. Tinh ban kinh R clia mit
3
cAu ngoai tiép ti dien ABCD biét thé tich t¢ dien ABCD 1a V = %6
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91 13 13
@R:a\g_. R:“\Z_. @R:TG. D) R = 6a.
Cau 1201. Cho hinh hop chit nhat ABCD.A'B'C'D’' ¢6 AB = a, AD = 2a, AA" = 3a. Tinh ban
kinh R ctia mit cau ngoai tiép ti dien ACB'D’.
14 3 3 6
@R:a\/_. R:M. @R:M. @R:M.
2 2 4 2
Cau 1202. Cho hinh chép ti gidge déu S.ABCD c6 canh day bing 3v/2a, canh bén bing 5a.
Tinh ban kinh R ctia mat cau ngoai tiép hinh chép S.ABCD.

@sz/ga. B) R =V 2a. @Rzzza. @R:2a.

3.3 TINH DIEN TICH MAT CAU

Mtc d6 Thong hiéu

Cau 1203. Cho hinh 1ap phuong canh a noi tiép mét cau (S). Tinh dién tich mat cau (S).

2 2
@) ra?. ki ©) 3ra2. =

3.4 TINH THE TICH KHOI CAU

Mic dé Van dung thap

Cau 1204. Cho hinh chép S.ABC c6 day ABC 1a tam giac déu canh bang 1, mit bén SAB 1a
tam gidc déu va ndm trong mat phéng vuong goéc véi mit phang day. Tinh thé tich V ctia khéi
cau ngoai tiép hinh chép da cho.

@V—5\/_57T. V_W_E”T. @V_4\/_7T. @V:‘?

Cau 1205. Cho mit cau (S) tam O va cic diem A, B,C nam trén mat cau (S) sao cho AB =

3,AC = 4, BC = 5 va khoang cach tit O dén mat phang (ABC) bang 1. Tinh thé tich ctia khoi
cau (9).

@ TV2Ir 13V131m © 20v/5m D) 29v/297m

2 6 3 6

Cau 1206. Cho hinh chép S.ABC c6 day ABC' la tam giac déu canh a, mat bén SAB la tam

gidc déu vh nam trong mit phang vuong géc véi mat phang day. Tinh thé tich ctia khoi cau ngoai

tiép hinh chép da cho.
Ama/3 5rad 5ma’\/15 5ra®yV/15
@ 27 3 @ 54 @ 18

3.5 MAT CAU NOI TIEP-NGOAI TIEP DA DIEN

Miic do Nhan biét

Cau 1207. Cho hinh hop chit nhat c6 ba kich thude a, b, c. Ban kinh mat cau ngoai tiép clia
hinh hop chit nhat d6 bang

Vaz+ 02+ 2 Vaz+ 02+ 2
@YTEE @averrre. @YCTIES Dverrie
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Mtc d6 Thong hiéu

Cau 1208. Cho hinh chép tit giac déu S.ABCD c6 day hop v6i mit bén mot géc 45°. Ban kinh

mit cau ngoai tiép hinh chép S.ABCD bing v/2. Thé tich khéi chop la:
@ 32v/2 128v/2 @ 64+/2 @ 64+/2
9 - 81 27 81

Cau 1209. Trong cac ménh dé sau, ménh dé ndo ding?

@ Hinh chép c6 day 1a ti gidc thi c6 mit cau ngoai tiép.

Hinh chép c6 day 1a hinh thang vuong thi c6 mit cau ngoai tiép.

@ Hinh chép c¢6 day 1a hinh thang can thi c6 mat cau ngoai tiép.

(D) Hinh chép c6 déy 1a hinh binh hanh thi ¢6 mat cau ngoai tiép.
Cau 1210. Cho hinh hop chi nhat ABCD.A'B'C'D" ¢6 AB =3, AD =4, AA’ = 5. Dién tich S
clla mat cau ngoai tiép khoéi chop ACB'D' 1a

(A) S = 60r. S =120 (©) S = 8or. D) S = 50m.
Cau 1211. Cho mit cau ban kinh R ngoai tiép mot hinh lap phuong canh a. Ménh dé nao dudi
day dung?

@azQ\/gR. a:\/gR. @azQR. @a:2\/3§R.

Cau 1212. Cho khéi ttt dien déu canh a. Thé tich V ctia khéi cau ngoai tiép khéi ti dien dé
la 3 3 3 3

@V:mz4 6‘ V:7ra8 6‘ @V:WCL4 3‘ @V:WQS\E.
Cau 1213. Cho hinh lang tru ding ABC.A'B'C’ ¢6 day la tam gidc vuong can tai A, AB =
AC = a, AA’ = v/2a. Thé tich khéi cau ngoai tiép hinh ti dien AB'A'C 1a

3 3
@ wad. 47? . %. @ 4dma’.

Mitc dé Van dung thap

Cau 1214. Cho hinh chép S.ABC c6 day ABC la tam giac can tai A, mat phang (SBC) vuong
géc voi mit phing (ABC) va SA = SB = AB = AC = a, SC = av/2. Dién tich xung quanh mit
cau ngoai tiép hinh chép S.ABC biang bao nhiéu?

@ 2ma’. ma’. @ 8ma?. @ 4rra’.
Cau 1215. Cho hinh chép S.ABC' c¢6 day ABC' la tam giac vuodng can tai B, BC' = a. Canh bén
SA vuong géc véi mat phang (ABC). Goi H, K lan lugt la hinh chiéu vuong géc clia A léen SB
va SC. Tinh thé tich ctia khoi cau tao bdi mit cau ngoai tiép hinh chop A.HK B.

@ V2rad. ‘3 . . @ V2ma )

6 2 3
Cau 1216. Khéi cau noi tiép hinh ti dién déu c6 canh bing a thi thé tich khdi cau la
@ a*my/6 a’m\/3 © a*m\/3 @ a*m\/6
216 144 9% 124
Cau 1217. Cho hinh chép S.ABCD c¢6 SA L (ABC), SA = 2a. Biét tam giac ABC can tai A

— 1 R L
c6 BC = 2av/2, cos ACB = 27 tinh dién tich mat cau ngoai tiep hinh chép S.ABC.
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65ma’ 977ra?
@A) S = Z“. B) S = 13ma?. ©) S = T. D) S = 4dma?.
Cau 1218. Cho hinh ling tru tam giac déu ABC.A’B'C" ¢6 9 canh bang nhau va bing 2a. Tinh

dién tich S ctia mat cau ngoai tiép hinh ling tru da cho.
28ma’? Twa? 28ma? Tma?
@A) S = g“. ®) S = 7;@. © S = ga. D) S = 7;“.

Cau 1219. Cho hinh chép tam giac déu c6 canh day bing v/6 va chiéu cao h = 1. Tinh dién tich

mit cau ngoai tiép hinh chép dé.
@ 9. @ 6. @ oT. @ 27m.

Cau 1220. Cho hinh lang tru tam gidc déu c6 canh a canh bén bing b. Tinh thé tich ctia khoi

cau qua cac dinh cta lang tru.

L e+ 30 BN v
@m (4a2 + 302)°. 181/?/(4 + 362)°.
@m\/m. ®Wm'

Cau 1221. Cho t@ dién OABC c¢6 OA, OB, OC do6i mot vuong goc véi nhau va OA = a,
OB = 2a, OC = 3a. Dién tich mat cau ngoai tiép hinh chép O.ABC bang

(A) 147a?. 56ma. (C) 287a?. (D) ma?.
Cau 1222. Cho hinh chép S.ABC ¢6 SA L (ABC)), tam gidgc ABC vuong can tai B, AB = ay/2.
Mit phang (SBC) hgp véi mat day mot goc 60°. Tinh thé tich V' clia khdi cau ngoai tiép hinh
chop.

5v'10 5v'10 4010 10
AV = \é_a%. BV = \{l—a%. OV = \3/_a37r. DV = \/3_a37r.

Cau 1223. Tinh ban kinh R clia mat cau ngoai tiép mot hinh lap phuong c6 canh bang 2a.

@R:&;/g. R:a. @R:2\/§a. @R:a\/g.

Miic do Van dung cao

Cau 1224. Cho tit dien ABCD c6 hai mat phang (ACD) va (BCD) vudng goc v6i nhau. Biét
AD =avad BA= BC = BD = CA = b. Dién tich mat cau ngoai tiép tit dien ABCD la

Arat Arbt 4a* Ap*
W T ©sa—p D g

Cau 1225. Cho khéi tt dien déu. Ti s6 thé tich khoéi cau noi tiép v ngoai tiép khéi tt dien do

1 1 1 1
5 5 ©3 ST

la

3.6 TOAN MAX-MIN LIEN QUAN KHOI CAU

Mic dé Van dung thap

Cau 1226. Cho lang tru ding c6 chiéu cao bing h khong doi, mot day la ti giac ABCD véi
A, B, C, D di dong. Goi I 1a giao cia hai duong chéo AC va BD cua tit giac d6. Cho biét
IA.IC = IB.ID = h?. Tinh gia tri nho nhat ban kinh mit cau ngoai tiép hinh ling tru da

cho.
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(A) 2h. h‘f (©) h. (D) h‘f

Miic do Van dung cao

Cau 1227. Trong tat ca cac khoéi chop ti gidc déu ngoai tiép mit cau c6 ban kinh bang a, tinh
theé tich V ctia khéi chép cé thé tich 16n nhét.

3 3 3
®v="2 ®v="0 ©V = 2", Dv="0

Cau 1228.
Mot khéi da dien H duge tao thanh bing cich tit mot khoi C B

lap phuong canh bang 3, ta bo di khoi lap phuong canh

bang 1 ¢ mot “goc” ctia né nhu hinh vé. Goi S 1a khéi p

cau c6 thé tich 16n nhat chia trong H va tiép xic vé6i cac

mit phang (A'B'C'D’), (BCC'B’) va (DCC'D'). Tinh ban
kinh ctia S.

@2+\/§. 3—\/5. ///’é/ ________________ B’

3
2\/§ e
—_ 2. -
@ 3 @ \/_ Dl A/

4 Bai 2.2 Tong hop nén-tru-cau

41 TOAN TONG HOP VE NON-TRU-CAU-DA DIEN

Mtc do Thong hiéu

Cau 1229. Mot hinh tru c6 hai ddy 1a hai hinh tron (O; R) va (O'; R), OO' = R+/2. Xét hinh
nén c6 dinh O, day 1a hinh tron (O; R). Goi Sy, Ss 1an lugt 14 dién tich xung quanh ctia hinh tru

. 51
va hinh nén, ti s6 — la
2

22 G 2v/6 G
@ == R © = D

Miic d6 Van dung thap

Cau 1230. Cho hinh hop ABCD.A'B'C'D’ ¢6 AB = AD = 2a, AA" = 4a. Lay M, N, P,(Q lan

lugt 1a trung diém cta AA’, BB',CC’, DD’. Biét hinh hop chit nhat ABCD.é’B’C’D’ noi tiép

khéi try (T) va lang try ABCD.MNPQ noi tiép mat cau (C). T sb thé tich # gita khéi ciu
(©)

va khéi tru la.

2V/3 V3 2 1
@ == 5 ©37 D575
Cau 1231. Nguoi ta bé 12 qua béng ban cuing kich thuée vao trong mot chiée hop hinh tru c6
day bang hinh tron 16n clia qua béng ban va chiéu cao bang 12 lan duong kinh qua béng ban. Goi
S 1a tong dien tich ctia ba qua boéng ban. S, 14 dién tich xung quanh ctia hinh tru. Tinh ti s6 §2

. 1
bang:
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@; ® 1. ©) 2. D) 4.

Cau 1232. Mot chiéc coc hinh tru c6 chiéu cao 4R, ban kinh day R. Dt vao trong coc 2 qui

bong hinh cau c¢6 ban kinh R. Goi V; 1a phan khong gian ma 2 qua béng chiém chd va V5 1a phan

khong gian con lai trong coe. Tinh ti s6 — .
2

1 3

@1 op o! DH
Cau 1233. Cho mit cau (S) c¢6 ban kinh béng 4, hinh tru (H) c¢6 chiéu cao bang 4 va hai dudng
tron ddy niam trén (S). Goi V; 1a thé tich ctia khéi tru (H) va Va 1a thé tich ctia khdi cau (S).

Tinh ti s6 —.
Vo

Vi 9 Vo1 Vi_ 3 i 2
@E_E‘ %‘3' ©v2_16' ®V2_3'

Mitc d6 Van dung cao

Cau 1234. Cho hinh thang can ABCD c6 AB || CD, AB = 2 va CD = 4. Khi quay hinh thang
quanh truc C'D thu duge mot khéi tron xoay co thé tich bing 6. Dién tich hinh thang ABCD
bang bao nhiéu?

® . ® . © . D) s.
Cau 1235.
Cho hai hinh vuéng c6 ciing canh bang 5 duge xép chong lén nhau Q P

sao cho dinh X ctia mot hinh vudng la tam cta hinh vuong con lai
(nhu hinh v&). Tinh thé tich V ctia vat thé tron xoay khi quay mo X
hinh trén xung quanh truc XY.

@V_125(1+\/§)7r V_125(5+2\/§)7r
= ; . = .

12
125 (5 + 4v2) m 125 (24 v2) 7
Y

Cau 1236. Cho mit cau tam O, ban kinh R. Xét mit phang (P) thay doi cat mit cau theo giao
tuyén la duong tron (C). Hinh nén (N) ¢6 dinh S ndm trén mat cau, c¢6 day la duong tron (C')
va c6 chiéu cao la h(h > R). Tinh h dé thé tich khéi non duge tao nén béi (N) cé gia tri 16n
nhat.

(A) h = V3R. (B) h = V2R, @h:‘lf. @h:i))f.

42 BAI TOAN THUC TE, LIEN MON TONG HOP

Mtc d6 Thong hiéu

Cau 1237. Mot thung hinh tru dyng day nudc c6 duong kinh bang 8 dm, chiéu cao 1 m. Mot
khéi lap phuong dac ABCD.A'B'C'D’ v6i canh bang 6 dm duge dat lén hinh tru sao cho céc dinh
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A, C' va hai tam day ctia hinh tru thing hang. Thé tich lugng nuée con lai trong hinh tru gan
bang gia tri ndo nhat trong cic gia tri sau.

(A) 483,06 (dm?). 502,4 (dm?). (C) 497 (dm?). (D) 286,4 (dm?).

Mic dé Van dung thap

Cau 1238. Mot kien hang hinh lap phuong canh a chita nhitng qua béng hinh cau c6 duong kinh
bing ¢ Hei kien hang d6 chita t6i da bao nhiéu qua bong?

@%6. B) 122. (©) 32. D) 64.

Bai toan thuc té

Cau 1239. Dé tao ra mot qua béng ban, ngudi ta gia cong cac miéng nhya ciing phang hinh tron
thanh mot nita qua bong c6 dang mot nita mit cau, roi dung mot loai keo chuyén dung dan hai
nita mat cau lai tao nén qua béng ban (cac cong doan nay déu st dung may méc hien dai). Dé
tao nén mot qua béng theo chuan ITTF c6 dudng kinh 40 mm, thi theo 1y thuyét can ding céc
miéng nhita c¢6 duong kinh chinh xac 14 bao nhiéu milimet, biét rang sy gidn né bé mat miéng

nhita khi gia cong la khong dang ké?

J\; ’P/Q

PEACE
* k%

@ 404/3 mm. 40+/2 mm. @ 40 mm. @ 20 mm.

-

Cau 1240.
Mot ly nude c6 dang nhu hinh vé. Phan phia trén chita nuée
c6 dang hinh nén dinh S véi duong kinh day va chiéu cao cling

bang 8 cm. Ban dau ly chita lugng nuée c¢6 chiéu cao 4 cm so

véi dinh S. Cho vao ly nude mot vien bi sat hinh cau thi nude .

dang lén vita pht kin vién bi. Tinh ban kinh z ctia vién bi lam

tron dén 2 chit s6 thap phan. S muc nude

@x:1,53cm. x:1,78cm.
@x:1,28cm. @x:1,23cm.



Chuong 3: PP toa do trong khong gian

1 Bai 1.1 Hé truc toa do

1.1 CAC CAU HOI CHUA PHAN DANG

Mitc d6 Van dung cao

Cau 1241. Trong khong gian Oxyz, cho tam diém A(—2; —2;0), B(3; —2;0), C(3;3;0), D(—2;3;0),
M(=2;-2;5), N(3;3;5), P(3;—2;5), Q(—2;3;5). Hinh da dién tao bdi tam diém da cho c¢6 bao
nhiéu mat phéng doi xing?

A) 3. B) 9. ©)s. D) 6.
Cau 1242. Trong khong gian véi hé toa do Ozyz, cho cac diem A(0;0;2), B(3;4;1). Tim gia tri
nhoé nhat ctia AX + BY v6i X,Y la cac diém thuoc mat phang Oxy sao cho XY = 1.

@ 3. B) 5. (©) 2+ VTT. D) 1+2V5.

1.2 TIM TOA DO DIEM, TOA DO VECTO THOA DK CHO TRUOC

Miic do Nhan biét

Cau 1243. Trong khong gian v6i he toa do Oxyz, cho hai diem A(2;3;4) va B(5;1;1). Tim toa
do vecto ZE

(A) AB = (3;2;3). AB = (3;-2;-3). (C)AB = (-3;2:3). (D) AB = (3;-2;3).
Cau 1244. Trong khong gian v6i he toa do Owxyz, cho hai vécto @ = (2;—3;1) va b = (—1;0;4).
Tim toa do vécto © = —24a + 37)).

(A) @ = (=7;6;—10). 7 =(-7:6;10). (C) @ = (7;6;10). (D) @ = (=7;—6;10).
Cau 1245. Trong khong gian Ozyz, cho véc-to @ biéu dién ciia cac vécto don vi la @ = 27 +
% — 37. Toa do clia vécto @ 1a

(A) (1;2; -3). (2; —3;1). (©) (2;1;-3). D) (1;-3;2).

Cau 1246. Cho mat phang (P) : x+2y+32+5 = 0. Goi 7 1a vec to phap tuyén ctia (P), vec-to
m théa man hé thic m = —27 ¢6 toa do la.

(A) M = (—2;4;6). B) M = (—2;—4; —6). (C) m = (2;4;6). (D) M = (—2; —4;6).
Cau 1247. Trong khong gian v6i he toa do Oxyz cho ba véc-to @ = (3;4; —4), b= (3;0;4),C =
(—6;1; —1). Tim toa do clia véc-to i = 3@ — 2b + C.

(A) 7 = (3;22; -3). m = (3;22;3). (© = (-3;22;-3). D) = (3;-22;3).

211
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Cau 1248. Trong khong gian véi hé toa do Oxyz, cho hai diem A (3; —2;3) va B (—1;2;5). Tim
toa do trung diém I ctia doan thing AB.

@A) 1(=2:2;1). ®)1(1;0;4). ©1(208). D) 1(2-2;-1),
Cau 1249. Trong khong gian v6i hé toa do Oxyz, cho tam giac ABC ¢6 3 dinh A(1;—2;3),
B(2;3;5), C(4;1; —2). Tinh toa do trong tam G cta tam gidc ABC.

7 2
@0(3;3;2>. B) G (7;2;6). (©) G (8;6;—30). (D) G (6;4;3).
Cau 1250. Trong khong gian véi hé truc toa do Ozyz cho A(1;2;0), B(3;—1;1) va C(1;1;1).
Tinh toa do trong tam G cta tam giac ABC.
5 2 2 5 22 5 2 2 5 2 2
Gl—=;==). Gl=;—=;= ). Gl=;—=;—=). Gl=:=:= ).
@ ( 3’3’3) (3’ 3’3) @ <3’ 3’ 3) @ (3’3’3)
Cau 1251. Trong khong gian Oxyz cho tam giac ABC c¢6 A(1;—5;4), B(3;—-1;7), C(2;0;1).
Trong cac diém sau day, diém nao la trong tam tam gidc ABC?
@) G(-2;2;4). G(2;—4;2). © G(2:—24). D) G(2;4;-2).
Cau 1252. Trong khong gian Ozyz, cho cic vecto @ = (1;2;3), b= (—2;3;—1). Toa do vecto
@ +20 Ia
(A) (-3;8;3). (—3:6;1). (©) (—4;8;1). (D) (—3;8;1).
Cau 1253. Trong khong gian Ozyz, cho diém A(3; —1;1). Hinh chiéu vuong goc ctia A trén mit
phing (Oyz) la diém

(A) M (3;0;0). B) N(0; —1;1). (©) P(0; —1;0). (D) Q(0;0; 1).

Mrtc do Thong hieéu

Cau 1254. Trong khong gian v6i he toa do Oxyz, cho 3 diém A(3; —2;3), B(4;3;5), C(1;1; —2).
Tinh toa do D sao cho ti giac ABC'D la hinh binh hanh.

(A) D (0; —4; —4). D (0;4; —4). (©) D (4;0;4). (D) D (—4;0;4).
Cau 1255. Trong gian gian véi he truc toa do Oxyz cho hinh binh hanh ABC'D biét A(1;0; —4),
B(2;1;3), O(—3;4;2) toa do diém D bang

(A) (=2;5;-9). (—4;3; —5). (C) —5;3;—4). D) (5;—2;9).
Cau 1256. Trong hé truc toa do Oxyz, cho A(2;—1;3); B(1;2;—1), C(—4;7;5). Goi I la chan
duong phan giac trong goc A ctia tam gidgc ABC, toa do diém I la

(A) (6;—3; —7). (_321311> © (131_321> (D) (—3;6; 7).

Mic dé Van dung thap

Cau 1257. Trong khong gian Ozyz, cho ba diém A (—2;3;1), B(2;1;0), C' (—3;—1;1). Tim tat
ca cac diem D sao cho ABCD la hinh thang c6 day AD va Sapep = 3Sapc.

@A) D (8;7;-1). DE&n-1) @[D(&?;l) D) D (~12;—1;3).

D (—12;—1;3) D(12;1,-3)
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Cau 1258. Trong khong gian Ozyz, cho ba diem A (0;0;—1), B(—1;1;0), C (1;0;1). Tim diém
M sao cho 3M A% + 2M B? — MC? dat gia tri nhé nhat.
31 31 3 3 31
M{-;=;—1). M{—=;=:2). M{——;=;—1). M{—-;=;—1).
®(55i-) (522)  ©u(g51) ®w(55)
Cau 1259. Trong khong gian Oxyz, cho A(1;2;—1), B(0;4;2), C(—3;3;1). Tim toa do diém M
thuoc mat phing Ozy sao cho P = M A? + M B? + MC? dat gia tri nho nhat.

(A) M(1;3;0). M(—g;—i’,;O). @M(§;3;0). @M(—g;?,;o).

1.3 TINH DO DAI POAN THANG

Mrtc do Thong hiéu

Cau 1260. Trong khong gian véi hé toa do Ozyz, cho cac diém A(3; —4;0), B(—1;1;3), C(3;1;0).
Tim toa do diém D tren truc hoanh sao cho AD = BC.

(A) D(=2;0;0) hodc D(—4;0;0). D(0;0;0) hodc D(—6;0;0).

@ D(6;0;0) hoac D(12;0;0). @ D(0;0;0) hoac D(6;0;0).
Cau 1261. Trong khong gian véi hé toa do Ozyz, cho diém A(2;2;1). Tinh do dai doan thing
OA.

(A) 0A =3 (B) OA =9. (C) OA = /5. (D) 0A =5
Cau 1262. Trong khong gian Oxyz cho hai diem A(1; —1;2) va B(2;1;1). Tinh do dai AB.

A) 2. V6. ©) V2. D) 6.

1.4 BAI TOAN VE TICH VO HUONG, COC VA UNG DUNC

Mtc d6 Thong hiéu

Cau 1263. Trong khong gian véi he truc Ozyz, cho | 7| = 2, ’3‘ = b, gbc gitta hai vects @ va b
bing 120°. Tinh do dai ctia b — @.

(A) v21. B) 3. (©) v39. D) v/19.
Cau 1264. Trong khong gian v6i hé truc toa do Owzyz cho hai diém A(1;4;3), B(—1;3;5),
C(1;5;2). S6 do goc BAC bang

(A) 135°. B) 45°. (©) 60°. (D) 45°.

1.5 BAI TOAN VE TiCH O HUONG VA UNG DUNG

Mtc d6 Thong hiéu

Cau 1265. Trong khong gian vé6i hé truc toa do Ozyz cho A(1;0;2), B(1;1;1), C(2;3;0). Tinh
dién tich S cta tam gidc ABC.

@S:j S:; ©) 8 =3. @S:\f.
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2 Bai 1.2 Phuong trinh mit cau

2.1 TIM TAM VA BAN KIiNH, DK XAC DINH MAT CAU

Miic d6 Nhan biét

Cau 1266. Trong khoi gian v6i hé toa do Owzyz, cho mat cau c6 phuong trinh (z + 1)? + (y —
3)? + 22 = 16. Tim toa do tam I va ban kinh R ctia mit cau do.

(A) I(—1;3;0), R = 4. B) I(1;—3;0), R = 4.

(©) 1(—1;3;0), R = 16. (D) 1(1;—3;0), R = 16.

Cau 1267. Trong khong gian vé6i hé toa do Ozyz cho mit cau c6 phuong trinh
22+ + 22 -2 +4y —62+9=0.

Tim toa do tam I va do dai ban kinh R ctia mét cau.

@ I(— ) va R = V5. @ I(1;-2;3) va R = V5.

(©) I(1;-2;3) va R = 5. @I—,,— va R=5.
Cau 1268. Trong khong gian véi hé toa do Oxyz, cho mit cau (S) : (z+1)?+(y—2)*+(2—1)? = 9.
Tim toa do tam I va tinh ban kinh R cta (.5).

(A) I(-1;2;1) va R = 3. B) I(1;—2;—1) va R = 3.

(© I(-1;2;1) va R=09. (D) I(1;—2;—1) va R = 9.
Cau 1269. Trong khong gian Oxyz, xac dinh toa do tam I va ban kinh R clia mat cau (S) c6
phuong trinh 22 + ¢y + 22 — 42 + 6y — 22+ 5 = 0.

(A) I(—4;6;—2), R = /16. 1(4;—6;2), R = /46.

(©) 1(2;-3;1), R = 3. (D) 1(-2;3;—1), R = 3.

Mtc d6 Thoéng hiéu

Cau 1270. Trong khong gian véi he toa do Ozyz, cho phuong trinh (S) : 2% + y* + 22 — 2(m +
2)x +4my —2mz+5m?+9 = 0. Tim m dé phuong trinh d6 la phuong trinh ctia mot mit cau.

@—5<m<1. m<—5hoz§cm>1.

@ m < —d. @ m > 1.
Cau 1271. Trong khong gian vé6i hé toa do Ozyz, tim toa do tam I va ban kinh R ctia mat cau
(x =12+ (y+2)* + (2 — 4)? = 20.

(A) I(~1;2; —4), R = 5V/2. B) I(—1;2; —4), R = 2V/5.

(©) 1(1;—2;4), R = 20. D) 1(1; _2\/‘
Cau 1272. Tim tat ca cac gia tri cia tham s6 m dé phuong trinh m2+y2+z2—4x+6y—|—2z+m =0
khéng phai 13 phuong trinh clia mot mit cau.

(A)m < 14. B)m > 14, (©m<o. D) m < —14.
Cau 1273. Trong khong gian véi hée toa do Ozyz, tim tat ca cac gia tri cia m dé phuong trinh
2?2 +y? + 22 — 22 — 2y — 42 + m = 0 1a phuong trinh ctia mot mat cau.

@m>6. m26. ©m§6. ®m<6.
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Mitc d6 Van dung cao

Cau 1274. Trong khong gian v6i hé toa do Oxyz, xét cac diem A (0;0;1), B (m;0;0), C (0;n;0),
D (1;1;1) v6i m > 0;n > 0 vi m +n = 1. Biét riang khi m, n thay ddi, ton tai mot mat cau co

dinh tiép xtc v6i mat phang (ABC) va di qua D. Tinh ban kinh R ctia mat cau do.

A R=1. R:\f. @R:‘;’. @R:\f.

2.2  PTMC BIET TAM, DE TINH BAN KINH (CHUA HQOC PTMP)

Mitc d6 Nhan biét

Cau 1275. Trong khong gian véi hé toa do Ozyz cho I (1;0;—1), A (2;2; —3). Viét phuong trinh
mat cau (S) tam I va di qua diém A.
@ @+ +y?+ (- 1)* =3 B (z—1°+y*+(+1)" =3.
© @+1)2+y+(z—-1°=09. D (z—1)°+9°+ (z+1)°=09.

Cau 1276. Trong khong gian v6i hé toa do Oxyz, phuong trinh nao dudi day la phuong trinh

mat cau tam I(—1;2;3) va ¢6 ban kinh bang 27
@A) (x -1+ (y—2)°+ (-3 =4 B (z+1)2+(y—2)2+ (2 —3)2 =2
© (z4+1)2+ (y+2)>+ (2 +3)2 = 4. D) (z41)%+ (y—2)2+ (2 —3)2 = 4.

Mtc d6 Thong hiéu

Cau 1277. Trong khong gian véi hé toa do Ozyz, cho diéem M(1;—2;3). Goi I la hinh chiéu
vuong goc ctia M trén truc Ox. Phuong trinh ndo dudi day 1a phuong trinh ctia mat cau tam [
ban kinh ITM?

(A) (z—1)2+ ¢+ 22 = 13 B) (z+1)2+ 42+ 22 = 13,

© (z—1)* + 92 + 22 = V13. D) (z+1)2 42+ 22 =17

9.3 PTMC BIET 2 DAU MUT CUA DUONG KINH

Mric d6 Thong hiéu

Cau 1278. Trong khong gian véi he truc toa do Oxyz cho A(1;2;0), B(3;—2;2). Viét phuong
trinh mat cau (S) duong kinh AB.

@A) (z -1 +y*+ (2 —2)?%=6. B (z+2)%+y*+ (2~ 1) =6.

© @—2+y* +(z -1 =6 D (x 12+ (y+2)* + (= +1)’ =6,
Cau 1279. Trong khong gian v6i hé truc toa do Ozyz, cho hai diem A(2; —3; —1), B(4; —1;3).
Phuong trinh m#t cau duong kinh AB 1a

(A) (4324 (y—2)2+ (2 +1)2=6. (z—3)24 (y+2)%+ (2 —1)2=6.

(© (x -2+ (y+3)>+ (2 +1)>=6. D) (z—3)2+ (y+2)2+ (2 — 1)2 = V6.
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Mic dé Van dung thap

. -2 -1
Cau 1280. Trong khong gian véi hé toa do Oxyz, cho hai duong thang d; : ? T = 4 T = g
r=2-=2t
vady 43 . Viét phuong trinh miat cau c6 duong kinh 1a doan vuong géc chung ctia hai
z=t

duong thang dé.
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94  PTMC NGOAI TIEP TU DIEN

Mitc do6 Van dung thap

Cau 1281. Phuong trinh mit cau di qua 4 1a diém A(1;1;2), B(3;2;0), C(2;2;v/2), D(0;0;/2)
1a

@) (@ =12+ (y+ 172+ (2 -2 =9, (o417 + (g + 1)+ 2 =4

© a2 +12+22—204+2+2—1=0. @(w—i) +<y—;) —|—z2—z.

2.5 PTMC BIET TAM, TIEP XUC VOI MAT PHANG

Mrtc do Thong hieéu

Cau 1282. Trong khong gian Ozyz, cho mat cau (S): (z —2)? + (y + 1)? + (2 + 2)? = 4 va mat
phing (P) : 4v — 3y — m = 0. Tim tat ci cac gia tri thyc ctia tham s6 m dé mit phang (P) va
mit cau (S) c6 ding 1 diém chung.

@mzl. m:—lhoécm:—Ql.

@mzlhoacm:ﬂ. @m:—9hoacm:31.
Cau 1283. Trong khong gian v6i hé toa do Oxyz, phuong trinh nao duéi day la phuong trinh
mat cau c6 tam I (1;2; —1) va tiép xtc v6i mat phang (P) : z — 2y — 22 — 8 = 07?

@ @+ 1+ +2 + (- 1)° =3 (r=1°+(y—2°+ (= +1)°

©@ -1+ -2"+(+1)"=0. D @+1)°+y+2"+ (1)

3
9
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9.6 PTMC BIET TAM VA DPUONG TRON TREN NO

Mtc do Thoéng hiéu

Cau 1284. Trong khong gian v6i hé toa do Oxyz, cho mat cau (S) c¢6 tam I(2;1; 1) va mat phang
(P): 2x +y+22z+2 = 0. Biét mat phang (P) cat mit cau (S) theo giao tuyén 1a mot dudng tron
c6 ban kinh bang 1. Viét phuong trinh ctia mit cau (S).
A) (S): (x+2°+ (y+1)2+ (z+ 1) =8. (S): (z+2)*+ (y+1)*+ (= + 1)* = 10.
©(S): (x—22+@y—12+(z—12=8 D (S): (x—22+(y— 1)+ (z—1)2 = 10.

Mic dé Van dung thap

Cau 1285. Trong khong gian v6i hé truc Ozyz, cho mat cau (S) tam I(1;2;3) va mit phing
(P) : 2x —y — 2z + 12 = 0. Biét mat phang (P) cit mat cau (S) theo giao tuyén la duong tron
c6 chu vi 67r. Viét phuong trinh mit cau.

@) (@ =12+ (y -2+ (2 —3)* =8. (z—1)*+ (y—2)* + (2 — 3)2 = 13.

© (@ —12+ -2+ (z-3)?2=09. D (z— 12+ (y—2)*+ (2 - 82 = 12,

3 Bai 2. Phuong trinh mit phang (chua hoc pt.dt)

3.1 CAC CAU HOI CHUA PHAN DANG

Miic do Nhan biét

Cau 1286. Trong khong gian v6i hé toa do Ozyz, cho mit phiang (P) : x — 2y + 2z — 5 = 0. Diém
nao dudi day thuoc (P)?

(A) Q(2;—1;5). B) P(0;0; —5). (C) N(-5;0;0). (D) M(1;1;6).

3.2 TIM VTPT, CAC VAN DE VE LY THUYET

Miic d6 Nhan biét

Cau 1287. Trong khong gian véi hé toa do Ozyz, cho mit phang (P) : 3z — 2z + 2 = 0. Vecto
ndo dudi day 1a mot vecto phap tuyén cia (P)?

W= (-10-1). ®a=E-52. Om=E-L0. O&=(30-1).
Cau 1288. Trong khong gian véi hé toa do Oxyz, véc-to nao dudsi day 14 mot véc-to phap tuyén
ctia mat phang (Ozy)?

@A) 7 = (1:0;0). ®) % = (0;0;1). © 7 = (0:1;0). D7 = (1:1;1).

Mtc d6 Thong hiéu

Cau 1289. Trong khong gian v6i hé toa do Oxyz, diém ndo dudi day nim trén mait phing
(P): 2z —y+2—2=0

(A) Q(1;-2;2). B) N(1;—1;—1). (©) P(2;-1;-1). (D) M(1;1;—1).
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Cau 1290. Trong khong gian véi hé toa do Oxyz, cho A(—1;1;3), B(2;1;0),C(4; —1;5). Mot
véc-to phap tuyén ciia mit phang (ABC) ¢6 toa do la

(A) (=2;7;2). (=2:7:—2). (©) (-2;-7;2). D) (2;7;2).

3.3  PTMP TRUNG TRUC CUA DOAN THANG

Mitc d6 Nhan biét

Cau 1291. Cho A(1;3;—4) va B(—1;2;2). Phuong trinh mat phang trung tryc ctia doan AB
la:

(A) 4z + 2y — 122 — 17 = 0. B) 4z — 2y — 122 — 17 =0,

(©) 4z — 2y + 122 +17 = 0. (D) 4z + 2y — 122 4+ 17 = 0.

Mtc do Thoéng hiéu

Cau 1292. Trong khong gian v6i hé toa do Oxyz, cho hai diém A(4;0; 1) va B(—2;2;3). Phuong
trinh nao dudi day la phuong trinh mat phang trung truc ctia doan thing AB?

@3x—y—z:(). 3x+y+z—6:O.

©3z—y—z+1=0. D) 6z —2y — 22— 1=0.

34 PTMP QUA 1 DIEM, DE TIM VTPT (KHONG DUNG T.C.H)

Mitc d6 Nhan biét

Cau 1293. Trong khong gian véi hé toa do Owxyz, cho hai diém A(0;1;1) va B(1;2;3). Viét
phuong trinh ctia mit phang (P) di qua A va vuong géc véi duong thang AB.
A z+y+2:-3=0. B a+y+2:-6=0.
C©z+3y+42—7=0. (D) z + 3y + 42 — 26 = 0.

Mtc do Thoéng hiéu

Cau 1294. Trong khong gian véi he toa do Oxyz, cho mit cau (S) ¢6 tam 1(3;2; —1) va di qua
diém A(2;1;2). Mt phang nao dudi day tiép xic véi (S) tai A?
@x—i—y—Bz—S:O. x—y—32—|—3=0.

©a+y+32-9=0. D z+y—32+3=0

Cau 1295. Trong khong gian véi he truc toa do Oxyz cho A(1;0;2), B(2;—1;3). Viét phuong
trinh mat phang (P) qua A va vuong goc v6i AB.

@(P):Qx—y+z—4:(). (P)::p—y+z—3:().

©(P): —z+2y+2—1=0. D) (P):z+y+2—3=0.
Cau 1296. Trong khong gian v6i hé toa do Ozyz, phuong trinh nao duéi day la phuong trinh
r—1 :y+2 _ 2—37

3 —2 1
@3x—2y—|—z+12:0. 3x+2y—|—z—8:0.
(©3z—2y+2—12=0. D)z —2y+324+3=0.

mit phang di qua diém M (3; —1;1) va vuong géc duong thang A :
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Cau 1297. Trong khong gian v6i hé toa do Ozyz, phuong trinh nao duéi day la phuong trinh
clia mit phang (Oyz)?

@y=o. B) z=0. ©y—=z=0. D) z = 0.

Miic d6 Van dung thap

Cau 1298. Trong khong gian v6i hé toa do Oxyz, cho mit phang (P) : 2z — 3y + 62+ 19 = 0 va
diém A(—2;4;3). Phuong trinh mit phing (Q) di qua A va song song v6i mat phang (P) la

(A) 20 — 3y + 62 +12 =0. B) 2z — 3y +62—-9=0.

(C) 22 —3y+62z—2=0. (D) 2z — 3y + 6245 = 0.

3.5 PTMP QUA 1 DIEM, VTPT TiM BANG T.C.H

Mtc do Thoéng hiéu

Cau 1299. Trong khong gian Oxyz, phuong trinh ctia mit phang (P) di qua diem B(2;1; —3),
ddng thai vuong goéc véi hai mit phang (Q) 1o +y+32=0, (R):2r —y+2=01a
(A) 4z + 5y — 32+ 22 = 0. B) 4z — 5y — 32 — 12 =0,
(©22c+y—32—14=0. (D) 4z + 5y — 32 — 22 = 0.

Cau 1300. Trong khong gian véi hé truc toa do Oxyz, cho A(2; —3;0), mat phing (o) : z+ 2y —
2+ 3 = 0. Tim mat phang (P) qua A, vuong goéc véi (a) va song song véi Oz.

(A)y+2:+3=0. B)z+2y—2z+4=0.
©2z+y—1=0. D)2z —y—7=0.

3.6 PTMP QUA 1 DIEM, CAT MAT CAU

Mtc d6 Thoéng hiéu

Cau 1301. Mit phing cit mat cau (9) : 22 + y? + 22 — 22 + 2y + 62 — 1 = 0 ¢6 phuong trinh
la

@2x+3y—z—16=0‘ 2m—|—3y—z+12:0.

(©) 2243y —2—18=0. (D) 22+ 3y — 2+ 10 = 0.

37 PTMP QUA 1 DIEM, THOA DK KHAC

Mtc d6 Thong hiéu

Cau 1302. Trong khong gian véi hé truc toa do Ozyz cho H(1;2;3). Phuong trinh mat phang
(P) di qua diém H vi cit cac truc toa do tai ba diém phan biet A, B, C sao cho H la tryc tam
cua tam giac ABC' la
Q) (P):x+2y+32—14=0. (P)::U+y+§:1.
x Z
@(P):x+y+z—6:0, @(P)3§+y+f:1.
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Mic dé Van dung thap

Cau 1303. Trong khong gian v6i hé toa do Ozyz cho diem H (2;1;1). Goi (P) la mit phang di
qua H va cit cac truc toa do tai A, B, C sao cho H la tric tam tam giac ABC. Hay viét trinh
mit phang (P).
A2z +y+z-6=0. B z+2y+2-6=0.
©z+2y+22:—-6=0. D)2z +y+2+6=0.

Cau 1304. Trong khong gian Oxyz, cho mat phang (P) di qua diém M (1;2;3) va cit cic truc
Ox, Oy, Oz lan lugt tai cac diem A, B, C' (khac O). Viét phuong trinh mat phang (P) sao cho
M 1a tryc tam ctia tam giac ABC.

(A) 62+ 3y — 22— 6 = 0. Bz +2y+32—14=0.
© x+2+32—11=0. D:+5+5=3

3.8 PTMP QUA 2 DIﬁDM, VTPT TIM BANG T.C.H

Mtc do Thong hiéu

Cau 1305. Trong khong gian v6i he toa do Oxyz cho A (1;—1;2), B(2;1;1) va mat phang (P) :
x+y+2z+1=0. Mat phiang (Q) chita A, B va vuong géc v6i mat phang (P). Tim phuong trinh
mit phang (Q).

@—x—l—y:O. 3x—2y—x—i—3=0.

Cz+y+z—-2=0. D)3z — 2y —x —3=0.

Mic dé Van dung thap

Cau 1306. Trong khong gian véi hé toa do Ozyz, cho cac diém A(0; 1;2), B(2; —2;0), C(—2;0;1).
Mit phang (P) di qua A, tryc tam H clia tam gidc ABC va vudng géc véi mat phang (ABC) c6
phuong trinh 1a
@4x—2y—z+4:0. 4x—2y—|—z—|—4:0.
@4x+2y+z—4:0. ®4x+2y—z+4:0.

3.9 PTMP THEO DOAN CHAN

Miic do Nhan biét

Cau 1307. Trong khong gian véi hé toa do Oxyz, cho 3 diém A (1;0;0); B (0; —2;0);C (0;0; 3).
Phuong trinh nao dudi day 1a phuong trinh mit phang (ABC)?
r oy oz x oy oz T Yy oz r oy oz
AV AT S AN AT NI AR
@3+—2+1 —2+1+3 ©1+—2+3 ®3+1+—

Mtc do Thong hiéu

Cau 1308. Trong khong gian Ozyz cho ba diém M (2;0;0), N(0; —1;0) va P(0;0;2). Mat phang
(MNP) c6 phuong trinh la
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@g+_i+§:0. ® = +—+§ ~1.

LI Yo E
©5+7+5=1 ®2+ St =1

Mic dé Van dung thap

Cau 1309. Mit phing a di qua diém M (4; —3;12) va chan trén tia Oz mot doan dai gap doi cac
doan chan trén cac tia Ox, Oy c6 phuong trinh 1a

Az +y+2:+14=0. B) 22+ 2y + 2+ 14 =0.

(C© 220 +2y+2—14=0. D) z+y+2z—14=0.

4 Bai 3.1 Phuong trinh mit phang (cé sit dung pt.dt)

41 CAC CAU HOI CHUA PHAN DANG

Mtc d6 Thoéng hiéu

Cau 1310. Trong khong gian véi he toa do Ozyz, cho mat cau (S) : (z+1)%*+(y—1)*+(2+2)* = 2
., ~9 —1 1

va hai duong thang d : xT = % _Z B A % = % _ = T Phuong trinh nao dudi day la

phuong trinh ctia mot mit phang tiép xic véi (S), song song véi d va A?

@x—l—z—l—lz(). x—l—y~|—1:0. ©y+z+3:0. @x—l—z—lzo.

42 PTMP QUA 1 DIEM, VTPT TIM BANG T.C.H (DUONG-MAT)

Mtc d6 Thong hiéu

Cau 1311. Cho mot hinh chép tit gide déu c6 canh diy bang a va dién tich xung quanh gap doi
dien tich day. Khi d6 thé tich ctia khoéi chop la:

ay/3 a3 ay/3 ay/3
@ 24 6 @ 12 @ 8

43 PTMP CHUA 1 DUONG THANG, THOA DK VOI DUONG THANG KHAC

Mic dé Van dung thap

) -1 2
Cau 1312. Trong khong gian v6i hé truc toa ddo Ozyz, cho hai duong thang d; : ¢ T = Y —; =

z—3 r—3 y—1 =z2-5

Ve dy : T = 5 — 3 . Phuong trinh mat phéng chia d; va ds 1a
(A) bz — 4y —z—16 = 0. B) 5z — 4y + 2z + 16 = 0.
(©) 5z — 4y +2—16 = 0. (D) 5z + 4y + 2 — 16 = 0.

Cau 1313. Trong mit phang véi hé truc toa do Ozyz, cho hinh chép tit giac déu S.ABCD, biét
S(3;2;4), B(1;2;3), D(3;0;3). Goi I 1a tam mat cau ngoai tiép hinh chép S.ABC'D. Mit phang
(a) chita BI va song song véi AC' nhan vecto nao sau day lam mot vecto phap tuyén?

(A) 7(3;—5; 4). 7(1;1;0). (©) 7(1;-1;0). (D) 7(3;5; 4).



PTMP chita 1 duong thing, thod DK vdi mp 222

44 PTMP CHUA 1 DPUONG THANG, THOA DK VOI MP

Miitc d6 Van dung thap

r =2

Cau 1314. Phuong trinh mit phang chita dudng thang d : {y =1 —¢ va vudng goc véi mat

z=24+3t
phang () : 2z —y —42=0la
(A) Tz + 6y — 2z — 16 = 0. B) 7z — 6y + 22— 12 =0.
(©) Tz 4 6y + 22 + 24 = 0. (D) 7z + 6y + 2z — 24 = 0.

45 PTMP THOA DK bOI XUNG

Mitc dé Van dung thap

Cau 1315. Trong khong gian véi hé toa do Ozyz, viét phuong trinh mat phiang (P) song song

X , —2 “1 2-2

vacéchdéuhaidu’dngthangdl:L:y:zvédyzzyizz :
-1 1 1 2 —1 —1

(A) (P):22—2:+1=0. B) (P):2y—2z+1=0.
(© (P):20—2y+1=0. D) (P):2y—2:—1=0.

46 TOAN MAX-MIN LIEN QUAN DEN MAT PHANG

Mitc do6 Van dung thap

Cau 1316. Trong khong gian v6i hé toa do Ozyz, cho tam gidc ABC vé6i A(1;0;0), B(3;2;4),
C(0;5;4). Tim toa do diem M thuoc mit phang (Ozy) sao cho T = ’MA + MB + 2MC” nho
nhat.

(A) M(1;—3;0). M(1;3:0). (©) M(3;1;0). (D) M(2;6;0).
Cau 1317. Trong khong gian v6i hé truc toa do Ozyz, cho ba diem A(0; —2; —1), B(—2; —4;3),
C(1;3; —1) va mit phang (P) : 2+y—2z—3 = 0. Tim diém M € (P) sao cho ‘MA +MB+2MC
dat gia tri nho nhat.

@M(é;i;—l). M(—;;—;;l). (©) M (2;2; —4). (D) M (—2;—2;4).

Cau 1318. Trong khong gian vé6i hé toa do Oxyz, cho A(—3;0;0), B(0;0;3), C(0; —3;0) va mét
phiing (P) : x4+ y+ 2 — 3 = 0. Tim trén (P) diém M sao cho |MA + MB — MC| nhd nhat.
(A) M(3;3;—3). M(—3:—3;3). (©) M(3;-3;3). (D) M (—3;3;3).

Mrtc d6 Van dung cao

Cau 1319. Trong khong gian Oxyz, cho diém A (1;—6;1) va mat phang (P) : x +y +7 = 0.
Diém B thay ddi thuoc Oz; diém C thay ddi thuoc mat phang (P). Biét ring tam gidc ABC c6
chu vi nhé nhat. Toa do diém B la

(A) B(0;0;1). B(0;0; —2). (©) B(0;0; —1). (D) B(0;0;2).
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r=t

Cau 1320. Trong khong gian véi hé toa do Oxyz, cho diém A(1;2; —3) va dudng thang { y = ¢

z=1+t
Viét phuong trinh mat phang (P) chiia d sao cho khodng cach tit A dén (P) 1a 16n nhat.
@2:1:+y—32+3=0. a:—{—?y—z—l:().
©3c+2y—2+1=0. D) 2z —y—32+3=0.

47  DIEM THUOC MAT PHANG THOA DK

Mrtc do Thong hiéu

Cau 1321. Trong khong gian v6i hé truc toa do Oxyz cho M(4;1;1) vi miat phang (P) : 3z +
y — z —1=0. Toa do hinh chiéu vudéng géc H clia diecm M lén mit phang (P) la

(A) H(1;1;3). B) H(1;0;2). (©) H(0;1;—1). (D) H(2;0;5).

Mitc do6 Van dung thap

Cau 1322. Trong khong gian v6i he toa do Oxyz, cho hai diem A (—2;3;1) va B (5;6;2). Dudng

2 . 2 2 P P A

thang AB cat mét phang (Ozz) tai diem M. Tinh ti so B

AM 1 AM AM AM
- B,

1
BM ° BM 3 BM

= 3.

BM 2
5 Bai 3.2 Phuong trinh dudng thang

51 TIM VTCP, CAC VAN DE VE LY THUYET

Miic do Nhan biét

Cau 1323. Giao tuyén clia hai mat phang (P) : 32 —4y+2+1=0vA (Q) : 2 +2y+22—-3=0
¢6 vec to chi phuong 1a?
(A) (2;1;2). (2;1;3). (©) (2;1;-3). D) (2;1; -2).
r=1
Cau 1324. Trong khong gian véi he toa do Oxyz, cho duong thing d : {y =2+ 3t (t € R).
z=5—1
Vecto nao dudi day la vecto chi phuong cua d 7
Aa=(03-1). @®wm=1;3-1). (©u3=(1-3-1). @u (1;2;5).
-2 y-1

Cau 1325. Trong khong gian Ozyz, cho dudng thing d : T =

= I Duong thing d c6

mot vecto chi phuong la

@at=(-121). ®@=(210). ©w=(211). D) @i = (-1;20).
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Mtc d6 Thong hiéu

r=1-—t
Cau 1326. Trong khong gian Oxyz, cho duong thang d : { y = —2 — 2t . Véc-to nao dudi day la

z=1+t.
véc-to chi phuong cta d?

A7 =(1;-21). B®7=(121). O 7R=(-1;-21). O7=(-1;21).

5.2 PTDT QUA 1 DIEM, DE TIM VTCP (KHONG DUNG T.C.H)

Miic do Nhan biét

Cau 1327. Trong khong gian véi hé truc toa do Oxyz cho M (1;—2;1), N (0;1;3). Phuong trinh
dudng thing qua hai diém M, N la

r+1 y—2 =z+1 r+1 y—-3 =z2-2
Vit
r y—-1 z- r_y—-1_ z-
-1 3 2 ®1 -2 1
Cau 1328. Trong khong gian v6i hé toa do Oxyz, phuong trinh nao duéi day la phuong trinh
r=1+4+2t

chinh téc ctia dudng thang d : { y = 3t ?

z=-2+t
x—i—l_g_z—Z a:—l_y_z+2
> —%1_3_ 12' 11_3 _+22'
T _g_z— r — _y_z
© 1 3 =2 ®) 2 3 1

Cau 1329. Trong khong gian véi hé toa do Oxyz, cho ba diém A(0; —1;3), B(1;0;1) va C(—1;1;2).
Phuong trinh nao duéi day 1a phuong trinh chinh tic ctia duong théng di qua A va song song véi
duong thang BC?

r= -2t

@ y=—1+t m—2y+z:0.
z=3+t.
x y+1 =z-3 x—l_g_z—l
-2 1 1 ®—2_1_1'

Mrtic d6 Thong hiéu

Cau 1330. Trong khong gian v6i hé toa do Ozyz, phuong trinh nao dudi day la phuong trinh
dudng thang di qua diém A(2;3;0) va vudéng géc véi mat phang (P) 1z + 3y — 2z + 5= 07?

r=1+3t r=1+1 r=1+1 r=1+ 3t
@ <y=3t y =3t ©1{y=1+3t D)y =3t
z=1-—1t. z=1-—1t. z=1-—t. z=1+1t.

Cau 1331. Phuong trinh tham s6 ctia duong thang di qua diém A(1;4;7) va vuong goc véi mit
phang (P):x+2y—22—-3=01a
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r=—4+t r=1+2t r=1+t r=—4-+4t
A){y=3+2t . y =4+ 4t. ©C<y=2+4 . DO {y=—3+3t
z=—1-—-2t z=7—4t z2=—2+T7Tt z=4+t

5.3 PTDT QUA 1 DIEM, VTCP TIM BANG T.C.H (CHO 2 MP)

Mrtc d6 Thong hiéu

Cau 1332. Trong khong gian véi hé toa do Ozyz, cho diém A(1; —2;3) va hai mit phang (P) :
r+y+2+1=0,(Q):z—y+2—2=0. Phuong trinh ndo dudi day la phuong trinh duong
thang di qua A, song song véi (P) va (Q)?

r=—1+t r=1 =142t r=1+1
@A 3y=2 y=-—2 ©1{y=-2 D {y=-2
z=-3—t. z=3—2t. z =3+ 2t. z=3—1.

54 PTDT QUA 1 DIEM, VTCP TIM BANG T.C.H (CHO 2 D.THANG)

Mic dé Van dung thap

Cau 1333. Trong khong gian v6i hé toa do Ozyz, cho diem M(—1;1;3) va hai dudng thing

—1 3 —1 1
AT _yte AT ri_v_ =z Phuong trinh nao duéi day la phuong trinh

3 2 1013 =2
duong thang di qua M, vudong goc véi A va A'?
r=-1-—1 r=—t r=—-1—t r=—-1—1
@ y=1+1 y=1+t @ y=1-t @ y=1+t
z =1+ 3t. z=3+4+t. z=3+t. z=3+t.
-~ - 4 N N 2 P N 2 r—1 y‘|‘2 Z
Cau 1334. Viet phuong trinh duong thang song song véi duong thang d : =1 =1
. . ? xr+1 y+1 2-2 r—1 y—2 z-3
a cat hai duong thang d; : = = ds : = =
va ca all ng fmg 1 22 1 — & Il 1 1 3
r+1 y+1 z- r—1 "y =z-
@—11_—12_ 13' 11_1_—1'1
r—1 y—2 z-— r—1 _y  z-
© 11 =1 D 1 —1 1

55 PTDT QUA 1 DIEM, CAT D1, CO LIEN HE VOI D2

Cau 1335. Trong khong gian véi hé toa do Oxyz, cho diém A(1;0;2) va dudng thang d c6 phuong
x—1 vy z41

trinh: =1 5 Viét phuong trinh duong thang A di qua A, vuong goc va cat d.
r—1 vy z+2 r—1 vy 242
A: === ) A: === .
@ 1 . 1 1 5 1 . 1 -1 5
T — y oz — T — y  z-—
A: = - = . A: —_ = = .
@ 2 2 1 @ 1 -3 1
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Cau 1336. Trong khong gian v6i hé toa do Ozyz, dudsng thang thing d di qua A(0; 1;1), vudng

=1
-3 -6 -1 ,
goc véi Alzx 5 :y2 :Zl va cat Ay 1y = —t ¢6 phuong trinh la
z=2
r y—1 =z-1 v y—-1 z-1
-1 —13 B %' —11 3 41‘
r_y—1_ z- r—1 'y z-—
©1_ -3 4 D -1 =3 4

56 PTDT QUA 1 DIEM, CAT D, CO LIEN HE VOI MP(P)

Mrtc d6 Thong hiéu

) . 1 2
Cau 1337. Cho mat phang (P) : © + 2y + z — 4 = 0 va duong thang d : x—2|— = % = Z—;
Phuong trinh duong thang A nam trén mat phang (P), dong thai cit va vuong goc véi dudng

thing d la:

—1 +1 —1 1 ~1 1
@x5 :y—1:Z—3‘ x5 :y—1zz3 ‘

r—1 y—1 =z2-1 r—1 y+1 =2-1
©5_—1_—3' ®5_—1_2'

57 PTDT QUA 1 DIEM, VUA CAT-VUA VUONG GOC VOI D

Mitc dé Van dung thap

_1 1 2
5 = y—i— = il Goi d 1a duong thang

di qua M, cit va vuong goc véi A. Véc-to chi phuong ctia d 1a

A7 =(-302). B 7=(031). O u=(2-12. O7=01;-4-2).

Cau 1338. Cho diém M(2;1;0) va duong thing A : =

58 PTDT NAM TRONG (P), VUA CAT VUA VUONG GOC VOI D

Mitic do Van dung thap

Cau 1339. Trong khong gian v6i hé toa do Ozyz, cho mat phing (P) : v+ 2y + 2 —4 =0 va

1 2 Zz 2 N 2
rHl_¥_ Z;— . Viet phuong trinh duong thang A nam trong mat phéang

duong thang d :

2 1
(P), dong thai cit va vuong goc véi duong thang d.

r—1 y—1 =z-1 r—1 y—-1 =z-1
> 51__11__31' 51_ 13_ =
r—1 y+1 2z- r+1 y+o5 z-
©5_—1_2' ®5_—1_3'

59 PT DUONG VUONG GOC CHUNG CUA HAI DPUONG THANG CHEO NHAU

Mitc do6 Van dung thap

Cau 1340. Trong khong gian véi hé truc toa do Ozyz, viét phuong trinh du’(‘iilg vuong goc chung

: -2 -3 4 1 —4 _
cﬁahaidudngthéngdzm .y J _ At Vad’;aH_ _Y _ )
3 -5 3 -2 -1
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x_y_z—l r—2 y—2 z-3
@1_21_+12‘ ; 2 _23 _34‘
rT—2 Yy _Z— T Yy—2  Z—
©2_2_2' ®2_3_—1'

5.10 PT HINH CHIEU VUONG GOC CUA D LEN (P)

Mitic do Van dung thap

-1 y+5 =z-3
2 —1 4
Phuong trinh nao dudi day 1a phuong hinh hinh chiéu vuong goéc ctia d trén mit phang z +3 =0
?

Cau 1341. Trong khong gian véi hé toa do Oxyz, cho dudng thing d : ?

x= -3 r=-3 r=-3 r= -3
A {y=-5-1. y=-5+t. ©{y=-5+2t. D{y=-6-1.
z=—-3+4t z=3+4t z=3—1 z="T44t

511 TOAN MAX-MIN LIEN QUAN DEN DUONG THANG

Mrtc d6 Van dung cao

) -2 1
Cau 1342. Trong khong gian véi hé toa do Ozyz, cho duong thang d : ‘ = Y ;— = % va hai

diém A(2;0;3), B(2; —2; —3). Biét diém M (z0;yo; 20) thudc d thdéa man M A* + M B* nhé nhat.

Tim xg.

@1’021. 170:3. @xon @1]0:2

6 Bai 3.3 Toan tong hop vé PP toa dé khong gian

6.1 CAC CAU HOI CHUA PHAN DANG

Mitc dé Van dung thap

Cau 1343. Trong khong gian véi hé toa do Oxyz, cho mit phing (P) : 3z +y — 32+ 6 =0 va
mit cau (9) : (z —4)2 + (y +5)2 + (2 +2)% = 25. Mit phang (P) cit mat cau (S) theo giao tuyén

14 mot duong tron c6 ban kinh r bang bao nhiéu?

@r:\/g, 7“:5. @7“26. @TZ\/E-

Mitc d6 Van dung cao

Cau 1344. Trong khong gian v6i hé toa do Oxyz, cho tam gidc ABC vudng tai C, 1@ = 60°,
AB = 3+/2, duong théng AB c6 phuong trinh ’ I 5 S I A _— +48
mit phang (o) : x4+ 2 — 1 = 0. Biét B la diém c6 hoanh do duong, goi (a;b;c) 1a toa do ciia C.
Tinh a+b+c.

@) 3. ®) 2. ©) 4. D)7

, duong thing AC nim trén
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6.2 XET VITD GIUA 2 DUONG THANG

Mitc d6 Nhan biét

Cau 1345. Trong khong gian véi hée truc toa do Owxyz, cho hai dudng thang

T =3t
r—1 y+3 =243 |

dy : ] 5 3 vady:Sy=—1+2t (t€R). Ménh dé nao dudi day dang?
- B 1
— ——t
T3
@ d, chéo ds. d; cat va vuong goc véi d.
@ d; cat va khong vuong goc véi ds. @ dy song song véi ds.
Mtc do Thong hiéu
r=1+2t x =344t

Cau 1346. Cho hai dudng thang d; y=2+3t vady:{y=5+6t

z=3+4t z2=T+8t

Trong cac ménh dé sau, ménh dé nao dung?
@ dy vudng goc vii ds. dy song song véi ds.
@ dy trung véi ds. @ dy va dy chéo nhau.

6.3 XET VITD GIUA DUONG THANG VA MAT PHANG

Mtc d6 Thong hiéu

, — 10
Cau 1347. Trong khong gian v6i hé toa do Oxyz, cho duong thang A c¢6 phuong trinh xT =

y—2 z+2

1
gia tri ctia m dé mat phang (P) vuong goc véi dusng thang A.

(A) m = —2. B)m = 2. (© m = —52. D) m = 52.

Cau 1348. Trong khong gian v6i he toa do Oxyz, cho duong thing
z+1 Y zZ—9

. Xét mat phang (P) : 10x + 2y +mz + 11 = 0, m 1a tham s6 thyc. Tim tat ca cac

d : = 3= 1 va mit phang (P) : 3z — 3y + 22 + 6 = 0. Ménh dé nao dudi day
dang ?
@ d c&t va khong vuong goc véi (P). d vuong goc véi (P).
@ d song song véi (P). @ d ndm trong (P).
=1

Cau 1349. Cho duong thing d : y=—14+2¢t vamat phéng (P):mzx—4y+2z—2=0. Tim

z=—1

gia tri ctia m dé duong thang d nim trén mit phing (P)

(A) m = 10. B)m =9. (©)m=-8. D) m =8,
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64 XET VITD GIUA MAT PHANG VA MAT CAU

Mtc do Thoéng hiéu

Cau 1350. Cho mat cau (S) : 22 + y* + 22 — 22 — 22 = 0 vA mat phang (P) : 4x + 3y + 1 = 0.
Tim ménh dé ding trong cac ménh dé sau.

@ (P) cat (S) theo mot dudng tron. (S) khong c6 diém chung véi (P).

(©) (9) tiép xtc véi (P). (D) (P) di qua tam ciia ().
Cau 1351. Trong khong gian vé6i he toa do Oxyz, cho mat cau () : (x—1)2+(y+3)*+ (2 —2)* =
49. Phuong trinh nao sau day 1a phuong trinh mat phang tiép xtc véi mat cau (S)?

(A) 2z + 3y + 62 —5 = 0. (B) 62 + 2y + 32 = 0.

(©) 6z + 2y + 3z — 55 = 0. D) z+2y+22—7=0.

6.5 KHOANG CACH TU 1 DIEM DEN 1 MAT PHANG

Miic do Nhan biét

Cau 1352. Trong khong gian véi hé toa do Ozyz, cho mit phang (P) : 3z +4y +22 +4 =0 va
diem A(1;—2;3). Tinh khodng cach d tit A dén (P).

5 5 5 V5
@d:§. d:2—9. @dzﬁ. @d:?.

Cau 1353. Cho diem A(1;2; —4) va mit phang (P) : 2z — y + 3z — 1 = 0. Tinh khoang cach ti
diém A dén mat phang (P).

13 14
@d(A,(PD:ﬁ- d(A(P)):ﬁ. ©d(A,(P)=V1d (D) d(A (P)) =13

Mtc d6 Thong hiéu

Cau 1354. Trong khong gian v6i hé truc toa do Oxyz cho dudng thang d cé phuong trinh
- 1 - 2 2

% = y2 = Z3 va mat phang (P) : x + 2y — 22 4+ 3 = 0. Toa do diem M trén d c¢6 cao do

duong sao cho khodng cach tit M dén (P) bang 3 la

(A) M (10;21; 32). M(5;11;17). (©) M(1;3;5). (D) M(7;15;23).

6.6 KHOANG CACH TU 1 DIEM DEN 1 DUGNG THANG

Mitc do6 Van dung thap

Cau 1355. Trong khong gian véi hé truc toa do Oxyz, tinh khodng cach tit diem M(1;3;2) dén
r=1+1

duong thang {y =1+t .

z=—t

(A) V2. 2. (©) 2v2. D) 3.
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6.7 KHOANG CACH GIUA 2 DOI TUONG SONG SONG

Mtc do Thoéng hiéu

Cau 1356. Trong khong gian véi hé toa do Owzyz, cho mat phang (P) : 22 —2y —z+1 =0 va

—1 2 —1
L 5 = yre_z . Tinh khoang cach d gitta A va (P).

1
1 5) 2
Cau 1357. Trong khong gian Ozyz cho hai mat phéng (P) : 2 +2y — 22 — 6 = 0 va (Q) :
x + 2y — 22 + 3 = 0. Tinh khoang cach giita hai mat phang (P) va (Q).

A1 B) 3. ©)o. D) 6.

duong thang A :

Mitc d6 Van dung cao

Cau 1358. Trong khong gian véi hé toa do Oxyz, cho bon diem A(1; —2;0), B(0; —1;1), C(2;1; —1)
va D(3;1;4). Héi ¢6 tat ca bao nhidu mat phang cach déu bén diém d6?

@ 1 mat phéng. 4 mit phang.
@ 7 mat phang. @ C6 vo s6 mit phang.

6.8 HINH CHIEU VUONG GOC CUA DIEM LEN DUONG, MAT (VA UNG DUNG)

Mitc d6 Van dung cao

Cau 1359. Trong khong gian v6i hé toa do Oxyz, cho hai diém A(4;6;2), B(2;—2;0) va mat
phang (P) : z +y+ 2z = 0. Xét dudng thang d thay doi thuoc (P) va di qua B, goi H 1a hinh chiéu
vuong goc ciia A tren d. Biét rang khi d thay déi thi H thudc mot dudng tron c¢d dinh. Tinh ban
kinh R cta duong tron do.

(A) R = /6. B) R=2. ©R=1. D) R = 3.

6.9 TIM DIEM THOA DK DOI XUNG

Mitc do6 Van dung thip

Cau 1360. Trong khong gian v6i hé truc toa do Oxyz, cho mat phang (P) : 6z —2y+ 2z —35 =0
va diém A(—1;3;6). Goi A’ 1a diém ddi xiing véi A qua (P). Tinh OA’.
(A) OA’ = 3y/26. OA = 5V/3. (C) 0A’ = V/46. (D) 0A' = \/186.

6.10 TOAN MAX-MIN TONG HOP

Mitc dé Van dung thap

Cau 1361. Trong khong gian véi hé truc toa do Ozyz, xét dudng thing A di qua diém A(0;0;1)
va vuong goc voi mat phang Ozz. Tinh khoang cach nhé nhat gitta diém B(0;4;0) t6i diém C
trong d6 C' la diém cach déu duong thing A va truc Ow.

@) ; 3v/2. (©) V6. D) ;
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Mitc d6 Van dung cao

Cau 1362. Trong khong gian v6i hée toa do Ozyz, cho mat phang (P) : 3z — 3y + 2z + 37 =
0 va cac diem A(4;1;5), B(3;0;1), C(—1;2;0). Tim diém M thuoc (P) sao cho biéu thic
S=MA-MB+ MB-MC+ MC - MA dat gia tri nho nhat.

(A) (—4;7;-2). (—3;6; —5). (©) (1;8;-8). D) (~2;5; —8).
Cau 1363. Trong khong gian véi hé toa do Ozyz, cho diém A(1;2; —3) va mat phang (P) :
27 + 2y — z + 9 = 0. Dudng thang d di qua A va c6 vécto chi phuong @ = (3;4; —4) cit (P) tai
B. Diém M thay ddi trong (P) sao cho M luén nhin doan AB duéi goc 90°. Khi do dai M B 16n
nhat, duong thing M B di qua diém nao trong cac diém sau?

@H(—Q;—l;?)). I(—l;—2;3). @K(3;0;15). @J(—S;Z; 7).

Cau 1364. Trong khong gian véi hé toa do Oxyz, cho mit phang (P) : o — 2y + 22z —3 =0 va
mat cau (9) : 22 +y? + 22+ 22 — 4y — 22+ 5 = 0. Gid st diém M € (P) va N € (S) sao cho ciing
phuong v6i @ = (1;0;1) va khodng cach gitta M va N 1a 16n nhat. Tinh M N.

(A) MN = 3. B) MN =1+2v2. (C) MN =3v2. (D) MN = 14.

6.11 TOAN THUC TE, LIEN MON TONG HOP

Mitc dé Van dung thap

r=1+3t
Cau 1365. Trong khong gian véi hé toa do Ozyz, cho hai dudng thang d; : {y = —2+¢, dy:

z=2
rz—1 Y+ 2 z . 5 . . e i 1s
5= ] —g " mat phang (P) : 2z + 2y — 3z = 0. Phuong trinh ndo duéi day la phuong
trinh mat phéng di qua giao diém ctia d; va (P), dong thoi vuong goc véi dy?
(A) 22—y +22+22=0. B) 27 —y+22:+13=0.
(© 2z —y+2:-13=0. D) 2z +y+22—22=0.

Mitc d6 Van dung cao

Cau 1366. Trong khong gian v6i hé toa do Oxyz, cho mat cau (S) : a2 + y? + 22 = 9, diém
M(1;1;2) va mat phang (P) : 2 +y+2—4 = 0. Goi A 1a dudng thang di qua M, thuoc (P) va cit
(S) tai hai diém A, B sao cho AB nho nhat. Biét rang A c6 mot vecto chi phuong 1a u(1;a;b).
Tinh T"'=a — 0.

AT =-2. BT =1. ©T=-1. D) T =0.
DAP AN

1C 4D 7 C 10 A 13 D 16 C 19 B 22 A

2 D 5 A 8 B 11 C 14 D 17 D 20 C 23 B

3 A 6 B 9 A 12 A 15 C 18 B 21 A 24 B
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814 A 838 C 862 B 886 910 934 C 958 982 A
815B 839 A 863 B 887 911 935 A 959 983 D

984 C
816 A 840 D 864 C 888 912 936 A 960

985 B
817 B 841 B 865 C 889 913 937 C 961

986 A
818 D 842 A 866 D 890 914 938 C 962 987 A
819 D 843 C 867 B 891 915 939 D 963 988 C
820 C 844 A 868 C 892 916 940 A 964 989 C

990 A
821 D 845 C 869 C 893 917 941 A 965

991 C
822 A 846 A 870 B 894 918 942 B 966 992 B
823 B 847 B 871 B 895 919 943 A 967 993 B
824 D 848 872 C 896 920 944 B 968 994 C

995 C
825 C 849 D 873 D 897 921 945 C 969

996 B
826 D 850 C 874 A 898 922 946 D 970

997 D
827 D 851 B 875 D 899 923 947 C 971 998 D
828 A 852 D 876 D 900 924 948 C 972 999 A
820D 853B 877D 901 925 949 D 973 1000 D

1001 D
830 D 854 B 878 C 902 926 950 A 974

1002 D

1D 2 1 D

83 855 C 879 C 203 927 95 975 1003 B
832 D 856 B 880 A 904 928 952 C 976 1004 D
833 D 857 C 881 A 905 929 953 D 977 1005 B

1006 B
834 A 858 C 882 A 906 930 954 C 978

1007 C
835 C 859 C 883 B 907 931 955 B 979

1008 D
836 B 860 D 884 A 908 932 956 B 980 1009 D
837 A 861 D 885 B 909 933 957 C 981 1010 B
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1011

1012

1013

1014

1015

1017

1018

1019

1020

1021

1022

1023

1024

1025

1026

1027

1028

1029

1030

1031

1032

1033

1034

1035

D

A

1036

1037

1038

1039

1040

1041

1042

1043

1044

1045

1046

1047

1048

1049

1050

1051

1052

1053

1054

1055

1056

1057

1058

1059

A

A

B

C

1060

1061

1062

1063

1064

1065

1066

1067

1068

1069

1070

1071

1072

1073

1074

1075

1076

1077

1078

1079

1080

1081

1082

1083

B

C

1084 B

1085 D

1086 A

1087 D

1088 D

1089 D

1090 B

1091 D

1092 B

1093 B

1094 C

1095 D

1096 A

1097 A

1098 D

1099 B

1100 A

1101 A

1102 D

1103 A

1104 A

1105 B

1106 C

1107 A

1108

1109

1110

1111

1112

1113

1114

1115

1116

1117

1118

1119

1120

1121

1122

1123

1124

1125

1126

1127

1128

1129

1130

1131

1132

1133

1134

1135

1136

1137

1138

1139

1140

1141

1142

1143

1144

1145

1146

1147

1148

1149

1150

1151

1152

1153

1154

1155

1156

1157

1158

1159

1160

1161

1162

1163

1164

1165

1166

1167

1168

1169

1170

1171

1172

1173

1174

1175

1176

1177

1178

1179

1180

1181

1182

1183

1184

1185

1186

1187

1188

1189

1190

1191

1192

1193

1194

1195

1196

1197

1198

1199

1200

1201

1202

1203

1204

1205

1206

1207

1208
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1209 C 1229 C 1249 A 1269 C 1289 B 1309 1329 1349 D
1210 D 1230 A 1250 D 1270 B 1290 D 1310 1330 1350 A
1211 D 1231 D 1251 C 1271 D 1201 A 1311 1331 1351 C
1212 B 1232 B 1252 D 1272 B 1292 A 1312 1332

1352 C
1213 B 1233 A 1253 B 1273 D 1293 A 1313 1333

1353 A
1214 D 1234 A 1254 A 1274 A 12904 D 1314 1334

1354 A
1215 D 1235 C 1255 B 1275 D 1295 B 1315 1335

1355 C
1216 A 1236 C 1256 B 1276 D 1296 C 1316 1336
1217 ¢ 1237 A 1257 D 1277 A 1297 B 1317 1337 1356 D
1218 C 1238 D 1258 D 1278 C 1298 C 1318 1338 1357 B
1219 A 1239 B 1259 D 1279 B 1299 D 1319 1339 1358 C
1220 B 1240 A 1260 D 1280 D 1300 D 1320 1340 1359 A
1221 A 1241 B 1261 A 1281 D 1301 D 1321 1341

1360 D
1222 A 1242 B 1262 B 1282 C 1302 A 1322 1342

1361 C
1223 D 1243 B 1263 C 1283 C 1303 A 1323 1343

1362 A
1224 B 1244 B 1264 A 1284 D 1304 B 1324 1344

1363 B
1225 A 1245 B 1265 D 1285 B 1305 D 1325 1345
1226 B 1246 B 1266 A 1286 D 1306 A 1326 1346 1364 C
1227 D 1247 A 1267 B 1287 D 1307 C 1327 1347 1365 C
1228 B 1248 B 1268 A 1288 B 1308 D 1328 1348 1366 C

LOI GIAI CHI TIET

Cau 1. Tap xac dinh D =R vi y = 2% — 322 13 ham da thic
Ta chon dap an @

Cau 2. Goi G la trong tam cua AABC. Khi do, G (1;—2).
Taco MA+ MB+ MC = 3MG.
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Do d6, |[MA + ME + MC| nhé nhét khi va chi khi |MG| nho nhét.
Hon nita M € Oz nén M 1a hinh chiéu ctia G lén Ox.

Vay M can tim c6 toa do 1a (1;0).

Ta chon dap an @

(e

D20 2-" £ 1k

Cau 3. Ham s6 y = tan (21: - Z) xac dinh khi va chi khi cos (2
km
2
Vay tap xac dinh ctia ham s6 1a 2 =R\ {

Ta chon dap an @

Suyram;é?);—i- (keZ).

+—, kel

SIkW }
8 2 ’

tan x

Cau 4. Xét ham s6 f(z) = f(x) c6 tap xac dinh ¥ =R\ {g + km; lﬂ} k,leZ.

sinz’
e Vr e 9= —x¢€ 9.

_ tan(—z) tanz

o Jl=a) = sin(—z)  sinz = /@),
t P
Vay f(z) = S?;lj 12 ham s6 chan.

Ta chon dap an

Cau 5. Li thuyét ham s6 lugng giac: ham s6 y = cosx 1a ham s6 chn, ham s6 y = sinz,y =
cot z,y = tanz la ham sb 1é.

Ta chon dap an @

Cau 6. Ta co6 tan(x + 37m) = tanx

R 2—cos2x #0 T
Dieu kién: =c# - +kmkeZ

2
cosx # 0
Suy ra, tap xac dinh D = R \ {g +km,k € 2
Nhan zét: Vr € D thi —z € D.
S
2 cos (;—l—x) — 5tan (z + 3m)

To o6 F(x) —2sinz — Stanx 2sinx + Htanx
aco y= f(z)= — - _
Y (—2) 2—(3(()82:3 2 — cos 2z 2 — cos 2z
—2sin(—x) — dtan(—x 2sinx + 5tanx
fl=) = 2 — cos 2z - 2—cos2x —f(x).

Vay ham s6 da cho 1a ham so 1é.

Cha 9: ta c6 thé ding mode 7 dé kiém tra.

Ta chon dap an

~ N FS X N 2, ~ A~ N :B X ~ 2, ~ ~ .
Cau 7. Ham s0 tan z tuan hoan véi chu ki 7 nén ham tan 1 tuan hoan véi chu ki 47. Ham sin z

N . N SN N TN N A N PR T -
tuan hoan véi chu ki 27 nén ham sin B tuan hoan véi chu ki 47. Do d6 ham f(z) = tan 17T 2sin B)

tuan hoan vé6i chu ki 47.

Ta chon dap an @
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1 —sinz —cosz 1— (sinz+cosx)
(sinx+1)2  (sinz+1)2
Do 1 — (sinz + cosx) = 1 — /2sin(z + 2) <0véize {O; g}

Cau 10. ¢ =

<0véize {og}

Nhan thay ¢ < 0 ham s6 nghich bién trén doan {O; g}, ma y(0) = 2;y(=) = 3
. . 1 1
Vay tap gia tri cia ham s6 y = C,OSL trén {O; Z} la |=;2].
sinxz + 1 2 2
Ta chon dap an @

Cau 11. Taco —\/§sin<x+%>+\/§:0<:>sm(x+%):

s

3
Vi £ > 1 nén phuong trinh vo nghiém trén {O; %}

V2
y(0) = —1+\/§,y(%> =—V2+V3
Gia tri 16n nhat ctia ham sb trén {0; %} la —1+ /3.
Gia tri nhé nhat ctia ham s6 trén {O; ﬂ 1a —v2 4+ /3.
Vay S = —1 — v2 4+ 2V/3.
Ta chon dap an @

Cau 12. Ta c6 2sin2x — /3 =0.

296:1—%1{:27? x:z+k7r
V3 3 6
<:>sm2x—7<:> o & = ke Z.
2x:?+k27r ZE:§—|—]€7T

Vay: S = {g+k7r;%+k7r,k€Z}.

Ta chon dap an

2
Cau 13. TacécosBx—1:O<:>cos3x:1<:>x:k?7r,kGZ.

1 2

cost:—§<:>2x:j:§+k27r<:>x:j:%+k7r, k€ Z.

Biéu dién cac nghiém trén dudng tron lugng giac ta c6 tap cdc nghiem ctia phuong trinh (1) dong
2

thai 1a nghiém cta phuong trinh (2) la z = i% +km, keZ.

Ta chon dap an @

sinz =0
Cau 14. Ta c6 cos(sinz) =1 & .
sinw = 2m

Chi ¢6 sinz =0 < = = kr v6i k = 0;1;2 do xét trén [0; 27].
Vay tong tat ca cac nghiem bing 0 4+ 7 + 27 = 37,
Ta chon dap an @

T T
V3 2x:§—|—k27r r=—+km
Cau 15. Ta c6: sin2e = - 5 o b ke
2x:?+k27r x:§+k7r

Véix:%Jrlmre(0;3#):>k:0;1;2.
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Véix:ngkﬂe (0:37) = k = 0;1;2.
Vay phuong trinh da cho ¢6 6 nghiém thuoc (0; 37).
Ta chon dap an @

3
V2 xzzﬂ+k27r
Cau 16. Phuong trinh: 2cosz +v/2 = 0 < cosz = -5 3 (k€.
Ta chon dap an @
1 x:—%+k327r
Cau 17. Tacé:25ina:+1:0<:>sinx:—§<:> o ke .

Nghiém ctia phuong trinh 2sinz + 1 = 0 duge biéu dién trén duong tron luong giac la diem E,
diém F.
Ta chon dap an @

5 2 5

Ta cb sin4g—|—cos4§ = 3 & (sian—i—cos2 g) —QSinzgcos?g = 3

R 1 5 1 5

Cau 18. (:)1—§sin2m:§(:)1—1(1—0052x):§

1
<:>6082x:—§<:>x:ig+k7r,kez.
T 27 4w 5w
Ma x € (0;2 é El— ——;— -
ax € (0;27) nén x {3 33 3}
127

Khi d6 tdng cac nghiém thuoc khoang (0; 27) clia phuong trinh 1a =

Ta chon dap an

Cau 19. VivVer e R: -1 <sinz <1 nén phuong trinh sinz + 3 = 0 v6 nghiém.

Ta chon dap an

cosx =0
Cau 21. Phuong trinh da cho tuong duong véi .
cosr =1
xr = T + k2w
Tu day ta giai duge
xr = 2km

T T T 7 1 1
Véi x = — : - ——<k2n< - & = -
o ViGix 2+Mr0<x<w®0<2+%ﬂ<ﬂ@ 2<kw<2@»4<k<4

Hon nita, do k € Z nen k = 0. Khi d6, = = g

1
oVﬁxz%wﬁ<x<w@0<%m<w@0<k<5

Ta thay khong c6 gia tri k nguyén ndo thoéa man diéu kién nay.

Z ., . T 2 ~ X N Z
Vay c6 duy nhat gia tri x = 5 thoa yéu cau bai toan.

Ta chon dap an @
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Cau 22. Phuong trinh tuong duong véi

- 3x:x—z+k27r x:—z—i—/mr

cos 3x = cos (a:—z) & 47r & 7T8 -
- _ z 9 _ o

3z x+4—i—k7r T 16+k2

7w 15 9 17w 25 .
Viz € (0;27) nén = € {W' oL T W}. Tong céc nghiém la 67.

§ 8 1616 16 16
Ta chon dap an @
Cau 23. Phuong trinh da cho c¢6 nghiem khi 12 + (m + 1)? > 2%, diéu d6 tuong duong véi

m
m?*+2m—-2>0%&
m

Ta chon dap an

Cau 24. Ta co V/3sinz —cosz = 2 < 2sin(x — 76T> =2 sin(ac — 76T> =1
2
cr-2=T prer="1knr ke

6 2 5 3
Vay tap nghiém cua phuong trinh da cho la S = {; + k27, k € Z}.
Ta chon dap an
Cau 25. Diéu kien phuong trinh m - sinxz — 3 cosz = 5 ¢6 nghiém la:
m? + (=3)? > 5% & m? > 16 & m < —4 hodc m > 4.
Ta chon dap an

Cau 26. Ta co: 2sin’z + V/3sin 2z = 3 < 2sin? 2 + 2v/3sinz cosx = 3.

Khi cosz = 0 thi phuong trinh trg thanh 2sin? 2z = 3, vo nghiéem. Do dé, nhiing x théa cosx = 0

khong la nghiém ctia phuong trinh.
Chia hai vé cho cos?z ta duge: 2tan® z + 2v/3tanz = 3 (tan®z + 1).
Phuong trinh tuong duong véi tanz = /3. Hay = = g + km, k € Z.

Ta chon dap an

Cau 27. sin2zx = COS4% — Sin‘% & sin2x = cosx < 2sinx cos T = cos T
x:g+k7r . 9
cosx =0 - r =4+ k==
| 1 & m:6+k27r & g S(k:EZ).
smx:§ 5 x:§+k27r
m—g—i—k’%r

Ta chon dap an @

Cau 28. Ta ¢6 sin3x — 3sin2x — cos2z 4 3sinx + 3cosx = 2

& 3sinz — 4sin®x — 6sinzcosr — 1+ 2sin?x + 3sinz + 3cosz — 2 =0

& 6sina(1 — cosx) — 4sin®z + 2sin?2 + 3cosz — 3 =0

< (1 —cosz)(2sinz —1)(1 +2cosz) =0« (2sinx — 1)(2cosz + 1)(cosx — 1) = 0.
Ta chon dap an @
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T
cosx =0 a::§+k7r
Cau 29. sin2x +3cosz = 0<cosz (2sinx + 3) = 0< & (ke Z).
2sinz +3=0 PTV N

Trén (0;7) chi ¢6 x = g théa man.

Ta chon dap an

Cau 30. Phuong trinh ¢6 nghiem khi va chi khi: 52 +m? > (m + 1) & m < 12.
Ta chon dap an @

1 1
Cau 31. Ta c6 sin2x cosz = sin 7x cos dr & i(sin 3z +sinz) = §(sin 11z + sin 3z)

km
r=—
< sinlle =sinz & 5
:1+k—ﬂ(keZ)
T3

Ta chon dap an

Cau 32.

sin 3z sin bx

5~ § < Hsin3x = 3sin bz

& 4(sin bz — sin 3x) = sin bz + sin 3z
< 8cosdxsinx = 2sin4dx cosx
< 4 cosdxsinz = 2sin 2x cos 2x cos x

& (2cos®2z — 1) sinz = sinx cos 2z cos® x

sinx =0
g 1 2
2¢0822x — 1 = cos2:v(+(;osz)
sinz =0
=
3cos?2r —cos2r —2 =0
sinz =0
< | cos2x =1
2
COS2x = —— = cos &
L 3
x=krm
And 1
r=+-a+km
L 2
Tact, 0<krn<m=k=0=A=0
2 2 1
= B, (C la hai nghiém thoa man cos2x = —3 & 2cos?y — 1= -3 & cosT = i% = cos B +

cosC = 0.
Vay cos A + cos B + cos C' = 1.
Ta chon dap an @
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1
Cau 33. Ta cé: sinx—l—cosle@ﬂsin(x%—?i)zlﬁsin(x%—Z):\/5
T
& - 3 & LT e (keZ).

Suy ra, trén khoang (0; 7) phuong trinh c¢6 mot nghiem x = g
Ta chon dap an @

Cau 34. Taco
. 3T ) .
\/gsmx:cos(2—2x><:> 3sinx = —sin 2%

&sinz(2cosz 4+ V3) =0

sinz =0

V3

COSTX = —

r=km

5

IEN x:g—i-k%r k€ Z.
5

_ac:—%—i—k%r

-3 -7
Béi vay, trén {;, 7r>, phuong trinh chi c6 mdt nghiém x = %

Ta chon dap an

Cau 35. Ta co: 27cos*z + 8sinz = 12 < 27sin*z — 54sin’x + 8sinz + 15 =0
& (3sin2x+28inx— 3) (9sin2$ —6sina:—5) =0

3sin?z + 2sinz —3=0
=
9sin?z — 6sine — 5 =0
~ —14++v10

nr = ce(—1;1
sin 3 (—1; 1)

sinx = _1—3\/1—0 ¢ (—1; 1)

tren khoang (0; 27) phuong trinh ¢6 2 nghiem.(dya vio s6 giao diem gitta

—1+\/1_0)

THI1: 3sin?z 4+ 2sinz —3=0 &<

V6i sinx =

-1+ +v10
3

do thi ham s6 y = sinz va dudng thang y =

3
1 -6
sinx = 3\/— (-1 1)
TH2: 9sin?z — 6sinz — 5 =0 <
. 146
sing = — ¢ (—1; 1)

V6i sinx = trén khoang (0; 27) phuong trinh ¢6 2 nghiém.(dya vao sb giao diém giita do
1-6

3 )
Vay trén khoéng (0; 27) phuong trinh da cho ¢6 4 nghiem

Ta chon dap an @

thi ham s6 y = sinz v duong thang y =
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Cau 36. S6 sb tu nhién c¢6 4 chit s6 doi mot khac nhau: A‘é = 360.
Ta chon dap an @

Cau 37.
e TH1: 5 bong loai I: C?.
e TH2: 4 bong loai I va 1 bong loai I1: C3.CY.
e TH3: 3 bong loai I va 2 bong loai 11: 03.072.
Vay C? + C3.CY + C2.C2 = 246.

Ta chon dap an @

n!

~ 2 k
Cau 38. Taco C} = W — k)l

Ta chon dap an @

Cau 39. S6 tap con gom 2 phan tit ctia M 1a s6 t6 hop chap 2 ctia 10 nén bang C2,.
Ta chon dap an @

Cau 40. Goi s6 can tim c6 dang arasazasas théa man a; > as > a3 > a4 > a5 va a; € A =

{0;1;2;---;9}. Vi mdi tap hgp gom 5 chit s6 thuoc tap A chi tao duge 1 s6 thoa dé bai.
Vay ¢6 C7, = 252 s6 can tim.

Ta chon dap an @

Cau 41. Goi s6 can lap ajazas.

THI: a3 =0

Bo phan ajas c6 A2 = 42 cach chon.

TH2: a3 € {2,4,6}

Chon as : ¢6 3 cach chon.

Tiép theo, chon a; : ¢6 6 cach chon, sau do6, chon ay : c6 6 cach chon.
Vay s6 cac s6 thoa man dé bai la A2 + 3.6.6 = 150 (s6).

Ta chon dap an @

Cau 42. Ap dung cong thitc ta c6 s6 chinh hop chap 4 ciia 7 phan tit 1a A2 =
840.
Ta chon dap an @

Cau 43. S6 phan tit ctia S 1a 5! = 120 s6. Trong cac s6 thuoc S thi
e SO 5 xuat hien ¢ hang don vi 1a 4! = 24 1an (s6 céc s6 ¢6 dang abedb).

e Tuong ti cac chit s6 5;6;7;8;9 déu xuat hién 24 1an 6 mdi hang.
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Do d6, tong cac s6 thuoc tap S 14 24 (5+64+7+8+9)- (1 + 10 + 100 + 1000 + 10000) = 9333240.
Ta chon dap an @

Cau 44. Xét s6 c6 6 chit s6 doi mot khac nhau c6 dang x = ayazazazasag. Vi cac chit s6 3,4, 5
diing canh nhau va chit s6 4 ditng canh chit s6 3 va chit s6 5 nén c6 hai kha niang 345 hodc 543.
Ta coi 345 va 543 1a chit s6 diic biet A (c6 2 chit s6 diic biet nay). Dé dém s6 cac s6 o thoa man
yéu cau bai toan, ta xét hai truong hop:

Trwomg hop chdp nhdn cd a; = 0:
e Chon vi tri cho A, ¢6 4 cach chon.

e Chon 3 chit s6 con trong tap {0;1;2;6;7;8;9} va sap xép vao cac vi trf con lai, c6 A2 cach.

Truong hgp nay c6 2 -4 - A3 sb.
Truong hop a, = 0:
e Chon vi tri cho A, ¢6 3 cach chon.

e Chon 2 chit s6 con trong tap {1;2;6;7;8;9} va sdp xép vao cic vi tri con lai, ¢c6 A2 cach.

Truong hop nay 6 2 -3 - A2 sb.

Vay, s6 cac s6 can tim 14 2-4- A2 —2-3- A2 = 1500.
Ta chon dap an @

Cau 45. Bo 3 diém bat ky dugc chon tit 9 diém da cho c6 C3 bo.
Bo 3 diéem khong tao thanh tam giac c6 C3 + C3 bo.

Vay s6 tam giac tao thanh tit 9 diém da cho c6: C3 — (C3 + C3) = 79.
Ta chon dap an @

Cau 46. Goi sb can lap 1a abcde.

- Néu a = 1 thi 2,5 ¢6 C? cach chon vi tri, khi d6 s6 s tao thanh 1a C2 - 4!

- Néu a =2 thi 1,5 ¢6 C% cach chon vi tri, khi d6 s6 s6 tao thanh 1a C% - 4!.

- Néu a =5 thi 2,1 c6 C% cach chon vi tri, khi d6 s6 s6 tao thanh 1a C2 - 4!.

- Néu a € 3,4,6 c¢6 3 cach chon a, 1,2,5 c¢6 1 cich chon, s6 con lai C} cach. Vay s6 s6 tao thanh
I 3-ClL-dL.

Vay s6 lugng s6 tao thanh la 3C% - 4! + 3 - CL - 4! = 648.

Ta chon dap an

Cau 47. Gia st s6 can tim ¢6 10 chit s6 khac nhau tuong tng véi 10 vi tri.
Vi chit s6 0 khong ding vi trf dau tién nén c6 9 cach xép vi tri cho chit s6 0.
C6 Aj cach xép cac chit 86 7;8;9 vao 9 vi tri con lai.

Vi chit s6 6 ding trude chit s6 5 nén c6 5 cach xép cho chit s6 6 va mot cach xép cho cac chit s6
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1:2;3;4; 5 theo thi tu tang dan.
Theo quy tac nhan c6 9 x 5 x A3 = 22680 s6 thda man.
Ta chon dap an

Cau 48. Cac khéi lap phuong canh 1 cm c6 tat ca 1a 27 dinh. Vay c6 tat cd C3, bo ba diém bao
gom céac bo ba diém thang hang va khong thing hang.

+ Tren mp(ABCD) ¢6 8 bo ba diém thang hang, cting v6i hai mp song song véi n6 thi c6 8.3 = 24
bo ba diem thing hang.

+ Tuong tu trén mp(ABB’'A’), ciing véi hai mp song song v6i no thi c¢6 8.3 = 24 bo ba diém
thang hang, nhung trén mdi mat c6 ba bo thing hang duge dém hai 1an, nén s6 bo ba théng hang
trong truong hop nay la: 24 — 3.3 = 15.

+ Trén mp(BCC'B’), cing véi hai mp song song véi no thi c¢6 8.3 = 24 bo ba diém thing hang,
nhung trén mdi mat c6 sau bo thing hang dude dém hai lan, nén sé bo ba thing hang trong
truong hop nay la: 24 — 6.3 = 6.

+ C6 4 bo ba thang hang ndm trén bén dusng chéo clia khéi lap phuong ¢6 do dai canh 1a 2 cm.
Do d6 s6 cac tam gidc tao thanh tit cac dinh clia cac khéi lap phuong canh 1 cm la Cy, — 24 —
15— 6 — 4 = 2876.

Ta chon dap an @

Cau 49. S6 cach chon thyc don 1a Ct - Cl-Cl =175

Ta chon dap an

Cau 50. Chon 6 ngudi trong 10 ngusi vao 1 nhém. Sau khi phan nhém 6 ngusi thi con lai 4
ngudi duge phan vao nhém con lai chi ¢6 1 cach. Vay c6 C§, - 1 = 210 cach.

Ta chon dap an @

Cau 51. S6 tam giac tao thanh tit n diem: C3.
S6 doan thang tao thanh tit n diém: C2.

Do d6: C3 =2C2 & n =6.

Ta chon dap an @

Cau 52. Ta td6 mau theo thu tu sau:

1) T6 1 6 vuong 4 canh: chon 2 trong 3 mau, tng v6i 2 mau duge ta té vao 6

nhu sau: chon 2 canh trong hinh vuong don vi dé t6 mau tht nhét c6 C2=6

cach (mau thit 2 t6 2 canh con lai). Do d6, c6 6.C3 cach to.

2) To6 3 6 vuong 3 canh (c6 mot canh da duge to truée do): tng v6i 1 6 vuong c6 3 cach t6 mau
1 trong 3 canh theo mau ctia canh da to trude do, chon 1 trong 2 mau con lai t6 2 canh con

lai, c6 3 - C} = 6 cach t6. Do d6 c6 63 cach to.
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3) To 2 6 vudng 2 canh (c6 2 canh da dugc t6 trude do): tng v6i 1 6 vudng c6 2 céch t6 mau
2 canh (2 canh to truéc cing mau hay khac nhau khong 4nh hudng s6 cach to). Do d6 c6 22

cach to.

Vay ¢6: 6 - C2- 6 - 4 = 15552 céch to.
Ta chon dap an @

cooclooc cr
Cau b3. bat S=—+ —+ — n )
au : 2 as e T T ar DT
1
Ta chitng minh dugce dang thic: Ck = k2

(k+1)(k+2) " (n+1)(n+2)c”+2

1
(C2 .+ C3y+Chy + o+ Cot3)

(n+1)(n+2)
Co 4+ Ol +C2,+C3,+Ch,+ ..+ 03 —CO,—CL L)
1
(n+1)(n+2)

Suy ra: S =

(n+ 1)1(n +2) (
B (n+1)(n+2) (2n+2 —Chin — C711+2> —

Vay S =

(2n+2 —n— 3)

(2nt2 —n —3).

(n+1)(n+2)
Dong nhat v6i vé phai cia ddng thic, ta duge n + 2 = 100 = n = 98.

Ta chon dap an

Cau 54. Khi khai trién (a + 2)""® sé ¢6 n + 7 s6 hang.
Theo dé bain +7 =17 < n = 10.
Ta chon dap an @

Cau 55.

3\* 4 3 3 2 3\ 3\* 3\*
4 4 4 4 4
(2;;; —x3> = (22) —4(22") -;+6(2x> <933> — 4.2z (xg)) +<$3) .
1
= 162" — 962° + 2162” — 216 - — +81

Vay hé s6 ctia 2° 1a —96.

Ta chon dap an @

Cau 56. ag chinh 1a hé s6 clia s6 hang chita 2%, n6 bing tong hé s6 ciia nhing sé6 hang chit 2®
trong cac khai trién (1 +2)8; (14 2)% (1 +2)1% (1 +2)"; (1 + 2)'2

Do d6, ag = C§ + C§ + C}, + C§, + C§, = 715.

Ta chon dap an @

Cau 57. Tong he so bang P(1) = (1+ 18+ (1+ 1)+ (1 + D* + (1 + DM + (1 +1)12 = 7936.

Ta chon dap an

Cau 59. S0 hang tong quat trong khai trien T, = CE, - 22-F . (—)k = Ch (=2)ka?1 -3k,
S6 hang khong chita z tuong ting v6i k = 7.

Do d6 s6 hang khong chita x 14 —27CZ;.

Ta chon dap an @
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20

Cau 60. Khai trién theo liy thita tang dan ctia z: (a — 22)*° = Y (=22)" - C§ - «a

k=0
20

S(=2)F - a2k k- gt
k=0 i
S6 hang thit 4 trong khai trien 1a: Ty = —C3,23a' 723

Ta chon dap an @

Cau 61. S6 hang thit k + 1 trong khai trién (1 — 2x)" 1a: Tx 4y = CF(—2)kak.
Tu do ta Cé, ap + ay + as =71 <& 02—26%4‘402 =171

neNn>2 neNn>2
& & Sn="T.
-1
1—2n+4”(”2>:71 n?—2n—35=0
V6i n = 7, ta 6 he s6 clia 27 trong khai trién (1 — 22)" 1a a5 = C3(—2)° = —672.

Ta chon dap an @

Cau 62. He s6 ctia 2 trong khai trién (2 — 2)": C4 . (2)74. (—=1)%
Ta c¢6 phuong trinh: C} - 2"~ = 60 & n = 6.

Ta chon dap an

2

e 2%:18 2018—k 2 \* 2021:8 k 20183
Cau 63. P(ZL’) = (ZL‘ —— = C2018 B C2018 oz
NG WV

. . 3k
Hé s6 ciia s6 hang chita 2°'® tuong tng véi 2018 — 5 = 518 < k = 1000.

Z Z 2 2 2018
Hé s6 a clia s6 hang chita 2°'® trong khai trien P(z) = (:zc — ) la C3Y09(—2)1000

N3
Ta chon dap an @

20—k

21 ) )
Cau 64. Taco (z+y)* = S Cia? iy, S6 hang chita 2'3y® tmg véi i = 8. Khi d6 heé s6 ciia sb
=0

hang d6 1a C8, = 203490.
Ta chon dap an @

Cau 65. Ti gia thiét ta co (3 —1)" = 2048 & n = 11.
Suy ra hé s6 ciia 71 trong khai trién (z + 2)'* 1a C192 = 22.

Ta chon dap an

Cau 66. Ta co (:pﬁ + %)n = kzn%)cﬁ(x\/})"’“(%)k.

Tong céc he s6 ctia khai trién tren bang S =Y Cr=(1+1)"=2"=128=n="1.
k=0

L > chiL'Q 7’“

21 PR
Luc d6 x° ting véi 5 Kk =5 =k = 3. Vay hé s6 can tim 1a C$ = 35.
Ta chon dap an @

Khin:7tacé(




Todn thuec té, lien mon tong hop 250

12
Cau 67. Khai trién: P(x Z Ch2Me® =3 apa® voi aj, = Ch 2k,
k=0
ak1>ak<:>0’“+12k+1>0’“2’f<:> 2 > ! @k<§@k <7
* 12 12 k+17 12—k 3
Nhu vay ag < a1 < ag < --- < as.
2 1 23
< ay & Chiflokl < Ok 20 & < k> ok>s.
At = G k11 12—k 3

Nhu vay ag > ag > ajg > -+ > aqo.
Vay hé s6 c6 gia tri 16n nhat 1a ag = C%,2% = 126720
Ta chon dap an @

Cau 68. Ta co:
4
Cgom + C2019 + C2019 + C2019 + C5p19 + Cgolg 4+ 4 ngig — 92019

Cao19 — Cao19 + Chorg — Coorg + C2019 Corg + -+ + (=1)?"CZ5 = 0
Suy ra: 2 (Cho19 + Cio19 + Clgp9 + -+ + Cglg) = 22010 = T = 22018,
Ta chon dap an @

Cau 69. Taco (1+2)*" = (1+ )" (x + )" (1).

Hé s6 2™ trong khai trién (1 + 2)*" = Z Ck 2% 1a Cy, (2).

Mit khéc, (14+x)"(z+1)" = (C? +Clx+C2x2+ A Cra™) (CVzm + Clan =1 - C2gn 2 4. .. 1 C7),
Hé s6 2™ trong khai trién tich trén 1a (C9)2 + (CL)2 4 (C2)2 + - - + (C™)2 (3).

Tt (1),(2),(3) taco : (C))>+ (C)2+ (C2)2 4 ---+ (Cp)? = Cy,.

Ta chon dap an @

Cy-C-CE4C-Ci-CL4+C-CL-Cf 80

Cau 70. Xa&c suat can tinh la p = = —.
a1, 143

Ta chon dap an @

Cau 71. Khong gian mau n (€2) = 36.

. « L A 2 A S S PN ~ . < 7 N
Goi bién co A: “Tong s6 cham xuat hién trén 2 con stc sac dé bang 7.

= A= {(1; 6) ) (2; 5) ) (374) ) (4; 3) ) (5; 2) ) (6; 1)}

= n(A) = 6.
e A 1
X4c suat cua bién c6 A la: P(A) = n(4) 6 —.
n(Q) 36 6

Ta chon dap an

Cau 72. Tacé: n(Q) = C}, = 165.
Q: “Chon 3 hoc sinh ¢6 ¢4 nam va nu”.
TH1: Chon 2 nam va 1 nit ¢6 C2.C§ = 60 céach.
TH2: Chon 2 nit va 1 nam c6 C3.C2 = 75 céch.
Nén n(Q) = 60 + 75 = 135.

(@) _ 135

PN 9

3

Ta chon dap an @
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Cau 73. SO phan tit khong gian mau n(Q) = C3. = 105.
S6 phan tit thuan lgi bién ¢6 A = “Lay dugc hai vien bi khac mau”: n(A) =4-5+4-6+5-6 = 74.
) n(A) 74
X4 at: P(A) = —= = — =~ 70, 5%.
ac suat: P(A) n(Q) 105 , 5%
Ta chon dap an @

Cau 74. S6 phan tit khong gian mau: n () = C3; = 52360.

Bién ¢6 A = “Chon dugc 4 hoc sinh ¢6 c& nam va nit”. Khi d6: n(A) = Cj; — C3, — C15 = 46150.
. L A 4651

Xac suat bién c6 A: P(A) = n(4) _ 4651

n(Q) 5236
Ta chon dap an

Cau 75. n(Q) = Ci4
Goi A 1a bién c6 “trong hai qua lay ra c6 hai qua ciing mau’”.
n(A) = C2 + CL.
C3+C3 2
Vay P(4) = 25— =<

Ta chon dap an @

Cau 76. Ta c6 s6 phan tit ctia khong gian mau khi tung mot con stc sdc mot lan 1a [Q| = 6.
Goi A 1a bién c6 s6 cham trén mit ciia con stic sic 1a mot sd nguyén to.

Ta ¢6 s6 phan tit thuan 1oi cho bién ¢6 A 1a |Q4] = 3.

Q4] 1
S A= "—= =—.
Ta chon dap an
Cau 77.

e S6 phan tit clia khong gian méau 1a C3, = 55.
e S5 cach chon ra 2 qua cing mau 1a C2 + C2 = 25.

L s .25
e Vay xac suat can tinh bang I

Ta chon dap an @

Cau 78. Ta c6: n(Q) = Cs..

Goi A : “Chon dudgc 3 doan vién gom 2 nam va 1 nit”.
Khi d6: n(A) = CL - C2,.

Vay xac suat can tim la: P(A) = nid) _ 27

n(Q) 92
Ta chon dap an

Cau 79. B0 4 14 thu vao 4 phong bi ta c6 s6 ciach bo 1a 4! cach.

Ta xét cac truong hgp
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e Trudong hop 1: Chi c6 1 1a thu boé ding. Gid st ta chon 1 trong 4 14 thu dé bé ding (c6
4 cach), trong mdi cach dé, chon 1 14 dé bé sai (c6 2 cach), khi d6 2 14 con lai nhat thiét 1a

sai (c6 1 cach), vay trong truong hop nay c6 4 -2 -1 = 8 céch.

o Trudong hop 2: c6 ding 2 14 bé ding; tuong tut nhu trén, ta chon 2 14 dé b diung (c6
C% = 6 cach), 2 14 con lai nhat thiét phai sai (c6 1 cach). Vay c6 6 cach.

e Truong hop 3: Dé thay khi 3 14 thu bé dung thi duong nhién 1a ca 4 14 déu bd ding nén
chi ¢6 1 cach.
Suy ra, ¢6 8 + 6 + 1 = 15 cach b it nhat c6 1 14 thu vao ding dia chi.
S PR S 15 5
Vay xac suat can tim la P = — = —

24 8
Ta chon dap an @

Cau 80. Xép 11 hoc sinh ¢6 11! cach. Xép 7 nam c6 7! cach.

Gitta cac nam nay c6 8 chd trong, xép 4 nit vao c6 Ag cach.

Theo quy téc nhan s6 cach xép dé 2 hoc sinh nit bat ky khong xép canh nhau 1a 7! - Ad.

Goi bién ¢d A: “2 hoc sinh4nﬁ bat ky khong xép canh nhau”. Ta c6 n(Q) = 11!; n(A) = 7! - A}
Vay P(A) = Zgéi — 7!1' 1}!\8.

Ta chon dap an @

Cau 81. Goin lasb canh ciia da gidc déu, theo dé bai ta c6 phuong trinh C2 —n = 170 = n = 20.
Chon ngéu nhién bén dinh tir 20 dinh ctia da gidc déu c6 C3, = 4845.

S6 phan tit ctia khong gian mau 1a n (Q) = 4845.

Goi A 1a bién ¢b “Bon dinh dugce chon 1a bon dinh ciia mot hinh chit nhat 7.

Ctt 2 dudng chéo di qua tam O ta sé c6 mot hinh chit nhat. Do da gidc déu c6 20 canh nén c6 10

dudng chéo di qua tam O nén s6 hinh chit nhat duge tao thanh la C2, = 485 = n(A) = 485.
n(A) 3

n(Q) 323

Vay x4c suat can tim la P(A) =
Ta chon dap an

Cau 82. S6 phan tit ctia khong gian mau 1a: n () = A, = 604800.
Goi A 1a bién cd: “Xép ngau nhién 7 hoc sinh ngdi vao mudi cai ghé sao cho khong c6 hai ghé
trong nao ké nhau”.
Sap 7 ghé trong va dit 7 hoc sinh vao c¢6 7! cach.
Gitta 7 hoc sinh c6 8 khoang trong ta chon ra 3 chd dat 3 cai ghé con lai vao c6 Cg.
Khi d6 n(A) = 71C3 = 282240.
n(A) 282240 7

Vay x4c suat ctia bién ¢6 A la: P(A) = ©) ~ 604300 15 0,4(6).
n

Ta chon dap an @

Cau 83. - S6 phan tit cia khong gian mau: n(Q2) = C3, = 120.

- Chon ba s6 tu nhién lién tiép, c6 8 cach.
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- Chon ding hai s6 tu nhién lién tiép:

+ THI1: C6 cap (1;2) hodc (9;10). Chon thém s6 thit ba, c6 7 cach. Do dé c6 tong cong 2-7 = 14
cach.

+ TH2: C6 mot trong bay cap (2;3),(3;4),...(8;9). Chon s6 con lai ¢6 6 cach. Do dé c6 tong
cong 7 -6 = 42 cach.

Suy ra, s6 cach chon ba s6 ty nhién trong d6 c6 it nhat hai s6 tir nhién lién tiép 1a 8 + 14 +42 = 64.
Vay xac suat dé ba s6 chon ra khong c6 hai sé nao 13 hai s6 tir nhién lién tiép A P = 1 — 04 = 7

120 15
Ta chon dap an @

Cau 84. Vi A, B doc lap nén P(AB) = P(A)P(B) = 0,12
Ta chon dap an @

Cau 85. (6 10 duong chéo xuyén tam O, cit hai duong chéo xuyén tam O ta duge mot hinh ch
nhat.
Vay s6 hinh t1 giac 4 dinh tao thanh tit cdc dinh da gidc déu 1a n(A) = C3, = 4845.

Vay s6 hinh chit nhat tao thanh tit cac dinh da giac déu la n(A) = C%, = 45.
45 3

Vﬁy Xac Suét Cén tim 1a P(A) = M = @

Ta chon dap an @

Cau 86. Goi A la bién cb: “C6 it nhat mot xa thi khong ban tring bia”.
Khi d6, A 1a bién cb: “Ca hai xa tht déu ban tring bia”.

— 1 1 5
Vay P(A)=1—-P(A)=1— - = = —.

Ta chon dap an @

Cau 87. Goi A 1a bién cb “trong 3 lugt gieo c6 it nhat mot lugt gieo duge két qua con stic sac
xuat hién mat 1 cham, dong thoi dong xu xuat hién méit sap”.

X4c suat mot lugt gieo duge két mat 1 cham xuat hien dong thoi dong xu xuat hién mat sap 1a
1 1 1

6 . 5 —/ EI‘? Z 2z 2z by 2z

Xac suat de ca 3 lugt gieo con suc sac khong xuat hién mat 1 cham, con dong xu xuat hién méit
) 1\* 11\°
aplall—-—) =—) .

sap ( 12) <12>

11

_ 5397

Ta chon dap an @

Cau 88. Goi thoi diém ngudi choi thit nhat da thing 4 van v ngudi choi thit hai méi thing 2
van la hai nguoi da danh duge i van va goi A;j,j € {1;2} 1a bién ¢d ¢ van thi 4, nguoi thi j
thang.

Vay xdc suat dé nguoi choi thit nhat gianh chién thing 1a: P (Agiiy) + P (Aurin N Agran) +
P <A(i+1)1 N Agp2y1 N A(i+3)1) = ! ! !

Ta chon dap an @

1,11 111
2 22 2292 8§
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3
Cau 89. Ta co: an+1—k;:q(an—k:)(:)k:—k:q:?)(:)k‘:li.
—dq
Dit v, = a, — k= V1 = U, = Uy = ... = ¢ 1.
3
Khi d6 v, = ¢" vy = ¢" . (0 — k) = ¢" 7L (5 - 1).
—dq
3 3 3 1—qgvt
Vay anzvn+k:qn_1.(5—> —|—k:q”_1.<5— )—l— :5.q”_1+3.7q.
1—g¢q 1—¢q 1—g¢q 1—g¢q

Do dé:a=5=3=a+20=5+23=11
Ta chon dap an @

5—3z ~19
BT AC A e
(0;400). Do d6 f(n) > f(n+1) & uy, > upq1, ¥n € N*. Vay u,, =
Ta chon dap an @

Cau 90. Xét ham s6 f(z) < 0, Yz > 0 nén ham s6 nghich bién trén

5—3n

2n+ 3

la day giam.

Cau 91. Ta ¢6 upi1 — uy, = < 0,¥n € N*. Do d6 day s6 c6 s6 hang tong quat

n(n+1)
2n+1 . ., .,
Uy = la day so giam.
n
Ta chon dap an @
n+1
n n 1
Cau 92. AsaividéygiémdouH: 37# :n3—|— < 1Vn € N*.
Up o n
371
n+4 n+3 —2

B sai vi day giam do u,11 — u, < 0Vn € N*.

Tn+2 n+l (n+2)(n+1)
C ding do Uupy1 —up = (n+1)2+2(n+1) —n® —2n =3 + 2n > 0Vn € N*.
D sai do day dan dau (dau thay doi).

Ta chon dap an @

2 1 2 2
Cau 93. Tac()\un\—‘ nt ‘ nt ‘—Q,VxEN*.
5 n —i—ll n+1
Vay day (u,) v6i u, = n la day bi chan.
n+1
Ta chon dap an @
~ ) n 1 . Az N o
Cau 94. Ta co u, = =1- < 1va u, > 0 nén day so6 u, = la day so bi chan.
n+1 n+1 n+1
Ta chon dap an @
=4
Cau 95. Tac6 2CH* =Ck, +CH? o
k=8.

Ta chon dap an @

Cau 96. Day s6 (u,) €6 u, = 2n ¢6 Uy — U, = 2(n+ 1) — 2n = 2 = const
Vay (u,) 13 mot cap s6 cong véi cong sai d = 2.

Ta chon dap an @
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us + 3ug — ug = —21 3u; +9d = —21 u; = 2
Cau 97. Taco & & )
15
Ta c6 Si5 = 5 (2-2+14-(—3)) = —285.

Ta chon dap an @

Cau 98. Taco

U2:3 U1+d:3 U1:1
& & =us=u+14d=1+14.2=29
U4:7 U1+3d:7 d=2

Ta chon dap an @

Cau 99. CF, CF, CVH? theo thi ty lap thanh mot cip s6 cong < CF, + CH? = 2CH™* (k <
12;k € N)

1 1 1
<~ =
-3 —F  kr2)k+])  E+rDI3—F)
k=4
S Ak — 48k +128=0 & (thod man k < 12;k € N).
k=8

Ta chon dap an @

Cau 100. Xét cap s6 cong u, = —5 + 3d,u; = 1. Khi d6 uy = —2 < 0. Vay "Mot cap sb cong co
cong sai duong 1a mot diy sd duong” 1a ménh dé sai.

Ta chon dap an @

Cau 101. Day s6 da cho 1a cap s6 nhan c6 s6 hang dau z; = 40 va cong boi ¢ = 1,1. Do dé:

11,12
S:$1+$2++$12:40ﬁ%855,4

Ta chon dap an @

Cau 103. Taco6 S, =2n’+3n=a1 =51 =5,a1+as =S =14 =a, =9, a1 +as+as = S3 =
27 = az = 13. ..
a1—|—a3_5—|—13
2 2
Mait khac CSC ¢6 cong boid =ay —ay =9 —5=4.
Ta chon dap an @

Kiém tra ay = . Suy ra (a,) 1a cap s6 cong.

Cau 104. Theo gia thiét AB = AC va BC, AH, AB lap thanh mot cap s6 nhan nén ta c6 he

1 BC 2HC
q_ﬁH_AH_QCOtC
1 H

6:7143 :SinB



Todn thuec té, lien mon tong hop 256

Cho nén tut d6 ta c6 két qua sau 2cot C' = sinC hay cos?C + 2cosC — 1 = 0 & cosC =
—1+/2(0° < C < 90°)
Do C' la géc nhon nén sin C' = /2(v/2 — 1). Cho nén cong boi ctia cap s6 nhan la
1 1 1
T sinC 2(v2 —1) T2

2(V2 + 1)
Ta chon dap an

Cau 105. BC, AH, AB theo thtt ty lap thanh 1 cap s6 nhan véi cong boi ¢ néen AH = ¢qBC,
AB = ¢*BC.

BC\?
Theo dinh 1y pitago, ta c6 AB> = AH?> + HB* = (q2BC)2 = (¢BCO)* + <2)

-V2 , 142 , 142
2 2

(loai) hoac ¢* = . Vay q

sS4t —42-1=0e ¢ =
Ta chon dap an @

Cau 106. Ta c6 limg” =0, (J¢| < 1), limg¢™ = +o0, (|¢| > 1).

Ta chon dap an

Z 2 P Z 1 1

Cau 107. St dung cong thitc tim so hang tong quat cua day so u, = §n2 + 5™

1, n 1

—-n —-n 1

lim Un _ lim 22—~
n—-+oo N2 n—+00 n2 2
Ta chon dap an @
V3 1—-1 3 3

Cau 108. limL:lim—:— =a=3b=2=P=ad>+b*=13.

=0 x e=0\/3x+1+1 2
Ta chon dap an @

vVr+2-—2 . z—2 . 1 1

= lim =lim—m—— = —.

T —2 =2 (x—=2) (Ve +242) =2Vr+2+2 4

Cau 109. Ta co lim

Ta chon dap an

1
Cau 110. Ta ¢6 lim @ = lim — = +o0.
x—0 1 z—0 |g(;|

Ta chon dap an @

3 _ 2 —1)? 2 ~1 2
Cau 111, lim & -5 2 @-D@+2) o @-D@+2) o
z—1 2 —1 z—1 (m— 1)($+1) z—1 r+1
Ta chon dap an @
. V2 +1-1 . (V2 +1-1)(V2r+1+1) 2z
Cau 112. [ = lim—— = lim = lim =
250 T 250 (V2 1+1) ~ es0g (V2o A L4 1)
2
20 2r 141
2402 -1 2
Jotm et =2 g, B DEED ey —s
rz—1 r—1 r—1 r—1 z—1
Vay I + J = 4.

Ta chon dap an @
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Cau 113. Taco

e lim(z—2)=1>0, lim(3—2)=0va3—z<0khiz— 3t = lim f(zr) =—o0.

r—3+ r—31 r—3+
2
I ~ him LTy T 1
T
Ta chon dap an
2
Tz —2 ==
Cau 114. Taco lim = lim L — 1,
z—+oo 1 4+ 3 T—400 3
14—
T
Ta chon dap an
3
2+ —
2 3
Cau1ls. L= lim ——t° _ Jim — 2 __\/3

Ta chon dap an @

da? 1 — 4a? 1
Cau 116. lim (V2§30 11— 2r) = lim L P30 H1ZA0 ) s -
5 z—+00 rotoo \/4x? + 3x 4+ 1420 wotoo\/Ax?2 + 3 4+ 1+ 22

Z.
Ta chon dap an @

Cau 117. Ham sb c6 gidi han tai x = 0 & liI(I)lJr f(z) = lirgl f(z).
T— x—0~
. Ax+4-2
Vay lim ———
z—07t X

Ta chon dap an

Cau 118. Tac6 f(0) =m? —2m +2

V2 1-1 2
lin%)f (x) = lim v = lim ’
z—

. 2
M s T (Varie) A VEmeie)

Hamséliéntuctaix:O@lir%f(x):f(0)<:>m2—2m+1:()<:>m:1.
T—
Ta chon dép an (D)

1 1 1
xi)mo_<mx+m+4)<:>4 m+4<:>m 0

. 2 1 .
Cau 119. Ham s6 f(z) = Tt . khong xac dinh tai diem 2 = 1 nén khong lién tuc tai z = 1.
x

2

Ham s6 f(z) = v/1 — 2z khong xac dinh tai diem x = 1 nén khéng lién tuc tai z = 1.

) z+1 khiz>1
Xét ham s6 f(z) =
3r—1 khiz <1

Tacé lim f(z)= lim 3z —1)=2, lim f(z)= lim (x+1) =2, f(1) =2
z—1— z—1— z—1t z—1t
Suy ra lir?_ f(z) = hr{lJr flz) = f(1) =2.

/ r+1 khiz>1 v
Nhu vay ham s6 f(z) = lién tuc tai diem = = 1.
3r—1 khix<1
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, r+1 khiz>1 ,
Ham s6 f(x) = c6 lim f(z) =4ne2 = lim f(z) nén ham s6 khéng lién tuc
3z+1 khiz<1 =71 el

tai diém z = 1.

Ta chon dap an @

Cau 120. Theo dinh nghia ham lién tuc trén doan.
Ta chon dap an @

2r + 6
Cau 121. V6i xz # £3 thi f(z) = 332:4_27 14 ham phan thic nén lién tuc véi Vo # £3.
x p—
2 6 2 3 .
Mat khac lim L0 = lim (z+3) = oo nén ham so khong lién tuc tai x = 3.
2—=3 322 — 27 2-33(x + 3)(z — 3)
2 2 —1 .
lim ﬂ = lim (z +3) = — nén ham so lién tuc tai x = —3.
r——3 31}2 — 27 rz——3 3(ZE + 3) (ZE — 3) 9
Ta chon dap an @
Cau 122. Ta c6 li i T2 1) =3
au . acong(m)—xgﬁ—x%(m+ ) =3.

Dé f(z) lien tuc tai x = 2 thi lgn&f(x) =f(2)=mem=3.
Ta chon dap an @

Cau 123. Ta co, lir%f () = lir% (a*r — 2) = 2a* — 2
T— T—
({’/Sx +2— 2)
T —2

(VBz+2-2) (YBr+2)2+2-VBr+2+4)

lim f(z)= lim

r—21 z—2+

= lim
o2t (2-2) (YBr+2)?+2-Br+2+4)
= lim (8 —6)
2 (3 —2) (Y(Br +2)2+2- YBr+ 2+ 4)
3
= lim
z—2¥ (\3/(3;1: +2)2+2- V3 +2+ 4)
1
T4
FE TP : . : 5 1 s 9
Dé ham so0 lién tuc tai xo = 2 thi hrél flz) = hlgf(x) = f(2) & 2a° -2 = iee =g
z—2~ z—

a::i:\/g
8

Ta chon dap an @

Cau 124.
e V6ix >0 thi f(z) = 2/z —m lién tuc.
e V6i z <0 thi f(x) = ma + 2 lién tuc.

e Taix =0, tacod

li = lim (2y/z —m) = —m.
A T = I, v —m) = -
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lim f(z)= lim (mx+2) =2.
z—0~

z—0~

f(0) = —m. Nen, ham s lién tuc tai z = 0 khi va chi khi

lim f(z) = lim f(z)=f(0) & -m=2&m=-2.

z—0t z—0~

Vay, ham s6 da cho lién tuc trén R khi va chi khi m = —2.
Ta chon dap an @

1—
Cau 125. Taco: f(0) =m + 1, lirgl+f(x): lim (m—l— x) =m+1;
z—

z—0t 1+ 2
. . \/1—LE—\/1—|—]} . —2x ) -9
lim f(z) = lim = lim = lim =—
z—0~ z—0~ x x—)O*(\/l—x—}—\/l—}—x)x x—)O*\/l—J}—l—\/l—l—x
f(z) lién tuc tai x = 0< lir(r)1+f(x) = lirgl fle)=f0)em+l=—-1m=-2.
z— z—0—

Ta chon dap an

Cau 126. Dua theo dinh 1i :
Néu ham s6 y = f(z) c6 dao ham tai zo thi né lién tuc tai diém do.

Ta chon dap an @

Cau 127. Tac6 f(x) = |z — 1] = /(x — 1)? khong c6 dao ham tai z = 1.

Ta chon dap an

Cau 128. Ta c6 y = 42 — 122. Do d6 A(1; —8) nén phuong trinh tiép tuyén la y = —8x.
Hoanh do B la nghiém phuong trinh 2% — 622 — 3 = -8z & 2 = 3 = y = 24 = B(3;24).
Ta chon dap an @

f(z) = f(2)

Cau 129. Do ham s6 y = f(x) c6 dao ham tai diém z¢ = 2 = lim = (2).
r—2 T — 2
Vay tiy L@ =51Q) _ y, 200 = FO) 2/ 2) 4272
2 - f(2 Nz —2
BN (TR
Ta chon dap an @
Cau 130. = lim @ = 20f@0) _ 2/ (@) = 2/ (@) = 2of(x0) 2/ (20)
. o T—T0 T — X - T—To T — x

N SELC B {25 CE ) I B KT |

T—T0 T — T T — T oo T — 7y
Do y = f(z) ¢6 dao ham tai © = ¢ 1 f'(z) nén ta c6 lim f() = f(wo) _ F(o).

T—rT0 €xr — xo

Vay I = xof'(z0) + f(z0).
Ta chon dap an @

Cau 131. Taco f'(z) = 32* +2(m — 1)z + 3.
Do d6, f'(x) >0, Vr e R 22 +2(m— 1z +3, V1 eR& A <0& —2<m < 4.
Ta chon dap an @
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Cau 132. Taco

3 2 5
/ _ . = f(0) = =
SO = v 0%
e §(v) =cosz =g (0)=1
_f0) 5
\Y =-.
Vg0 "6
Ta chon dap an
Ca Ta c6: iy = >
au 133. a Ccol Yy = m

Z 2 7z 2 1
Tung do tiep diem yo = —1 suy ra hoanh do tiep diem zy = 3

Heé s6 goc k = =

Ta chon dap an

Cau 134. Tacoéy = — ;- Voix=—-1=y=-2 Tiép tuyén tai diém A(—1;—2) la

4
(z—1)
y=y(-)(z+1)—2y=—x—3.

Ta chon dap an @

Cau 135. Choy=0= 7 = 1. Do d6 toa do giao diém ctia (H) véi truc hoanh la M(1;0).

) » L 1
Dao ham ¢’ = . Hé s6 gbc cua tiép tuyén la y/(1) = 3

(x+2)2

) L. 1
Phuong trinh tiép tuyén ctia (H) tai M la y = g(x —1).
Ta chon dap an @

1 1 7
Cau 136. Tacé1:644—53:2—%1:Z<:>x4+2w2—320<:>x2:1<:>x:i1.

. . . 7
Theo deé bai ta c6 toa do tiep diem la M (1; 4)
Taco:y =2°+x=y(1) =2.
. . . . . 7
Vay phuong trinh tiép tuyéen ctia do thi ham s6 da cho tai diem M <1; 4> la:

7 1
— o — 1)+ - =2 — ~.
y=2x )+4 T— 7

Ta chon dap an @
Cau 137. Giao diém ctia (€) véi truc tung 1a A(0; 1).

- :11)2 ~ y(0) = 1.

Ta c6 1y =

Phuong trinh tiép tuyén ctia do thi (%) tai diém A(0;1) vy =—1(z - 0)+1 & y=—x+ 1.

Ta chon dap an @

Cau 138. Ta c6 y = 42® + 4z suy ra hé s6 goc cia tiép tuyén bang y'(—1) = —8.
Phuong trinh tiép tuyén la y = —8(x + 1) + y(1) = —8x — 6.
Ta chon dap an @
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Cau 139. Tacéy’zQx—l#y’(l)zl. Cor=1=y=-2.

Phuong trinh tiép tuyén cia DTHS y = 2% — 2 — 2 tai diém ¢6 hoanh do bang 1 1a: y = ¢/ ) (z —
D+yy=cv—-1-2=0-3r—-—y—3=0.

Ta chon dap an @

Cau 140. Goi M (xo; 1) 1a toa do tiép diem.

y' = 4a3 — 4a.

Vi tiép tuyén ctia do thi (C) song song v6i dudsng thang y = 3z + 2018 nén y'(z¢) = 3
ro=1=19yy=3

Sda}—drg=0% |zg=—1=yy = —3
ro=0=19yy=1.

Phuong trinh tiép tuyén tai diem M(1;3) 1a y = 3.

Phuong trinh tiép tuyén tai diém M(—1;-3) 1a y = 3.

Phuong trinh tiép tuyén tai diém M (0;1)la y = 3z + 1.

Vay c6 2 tiép tuyén ctia do thi (C') song song v6i dusng thang y = 3z + 2018.

Ta chon dap an @

22%(z — 3)

(x—2)*
Hoanh do tiép diém ctia tiép tuyén song song vé6i truc hoanh ciia do thi ham s6 da cho 1a nghiem

Cau 141. Tacoy =

cua phuong trinh
22%(z — 3) =0

/
Yy=0&8 —---=0&
e Khi z = 0 ta c6 tiép tuyén y = —27 song song vdi truc hoanh.

e Khi z = 3 ta c6 tiép tuyén y = 0 tring vdi truc hoanh.

3

Vay, chi ¢6 1 tiép tuyén ctia do thi ham s6 y =

Ta chon dap an

) 2
Cau 142. Ham s6 y = "er

5~ 27 song song v6i truc hoanh.

c6 tap xac dinh 7 =R\ {1}.

-z
3 2z P Z Z P N 2
Ta ¢6 ' (zg) = =202 14 hé s6 goc cua tiép tuyén cia do thi (H) tai diem c6 hoanh do = = xy.
: ) . 3 zg =0
Tiép tuyén ctia (H) song song v6i dudng thang d: y = 3z + 2 = ﬁ =3
— o To = 2.

Véi 2o = 0 thi yo = 2. Diém M;(0;2) € d nén tiép tuyén ctia (H) tai M, chinh la d.
Véi 2o = 2 thi yo = —4. Diém M(2; —4) ¢ d nén tiép tuyén ctia (H) tai M, song song vdi d.

Vay chi ¢6 1 tiép tuyén thod man yéu cau bai toan.

Ta chon dap an
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Cau 143. 3y =322 — 62 +6 = 3 (z — 1)> + 3 > 3, ddu bing xay ra khi = = 1.
V6i = 1, ta c6 y = 9. Vay tiép tuyén clia do thi c6 hée sé géc nhd nhat la tiép tuyén tai diém
M(1;9).
T d6 suy ra phuong trinh tiép tuyén la: y =3 (z — 1) +9 & y = 3z + 6.
Ta chon dap an @
Cau 144. Hoanh do M, N, P la nghiém ctia phuong trinh
r=—1

2 —3r=k(z+1)+2=0& (z+1)(2*—2-2—-k) =0
f@)=2> -2 —-2—-k=0.

9
) Ar=9+4k>0 k> ——
Dé M, N, P phan biet thi & 4
f(=1)=—k#0 k # 0.

$N—|—.’L'P:1

INTp = -2 —k.

Khi do, theo Vi-ét ta co {

Lai c6, dao ham ctia ham s6 ¢ do thi (C) 1a ' = 322 — 3. D@ tiép tuyén tai N, P vuong géc véi

nhau thi

y(rn) -y (zp)=—1 & 93y —1)(zp—1)=—1

& 9(ryah —ay —aHp+1)=—1
& 9K+ 18k+1=0
—3+2V2
b= —3 1
&= thda man) = ki - ky = —.
_3_2\/5( ) 1k =g
b=y

Chu ¥, ta c6 thé dung Vi-ét dé tinh k; - ks nhanh hon.
Ta chon dap an @

Cau 145. Do thi (C) ¢6 2 tiép tuyén phan biét ¢6 cung he s6 goc k
y=2"+62"+9x+3 (1)

< hé phuong trinh (7): ¢6 hai nghiém phan biét.
k=324 12v +9 (2)

= Ay =6"-309-k)=9+3k >0 k> -3

1

2
y:<x+>(3x2+12x+9)—2x—3 k 9
k=32>+122+9

Nhu vay () 14 phuong trinh ctia dudng thang di qua tiép diém ctia 2 tiép tuyén can tim.

_9 2% _
Khi déA(kjk_—ngﬂ);B(O; k3 9);(1{:7&6).

L —

| ©

2k — 9 ~2k +9
= 2017| " & g —
k_6‘ 07‘ 3 k = 6057

Theo bai ta c6 OA = 2017.0B < ‘

k = —6045 (loai)
Ta chon dap an @
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. 1 x?
Cau 146. Xét phuong trinh hoanh do giao diem cia f(z) vag(z): —= = =& 2’ =1 & =
phuong O g f(z) vag(x) VRN
1.
1 1 1
Ta c6 f'(x) = — ¢ (x) =2z f(1) = —= =g¢g(1) va f'(1) = ——; ¢'(1) = V2.
F6) = g 90 = VRS = = o ) =~ )= 2
Hé s6 goc cta hai tiép tuyén thod man ———=.1/2 = —1 nén hai tiép tuyén vuong goéc véi nhau.

V2
Ta chon dap an @

Cau 147. Phuong trinh hoanh do giao diém 2282 = —20+m & g (z) : 20°+(6 — m) x+3—2m =
1
U 2y
0 Ta c6 d luon cit (H) tai hai diém phan biet Vm € R. Khi d6 ! ) = ko = 1
hp = ———
T (a2 +2)

Theo AM — GM ta c6: k308 4 k2018 > 2, /2018 2018 — 9 Vay GTNN ctia P = 2. Khi ky = ky &

T+ x9=—-4m=-2

Ta chon dap an

Cau 148. Tir gia thiét suy ra tiép tuyén c6 hé s6 goc bang 1 hosc —1.

Tac6y = — <0Onény =—-1<x=—1 hoiicz =-2.

(2x 4 3)2
Tai = —1 ta c6 phuong trinh tiép tuyén 1 y = —2 (loai vi dudng thing nay di qua O).
Tai © = —2 ta c¢6 phuong trinh tiép tuyén la y = —a — 2.

Ta chon dap an @

Cau 149. v=5 =3t>—-6t—9
a=v =6t—6
a=060-6=0&t=1
= v (1) =—12 (m/s).
Ta chon dap an @
Cau 150. o(t) = f/(t) = 2 112 =0 = |
t=12
Vay trong khoadng thoi gian 15 giay vat dat van téc 0 mot lan.
Ta chon dap an @

Cau 151. Taco v(t) = S'(t) =t> +t — 3.
a(t) =v'(t) =2t + 1.

a(2) =5.

Ta chon dap an @

Cau 153. Tac6 f'(z) =322 +2 = f"(z) = 6z = f"(1) = 6.
Ta chon dap an @
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2
Cau 154. f'(x) = —sin(z+a) = cos (m+a+ g), f"(z) = —sin (x—l—a—i— g) = Cos (m+a+ ;),

o "
f@Y(z) = cos (x +a+ ;) = cos (x +a+ g)

Ta chon dap an @

Cau 155. Toa do trong tam G cia tam giac AABC 1a G(2;1).
Vi phép tinh tién Tz bién AABC thanh AA’B’C’ nén né bién trong tam G cia AABC thanh
trong tam G’ cia AA'B'C".
— > — ZEG/—2:—6 [)3(;/:—4
Ta c6 T5a(G) =G < GG' = BC < & :
o —1=-3  |yor =2
Vay G'(—4; —2).

Ta chon dap an @

5 R A = 1 + 2 = 3
Cau 156. Tac6 Tz(A)=A' < AA =7 & .
yar =2+5=17
Vay A'(3;7).
Ta chon dap an
| =2+a r=1—a r=4-2=2
Cau 157. Cong thiic toa do phép tinh tien: = =

y=y+b (yY=y-b |y=5-1=4
Ta chon dap an

Cau 158. d; ¢6 VTPT la ] = (2; —3).
dy c6 VTPT la ny = (1;1).

Vi
Do anh ctia duong thing qua phép tinh tién la mot dudng thang song song hoac tring véi dudng

-3 .
#* T nén d; cat ds.

thing ban dau nén khong c6 phép tinh tién nao bién d; thanh ds.

Ta chon dap an

Cau 160. Cach 1:

Goi @ la phép quay tam A bién C' thanh B va M’ 1a danh ctia M trong phép quay Q.

Ta c6 M'M?* + M'B? = 2AM? + MC? = MB? nen M'B 1. M'M. Két hop M'B L MC ta dugc
M’ M, C théng hang.

Suy ra AMC = 180° — AMM' = 135°.

Cach 2:
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Dit AB = AC = x = BC = 2v/2. C
Ta co: ) , , ,

— MA*+ MC* - AC 3—=x

AMC = =
cos AMC OMAMC Vo

- 2 2 2 9,2 _ 2
COSBMC’:MB + MC BC:6 2 :3 x‘

OMB.MC 42 22

Suyram:B/]W\C:avéia>90°.

M
Ta c6: AC? =3 — 2v/2cosa
VéABZ:5—400514/]\4\325—4005(3600—04):5—40052a. A B

Vi tam giac ABC' vuong can tai A nén

2
3—2\/500804 = 5—4 cos 2a < 4 cos? oz—\/§cos a—3=0= cosa = \é—

Do d6 a = 135°.

Ta chon dap an @

Cau 162. Goi M(z;y) 1a mot diém bat ki thuoc duong thing d : 22 — 5y + 3 = 0.
Goi M'(2';%/) 1a anh cia M qua phép vi tu da cho.

/

— — T = =3z xT=—— Y
Ta c6, OM' = —30M < & 3 =M (—; —).
y' =3y y=—2 59
3

Do diém M thuoc duong théng d : 2z — 5y +3 = 0 nén —22' + 5y’ + 9 = 0.
Vay anh la —2z + 5y + 9 = 0.
Ta chon dap an @

Cau 163. Phép vi tu tam O ti s6 k = 2 bién duong thing d : 22 +y — 3 = 0 thanh duong thing
d:2x+y+c=0(c#-3).

Ta c6 M(0;3) € d = V(o,2)(M) = M’ = (0;6).

ViM' ed =d :2x+y—6=0 (thod man bai toan).

Ta chon dap an

Cau 164.

Trong (ABCD), goi K, I 1an lugt 1a giao diém
cia NP v6i AB va AD.

Trong (ABS), goi R 1a giao diém ctia M K véi
SB.

Trong (SAD), goi Q 1 giao diém ctia M véi
SD.

Thiét dien tao bdi (M NP) cat hinh chop la

ngi giac MQPNR.
Ta chon dap an @

Cau 165.
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Hai mat phang (SAB) va (MCD) lan lugt chita hai ducng S
thang song song AB, CD va M N la giao tuyén clia ching nén
MN || CD.

Ta chon dap an

Cau 166.

Qua G ké dudsng thing song song véi AB cit SA, SB lan lugt
tai H va K.

Thiét dién tao bdi (IJG) v6i hinh chép 1a hinh thang IJK H. Dé
IJKD la hinh binh hanh thi IJ = HK. H
Ma G 1a trong tam ASAB nén [J = ;AB va IJ la duong trung 4

L (AB + CD). Do dé

binh ctia ABCD nén IJ = 5

1
5

gAB — —(AB+CD) & AB = 3CD.

Ta chon dap an @

Cau 167.

Goi N, P lan lugt 1a giao diém ctia AG v6i CB, CD ta c6
K = PM N SD. Goi L la trung diém ctia KD thi CL ||
MK.[ggy ralK 14 trung diém ctia SL. Do vay KD = 2K S,

hay —2 — .
YKD T 2

Ta chon dap an @

Cau 168.
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Trong mit phang (ABCD), goi E la giao diéem ctia ND va AB.

Trong mat phing ABB'A’, goi F, G lan lugt 1a giao diém ctia EM véi BB', AA’.
Khi d6 mit phang (DM N) cat hinh hop theo mot thiét dien 1a tit gidc NFGD.
Ta chon dap an @

Cau 169. Hai mit phing c6 ba vi tri tuong déi 1a : song song , cat nhau, triing nhau.
Do d6, hai mit phéng phan biét khong song song thi cit nhau.
Ta chon dap an @

S € (SAD) N (SBC)
Cau 170. Vi{ AD C (SAD), BC C (SBC)

AD || BC
nén d = (SAD) N (SBC) la dusng thang qua S va song song véi BC.

Ta chon dap an

Cau 171. S6 vectd khac vectd 0 ma mdi vectd co didm dau, diém cudi 1a hai dinh ctia ti dien
ABCD 1a sb cac chinh hgp chap 2 ciia 4 phan tit = s6 vecto 1a A2 = 12,
Ta chon dap an @

Cau 172.
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Do tt dien déu M NPQ nén ta c6 MN_LPQ hay A D’

EC'LB'F.Tacé: BF = BA+AF = BA+B B+

kAD = B'A'+ B B+kB'C' va EC' = EC+CC' =

1—— —

-B'C" — B'B. B’

2

Khi d6: BC'.BE = BB + piom — 44+ % 4 —
: : BB+ 5 N

0=k =2. Suy ra AF = 2AD. \

Vay F la diém trén AD sao cho D la trung diém .

AF = DF =2 cm. / ‘D

C/

Ta chon dap an

Cau 174.
Goi I 1a tam ctia tam giac déu ABC = DI 1 (ABC). D
Goi M la trung diém AC.

AC 1L BM
Ta c6 = AC L (MBD,).
AC L DI (do DI L (ABCY))

= AC 1 BD. Vay (AC, BD) = 90°.

Ta chon dap an @

Cau 175.
Goi I 1a trung diém ctia BM, ta ¢6 NI || CM nén goc gitta SN S
v, CM la goéc gita SN va NI. Xét tam giac SNI ¢6 SN = |
VSC? + CN?2 = /A +8=2V3; NI = ;CM = ;4\/5.? = \/6;
Cl =+CM2+MI?=\24+2=+26= SI =+/SC?+CI*? =

VAT 26 = /30.

Vi 7 SN2+ NI2—SI2  1246—30 —12
ay COS = = —_ —
2 9SN.NT 2.2v/3./6 3v24 C
V2

-5 = SNT = 135°.
Vay goc gitta SN va CM bang 45°.

Ta chon dap an @

Cau 176.
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) 51 S Y 14

A B’

Do CD || AB nén (BA',CD) = (BA', AB). Do ABB’A’ 1a hinh vuong nén (BA', AB) = 45°.
Ta chon dap an @

Cau 177.
o Ta c6: (SD,(SAB)) = DSA = 45° =
ASAD vuong can tai A. bat AD = a =
SA=a,SD = aV2.

e Goi J la trung diéem ctia AB = DJ || BI =
(BI,SD) = (DJ,SD).

e Ta c6: SJ = DJ = ASDJ can tai J va

SJ:DJ:%?;
— SD?+ JD? — JS? V2
D — _- Y=
cosJDS 55D 7D \/3:>

JDS ~ 51° = (BI, SD) =~ 51°.

Ta chon dap an

Cau 179. Vi SA =SB = SC nén hinh chiéu ctia S len (ABC) trung véi tam duong tron ngoai
tiép tam giac ABC.

Hon nita, tam giac ABC 1a tam giac vuong tai C' nén tam duong tron ngoai tiép tam giac ABC
chinh la trung diém ctia canh AB.

Hay H la trung diém cta AB.

Ta chon dap an @

Cau 180.
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Tac6 AH 1 (SBC)= AH L BC va AH L SC.
Ta c6 SA L (ABC)= SA 1 BC.
Vay khang dinh sai 1la AH L AC.

Ta chon dap an

Cau 181.
Vi SA L (ABCD) nén SA — SVSABCD _

_ ___ Sasop.
va (SB; (ABCD)) = (SA; AB) = SBA.
Ta c6 tanS/Bziig = 1./\

Do d6, (SB; (ABCD)) = SBA = 45°.

Ta chon dap an @

Cau 182.
Goi O = AC N BD va H la trung diém OD.
Ta c6 SO L (ABCD) va MH | SO. o
Suy ra MH L (ABCD) = (BM, (ABCD)) = MBH.
50 = VSE=0B = "2 & an = 50 02,
BH = iBD - 3“f.
o2 A R D
Vay tan M BH = @ __4 1

BH ~ 3av/2 3
4

B C
Ta chon dap an @

Cau 183. Diéu kién can va di dé hai mat phang vuong géc nhau la mat phang nay chita mot
dudng thing vuong goc véi mit phang kia.
Ta chon dap an @

Cau 184.
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SA L AB
Do SA 1 (ABC) nén . ;
SA 1 BC

Mat khac BC' L AB nén BC 1 SB.
Vay goc gitta (SBC) va day 1a géc SBA = a.

SA
Tam giac SAB vuong tai A nén tana = i i V3= a=60°. K >,

Ta chon dap an @

Cau 186.

Goi M la trung diém BC thi AM =a va SM 1 BC.

Khi dé, goc gitta hai mat phing (SBC) va (ABC) chinh la goc SMA.
Ta thay tam gidc SAM vuong can tai A nén SMA = 45°.

Ta chon dap an

Cau 187.

D&t hinh vé vao hé truc toa do Oxyz sao cho A trung véi
0(0;0;0), B thuoc Oz va c6 toa do B(a;0;0), D thudc Oy va
c6 thoa do D(0;a;0). Khi d6 ta duge E(a;(); g), C(a;a;0),
F(0;a;a).

(AEF) c6 mot VIPT la 771) = [E, ﬁ] = (—a;; —a2;a2),

nén n; = (1;2;—2) cing 1a VIPT cta (AEF).

(CEF) c6 mot VIPT lan, = [CE,CF] = <—a2; —‘LZ; —a2>,
nén n; = (2;1;2) cing la VIPT cta (CEF).

Ta thay ny - 75 = 0 nén ¢ = 90°.

Ta chon dap an

Cau 188.
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Goi H la trung diém canh AC

Ta ¢6 (SAC) L (ABC) (vi SA L (ABC) ) va BH L
AC = BH 1 (SAC).

Trong mat phang (SAC), k¢ HK 1 SC thi SC L
(BHK)= SC 1 BK.

= ((540).(SBC)) = 5KH = .
Mat khac
Tam giac ABC vuong can tai B ¢c6 AB = BC = a nén
av/2 A C

AC =av2va BH = 5
Hai tam giac CKH va CAS dong dang nén HK =
HC.SA o HK - HC.SA av/2

SC CVSAZLAC? V3 .
Tam giac BHK vuong tai H ¢6 tanp = i V3=
© = 60°.

Vay ((SAC). (5B0)) = 60°.
Ta chon dap an @

Cau 189.
Giao tuyén ctia hai mat phang (AB'D’) va (A'C'D) B, C’
Ia OH: AAOH = AD'OH. 0
T A" ké AELOH ta suy ra D'’E1LOH. Nén goc E /I
gitta hai mat phing (AB'D') va (A'C'D) la goe gitta A’ K== : ,-I —( D'
A'E v D'E. e
Ta c6: AH = ; OH = 5, A0 = \/21_3 o
V61 N\
NE — 25x0m _ Q'T _ V305 DE — @ B/J'- ------------------- C
T \/BD’EQ 11181)12 2910 |
cos AED" = - ;A’E.D’E R T 4
A'ED ~ 118°24". 4
Vay géc gitta hai mat (AB'D’) va (A'C'D) la a = b
61,6°.

Ta chon dap an @

Cau 190. Goi H, I lan lugt 1a trung diem CD, AB.
(ACD) L (BCD)

Ta c¢6 ¢ (ACD)N (BCD)=CD = BH 1 (ACD).
BH 1 CD

DI 1L AB _— —
Vi cac tam giac DAB va C'AB can nén = ((ABD);(CBD)) =CID.

Cl 1 AB
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Ta c6 BH = AH = va? — 12 = AB = v/2a®> — 222.

’ AB  V/2a? — 222
Vi I 1a trung diem AB nén Al = 5 = a2 .
Xét tam giac DI A vuong tai I ta co:

ADT — AT — \/ 2a? —2x :\/2a244—2x2

Dé hai mat phang (ABC) va (ABD) vuong goéc v6i nhau thi CID = 90°, khi do ta c6

2a® + 222 3
C’D2:D]2+C’]2:2D]2(:>4x2:al_m:x:ag_
Ta chon dap an @
Cau 191.
Goi G la trong tam tam gidc déu ABC, suy ra GAL(BCD). A
Goi M la trung diém cﬁa BD.
2
bat AC = z thi GC = fCM 3 I\Q/_ x\?)/_ Ta lai ¢6
2 3 2
ACP GO =G g2 2 3 0V
3 2 2
B
D
C
Ta chon dap an
Cau 192.
Trong tam giac ABC ké BI L AC va trong tam giac S
ké BH 1 S1I.
AC L BI
Ta co: = AC 1 (SBI).
AC 1 SB

= (SAC) L (SBI).

Do d6: BH L (SAC) tai H nén d (B, (SAC)) =
1 1 1 1 1 1 61

B2 B2 BS: BA2 BC: ' B 14da®

Suy ra: d (B, (SAC)) = BH = 12‘2\1/6_1.

Ta chon dap an @
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Cau 193. Goi H la hinh chiéu ctia S len (ABC).

IO 1 1 1 1
Vi SA, SB, SC doi mot vudng goc nén S SA + ez + ek
Tit day ta gidi duge d(S, (ABC)) = SH = “‘1/]?_6.

Ta chon dap an @

Cau 194.
Vi ABC'D la hinh binh hanh, ACNBD = 0,0 € (SBD) . Khi d6 AO = CO
nén khoang cach tit A t6i (SBD) bang khoang cach tu C t6i (SBD).

Vay d(C: (SBD)) = d(A: (SBD)) 67“

Ta chon dap an @

Cau 195.
BD

T gid thiét ta c6 tam giac ABD déu va BG = -

Qua G, ké HK vuong goc v6i AB va CD (H € AB,
3

K € CD) thi HK = hp = a‘zf (duong cao tit D ciia

tam giac ABC).

GH 1 AB
Hon nita, = AB 1 (SHG)= SH 1 AB.

SG L AB
Suy ra goc gitta hai mat phang (SAB) va (ABCD)

chinh la goc SHG.

T&JL(:()HG—HBK—CL\/§

suy ra

SH = HG - tan 60° = %

Trong mat phang (SGK), ké GI 1 SK.
Lai c6 GI L CD (do CD L (SGK)) suy ra GI L (SCD).

) 2 a/3 1 1 1 a7
TacoGK—g-HK— 3 VaG[2—SG2+GKzsuyraGI—T.
Do d6, d(B,(SCD)):g-d(G, (SCD)):Z’.GJ:?";Z?.

Ta chon dap an @

Cau 197.



Todn thuec té, lien mon tong hop 275

Trong mit phang (ABC) ké AH vuong géc BC tai H, khi d6 B’ C’
d(AA,(BB'C'C)) =d(A,(BB'C'C)) = AH.
Tam gidc ABC vuong tai A c6 BC' = 2a, AB = ayv/3 nén AC = a. /

1 1 1 4 a3

A~ Ap T ace 3e T M=

Ta chon dap an

Cau 198.

Taco IJ || AD = 1J || (SAD)

= d(IJ;(SAD)) =d(I;(SAD)).

Ta c6 AB L (SAD) = d(B;(SAD)) = AB = a.
Do I la trung diém ctia AB nén

d(I; (SAD)) = ;d(B; (SAD)) = g

Ta chon dap an @

Cau 199.

Goi M, N lan lugt la trung diém AB va CD.

Do ABCD la t¢ dién déu nén MN L AB va MN L CD.
Suy ra d(AB,CD) = MN = BN? — BM2 = av2

2

Ta chon dap an

Cau 200.
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Goi N la trung diém BC.
Tacé]\m:]\m, AB = AC.
= AMAB = AMAC = MB = MC = AMBC can tai M

{B(J L MN
.

BC L AN

Trong mit phang (AMN), dung NP 1. MAthi NP L BC = NP = d(AM, BO).
Trong mat phing (AMN), dung MH L AN thi MH L (ABC) = (AM, (ABC)) = MAN = 60°.
Mit khéc tam gidgc AN P vuong tai P c6 NP = AN. sin 60° = 3: gAN = W3
Ta chon dap an @

= BC L (AMN).

2

Cau 201.
Goi O la tam cua hinh vuéng ABC'D va H la chan duong cao ké
ti O dén SC.

BD 1 AC
Ta c6 = BD 1 (SAC) = BD 1 OH.
BD 1 SA
Suy ra OH la doan vudng goc chung ctia SC' va BD.
Xét hai tam giac dong dang OHC va SAC. ta ¢6 O—H = %

av/2
0C-SA 5% /b

SC  Va2+2a 6
Ta chon dap an @

Suy ra OH =

Cau 202.
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Ta ¢c6 AB = a,BC = av/3 suy ra AC = 2a, do do
AO = a. Vay tam giac OAB déu.

Goi I 1a trung diém ctia AO ta c6 ST L AO (tam giac
SAO can) va BI 1 AO (tam gidc OAB déu).

Suy ra AO L (SIB), do dé6 (SIB) L (ABCD,).

Ma (SAD) L (ABCD) nén giao tuyén ctia (SIB) va
(SAD) cing vuong goéc véi (ABCD).

Kéo dai BI cit AD tai H thi SH chinh la giao tuyén
can tim, suy ra SH L (ABCD).

Tit d6, goc SDH = 60°.

TacéABza,@zBOo SuyraAH:\ég.

3
Do d6 HD = AD — AH — /3 — \3f suy ra SH = H D tan 60° = 2a.

2v/3
Lai ¢6 HB = JAH? + AB? = \3/_
Suy ra tan SBH = o5 = 3 suy ra SBH = 60°.
Trong mat phang (SHB), ké IJ 1 SB thi I.J 1a doan vuong goc chung ctia AC va SB.
Ta c6 1J = IBsin60° = \f : ‘/2§a - ?f.

Ta chon dap an @

Cau 203. Néu lay 1 diém di dong trén duong nay dé tinh khoang cach t6i dudng kia thi khoang
cach do 1a mot s6 thay doi.

Ta chon dap an @

Cau 204. Do BD va A'C’ lan lugt ndm trén hai mat phang (ABCD) va (A'B'C'D’) song song
v6i nhau nén d(A'C’; BD) = d((ABCD); (A'B'C'D")).

Ma ABCD.A'B'C'D’ 1a hinh lap phuong nén ta ¢6 d((ABCD); (AB'C'D")) = AA" = a.

Vay d(A'C"; BD) = a.

Ta chon dap an @

Cau 205.
Ta c6 d(AB, SD) = d(AB, (SCD)) = d(A, (SCD)) = AH.
Véi t_ 1 + L :i:»AH:a\/i

AH? SA?2  AD?  2a?

Ta chon dap an @
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Cau 206.

Ta c6: DC//AB = AB//(SCD) = d(AB,SC) —
d(AB;(SCD)) =d(A;(SCD)) =2d(0;(SCD)).

Goi I 1a trung diem CD = CD1OI. Ma CD1SO =
CD1 (SOI) = (SCD) L (SOI) theo giao tuyén ST.
Goi H 1a hinh chiéu ctia O len SI = OHL1SI =
OHL (SOI). Vay d(AB,SC) = 2d(0;(SCD)) —

| SO2.0I*  2aV5
20H =2 = :
© S0% +01? 5

Ta chon dap an @

Cau 207.
AM C (ABC)
Ta c6 { BN C (A'B'C") A B

(ABC) || (A'B'C")
nen d(AM, B'N) = d((ABC), (A'B'C")) = 2a.

Ta chon dap an @

Cau 208.

B P N C

Goi O la tam hinh vuong ABCD, H la trung diém AO. Khi d6 M H || SO nén goc gitta MN va
mit phang (ABCD) 1a MNH = 60°.
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V10 /30 e
Taco: NP = Z PH = i“ nén HN = ° T . Suy raM H = HN -tan 60° = - 430 = s0="2 230.

Goi I 1a trung diém AD va ké OK 1 SI, suy ra d(O, (SAD)) = OK.

1 1 1 62 V930
OK* OI*) " SO* 15 62
a\/930

Ta c6 BC || (SAD) nén d(BC, DM) = d(C, (SAD)) = 2d(0, (SAD)) = =

Ta chon dap an

Cau 209. Xét ham s6 f(z) = 2® ¢6 f'(x) = 32> > 0,Vz € (—1;1) va f'(zr) = 0 < z = 0 nén

ham s6 f(z) = 2% dong bién trén khoang (—1;1). Do d6 ménh dé “Néu ham s6 y = f(z) dong
bién tren (a;b) thi f'(x) > 0 v6i moi = € (a;b)” 1a menh dé sai.

Ta chon dap an @

Cau 210. Dua vao bang bién thién, ham s6 y = f(z) ¢6 dao ham y = f'(z) < 0,Vx € (—2;0)
nén ham s6 y = f(x) nghich bién trén khodng nay.

Ta chon dap an @

Cau 211. Trong cac phuong an chi c6 ham s6 y = 2% — 32242 di qua diém (0;2) va diém (2; —2).
Ta chon dap an @

Cau 212. Duya vao d6 thi ta thay ham s6 da cho dong bién trén cac khoang (—1;0), (1; +00).
Ta chon dap an @

Cau 213.
Ta chon dap an

Cau 214.
Ta chon dap an @

Cau 215. Ta c6 ¥y = —32% + 6z. Ham s6 dong bién khi va chi khi ¢/ > 0 < x € [0;2]. Do d6
ham s6 dong bién tren (0; 2).

Ta chon dap an @

Cau 216. Tap xac dinh: 2 =R\ {2}.

Dao ham ' = EE > 0,Vx € 2 nén ham s6 da cho dong bién trén ting khodng xac dinh.
—x
Ta chon dap an
1 —2
Cau 217. Tacéy:ijy’: <0,V # 1.
r—1 (x —1)2
y=2z"+222+2 =1y =42% + 4z = 4x(2*> + 1) = ham s6 dong bién khi > 0, nghich bién khi
x < 0.
2 1 8
y=—-2*+22-3r+1=y =-322+20 -3 = —3(x2—§x—|—1) = -3 {(m— 3)2—1—9} <0VzeR

nén ham s6 don diéu trén R.

Ta chon dap an @
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Cau 218. Tap xdc dinh: 2 =R. Tacoy =823 Choy' =0 2 =0

T |—o0 0 +00
Y - 0 +
+00 +00
1

Dua vao bang bién thién thi ham s6 dong bién trén khoang (0; +00).
Ta chon dap an @

1
Cau 219. Tacéy’:3x2—4x+1:>y/:0<:>x:1hoaca::§.
Bang bién thién

f(x) + - 0 +

|9 o |[wir

1

Pl TN
—00 1

. . 1
Vay ham so nghich bién trén khoang <3; 1).
Ta chon dap an @

Cau 220. Tacoy = > 0, Vo € R\ {—1}. Suy ra ham s6 dong bién trén céc khoang

3
(z+1)?

(—o0; —1) va (—1;+00).

Ta chon dap an

. 342 5
Cau 221. Ham sy = >

— c6 tap xac dinh 2 = R\{—1} vay/ = TS

Do d6 ham s6 nghich bién trén méi khoang (—oo; 1) va (1;+00).

Ta chon dap an @

< 0,Vz € R\{1}

3

Do d6 ham s6 dong bién trén cac khoang (—oo;1) va (1;400).

Ta chon dap an

Cau 222. Tacoy =

Cau 223. Do f/(z) = —2*—4 = —(2?+4) < 0,Vz € R nén ham s6 nghich bién trén (—oo; +00).
Ta chon dap an @

Cau 224. Dohams6éy = —2°+1c6y = —32% < 0,Vx € R nén né nghich bién trén (—oo; +00).
Ta chon dap an @
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Cau 225. Tacoy = ; > 0,Vr e R\ {1}.

1
G-
Do d6, ham s6 dong bién trén cac khodng (—oo; 1) va (1; +00).

Ta chon dap an @

r=1
Cau 226. Tacoy =322 —-3,dodoy =0 <
r=—1
Ta c6 bang bién thieén
T | —00 —1 1 +00
Y + 0 - 0 +
2 400
—00 —2

Ta chon dap an @

Cau 227. Tacéy =2 —32%+ 32 +5 c6 dao ham y = 32 — 62 + 3 = 3(x — 1) > 0,Vz € R.
Suy ra ham s6 y = 2® — 32% + 3z + 5 dong bién trén R.
Ta chon dap an @

Cau 228. Tacoy =8z >0« x>0, do d6 ham s6 dong bién trén khoang (0; +00).

Ta chon dap an
Cau 229.

Xéty=323+3x—2c6y =92 +2>0,Vz € R nén chon y = 32 + 3z — 2.

Xét y =223 — 52416y =622 -5,y = 0 la phuong trinh bac 2 ¢6 nghiém nén khong thé

dong bién trén (—oo; +00).

Xét y = a* + 322 ¢6 v = 423 4 62y’ = 0 ¢6 nghiem = = 0 nén ' sé ddi dau khi qua z = 0

nén khong thé dong bién trén (—oo; +00).

Xét y = = "~ ¢6 tap xdc dinh 1a &7 = R\ {~1} nén khong thé dong bién trén (—o0; +50).
xr

Ta chon dap an @

—2
(z —1)?
Suy ra ham s6 da cho nghich bién trén méi khoang (—oo; 1) va (1;+00).

Ta chon dap an @

Cau 230. Dao ham ¢y’ = <0,Ve#l.
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—T

Cau 231. Ham s6 y = V4 — 22 c6 tap xac dinh 2 = [—2;2] va ¢6 dao ham ¢ = ——.
y=v D . [=2:2] : V= i

—x=0 <0
Tacoy >0< & &S -2 <2 <0.
4—22>0 —2<r<?2

Vay ham s6 dong bién trén khoang (—2;0).
Ta chon dap an @

Cau232. y=23+32+2 =19y =322+3 > 0,Vor € R. Vay ham s6 dong bién trén khodng
(—o00; +00).
Ta chon dap an @

2 4x
Cau 233. y= R m
Vay ham s6 nghich bién trén khoang (0; +00).
Ta chon dap an @

=y =— =y > 0,Vr € (—00;0) va y' <0,V € (0; +00).

Cau 234. Taco

r+ 1\ 2

= > (0 voi ' —3.
<x+3> (z + 3)2 Vot moi & 7
(23 +3z) =3(z*+1) >0 véimoizr € R .

r—1Y) -1 .
<$_2> - ($_2)2<0v01m(_)1x7é2.
(—2® —3x) = =3(2? + 1) < 0 v6i moi = € R.

Tu day suy ra y = 2° + 3z dong bién trén R.

Ta chon dap an

x = 0.
Cau 235. TXD: D=R. Tacoéy =32% — 62,9/ =0 &
=2
Bang bién thién
x —00 0 2 +00
Yy + 0 - 0 +

) /O\4/+oo

T bang bién thien ta thdy ham s6 nghich bién tren (0, 2).
Ta chon dap an @

Cau 236. Tacoy =22 —2—-2;9y <02’ —2-2<0& -1<x<2
Vay ham s6 nghich bién trén khoéng (—1;2).
Ta chon dap an @

Cau 237. Tacoy =322 —3nény =00 =—1;2=1.
Bang bién thién



Todn thuec té, lien mon tong hop 283

T —00 —1 1 +00
J(2) 0 - 0+
3 +00
f(a) / \ /
—00 —1

Ham s6 nghich bién trén khodng (—1;1).
Ta chon dap an @

Cau 238. Tap xéc dinh 2 = R.

r=1
Yy =322-3=0&
r=—1
r< -1
Ta ¢6 3y’ > 0 khi vay <0khi—1<z<l1.
L>1

Do d6 ham s6 dong bién trén (—oo; —1) va (1, +00) va nghich bién trén (—1;1).

Ta chon dap an @

Cau 239. Duya vao hinh vé do thi clia ham s6 y = f/(x) két luan ham s6 f'(z) = (x +1)*(z — 2).
Ta c6: g(z) = f (22 —2)

g(x)=[f (22 =2)) = f'(a? = 2) - 20 = (2 = 1) (a* — 4) 2.

Bang bién thién:

T |—o00 -2 -1 0 1 2 400

vy, | - 0 + 0 4+ 0 - 0 - 0 +

NN T~

Ta chon dap an @

Cau 240. Taco f'(z) = (2> —1)(z + 1)(5 — x)
r=1

f’($)=0¢> r=—1.
=25

Bang bién thién
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Duya vao bang bién thien ta thay ham s6 y = f(z) dong bién trong khoang [1;5).
1,2,3 € [1;5)

Do dé = f(1) < f(2) < f(4).
1<2<4

Ta chon dap an

Cau 241. Duya vao do thi ta thay f'(x) > 0,Vz > 2nény = f(x) dong bién trén khoang (2; +00).
Ta chon dap an @

Cau 242. Ham s6 dong bién trén R < ¢/(z) = 22 —2mx +2m +3 > 0Vr € R & A =
m?—2m—-3<0& —-1<m<3.
Ta chon dap an @

Cau 243. Tap xac dinh 2 =R. ¢/ = 2% — 2ma + 4.

Khi A'=m?—-4<0& —2<m<2thiy >0,Vzr € R. Nén ham s6 dong bién trén R.
NeuA'=m? —4=0&m==2thiy >0,Ve € Rvay =0 tai 1 diém. Nen ham s6 dong bién
trén R.

Do d6 tap hogp tat ca cac gid tri nguyen ctia m dé ham s6 dong bién trén R 1a S = {—2; —1;0; 1;2}.

Ta chon dap an

Cau 244. Xét truong hgp m = 0 thod mén nén loai phuong an A va D. Thit v6i m = —3 ciing
thod man nén chon phuong an C.

Ta chon dap an @

Cau 245. Ham s6 nghich bién trén khodng (—oo; +00) khi va chi khi ¢/ < 0 Vz € (—oo; +00).
Tacoy =ma?—2(m+1)z+m—2.
e V6im=0tacéy = —2x—2,khidéy <0<« x> —1. Vay m = 0 khong théa méan yéu
cau bai toan.
A <0 m < 0 1

e VG6im #0,tacéy <0Vr e (—o0;+00) & & Sm< —-—.
m <0 4m+1<0 4

Ta chon dap an

Cau 246. Tacoy = 322 — 6ma —9Im?> =3(x +m)(x —3m) =0 &
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e Néu m = 0 thi ¢/ = 322 > 0,Vx € (0;1), nén ham s6 dong bién trén (0;1). Do d6 m = 0

khong thdéa man.

e Néum < 0 thi y <0,Vx € [3m; —m]. Do d6, ham s6 nghich bién treén (0;1) khi va chi khi

IM<0<l<-m=m<-—1.

e Néu m > 0 thi y <0,Vx € [—=m;3m]. Do d6, ham s6 nghich bién tren (0;1) khi va chi khi

1
—m§0<1§3m:>m2§.

1

Vay: m > = hoacm < —1.
3

Ta chon dap an @

Cau 247.
r=—1
Ta tinh dao ham y' = 622 +6(m — )z +6(m —2), v =0 &
rT=2-m
o L , —1-(2-m)>3 m > 6
Ham s6 nghich bién trén khoéng (a,b) sao cho b —a > 3 & &
2—m—(-1)>3 m <0

Ta chon dap an

Cau 248. Dao ham y' = —32? + 62 + m. Yéu cau bai toan tuong duong
—322 4+ 62 +m <0, Vz € (2;+00) & 32% — 62 > m, Vo € (2;+00).
Dat ham s6 g(z) = 32% — 6z, Vx € (2; +00). Ta c6, ¢'(x) = 6z — 6 > 0,Vx € (2; +00). Bang bién

thién ctia ham ¢ nhu sau

Tt d6 suy ra m < 0 théa yéu cau bai toan.

Ta chon dap an

Cau 249. Day la ham s bac 3 c6 hé sé @ = —1 < 0 nén ham s6 nghich bién trén R < b>—3ac < 0
Sm?+12m+271<0& —9<m< =3.
Suy ra c6 7 gia tri nguyen ctia m thod man yéu cau bai toan.

Ta chon dap an @
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Cau 250. Ta c6 vy = ma? — 4max + 3m + 5.
Véia=0<m=0=y =5>0. Trudng hop nay ham s6 dong bién tréen R (nhan m = 0).
V6i a # 0 < m # 0. Ham s6 da cho dong bién trén R khi va chi khi

a>0 m >0
Y >0,VreR & &
A <0 (2m)* —m(3m +5) <0
m >0 m >0
= = < 0<m<b.
m?—5m <0 0<m<5h

VimeZ=me{0;1;2;3;4;5}.
Ta chon dap an @

Cau 251. TXD: D =R, y = 32? + 2z + m. Ham s6 dong bién trén (—oo;+o0c) khi va chi khi

. a=3>0
Yy >0,Vr € R vay =0 tai hitu han diem. < S m>

A'=1-3m <0

Ta chon dap an @

r=-m
Cau 252. Tacoy =22 +2(m+ Dz +m?+2m,y =0<& :
T =—m—2
Ham s6 da cho nghich bién trén khodng (—1;1) khi vA chi khi —-m —2< -1<1<-m& —1<
m<-—-1&m=-—1.
Ta chon dap an @

Cau 253. Ham s6 y = 2 — ma? — (m — 6)x + 1 dong bién tren (0;4) khi va chi khiy/ > 0, Vx €
(0;4).

9 322 +6
& 3 —2ma:—(m—6)zO,V:)JE(0;4)<:)m§ﬁ,Vx€(O;4).
Xz
) 37% + 6 62% + 6z — 12
Xét ham s6 f(x)zzxle,véixe[o;él] ta c6 f’(x):%

fl(x)=0=2=1¢€]0;4].
Ta c6: f(0) = f(4) =6; f(1) =3 = I[I0114I]lf(:L‘) =3 va r%z}j{f(a:) = 6.
Tu do6 suy ra m < r[%.illr]lf(:v) =m < 3.

Ta chon dap an @

Cau 254. TH1. m = 1. Ta c6 y = —z + 4 1a phuong trinh ctia mot dudng thing c6 heé sbé géc
am nén ham s6 luon nghich bién trén R. Do d6 nhan m = 1.

TH2. m = —1. Ta c¢6 y = —222 — x + 4 13 phuong trinh ctia mot duong Parabol nén ham s
khong thé nghich bién trén R. Do do6 loai m = —1.

TH3. m # +1. Khi d6 ham s6 nghich bién trén khodng (—oo; +o0) < ¢ < 0,V € R, dau “="
chi x3y ra & hitu han diém trén R < 3(m? — )22 +2(m — 1)z — 1 <0, Vo € R.

a<0 m?>—1<0 m?—1<0 —l<m<1
= = = = 1
A'<0 (m—1)*+3(m*—1) <0 (m —1)(4m +2) <0 —gsm<l
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1
<:>—§<m<1.\/“1m€Znénm:0.
Vay c6 2 gia tri m nguyén can tim m = 0 hoac m = 1.

Ta chon dap an @

Cau 255. TXD: 2 =R\ {3m — 2}.

m? — 3m + 2
/ —
I = am e
Ham s6 f(x) = _rom dong bién trén timg khoang xac dinh khi f'(z) > 0, Vo € 2
x—3m+2

&m?>—3m+2>0&me (—oo;1) U (2;400).
Ta chon dap an @

Cau 256. Tap xac dinh 2 =R\ {—1}.

., om?—4
y =
(x +1)2
2 _
Ham s6 nghich bién trén 2 khi va chi khi i/ = (m+1)2 <0 v6imoiz e D.
x

Khido -2 <m <2

Ta chon dap an

Cau 257. Dat t =cotz,t € (0;1).
2 —2mt +2m? — 1

Ta can tim m dé y = dong bién tren (0;1).

) t—m
t*—2mt + 1
Ta c6 y = t—emt+ 1
(t —m)?
, t?2+1
. o ) y' > 0,Vt € (0;1) > 2m, vVt € (0;1) (1)
Dé ham s6 dong bién trén (0;1) thi & .
m < 0 hodcm > 1 m < 0 hodc m > 1 (2)
241
Dat g(t) = — . t ] o 1
1! gt -
gt)y=1- tj;
+00

J({t)=0&1t==l1. g(t) \

Ta c6 bang bién thién sau: 2
T (1) suy ra 2m < 2 < m < 1. Két hop (2) ta duge m < 0 hoic m = 1.

Vay ¢6 2020 gia tri nguyen ctia m nam trong doan [—2018;2018] thoa bai toan.

Ta chon dap an

Cau 258. Ta c6 y =m — cosz.
Yy >0VreR<& m—cosx>0,Vr e Rs m >cose,Ve € R m > 1.
Ta chon dap an @

Cau 259. Ditt =tanx =t € (0;1).

) N . t—
Khi d6, ham so6 ban dau tré thanh y = "
—m

vl 0 <t < 1.
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9 _
Tacéy’zimz.
(t —m)
o ) y >0 m <2 1<m<2
Ham so dong bién trén (0;1) khi & & :
m ¢ (0;1) m ¢ (0;1) m <0

Ta chon dap an @

Cau 260. Bat phuong trinh da cho c¢6 dang

f(z+2) > f(—z) trong d6 f(t) =t (V2 +3+1).

Xét f(t) =t (VEE+3+1),teR;

Tacéf’(t)z\/erlth(\/t;?) =m+1+\/:?>o,wema.
Do d6 f(t) dong bién tren R. T d6 f(z +2) > f(—z) ez +2> -z & o > —1.
Ta chon dap an @

Cau 261. Ta co: 3y = 32?2 — 62

z=0
Y =0&322-6r=0<
T =2

Bang bién thién:

r |—00 0 2 +00
Y + 0 - 0 +
2 +00
Y / \ e
—00 —2

Diém cuyc tiéu ctia do thi 1a (2; —2). Do d6 khoang cach can tim bang 2.

Ta chon dap an @

Cau 262.

T gia thiét ¢'(0) = 0, ¢"(z) < 0,Vz € (—1;2) suy ra ¢'(0) =0, ¢"(0) < 0 Yy

nén ham s g(x) dat cyc dai tai diém x = 0, do d6 trong 4 dd thi da cho, \/

do thi c6 dang nhu hinh beén 1a do6 thi clia ham s6 g(x). L1 ) /
1 O X

Ta chon dap an @

Cau 263. Ta c6: Do thi ham s6 y = az® + b2 + cx + d ¢6 hai diém cue tri A(1; —7), B(2; —8).

y(l)=-7 a+b+c+d=-7 a=2

y/ (1)=0 3a+2b+c=0 b= -9
Suy ra & &

y(2) = -8 8a+4b+2c+d= -8 c=12

y/ (2) =0 12a+4b+c=0 d=—12

Ta chon dap an @
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Cau 264. Dit u=12>—2rtacoy = (2x —2)f (u).

20 —2=0
r=1
L B ) B 2 — 2 = —2 B
Dodé:y =0« (22 —2)f'(u) =0« < |z =0.
2?2 —2r=—1
Tr =
2 —2x =0

Vay ham s6 y = f(2% — 2x) ¢6 3 diém cic tri.
Ta chon dap an @

Cau 265. Nhan xét: S6 giao diém ciia (C) : y = f(x) v6i Ox bing s giao diém cta (C”) :
y = flx—1) v6i Oz. Vim > O nén (C”) : y = f(z — 1) +m c6 dugc bang cach tinh tién
(C") :y = f(x —1) len trén m don vi.

e TH1: 0 < m < 3. D6 thi ham s6 ¢6 7 diém cuc tri. Loai.
e TH2: m = 3. Db thi haum s6 ¢6 5 diém cuc tri. Nhan.

e TH3: 3 <m < 6. Db thi ham s6 ¢6 5 diém cyc tri. Nhan.
e TH4: m > 6. Do thi ham sb ¢6 3 diém cuc tri. Loai.

Vay 3 <m < 6. Dom € N* nén m € {3;4;5}. Vay tong gia tri tat cd cac phan ti clia S bing 12.
Ta chon dap an @

22+ 2x—m

Cau 266. Viham s6 c6 hai diém cyc tri nén phuong trinh ¢/ = o+ 1) ¢6 hai nghiém phan
x

blét T1,T9.
Theo dinh i Vi-ét, x1 + 29 = —2, x129 = —n.

!/

Cha y rang ham so dang y = — ¢6 hai diem cyc tri thi yor = —.
v v

2 —mz,v=2x+1nén yor = 22 — m.

V6i bai toan nay, u =z
Goi A, B 1a hai diém cyc tri ctia do thi ham s6 thi A(z1; 221 —m), B(xy; 215 —m).

Ta c6 AB? =25 & (11 — 29)? + (201 —m — 229+ m)? = 25 & 5(1) — 29)? = 25 & (21 — 29)? = 5.
S (1 +12)? —drmy =254 —4(—m) =5 & m =

Ta chon dap an @

4

Cau 267. Menh dé ding la: “Néu xg 1a diém cye tri ctia ham s6 y = f(x) thi f/(z¢) = 07
Ta chon dap an @

y'(=1)=y'(0)=0

y'(=1) >0 a=2
Cau 268. Theo gia thiét, ta c6 §4”(0) < 0 =<bh=—14

y(xy) = c=-3

y(rp) =0

Ta chon dap an @
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Cau 270. Ta c6 y = dax® + 2bx = 2x(2ax® + b). Nen khi ab < 0 phuong trinh 3 = 0 c6 ba

nghiém phan biét, do d6 ham s6 da cho c6 ba diém cyc tri.
Ta chon dap an

Cau 271. Quan sat do thi, dau f’(x) ddi tit duong sang am khi qua diém z = —1 nén ham s6
f(z) dat cyc dai tai diem z = —1.

Ta chon dap an

Cau 272. Tiu bang bién thién ta c6 ham s6 dat cyc dai tai diém 2 = 2.
Ta chon dap an @

Cau 273. Nhin bang bién thién ta chon dap an dung.
Ta chon dap an @

Cau 274. Dua vao do thi ham s6 ta thay ham s6 c6 ba diém cyc tri. Do d6 phuong trinh ¢/ = 0

¢6 ba nghiém thyc phan biét.

Ta chon dap an @

Cau 275. - D6 thi ham s6 ¢6 ba diém cuc tri.

Ta chon dap an @
x=0

Cau 276. ¢ = —823+82%, y =0 < |2 = —1 Da thiic bac 3 ¢6 ba nghiém phan biét nén sé doi
=1

dau 3 1an. Do d6 ham c6 3 diém cuc tri.

Ta chon dap an @

Cau 277. Dao ham 3 = 32% — 6z +3 = 3(z — 1)? > 0,Vx € R nén ham s6 da cho khong c6 cuc
tri.

Ta chon dap an @

Cau 278. Tacoy =42 —dr=0<2=—-1Vae=0Vaze=1. Vay c6 3 diém cuc tri.
Ta chon dap an

Cau 279. Tacéy =22 —22+1=(z—1)2 > 0,Vz € R. Do d6, ham s6 khong c6 diém cue tri
nao ca.
Ta chon dap an @

x=0
Cau 280. Tacoy =42° —4dx,y =0 |z = —1.

r=1
Xét dau ¢ ta nhan thay ring ham sé dat cuc tiéu tai 2 = —1 va x = 1, ching ¢6 cling gia tri cuc
Ta chon dap an @
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Cau 281. Tacéy =2017(x — 1> tirdosuyray >0V eR, ¢ =0 = = 1.
Vay ham s6 luon dong bién trén R va khong c6 cic tri.

Ta chon dap an @

w1
Cau 282. Ham s6 y = —
z+1

xéc dinh tréen 2 = (—oo0; —1) U (—1;+00) va ¢ ¢ =

. 20— 1
0,Vx # —1. Tu d6 suy ra ham so6 y = z
x

2 >
(x+1)

khong c6 cyc tri. Cac ham s6 y = |z| va y = 2 dat

cyc tri tai # = 0, ham s6 y = —a® + o dat cuc tri tai cac didm z = -1 vahz = 1.

Ta chon dap an @

r=1=y=14
Cau283. Tacoy =322 -2r—1;¢y =032 -20-1=0& 1 140
/ S T T
Bang bién thién:
1
T —00 —— 1 +00
3
Yy’ - 0 + 0 -

+0o0 4
140
27 —00

Tit bang bién suy ra ham s6 da cho c6 2 cyc tri.

Ta chon dap an @

22 =0 (1)

? —3r =0 (2)
Cau 284. Taco f'(x) =0«

2 —9=0(3)

2?4+ 443 =10 (4)

) chi d6i dau khi o qua cac diém 0; —1. Vay ham s6 c¢6 2 diém cyc tri.

Ta chon dap an

Cau 285. Tacéy =1+tan’z —1—2° =tan’z — 2% = (tanz + x)(tanx — z).
Trén khoang (—g; g), tacoy =0« =0 vay khong doi dau khi qua z = 0 nén ham s6 khong
c6 cuc tri.

Ta chon dap an @
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Cau 286. Tiu bang bién thién ta thay ham s6 c6 gia tri cuc dai bing 3. Suy ra khang dinh sai
14 "Ham s6 c6 gia tri ciic dai bang 0".

Ta chon dap an @

Cau 287. Ham s6 dat cyc dai tai o = —2, gia tri cyc dai yop = 3.
Ham s6 dat cuc tiéu tai x = 2, gia tri cuc tiéu yep = 0.

Ta chon dap an @

Cau 288. Du vao bang bién thién suy ra ham s6 dat cuc dai tai z = 0.

Ta chon dap an @
Cau 289.

Goi ]g 13 ban kinh méit cau ngoai tiép hinh chép ta c6 R =

2v/0% — 12’

tron ngoai tiép day.

trong d6 b la canh bén va r la ban kinh duong

Ta cd 2a 2a
acor = — = - = —.
2sin BAC ~ 2sin120° /3
2 2
Vay R — (20) _ a6

o)

Ta chon dap an @

x=0
T =2
Ham s6 dong bién trén (0;2) va nghich bién trén (—oo;0) va (2;+00).
Cach 2. Dung MODE 7 nhap ham s6 vao véi khéi tao START = —10, END = 10, STEP = 1.

Cau 290. Cach 1. Coy = 3224+ 62 =9y =0«

Dua vao gia tri ctia y dé biét cac khoang dong bién va nghich bién.

Ta chon dap an @

Cau 291. C6y =4a® —8z. Choy/ =0 < x = 0 hosic = £v/2.
Bang bién thién:
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T —00 V2 0 V2 +00

f(x) -0 + 0 - 0 4+

w | NN

Ta chon dap an @

Cau 292. Ham s6 y = 23 — 322 + 2z x4c dinh trén R v c¢6 dao ham ¢’ = 32 — 62 + 2.

3++3
Tacoy =0 322 -6 +2=0& 0= 3\/_.
3 3
yW:M—6:6@—1M$M< 2J>:ﬂ¢§>0
2N N L 3 2 - 2 . 3_'_ 3
Vay ham so y = x° — 3x° + 2x dat cuyc tieu tai x = 3
Ta chon dap an
r=-1;, y=4
Cau 293. Tacoy =322 -3=0« . Suy ra ycp = 4.
r=1 y=0
Ta chon dap an @
Cau 294.
2427 -3 r=-3
oCéch1:Tacéy'zﬁixz;y’:(J@ﬁ—I—Qx—?):O(:)
(z+1) r=1
Lap bang bién thién.
T |—00 -3 -1 1 +00
f(x) + 0 - - 0 +

+00 +00

U R

Vay ham s6 dat cuc tiéu tai = 1 va gia tri cuc tiéu bing 2.

*+22-3 z=-3
Hixg;!l?:?)@ Khi dé: /(1) =1 > 0; 9" (=3) = —1 < 0.
(z+1) rz=1

Nén ham s6 dat cuc tiéu tai z = 1 va gia tri cuc tiéu bang 2.

e Cach2: Tacoy =

Ta chon dap an @



Todn thuec té, lien mon tong hop 294

zcop = 0; =1
Cau 295. Tacoy =322 — 6z =3x(x—2)=0= op yep

Ter = 25Ycr = —3
Suy ra hiéu 6 yep —yor =1 — (=3) = 4.

Ta chon dap an @

Cau 296. Tacoy =322 —6x—-9=02=—1,2=3.
Bang bién thien

T —00 —1 3 +00
Y + 0 - 0 +
7 ~+00
) / \ /
—00 —25

Suy ra gié tri cuc tiéu ctia ham s6 13 —25.

Ta chon dap an @

Cau 297. Tap xéc dinh 2 = R.

r=—1
Tacoy =2>—22—3.Choy =0&
T =3.
Bang bién thién
x —00 -1 3 400
Y + 0 - 0 +
20 +00
3
. 4

Dita vao bang bién thién ta c6 diém cuc tiéu ctia do thi ham s6 1a (3; —4).
Ta chon dap an @
Cau 298. Tacoy = 62> +6x —36;9y =0 <
Tac6y”" =12x+6
e y"(2) =30 >0 =z =2 la diém cyc tiéu ctia ham s6.

e y'(—=3)=—-30 < 0=z =—3ladiém cyc dai ctia ham sd.
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Ta chon dap an

r=1
Cau 299. Tapxacdinh Z2=R. ¢y =2>-1=0«
r=—1
Ta c6 9y > 0 trén (—oo; —1) va gy’ < 0 trén (—1;1) nén x = —1 la diém cyc dai ctia ham s6.

00
5
Vay yep = y(—1) = 3
Cau 300. Do do thi ham s6 y = 2 + 2% — 5z + 1 ¢6 hai diém cuec tri 1a A va B nén trung diém
ctia AB chinh la diém udn ctia do thi, nghia la nghiém ctia phuong trinh ¢/ =0 < 6z +2 =0 <

1 74 ) 1 74
r=——- =y = —. Vay trung diem cua doan AB la M (—3; 27)

3 27
Ta chon dap an @

r=0=>y=2

Cau 301. ¢ =42 —dor =y =0& :
r=+l=y=1
Céc diém cuec tri ctia do thi 1a A (0;2), B (1;1),C (—1;1).
AB = (1;-1),AC = (—1;-1).
Dé thay AB - AC = 0 nen tam giac ABC vuong tai A.

1
TﬁdésuyraSziAB-AC’zl.
Ta chon dap an @

Cau 302. ¢ =322 —6zx+m+1, A’ =6 — 3m. Dé ham s6 c¢6 hai diém cuc tri thi 3/ = 0 phai c6
hai nghiém phéan biét tic la A > 0 < m < 2.
Ta chon dap an @

Cau 303. Tacoy = 322 — 2z —m.

Cho gy =0« 322 — 22z —m = 0.

Ta c6 A" =1+ 3m.

Dé ham s6 c6 hai diém cuc tri thi 4/ = 0 c6 hai nghiém phan biét va ' d6i dau qua hai nghiem
dé@A’>O<:>1+3m>O<:>m>—;

Ta chon dap an @

Cau 304. Tap xac dinh 2 = R. ¢/ = —322 + 6max — 6m.
Ham s6 c6 hai ciye tri khi va chi khi phuong trinh ¢/ = 0 c6 hai nghiém phan biét.
m <0

Khi d6 A’ =9m? —18m > 0 <
m > 2.

Ta chon dap an

Cau 305. Tacoy =4(m—1)x® —4(m — 3)x =4x[(m — 1)z* — (m — 3)]
Xét v6i m = 1: Khi d6 y = 422 + 1 ham s6 khong c6 cuc dai. Vay m = 1 théa méan (1)

Xét v6i m > 1: Khi d6 ham s6 1a ham bac 4 triing phuong véi hé s6 a > 0 dé ham s6 khong c6
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cic dai thi 3/ = 0 chi c¢6 mot nghiém duy nhat z = 0.
Hay (m — 1)z — (m — 3) = 0 v nghiém hoac c6 nghiém kép = = 0.

&’ =

-3
<0&e1<m<K3
m — ) m— 1

Xét v6i m < 1: Ham s0 bac 4 trung phuong c6 hé so a < 0 ludn c6 cyc dai
Két luan: Tt (1), (2), (3) ta c¢6 dé ham s6 khong c6 cyc dai thi 1 < m < 3.

Ta chon dap an @

1 vo nghiém hoéc ¢6 nghiém xr = 0 &

rz=0

Cau 306. f'(z)=0& 2*(x+1)(2*+2mx+5)=0& |z = —1 (1)
2 +2mz +5=0

Vi f/(z) khong ddi dau qua nghiém x = 0 nén ham s6 khong dat cyc tri tai x = 0.

Do d6 ham s6 f(z) c6 ding mot cyc tri trong cac truong hgp sau:
e Phuong trinh (1) vo nghiem. Khi dé m? — 5 <0 < —/5 < m < /5.

e Phuong trinh (1) ¢6 nghiem kép bang —1.
m? —5=0 m = +v5
Khi do & (vo nghiém).
—2m+6=0 m =3
e Phuong trinh (1) ¢6 hai nghieém phan biet, trong d6 ¢c6 mot nghiem bang —1.
m > \/5
m*—5>0

—2m+6=0
m=3
Vay gia tri nguyen la m € {—2;—1;0; 1;2; 3}.
Ta chon dap an @

Cau 307. Tacoy = —42® +4mx =4z (—2>+m); y =0&

Vi z = 0 la diém cyc tiéu nén 3 = 0 phai c6 3 nghiém phan biét (do a = —1 < 0).
Vi vay m > 0.
Ta chon dap an @

Cau 308. Tacoy =22 — (m*+1)z+3m —2vay” =2z — (m?+1). Do day la ham bac ba

Y (1)=0 —m?+3m—2=0
dat cuc dai tai x = 1 khi va chi khi & )
y' (1) <0 —m*+1<0

m=1
& m =2 S m = 2.
m € (—oo; —1) U (1; +00)
Ta chon dap an @
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Cau 309. Taco f'(z) = 2% — 2mx + m?* — 4.

Diéu kién can dé ham sbé da cho dat cuc dai tai x = 3 1a
f3)=0

S9—6m+m?—4=0

em? —6m+5=0

m=1
~
m =5.
. 1 .
Khi m = 1, ham s6 tré thanh f(z) = §x3 — 2% =3+ 3 va f/(x) = 2% — 2z — 3. Ta c6 bang bién

thién nhu sau

T | —o00 -1 3 +0o0
Y + 0 — 0 +
14 +00
Yy / 3 \ /
—00 —6

Ham s6 khong dat cuc dai tai z = 3.
L. 1 .
Khi m = 5, ham s6 tré thanh f(z) = §x3 — 52?2+ 21z +3, f'(x) = 2% — 10x + 21, Ta c6 bang bién

thién nhu sau

T |—00 3 7 +00
Y + 0 — 0 +
30 +0o0
Y _ Tl
—00 ?

Vay ham s6 dat cuc dai tai z = 3. Do d6 diéu kien dé ham s6 da cho dat cuc dai tai x = 3 1a
m = b.

Ta chon dap an @

Cau 310. Tap xac dinh: 2 =R\ {—m}.
2?2 +2mx +m?* — 1

Ta c6 yf =

acod (x + m)?

) 444 21 m=—1
Ham s6 dat cuc dai tai v =2 = ¢/(2) =0 < + m+m2 =0
2

Ta oy = —— .

a0y (x +m)3

e V6im = —1,tacoy’(2) =2>0= =2 1ladiém cyc ticu ciia ham sb.

e Véim = -3 tacoy’(2) =—-2<0=z=2ladiém cyc dai ciia ham sb.
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Vay v6i m = —3 thi ham s6 dat cyc dai tai z = 2.
Ta chon dap an @

Cau 311. Nhan xét: D5 thi ham s6 y = f(|z]) ¢6 5 diém cuyc tri néu do thi ham s6 y = f(x)

c6 hai diém cuyc tri ndm vé bén phai truc Oy.

Ta ¢6 f'(x) = 2% — 2(m + 1)z + m + 3. Dths ¢6 hai diém cyc tri nim vé bén phai truc Oy
AN=m+12-m-3>0

< f'(z) = 0 ¢6 hai nghiém duong phan biét < ¢ m+1 >0 s m > 1.
m+3>0

Ta chon dap an @

Cau 312. Ta c6 ¢ = 322 — 62 + m. Ham s6 c6 hai diém cuc tri 21, 2o & A’ >0 9 —3m >
0 m <3 (x).

Khi do X1+ Ty = 2, T1Xo =

w3

2

Tacoa?+ a2 —awy =136 (11 4+22)° — 30122 —13=04—m—13 =0 m = —9 (théa

(*))-
Ta chon dap an @

Cau 313. Tacé y = 3ax? + 2bx + c.
Do M(0;2), N(2; —2) la cac diém cic tri ctia do thi ham sé nén

)

y'(0)=0 c=0 a=1

y'(2)=0 12a+4b+¢=0 b=-3
= =

y(0) =2 d=2 c=0

y2) = -2  |8a+4b+2c+d=0 |d=2

. Vay ham 86 y = 2® — 32% + 2. Suy ra y(—2) = —18.
Ta chon dap an @

Cau 315. ¢ = —32% — 6.
Duong thing A di qua hai diém cuc tri A(0;4) va B(—2;0) c6 phuong trinh: —2z +y — 4 = 0.
Khoang cach gifta tam I(m;m + 1) clia duong tron (C) va duong thang A biang ban kinh dudng

—2m+m+1—4 _ [3m — 6| =5 < m:_S@m1+m2:_6‘

. s
tron (C). Khi do:
© V12 422 5 m =9

Ta chon dap an @

1
Cau 316. y = gm?’ —ma?+ (m? — )z =y =22 — 2mz + (m? — 1)
AN=m?>-(m*-1)=1
r=m+1 5 —3m—2 5 —3m+2
=0 = A (me ) (-
r=m—1 3 3
Hai diém A, B khéac phia véi dudsng thing d va c6 khoang cach t6i d bang nhau tic 1a trung diém

I ctia AB thudc dudng thing d, ta co:
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3 _
I(m,m33m> €(d)=m?—18m+27=0

m=3

_ —3+3V5
- —

Ta c6 (m—3)(m*+3m—-9)=0«&
m

Vay tong cac phan tit ctia S bang 0.
Ta chon dap an @

Cau 317. Dimg may tinh tinh dudc dudng thang AB : y = —8z — 2. Tt d6 ta thiy chi c6
N(1;—-10) thuoc AB.
Ta chon dap an @

Cau 318. Ta c6 ¢ = 32> — 62 — m. Dé do thi ham s6 c¢6 hai diém cuc tri A, B thi ¥ = 0 phai
¢6 hai nghiém phan biet & A'=3m+9>0< m > —3.

Khi d6 duong théng d qua A, B 1a y = <2;” + 2) T2 %

Dé A, B, M(0;3) thang hang thi M € d & m = —3 (loai).

Ta chon dap an

Cau 319. Tacoy = —32% + 6ma

) x=0
y=0&z2"-2mr=0%&
T =2m

DS thi ham s6 c¢6 2 diém cuc tri khi m # 0. Khi d6, hai diém cyc tri 1a M(0; —3m — 1) va
N(2m;4m? — 3m — 1).

Goi I la trung diém ctia MN thi I(m;2m? — 3m — 1). Do M, N dbi xing qua dudng thing
d:x+ 8y — 74 =0nén I thuoc duong thing d. suy ra, m = 2.

Thit lai ta ¢6 m = 2 théa man.

Ta chon dap an @

Cau 320. Diéu kien dé ham bac 3 ¢6 cuc tri 1a b> — 3ac > 0, thay céc gia tri ciia m thi thay
m = —1,m = —2 khong thoa man nén chi c6 phuong an A dung.

Ta chon dap an @

Cau 321. ¢ =2 —2mx
Phuong trinh ¢/ = 0 ¢6 ba nghiem z = 0,z = V2m,z = —/2m, v6i m > 0. Do d6 d6 thi ham s6
c6 ba diém cuc tri 1a M (0;m?), N(v/2m;0), P(—v/2m;0).
Gia sit phuong trinh parabol can tim c6 dangﬂ% =ax?® +bx +c.
2

c=m a=——=
2

Taco: qa-2m+b-V2m+c=0< {ph=0

a-2m—>b-v2m+c=0 c=m?
Parabol c6 phuong trinh y = ma? 4+ m?2, parabol di qua diém A(2;24) nén m = 6.
Ta chon dap an @
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x=0
Cau 322. Cach 1: Ta c¢6: ¢ = 423 + 4mayy =0 &
2= —m

Dé do thi ham s6 c6 ba diém cyc tri < —m > 0 < m < 0(%).
Khi d6 do thi c6 ba diém cyc tri 1a A (0;1), B (—v/=m; —m? +1);C (v/=m; —m? + 1) .
Ta c6: AB = (—\/—m; —m2> = AB =+v—m + m*.

—

AC (\/—m; —m2> = AC =+vV—m+m?*
BC = (2v/=m;0) = BC = V—4m

Ta thidy AB = AC = AABC can tai A. Vay AABC chi c6 thé vuong can tai A.

m = 0 (loai)
Khi d6 AB* + AC? = BC? = 2(—-m+m') = —4m & m* = —m = = m =
m?=—1
—1(thoa).
Z 23X PRI 4 4 .2 . b3 8m3 3
Céch 2: Dé do thi ham sb ¢6 ba diém cuc tri < 8—+1:O<:>T+1:0<:>m =—1=>m=—-1
a

Ta chon dap an @

z=0

.%'2:—771

Cau 323. Tacoy =42® +4mr =0 & {
Diéu kien dé ham s6 ¢6 3 cyc tri la: —m > 0 < m < 0.
Do AB? = AC? nén tam giac ABC' luon can tai A.

e m=0 (loai)
Do d6 AABC vuong tai Akhi AB-AC =0&m+m*=0<« .
m = —1 (nhan)

Ta chon dap an
=0

Cau 324. Tacoy = —42® +4mz, vy =0 &
? = m (%)

Dé do thi ham s6 c6 ba diém cyc tri thi (x) phai ¢ hai nghiém phan biét. Diéu nay tuong duong
véi m > 0.
Gia stt ba diém cyec tri ctia do thi ham s6 14 A(0;0), B (—+y/m;m?), C (v/m;m?).
Ta c6 AB? = m* +m, AC? = m* + m, BC? = 4m.
Dé thiy tam gidc ABC can tai A nén dé tam giac nay déu thi
m =0
m = v/3.

Déi chiéu véi diéu kien m > 0 ta dugce gia tri can tim ctia m 1a m = /3.

AB=BC & AB?=BC?* e m*+m=4m &

Vay gia tri can tim ctia m la m = /3.

Ta chon dap an

Cau 325. y = 2* +2ma? = ' = 423 + 4ma

Dé ham s6 ¢6 3 cuc tri thi phuong trinh 4/ = 0 ¢6 ba nghiéem phan biét thi m < 0
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r=20
=

r=4+v-m
Toa do ba diém cuec tri: O(0;0), A(v/—m; —m?), B(—v/—m; —m?).
Dé OAB la tam giac déu thi OA=AB.
= dm=mi—-m=m*=-3m=>m=—v3dom<0.

Ta chon dap an

Cau 326. Dua vao bang bién thién ctia ham s6 y = f(z):

T —00 1 2 3 +00
Yy’ + 0 - 0 — 0 +
2 +00
—00 —2

ta thay ham s6 nghich bién tren (1;3).
Ta chon dap an @

Cau 327. Ham s6 c6 tap xac dinh 1a 2 = R.
Ta c6 3y = 62° — 62 +5 > 0, Vo € R.
Suy ra ham s6 dong bién trén R va ham s6 khong c6 cuc tri.
Laicoy' =122 -6,y =0z = ; = y = —2. Suy ra do thi ham s6 nhan diém U (;, —2) lam
tam doi xing.
Ta chon dap an @
x=0
Cau 328. Tacoy =42° — 4,y =042 4o =0& |z =1

r=—1.

Bang bién thién:

T |—00 -1 0 1 +00

Y - 0 + 0 - 0 +

ym\O/l\o/%o

Dira vao bang bién thién ta thay:

Ham s6 dong bién trén cac khoang (—1;0) va (1;400).
Ham s6 nghich bién trén cdc khoang (—oo; —1) va (0;1).
Ham s6 ¢6 3 diém cuc tri.

Ta chon dap an @
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Cau 329.
e Tai z; (Cy) dat cyc tiéu va (Cy) c6 gia tri bang 0.
Hon nita, khi qua x,, (C;) doi dau tit am sang duong.
Nén (Cj5) 1a dao ham cta (Cy).

e Tai xo (C3) dat cuc dai va (Cs) ¢6 gia tri bang 0.

Hon nita, khi qua x5, (Cy) ddi dau tit duong sang
am. Nén (Cy) 1a dao ham cia (Cs).

Ta chon dap an @

Cau 330. Tap xéc dinh: 2 = R.
Dao ham: f'(z) = 32% + 2az + b.
Diéu kién c6 hai cuc tri 1a f/(x) = 0 ¢6 hai nghiém phan bigt < a* — 3b > 0.

1 1 2 2 1 )
Ta c6 f(x) = <3x + 9a> f(x) + (3() - 9) T +c— §ab nén phuong trinh duong thing di qua
2

. 2 1
hai diem A, B la (d) : y = <3b—9>x+c—9ab.

N . 1
Theo deé (d) di qua goc toa do O nén ¢ — §ab =0< ab=9c
5\ 25 _ 25
KhidéP:abc+ab+c:902—|—1Oc:<3c+3> >

. ) 25
Vay gia tri nho nhat ctia bieu thic P la 9"

Ta chon dap an @

9~ 9

Cau 331.

Taco ¢'(z) = f'(z) —2* +2x — 1= f'(x) — (x — 1), Vo € (—1;2).

g(@) =0« f(z)=(z—1)%

Dya vao do thi bén ta thay tai x = 1 thi f/(z) = (z — 1)?, tiic 1a ¢'(1) = 0;

dong thoi dau ctia ¢'(z) doi tit duong sang am.

Vay, ham s6 g(x) dat cyc dai tai x = 1.

Ta chon dap an @

Cau 332. Tap xac dinh: 2 = R.
Tacéy:\/m:\/mzﬁ.
Diang thitc x4y ra khi va chi khi 2z = 1.

Vay gi4 tri nhé nhat ciia ham s6 1a V2.

Ta chon dap an @

Cau 333. Tacé y = 3ax®+ 2bz + ¢ v he s6 goc tiép tuyén ctia (C) tai diem zq 1a y'(z0). Khio

sat ham s6 ¢ cho thay y' ¢6 gié tri 16n nhat khi a < 0 va gid tri 16n nhat dé la y' (—2).
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Ta chon dap an
- . / s 3.3
Cau 334. Tac6 g/ (z) = f/(x) —x —§$—|—§.
3 3 |r=-1
Jd@)=0& fl(r)=2>+ "2 - &
2 2 r=1
Lap Bang bién thien:
x | =3 —1
g'(x) - 0 +
Duya vao bang bién thién, ta co: [1r1131r11]g(x) =g(-1).
Ta chon dap an @
Cau 335. Dua vao bang bién thién ta co:
® ycp =5, ycr = 4 chon A.
e ror =0, zcp = 1 nén loai B.
e Ham s6 khong c6 gia tri 16n nhat va nho nhat trén R nén loai C, D.
Ta chon dap an @
Cau 336. Taco: f'(x) =322 —3; f'(z) =0 z=+1. Khi d6 f(—1) =4; f(1) = 0; f(2) = 4.

3 — 4.
Vay max f(x)

Ta chon dap an @

Cau 337. ¢y =312 -6r=0«

y(—1) = =3;y(0) = 1;y(2) = —3.

Vay M =y(0) = 1.
Ta chon dap an @

Cau 338. Ham s6 da cho lién tuc va c6 dao ham trén [—3;2].

Ta c6 v = 42® — 4x.
x=0
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Tat ca cac gia tri tren déu thuoc [—3;2].
Ta lai ¢6 y(—3) = 48; y(—1) = —16; y(0) = —15; y(1) = —16; y(2) = —T.
Do d6, max = 48.

[—3;2]

Ta chon dap an @
Cau 339. ¢ =322 62 —9
r=—-1 =y=40
r=3 =y =8.
Ta c6: y(4) = 15, y(—4) = —41.
Suy ra: M =40, m = —41 nén T = —42.
Ta chon dap an @

Cau 340. Dao ham: ¢ = 3z% — 14z + 11 ¢6 nghiem z = 1 € [0;2].
Ta co y(0) = —=2; y(1) =3;y(2) =0=m = r[{)l;izﬁly = —2.
Ta chon dap an @
Cau 341. Ta 6 f'(z) = 42® — 4.
z=0
fllz)=0& |z=—1
=1
F(0) =3, f(1) =2, f(V3) =6.
Vay M = 6.
Ta chon dap an @

2
Cau 342. Tacoy =32? — 4z — 4,y =0« =2 (nhan) hodc z = -3 (loai).
Ta c6 y(1) = 0,y(3) = 2,y(2) = —3. Do d6 GTLN ctia ham s6 trén doan [1; 3] bang 2.
Ta chon dap an @

=0
x:j:\/ﬁ.

Cau 343. Ham xéc dinh va lién tuc trén [—2;3]. Ta c6: v/ =423 — 8x; 3y =0 &

Ta c6 f(0) =5, f(—=2) =5, f(3) = 50, f(£V2) = 1.

Vay [m2a§%f(x) = 50 tai x = 3.

Ta chon dap an @

3
(x4 1)2
1.

Cau 344. Tacoy = > 0, Vz € [1;2]. Suy ra ham s6 dong bién trén doan [1;2].
D d’ = 2 =
0 d6 max y y(2)

Ta chon dap an @

, 1
Cau 345. Ta c6 ham sb y =~

lién tuc trén [—1;0].

!/
T -2y
Vay gia tri 16n nhat ctia ham s6 1a y(—1) = 0.

< 0, Vz € [—1;0] suy ra ham s6 nghich bién trén doan [—1;0].
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Ta chon dap an @

Cau 346. Doy =

CEE > 0,Vz € [0; 3] nén ham s6 dong bién tren [0; 3]. Vay m = y(0) = —1.

Ta chon dap an @
2_ 9,3 z=—1 (loai
Cau 347. Tacoy = % =0= (load) (Do xét trén doan [2;4]).
19 .
y(3) = 6;y(2) = Ty(4) = 7, suy ra miny = 6.

Ta chon dap an @

Cau 348. -Dohamsoy = z —:T lién tuc va don diéu trén doan [1; 2] nén ta co r[r11121]1y+rﬁa2?y =
x > 5
1+m n 24+m 16 - 5
= — & m=>5.
2 3 3

Ta chon dap an

3 1 2_3 2_3 r=1v3>0
Cau 349. Tacéy’:——+—:x7,y’:0<:>x
4z 4

Bang bién thién

x 0 V3 +00
Y - 0 +
+00 0
9

2
Nhu vay m>161y =y(v3) = —\9/5.

Ta chon dap an @

8 313 -8 8 .
Cau 350. Tacoy =3—— = xiy);y’ =03 -8=0&0= \3/; Ta c6 bang bien thién:
x x
x 0 \32 +00
Y - 0 +
+00 400

y ~.

39

Ta chon dap an @

Cau 351. Taco f’(x)zl—i' '(x) @x::i:Q;f(l):5;f(2):4;f(3):1;. Do ham

=0
z?’
s6 f(z) lien tuc tren [1;3] nén r[r%ag?f(x) =f(l)=5va r[rlnsr}lf(x) = f(2) = 4. Vi vay tich cta gia

. . . 4 .
tri nhé nhat va gia tri 16n nhat ctia ham s6 f(x) = = + — trén [1; 3] bang 20.
x

Ta chon dap an @
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1—=z
(a2 +1)3
4
Khi d6, y(0) = 1, y(1) = V2, 4(3) = ——.
Suy ra, %.i?)r}lyzlva r[%%j(y:\/?nén 124 (v/2)? =3.
Ta chon dap an @

Cau 352. Taco, y = ,suyray =0 =1,

1 1 Vh—x—+Vz—3
Cau 353. Taco: 7 = [3;5); 4 = _ _ ;
au o kY = =S T A T o v 3
y(3) = y(5) = V2, y(4) = 2. Suy ra:T:[ﬁ;Z]

Ta chon dap an @

Yy =0& =4

. 5
Cau 354. Cach 1: Ta thay ¢/ = < 0,Vx € (—oo; >

—4
2v/5 —4x 4
Tinh y(—1) = 3, y(1) = 1 Nen GTLN ctia ham s6 trén doan [—1;1] 1a 3.
Céch 2: Nhap may tinh chon ché do TABLE, nhap ham s6 f(z) = /5 — 4z. Start 1a -1, End 1a 1
va Step 14 0.2 thi ta thay GTLN ctia ham s6 trén doan [—1;1] 1a 3.

Ta chon dap an @

1
Cau 355. Tac6y =2cos2x — 1; y’20©0082x25®x:i%+kﬂ (keZ).

Xét trén doan {—g; g} thi 4/ = 0 ¢6 cac nghiem la 4+

6
Tacoy(-T) =Ty (D) =T y(-T) =T V3 (T) = ™, V3
T TP\ T T I T T e T T T
Do d6 ham s6 dat gia tri 16n nhat tai diém To= 5
Ta chon dap an @
Cau 356. Ta c6 bang bién thién
7
z 0 1 3 -
2
y' — 0 - 0 +

Z Z 7 2
Vay ham so6 y = f(z) dat gia tri nho nhat trén doan {O; 2} tai diem xg = 3.
Ta chon dap an @

Cau 357. Dua vao do thi ta c6 [mi)ﬁf(x) =2khiz=2va [m2112] f(x) = =3 khix = —1.
Vay %n2a31%|f(x)| =3 khi z = —1.

Ta chon dap an @

Cau 358. Tacoz?+y?>+22—2r—4dy—42—-T=0& (z— 1)+ (y—2)>+ (2 — 2)* = 16.
Ap dung BDT B.C.Stacé [2(z — 1) +3(y — 2) + 6(z — 2)]° < (22432462 [(z — 1)2 + (y — 2)% + (2 — 2)?] -
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784 =2x—-1)+3(y—2)+6(x—2) <28.
Dodo T =2x+3y+6z2=2(x—1)+3(y—2)+6(z—2)+20 < 48.
Ta chon dap an @

Cau 359. Tacoy =322 -6,y =0 2=0Vr=2 Viy <0 véimoiz € [0;1] nén gid tri
nh6 nhat ctia ham s6 trén doan [0; 1] bang 2 = y(1) = =24+ m = m = 4.
Ta chon dap an @

z=0
Cau 360. Tacoy =322 —6r=0<«
T =2
Tu BBT ctia ham s6 ta c6 min y =m —4. Dodé min y =1« m = 5.
z€[—1;1] ze[—1;1]
x -1 0 1
f'(x) + 0 -
m
m — 4 m— 2

Ta chon dap an

2
. . 1
Cau 361. Tac6 D =R\ {—m}. Dao ham ctia ham s6 la ¢/ = LﬂLQ >0,Vz € D.
(x +m)
—1
e Xét trudng hop 1: —m <0< m > 0, khi d6 maxy =y (1) = M 9em= —3, loai.
[0;1] 1+m
p N .ol m—1
e Xét truong hop 22 —m > 1< m < —1, khi d6 maxy =y (1) = —— =2 < m = =3,
[051] 14+m
nhan.
Ta chon dap an
Cau 362. Ta c6: D =[1,2]
Py = - o veep
(x—m)> 7
m+1 1
= 1 = e = —
= max f(z) = f(1) =3 — - =3em=g
Ta chon dap an
- ., m3 —1
Cau 363. Tacoy = ——, Vr € [2;3].
(x + m?)?

e Néum?—1>0, tic m > 1, thi ¢ > 0, Vo € [2;3]. Khi d6 maxy = y(3).

R 3 1 5 .
bieu nay tuong duong véi sm L —. Tu day ta giai duge m = 3.
3+m? 6
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e Néum?® —1<0, tiic m < 1, thi ¢ <0, Vo € [2;3]. Khi d6 maxy = y(2).

2”1;2 — 2. T day ta giéi duge m = ~.

Diéu nay tuong duong véi
2 . . )
e Néum =1thiy=1, Vz e [2;3]. Khi d6 rg%fy: 1# 5

2
Vay m =3, m = £
Ta chon dap an @

Cau 364. Dé f(a), f(b), f(c) 1a ba canh clia mot tam gidc thi f(a) + f(b) > f(c). Tuong duong

v6i
a®—3a>+34+b -3 +m>c* -3 +m Va,b,ce|l;3
& m> (-3¢ — (a® - 3a*) — (b* — 3b®) Va,b,c € [1;3
= m> I{I%%T( ((¢ =3¢%) — (a® — 3a®) — (b* — 3b2)>
Xét ham s6 g(x) = 23 — 322, x € [1;3] ta c6 max g(z) =0, r[rllgr]l g(z) = —4.

Do d6, m >0 —(—4) — (—4) =8. Mam < 10 nén m = 9.
Ta chon dap an @

Cau 365. Dat x =log,a, y = log, b, z = log, c.

Ta cé: logda+logib+logie<1= a2+ + 22 < 1,0 < z,y,2 < 1.
Biéu thitc P = a® + b® + ¢* — 3(az + by + c2).

Xét ham s6 f(t) = t — logyt véi ¢ € [1:2]. f/(£) =1 — tli?
Suy ra f(t) < max{f(1), f(2), f(to)} = 1, z € [1;2].
Dodé:a—r—-—1<0=a*-3az—2>—-1=(a—x—-1)(a*+2°+1+a+ax—2)<0

() = tg = —.
af() 0<:>0 n2

Suy ra: a® — 3ax < 2% + 1.

Biéu thitc P =a® +b® + ¢ —3(ax + by +c2) <x® + > + 23 +3 < 4, Py = 4

Dang thitc x4y ra khi va chi khiz,y,z € {0,1}, 22+ +22 = 1= 0=y =0,2=1= a+bt+c=4.
Ta chon dap an @

Cau 366. Ta co: 6sinz —cos2z+2m — 1 =0« 6sinx — (1 — 251n2x) +2m—-1=0&m =
—sin®z — 3sinx + 1.

Diat t = sinz. Do x € {O; g} = t € [0;1] ta dua bai toan vé dang. Tim m dé phuong trinh
m = —t* — 3t + 1 (*) ¢6 nghiem thuoc [0; 1]. Diéu nay xay ra khi va chi khi

i <m <
om0 =m = gy 10
) 3
Trong d6, ham s6 f(t) = —t> =3t +1. Taco f'(t) = -2t -3 = f(t) =0t = —3 ¢ [0;1]

Ta co: f(0) =1; f(1) = =3 = f(t) € [-3; 1]Vt € [0;1].
Do d6 (%) c¢6 nghiém thuoc [0;1] khi =3 <m < 1
Ta chon dap an @
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—1—

Cau 367. Dao ham: yl:(a:—lST;'

” . 2+m .
le—l—m>():>m<—1:>I[r21_4r]1y:y(2):>f:3:>m:1:>10a1.
. ) 4+m
V(n—1—m<():>m>—1:r{r;4r}1y=y(4)z>T:3:m:5:m>4.

Ta chon dap an @

Cau 368. G(z)=0,03522%(15 — z) = 0,5252% — 0, 03523.
r=0=G(0)=0
G'(z) = 1,052 — 0,1052% G'(z) = 0 &
r =10 = G(10) = 17, 5.
Ta chon dap an

Cau 369. Mait day ctia hop 1a hinh vuong c¢6 canh bang 12 — 2z (cm), v6i 0 < x < 6. Vay dien
tich ctia day hop 1a S = (12 — 22)° = 4 (6 — z)°.

Khdi hop c6 chiéu cao h = z (cm).

Vay thé tich hop la V =8 -h =4(6 — 2)* - # = 42® — 4822 + 144z (em?) .

Xét ham f(z) = 4% — 482 4+ 144x,0 < x < 6.

Ta co f'(x) =122 — 96z + 144 = f'(z) =022 -8+ 12=0 & {

Do 0 < x < 6 nén ta lay x = 2. Ta c¢6 bang bién thién:

x 0 2 6
1 + 0 —
128
0 0

Vay thé tich khéi hop dat gia tri 16n nhat khi z = 2 (cm).
Ta chon dap an @

Cau 370. Tac6200=(v—8).t =t = UQEOS. Khi d6 E(v) = 003'112808'
Do ¢ la hiing s6 nén dé nang lugng tieu hao it nhat thi E(v) = cv?’.v s nho nhat.
Xét ham s6 E(v) tren khodng (8, +00)

E'(v) = 200.3”2((7;__88))2_ v 200.2?2:23152 —0=v=12
Lap BBT ta duge min F(v) = E(12).

vE(8,+00)

Ta chon dap an @

Cau 371. Chu vi ctia phan dat hinh chit nhat 1a 18 m, nén néu dat chiéu rong ctia hinh chit

nhat 1 z thi chicu dai 14 9 — z. Dién tich phan dat 1a
1
S=z(9—-12)< 1(x+9—:c)2:20,25.

Ta chon dap an @
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Cau 372. Ta c6 van toc clia vat la v = §'(t) = —3t% + 12t.
Xét ham s6 v(t) = =32 + 12t = V' (t) = -6t + 12 =0 & t = 2.
= max v(t) = v(2). Khi dé vat di duge quang dudng la s(2) — s(0) = 16 m.

t 0 2 +00
v'(t) + 0 -
12

Ta chon dap an @

Cau 373.
bat AD =z (z > 0) thi AF = va? +4. E
T AD AF
YOUB T AE 2
AB - AF 2)vVa? +4
Suy ra AFE = 1D :($+ >xx+ :
. 2 244 2 2
Xéthamséy:(x+ WVt + :<1+> x? 4+ 4. o
x x 2m
3
-8
Ta c6 ' = :U —0ear=2 A D B
r2/x?+4
x 0 2 +00
Y - 0 +

I~

Ham s6 dat GTNN bing 4v/2 do d6 chiéu dai t6i thiéu ctia thang 1a 4v/2 m.
Ta chon dap an @

Cau 374.
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CGoi IBH = a v6i (0° < a < 45°). A
. IH 1 1
Ta c6: BH = = = BC =2BH = .
tan « tan o 1K tan o
in BAH = sin (90° — 2a) = —— = Al =
S Sin( Olé)+ A12 cos 2«
— AH = p1= O
Ccos 2« (30512a " 5
Dién tich tam giac Sapc = = - BC' - AH = ﬂ. K
2 tan « - cos 2«
Dat ¢t =tana v6i (0 < ¢t < 1). Dién tich tam giac Sapc = Pt I
p 2
Xét ham so g(t) = P trén khoang (0;1). B - C
2 — 6t V3
)= d(t) =0t =",
g'(t) (t_t3>27g() 3

Do d6 ming(t) =g <\/§> =3/3.

3
Ta chon dap an @

Cau 375. Bé ca c6 3 kich thuée lan luct 1a: h, x, 3z.
1
V=hzx3r=3*h=1=h=—

32
Ong Tam phai tra it tién nhat khi dien tich kinh 1 it nhat.

8
S =322 4+ 2hx + 2h.3x = 322 + 8xh = 322 + e
T

8 8 4
a = 2 e / = _— = :37
bat f(z) =3z +3x:>f(x) 6 3.7 0=z \/;

Ta c6 bang bién thien:

Y — 0 +

+00 +
~ —
Yy /16 \F&%
3/~ 37 7
s 81 + 43

Vay dién tich nho nhat gan bang: 5,24 m?. Vay so6 tién it nhat can tra la: 2621.000 dong
Ta chon dap an @

o0

Cau 376. Dit OA =z (x > 0).
Ta sé tim  sao cho géc BOC 16n nhat. Hay, tim 2 dé tan BOC 16n nhét.

- - AC AB
— — tan A —tan AOB OA OA 1,4
Ta ¢6 tan BOC = tan(AOC — AOB) = an OE\ an O/\ = OAAC’ szle =— T
1 +tan AOC - tan AOB 1 4 i x? + 5,76
1,4 o4 7
Khéo sat ham s6 f(z) = 172%’—;,76 tren (0; +00) ta tim duge gia tri 16n nhat cta f(z) la 31 dat

dugce khi z = 2,4.
Ta chon dap an @

Cau 377.
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Dat OA =z, ta ¢6 AC’22 =7 5|— 3,52 xzfa AB? = 2% 4 22,
— AB*+ AC* - BC

Ta c6 BAC =

a c6, cos BAC 5AB . AC
2’44427 +3,52 -1, x4+ 7

2V a2 + 4y/22 + 3,52 Va2 + 427+ 3,52

Dé BAC 16n nhat thi cos BAC nhé nhéat, suy ra tim gia tri nhd

. t+7
nhat cta f(t) = trén (0; +00). Xét f'(t) =0 &

F0) = sy tren (05-k00). Xet £(1)
t = 7. Lap BBT ta dugc %1111 )f(t) = f(7). Vay 2> = 7 suy ra,
z€(0;+00

Ta chon dap an

T 0.0012% — 2 100000 + 4 100000
Cau 378, M(z) = L&) _ 00017 = 2v+ T 0.001e+2+ .
T T
100000
M'(x) = 0.001 — ——.
T
Chi phi dat duge thap nhat khi M’(z) = 0 hay = = 10000.
R 100000
Khi do6 chi phi can tim la: 0.001z + 2 + = 22000.
T
Ta chon dap an @
Cau 380.
Dat BM =z (km), 0 < x < 25. A

Ta c6 AM = +/AB2? + BM? = v/22 + 100 (km),
MC = 25—z (km).
Thoi gian ban A di xe buyt tit nha dén diém hen

V1100
Mlat, = xgg (h). B

, , 25 —
Thai gian hai ban A, B di xe may tiut diem hen M den nha ban C' la t4p = 50 a (h).

\/m2+100+ 25 —x

Suy ra tong thoi gian ban A di tit nha dén nha ban C la: t(z) =ta+tap = 20 50

(h).

Dé ban A dén nha ban C nhanh nhat thi ham s6 ¢(z) dat gia tri nho nhat trén (0;25).

x 1
Tacot'(z) = —F—mmx — —. 15
a co (-T) 30 1/§,2 1100 50 X 0 ? 25
t’(x):0<:>x:?. t'(x) - 0 +
Ta c6 bang bién thién nhu hinh bén: 5 V29
t(z)| 6 \ 23 ___— 6
30
sz . ? F4 > 23 . 15
Suy ra, t(x) dat gia tri nhé nhat bang — (h) khi z = — (km).
15 15 35 2
Khi d6 BM = 2 (k) va MC =25 — = = =2 (km).
15 35
Vay 5BM +3MC =5 x ?—1—3 oy =90 (km).
Ta chon dap an

) 2 3
Cau 381. Van toc tai thoi diem ¢ 1a v(t) = §'(t) = —5252 + 18t.

S o eia 1AL a1 g 3
Khi d6 yéu cau bai toén tuong duong tim gia tri 16n nhat ctia ham s6 y = v(t) = —§t2 + 18t trén
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doan [0; 10] .

Ta cé:y = -3t+18=0<1t=06.

y(6) = 54;y(0) = 0;y (10) = 30.

Do ham s6 y = v(¢) lien luc trén doan [0; 10] nén maxy = 54.

Ta chon dap an @

Cau 382. Ta thay 0 < z < 6, thé tich ctia hop khong nép biang f(z) = (12 — 2x)%.2. D& thay
tren [0; 6] ham s f(x) dat gia tri 16n nhat tai z = 2 nén chon phuong &n A.
Ta chon dap an @

Cau 383. Dua vao do thi ham s6 két luan.
Ta chon dap an @

Cau 385. 3 = 3z? + 2ax + b. Ham s6 ¢6 cue tri khi va chi khi A}, = a® — 3b
Ta chon dap an @

Cau 386. Taco: y= (x4+m)’ + (x+n)’ —a2® =23+ 3(m+n)x? + 3 (m? +n?) z +m? + nd.
y = 322+ 6(m-+n)x+3(m?+ n?). Ham s6 luon dong bién trén (—oo; +00) < A < 0 < m.n < 0.

Gia tri nho nhat ctia biéu thic P = 4 (n? +m?) —m — n.
e TH: m=n=0=P=0 (1)

1\* 1 1
o TH2: m.n <0. Ta co: P = <2m— ) ——+4n’+(-n)>—-— (2).

4 16 16
1 . 1 1
T (1);(2) :>Pmin:—1—6. Dau ” =" x4y ra khi va chi khi m = g;nzo\/m:O;n: 3

Ta chon dap an @

Cau 387. Tap xac dinh: 2 =R\ {2}
, 3T
YT op
Ta chon dap an @

< 0,Vz € 2. Do d6 ham s6 nghich bién trén ting khoidng xac dinh.

Cau 388. Ta c6 duong TCD clia do thi hams6laz = -n=1=n= —1.

m.n —1 —m —1 _

Ta chon dap an

Cau 389. Theo dinh nghia duong tiém can, ta co:

° EIJP = 1 suy ra y = 1 la duong tiém can ngang.
° Erp = —1 suy ra y = —1 la duong tiém can ngang.

Ta chon dap an @
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Cau 390. Dua vao bang bién thién ta co:

e lim y=-2.

T——00

li = .
© =+

e lim y = +o0.
T2~

Vay dd thi ham s6 c6 ba duong tiém can.

Ta chon dap an @

Cau 391. Tacé: lim = 1 suy ra do thi ham so c6 tiém can ngang la y = 1.

r—Fooy +
xr — 2 . T — 2 N P PN . . <
= —o0, lim = +o00 suy ra do thi ham so c6 tiém can ding la xr = —2.
z——2+t1x 4+ 2 z——2-1 + 2

Vay giao diém hai dudng tiem can la I (—2;1).
Ta chon dap an @

. . 2z+41 . .2 1 R
Cau 392. Tacoé lim y= lim ’ =—oova lim y= lim vl +o00 suy ra dudng
z——1+ z——1+t -+ 1 r——1- 2xa71— r+1
: . . O ) +1
thang r = —1 la duong tiém can ding cua do thi ham s6 y = :z:+ T
x
Ta chon dap an @
: T +2 o . x+2 L . 2
Cau 393. Véiy=——taco lim y= lim =1 nén y = 1 la tiém cén ngang cta do
T —2 z—+o00 r—too p —

thi ham so.
Ta chon dap an @

ar +b

Cau 394. Ham phéan thic hitu ti y =
cr +

Ta chon dap an @

Pe PN ~ a
c6 tiém can ngang y = —.
c

4a? + 4 + 3 — (4% + 1) dx + 2

\Mﬁ+4x+3+¢@¥+1:\Mﬁ+4x+3+¢@ﬂ+r
Tu dé suy ra lim y =1; EIEI y = —1, do d6 dd thi ham s6 y = V422 + 42 + 3 — V422 + 1 ¢c6 2

r—-+00

duong tiém can ngang.

Ta chon dap an @

Cau 395. Tacov4iz2 +4x +3—V/422+1 =

Cau 396. Ham s6 xac dinh trén 2 = (—o0;2) U (2; +00).

Ta c6 1ir51+ y = +00, lirg y = —oo0, tit d6 suy ra do thi ham s6 c6 tiém can ding 1a z = 2.
r—r T—rz—

y = (_2)2 < 0 nén ham s6 nghich bién trén cac khoang (—oo;2) va (2;4+00) va ham s6 khong
l’ j—

c6 cuyc tri.

Véi o = 1=y = —3, do d6 do thi ham s6 khong di qua diém A(1;3).
Ta chon dap an @

Cau 397. Tap xac dinh clia ham s6 2 = (—1;+00) \ {1}.

vr+1 . vo+1 —1

* m—)%r—%ﬁ y z—>%r—%)+ |:E| —1 a:—)%EIiVL —x—1 ac—>%r—nl)+ vo+1 o0




Todn thuec té, lien mon tong hop 315

) ) r+1 r+1
e lim y= lim = lim = +00.
z—1+ z—1+ ’.Z" -1 z—=1t X 1
: x+1 r+1
e lim y= lim = lim = 0.
T—+00 T—+00 |x’ -1 z—+o00  — 1
va+1

Do d6, do thi ham s6 y = c6 3 duong tiém can, gom 2 dudng tiém can ding 1a cac duong

2| -1
thing = —1, = 1 va duong tiém can ngang la duong thing y = 0.

Ta chon dap an @

Cau 398. Taco lim y=1= do thi ham s6 c6 dudng tiém can ngang y = 1.

Ta co hI;l Yy = +oo = do thi ham s6 c6 duong tiem can ding xr = 2.
T

Ta chon dap an

?=3r—4  (z41)(z—4)
216  (z+4)(z—4)
hm JYy=too=a = —4 1a tiém can ding ctia do thi.

T—r—

Cau 399. y =

r—4

5
limy = 3 = x = —4 khong la tiém can ding ciia do thi.
Vay do thi ¢6 1 tiém can ding.
Ta chon dap an @

Cau 400. TXD: D =R\ {1}; hm L y = lim =0; lim y= lim = 0.
z—+oopr — ] T——00 z——ooqp — |
Vay tiém can ngang ciia do thi ham s6 13 duong thang y = 0.
Ta chon dap an @
Cau 401. Tap xac dinh ctia ham s6 1a 2 = R\ {2}.
oo . 2x—3 20 — 3 . . A
Ta c6 lim y = lim = 400 va hm y = lim = —o0 = z = 2 la dudng tiém can
T2~ r—2- —x + —2+ z—2T —x + 2
ding ctia do thi ham s6.
Ta chon dap an @
Cau 402.
e Ham s6 y = c6 tiém can ding z = —1 vi lim = —o0; lim TN
1 z——1tx +1 z——1-x+1
o ©?=3r+2 P
e Ham s0 y = — 1 X dinh trén 2 = (—o00;1) U (1; +00), nhung khong c6 tiém can
1;‘ J—
2 _3r+2
ding vi lim oo lim(z —2) = —1.
z—1 x—1 z—1

2

e Ham s6 y = 11 xac dinh va lién tuc trén R nén khong c6 tiém can.
x

Ham s6 y = V22 — 1 xdc dinh trén 2 = (—oo; —1] U [1; +00) va

lim V22 —-1= lim v22 —-1=0

r——1— z—1+

nén khong cé tiém can.



Todn thuc té, lien mon tong hop

316

Ta chon dap an @

Cau 403.
+1

e Ham s6 y = c6 tiém can ding z = 2 va tiém can ngang y = 1.
e Ham s6 y = 3% ¢6 tiém can ngang y = 0.

e Ham s6 y = logg = ¢6 tiém can ding x = 0.

e Tacoy=vat+ar+1-1=

z+1

Vii+r+1+1

lim y = lim

a:—)—ooy T——00 1 1
1+ S+
T T

Ham s6 c¢6 mot dudng tiém can ngang 1a y = 5

= 4-00.

Vay ca bén do thi ciia cac ham s6 da cho déu c6 duong tiem can.

Ta chon dap an @

Cau 404. Tap xéac dinh 7 = R\ {2;3}.

lim Qx—l—\/:v2+x+3: m 2z —1)° — (22 + 2+ 3)
z—2+ 2?2 —5x +6 =2+ (1 —2) (= 3) (22 — 1+ Va2 + z + 3)
. (r—2)(3z+1)

w2t (1 —2) (2 —3) (22 — 1+ V2% + z + 3)
B2t R

a2t (1 —3) (22 —1+Va2+z+3) 6
Tuong tu ta c6 lim 290_12_ trt3 :;7.

T2~ x° — 51 +6 6

20— 1 —+z22+2x+3 2 —1—+Vz22+2+3

Mat khac lim = lim = +00

23+ 2?2 —5x+6 a3t (x—2)(z—3)
o 2x—1—v22+2x+3
va lim = —00.
T—3- z? —5r +6 . )
Suy ra duong thang x = 3 la tiém can ding cta do thi ham so da cho.

Ta chon dap an @

Cau 405. Tap xac dinh: 2 = [-5;4+00) \ {—4;0}.

=20
Tacoax?+4r=0<

o Vo +ax—1
Xét lim ——
r—0+ 12 4+ 4

Xet lim Y2FT Ly ita !

r=—4

= +o0 nén x = 0 la mot tiém can diung.

— = lim = lim
e=—4 1?2 44y =4 (22 4 4x) (\/5 +x+ 1) =4 (\/5—I——m + 1)

1

—nén r = —4
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khong la tiém can ding.
Vay do thi ham s6 da cho chi ¢c6 mot tiém can ding 1a z = 0.
Ta chon dap an @

211 211
Cau 406. lim <H> —1, lim <H> — 1

=400 Tz —2 T——00 x —92
Tiém can ngang lay =1,y = —1

Ta chon dap an @
Cau 407. Can cit vao bang bién thién ta thay:

o l%rr;)+ y = —oo nén do thi ham s6 c6 tiem can ding la dudng thing z = —2.
x—(—

e lim y = +oo nén do thi ham s6 c6 tiém can ditng 14 dudng thang = = 0.
z—0~

° EIJP y = 0 nén do thi ham s c6 tiém can ngang la dudng thang y = 0.

Tém lai, do thi ham s6 da cho c6 ba duong tiém can.

Ta chon dap an

3 3 1
Cau 408. Do xli)rllooy =3 VA ml_i}r_nooy =3 nén (%) c6 2 tiém can ngang la y = 5 vay = —5
Do lim y=—ocova lim , Y =00 nén (%) c6 1 tiem can ding la x = —3 Do d6 m = 3.

- (-3) - (-3)

2 2
Mat khac khi x =1 thi y = £ suy ra n = £

Vay m x n = £
Ta chon dap an @
Cau 409. Tap xac dinh clia ham s6 1a 2 = R\ {2}.

Ta co

e lim y= lim =0 = y = 0 la duong tiém can ngang ctia do thi ham s6.

r—+00 z—too —x + 2

: : <o . 1 <3 o
e lim y = lim = +oo va lim y = lim = —00 = x = 2 la dudng tiém can

T2~ z—2- —x + 2 2+ z—2+ —x + 2
diing ctia do thi ham so.

Vay do6 thi ham s6 y =
Ta chon dap an

Cau 410. Ta c¢6 lim y = +o0,
z—1+

c6 2 duong tiém can.
—z+2

Egn y = 0. Nén ¢6 tiém can ding r = 1 va tiém can ngang
y = 0. Ngoai ra liir:l))y = 1 nén x = 3 khong phai tiém can ctia do thi ham so.

Ta chon dap an @

x
Cau 411. Tact lm —= lim ——=1va lim —/e— = lm ——mm— =
z—too /2 4+ 1 z—+oo /1 + # z—=—00 /22 4+ 1 z——0c0 _ /1 4+ %

—1. Do d6 do thi ham s6 c6 2 dudng tiém can ngang.
Ta chon dap an @
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r?—4 2 —4
202 —5r +2 (v —2)(2x —1)

Do Erf y = 0 nén do thi ham s6 c6 tiém can ngang y = 0.

Cau 412. Tacoy =

Do lim y = +o00 nén do thi ham s6 c6 tiém can ding z = 2.

r—21
s ) T > 2 )
Do ham s6 diéu kién cia tii s6 1a 22 > 4 & nén ham so chi ¢6 1 tiém can ding.
<2
Vay s6 tiém can ctia do thi ham s6 1a 2.
Ta chon dap an @
4 - : z?+1 < : 241
Can s Wi By = i ey TR M T M ey T

nén r = &1 1a tiém can ding ctia do thi da cho.

Ta chon dap an @

Cau 414. Taco lim y=1; 1_i>r_n y = 1 do d6 dudng thang y = 1 la tiém can ngang ctia do thi

Tr——+00
ham s6 da cho.

Lai co:
I ! 3
imy=——; lim y=——
z—1t y 2’ z—1— y 2
= oo iy = —ox
Do d6 do6 thi ham s6 c6 mot tiem can ding 1a x = —1.

Ta chon dap an @

Cau4ls. y=2°-32x+5=y =32>-3;y/ =0z ==41.ay, =3>0= 2 =1 la hoanh do

2 - 2 2
cua diem cuc tiéu.

Ta chon dap an

1 1
L4 /= =
—1 9
Cau 416. Tapxacdinh D = [1;400). Tacé lim y = lim G Al N T I S '
T—+00 ——+00 2 +1 ——+00 1
1+ =
x

1. Vay ham s6 c¢6 ding mot tiém can ngang.
Ta chon dap an @

2 1 2 1
Cau 417. lim (0 2) = lim () =0
z+oo \ 22 + 1 z—oo \ 12+ 1

Ta chon dap an @

Cau 418.

e Do thi ham s6 c¢6 mot tiem can ngang lay =1vi lim y = 1.
r—r-+00

e Vi mau c6 tap nghiém {2;3}, nén ta xét

. . (z=1)(x .
lim = lim = lim
z—2 T—2 ([Ij — 2)(1‘ — 3) z—=2 1 — 3
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va
, , 2?2 —3r+2 1
lim = lim . = 400
z—3+ z—3+ Tr— 2 r—3
2
. xr~ — 3:1? + 2 N . X . N 4 2 e . e
do lim ———— =2 va lim = +400. Vay do thi ham so chi ¢c6 mot tiém can ding.
z—3+ r—2 T3+ T —

Ta chon dap an @

. 2 —4>0
Cau 419. Dicu kién:

322 —10x +3 #0

/ 4
2
/227 — 44 22— 9 . +z 1_ﬁ+$ -2 4

Ta c6 lim = lim = -.
a—Foo 312 T 10x + 3 a—too 322 —10x + 3 3
Duong thang y = 3 1a duong TCN ciia d6 thi ham sb.
24 22 N . 1
Ta c6 lim ;ﬁ_qaj+3 — o0 nén 7 = 3 1 duong TCD cita dd thi ham s6. (v = 5 khong Ia

duong TCD)
Ta chon dap an @

r+vVel+ar+1

Cau 420. Xét lim

z—1+ rz—1
Ta co lir{1+(a:+\/a:2+x+1):1—|—\/§; lir{1+(x—1):0Vax—1>0V:E>1.
T— r—
Va2 1 . .
Vay lir?+x+ v +1I+ = +00. Hay do thi ham so6 c6 mot tiém can ding = = 1.
r— xr —
a4t 2
Va2 1 L |x T
Xét lim rhve vl lim L1 Doz — 4oo=|z|=2
r—~+00 r—1 r—+00 rx—1

1 1
|z 1+ =+ —
T x

1 1
O+ 1++J
Vay lim = lim = lim =2.

T—+00 r—1 T—+00 . <1 B 1) T—+00 (1 B 1)
T T

Vay duong thing y = 2 1a tiém can ngang ctia do thi ham s6 tng véi © — +o0.

1 1 1 1
= m

Tuwong tu lim = lim =
- =0.

T T
2

Vay duong thing y = 0 1a tiém cén ngang ctia do thi ham sé tng véi x — —oo.
Ta chon dap an

Cau 421. Tap xac dinh ctia ham s6 14 2 = (—o0; —2] U (2;+00) \ {3}.

0

o |1 4 1 4
-4 TN T 2 2l
li * = L L = lim L L _ -0
z=+oo 2 — 50+ 6 z—foo 5 6 z—+00 5 6
1—242 1 - 242
r  x? x  x?
o |1 4 1 4
G 2w 25,




Todn thuec té, lien mon tong hop 320

Nén do thi ham s6 c6 dudng tiem can ngang duy nhat la y = 0.

. 2 —4 V(@ -2)(z+2) . VI +2
lim ——— = lim = lim E——
e—2+ 22 — 51 + 6 x—2F (a: — 2)(1: — 3) z—=2+t /1 — 2(1; — 3)

Néen do thi ham s6 c6 duong tiem can ding 1la z = 2.

’ x?—4 y x?—4 N
im ——— = lim = 400
a3t 22 —=br+6 o3t (v —2)(z —3)
Neén do6 thi ham s6 c6 duong tiem can ding 1 z = 3.
Vay do thi ham s6 c¢6 3 duong tiém can ding va tiém can ngang.
Ta chon dap an
Cau 422.
e Tap xac dinh: D = R\ {-2,0,2}.
. (* =3z +2)sinx . (#*—3x+2)sinz 2 1
o lim = lim == —__
z—0 3 — dx z—0 (x2 —4)x —4 2
. (#* =3z +2)sinz . (z—1)(z—2)sinz . (z—1)sinz sin2
o lim = lim = lim =
z—2 3 — 4z =2 (r—2)(x +2)x =2 (x4 2)x 8
. (22 — 3z + 2)sinx — lim (z —1)(z —2)sina _ . (z —1)sina _ .
w——2t 3 —4x es—2t (v —2)(x+2)z -2t (x4 2)x
Suy ra do thi ham s6 ¢6 duy nhat mot tiem can ding 1 o = —2.
Ta chon dap an @
n m 1
m —_— — —
2
Cau 423. Taco lim y= lim ‘7:1 L2 — lim @
T—+00 T——+00 T—4oc0 2
24 =
x
i m 1
—_ m R
2 J—
Tacd lim y= lim 561 R T ALY
T——00 T——00 T—+00 2
24~
T

D6 thi ham s6 ¢6 2 dudng tiem can ngang khi \/m ¢6 nghia va /m # —/m, suy ra m > 0.
Ta chon dap an @

Cau 424. Tap xéac dinh ¥ = R.
Diéu kieén do thi ham s6 c6 hai dudng tiém can ding khi va chi khi phuong trinh m (z — 1?44

m <0

c6 2 nghiém khac —1 < :
m # —1

Ta chon dap an @

Cau 425. DO thi ham s6 ¢6 hai tiém can ngang < lim y, lim y ton tai va khac nhau.
T——00 =~ x—r+00

Do d6 ham s6 phai xac dinh trén khodng (—oo; +00) titc 1a ma?+1 > 0,V < m > 0. Do d6 loai B.
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e m =0 thi y =2+ 1 nén ham s6 khong c6 tiém can ngang.

1+~
1 1
em>0thi lim y= lim —— = — Jim ——2 _—
25500 a5—00 /a2 £+ 1 a——o0 1 \/ﬁ
- m+7
T
1
I I r+1 lim 1 + - 1
va xﬁlglooy o 1341)1}*100 vmax? + :E*)+OO o+ Jm
P

D6 thi ham s6 c6 hai tiém can ngang la y = i—
Ta chon dap an @

) In(z — 1
Cau 426. Day s truong hop dac biet khi xuat hien In(z—1). Khi (5—1) — 0% thi lim —2& =1 _
a—1t 22 —mx + 4
+00.

. . . In(x — 1 .
Vay do thi ham so ¢6 z = 1 la tiém can ding va ta thay lim L = 0 nén do thi c6

z—+too 12 — mx + 4
tiém can ngang la y = 0.
Vay dé do thi ham s6 c¢6 2 tiém can thi 22 —ma+4 = 0 vo nghiem & m?—16 < 0 & —4 < m < 4.

Ta chon dap an @

Cau 427. Tiem can ding la duong thing z = m, tiém can ngang la dudng thang y = 2. Dién
tich hinh chi nhat can tim bang 2|m|, ta c6: 2|m| = 2 & m = +1.
Ta chon dap an @

Cau 428. Goi I(2,4m) la tam d6i xting clia ham s6. Suy ra A(2,0) la giao diém clia cia Ox va

tiem can ding va B(0,4m) la giao diém ctia Oy va tiém can ngang. Dién tich hinh chi nhat I
Soarp = OA.OB = |8m| = 2016 = m = £252

Ta chon dap an @

R . 3 1
Cau 429. Do thi ham s6 y = Tt c6 hai duong tiém can la d; : x =4 va dy 1y = 3.
T —

Gid st dy NOz = A= A(4;0),ds N Oy = B = B(0; 3).

Ta c6 tam giac OAB vuong tai O nén do dai ban kinh dudng tron ngoai tiép tam gidc bang mot

AB 42432 5

ntta canh huyén, d6 d6 : R = 5 = 5 =3
Ta chon dap an @

Cau 430. Duong cong (%) c6 tiém can ding x — 1 = 0 va tiém can ngang y — 2 = 0.

Do M € (¥) nenM(a 2+El)

1 2+
= |a — 1| va dy = d(M, TCN) =

-2
a—1 . 5

val a—1]

o —
V1

T d6 suy ra dy - de = |a — 1] -

Ta c6 dy = d(M, TCD) =

=9.

ja =1
Ta chon dap an @
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Cau 431. ' =222 +2(m+ 1)z +m? + 4m + 3
Dé ham s6 ¢6 cuc dai cuc tiéu va cac diém cuc tri ctia do thi ham sé ndim bén phai ctia truc tung

thi phuong trinh 3’ = 0 phai ¢6 hai nghiém duong phan biét x; va z,.

A0 —m?—6m—5>0
2
Yéu cau bai toan & { zyzy >0 & m+§m+3>0 S -H<m< 3.
r1t22>0 0 ;10

Ta chon dap an @

. N N ) 10
Cau 432. Goi M (zo;yo) la diem nam trén do thi ham s6; ¢ = ——.
2z +1)
Phuong trinh tiép tuyén tai M I (o) ( )+ yo = 10 ( )+4x°_3
ng trinh tiép tuyen tai M: y = f'(xg) (x — x =— S (r—=x :
g p tuy : Y 0 0) TY% =Y (220 + 1)2 0 970 + 1
1 ) . .
Tiém can ding: x = et tiém can ngang: y = 2. Goi A la giao diem ctia tiep tuyen véi tiém can
dtne — 1:> 10 ( 1 ) 4rog—3  4dxyg—8
n Ty =—= =—|—=- = )
AT Ty T T 122 ) T a1 2+ 1
1 41’0 -8
Vay A —=; )
a < 2" 20 + 1)
2 P 2z 2z 10
Goi B la giao diem cta tiép tuyen véi tiem can ngang = yp =2 = 2 = —— (rp — x9) +
Ao =3 = 2z0 +
rp = 2xo + —.
2o +1 P D)
4 1
Va B( To + ,2)
2
. .2 JN . N 1 ., T 10 10 e
Giao diem 2 tiém can la I | —=;2 ). Ta ¢6: TA = (0;— = [A = IB =
2 21’0+1 293'0—|— 1
(229 +1;0) = IB = |22 + 1].
1 1 10
Tam giac IAB vuong tai I nén Sjap = —IAIB = — | ——|.|2z0 + 1| = 5.
2 22x9+1

Ta chon dap an @
Cau 433.
e Tai z = 0 ham s6 khong xac dinh nén loai A.
e Gia thiét ham s6 y = f(z) lien tuc trén mdi khoang xac dinh nén loai B.
e Ham s6 ¢6 1 cuc dai x = 1 loai C.
° J}L%Ii y = —oo suy ra c6 1 duong tiém can ding.

Ta chon dap an @

Cau 434. Ham s6 y = 2% — 222 + 1 ¢6 tap xac dinh 2 = R.
Ta chon dap an @

Cau 435. Dieu kién xac dinh ctia ham s6 1a: v +3 # 0 & x # —3.
Vay tap xac dinh ctia ham s6 1a 2 =R\ {-3}.
Ta chon dap an @



Todn thuec té, lien mon tong hop 323

Cau 436.

e Loai A: vi ham sb ¢6 2 cuc tri.

e Loai B: vi ham s6 c¢6 gia tri cuc tiéu bang —1.

e Loai C: vi ham s6 khong c6 gia tri 16n nhat, gia tri nhé nhat trén R.
Ta chon dap an @

Cau 437. Dua vao do thi ta c6 a > 0 va do thi c¢6 hai cie tri nén ' = 0 c¢6 hai nghiém phan

biét.
Ta chon dap an
Cau 438.
X . P2 Pa PN 2 N - ~ ~ . N 2x + 1
e DO thi c6 dang diéu cia ham da thic bac 3 nén loai ham y = T
l’ ——
o Erf f(x) = 400 nén loai ham y = —z% — 32 + 2.

e Ham s6 c6 dat cyc tri tai x = 0 va tai 29 > 0 nén loai ham y = 2 + 322 + 2, ham nay dat

cuctritaix =0vaz=—-2<0.
Ta chon dap an @

Cau 439. Dua vao do thi két luan: a > 0 va b < 0.
Ta chon dap an @

Cau 440. Duong cong c6 hinh dang 1a do thi ham sé dang v = ax* + bz + ¢ v6i hé s6 a > 0.

Suy ra né la do6 thi 1a ctia ham s6 y = 2* — 22 — 1.

Ta chon dap an

Cau 441. Day la do thi clia ham s6 ¢6 dang y = ax®+bx? + cx +d, hon nita ta thay khi 2 — +oo
thi y = 400 do d6 a > 0.
Ta chon dap an @

Cau 442. Tir do thi ham s6 da cho, ta thay do thi ham s6 da cho di qua ba diém (0; —2), (—1;2),
(1;2).

D5 thi ham 86 y = 222 — 2 khong di qua diém (1;2). Do d6 loai ham s6 y = 222 — 2.

Do thi ham s6 y = 2* + 22 — 2 khong di qua diém (1;2). Do d6 loai ham s6 y = z* + 2% — 2.

Do thi ham s6 y = 22 — 2 khong di qua diém (1;2). Do d6 loai ham s6 y = 22 — 2.

Ta chon dap an

Cau 443. DO thi ham s6 da cho 1a do thi clia ham s6 tring phuong y = ax?* + bx? + ¢ ¢6 hé s6
a < 0. Trong cac ham s6 da cho chi c¢6 ham s6 y = —2* 4 222 + 2 théa man.

Ta chon dap an @
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Cau 445. DO thi ham s6 c6 2 cuc tri va EIJP Yy = 400, E{n y = —00.
e Loai A: vi la parapol chi ¢6 1 cuec tri.
e Loai B: vi lim y = —o0.
T—-+00

e Loai D: vi ham ham trung phuong nhan Oy lam truc ddi xiing.

Ta chon dap an @
20+3 202

Cau 446. Dua vao do thi ta thiy 2 = 0 thi y < 0 nén loai hai ham s6 y = 1 Y .
x x —
khong théa man.
X . N A P2 PN ~ e N N PN ~ N ~ N A 2‘1. + 1
D6 thi ham so ¢6 tiém can ding 1a x = —1 va tiém can ngang la y = 2 nén ham s6 y = ]
x p—

khong thoa méan.

thda man.

Vay, trong 4 ham s6 da cho, chi ¢c6 ham s6 y =

Ta chon dap an @

Cau 447. D06 thi c6 3 diém cyc tri tai = +£2,2 = 0 nén
3 k! 2
y:/k($+2)x(w—2)dx:/k(w —4z)dx = T—Qkx +C
Mt khéac f(2) = =5,y(0)=—-1=k=1,C= -1
Ta chon dap an @

Cau 448. Day la do thi ham s bac ba c6 dang y = ax® + ba? + cx + d.

Dua vao kiéu dang do thi ham bac ba & trén ta loai phuong an C va D vi a > 0.

D6 thi ham s6 cét truc tung tai diém c6 tung do bang —4 nén d = —4, loai phuong an A.
Vay ta chon phuong an B.

Ta chon dap an

Cau 449. Hams6y =2 — 2?2+ 2 c6y =322 —22x+1 > 0, Vo € R nén ham s6 dong bién trén
R.
Ta chon dap an @

Cau 450. Duta vao do thi ta thay ham s6 c6 dang y = az* + ba® + ¢ v6i a > 0. 3y = dax® + 2bx.
Ta thay do thi c6 3 diém cyc tri 1a (—1;0), (0;1), (1;0) va y(0) = 1, y(1) = 0.
da+20=0 a=1

a+b+c=0 c=1

Ta chon dap an

Cau 451. Tu do thi nhan xét a > 0 = Loai dap an C, D.
Dé thay khi thay x = 2 vao cau B thi ta c6 y > 0 ma theo do thi phai 14 y < 0 nén loai dap an B.
Ta chon dap an @
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Cau 452. Dua vao do thi suy ra hé s6 a < 0.

Ta c6 v = 3ax? + 2bx + ¢ c6 2 nghiém w1, 5 trai dau (do hai diém cic tri ctia do thi ham s6 nim
hai phia v6i truc Oy ) nén 3ac < 0=¢> 0.

Ta c6: y' =6ar +20=0< x = ;—a.
Ta thay diém udn la trung diém ciia doan théng ndi hai diém cuce tri nim bén phai truc tung. Do
déx:;(f<():>b<0.

Mit khac do thi ham s6 cat truc tung tai diem M (0;d) = d <0 .

Ta chon dap an @

Cau 453. o' = 3ax?® + 2bx + ¢ EIJ{l y=—-o00=a<0.
y' =0 c6 2 nghiem duong = { 3@ =

Ta chon dap an @
Cau 454. Ta c6 v/ = 3ax? + 2bx.
Dua vao do thi ta thiy cac diém (—2;3,5) va (0; —0,5) 1a cac diém cyc tri ctia ham s6 nén ta co:
12a —4b =0 a=1
~
—8a+4b—0,5=135 b=3.

Vay a =1; b= 3.
Ta chon dap an @

-2 -2
Cau 455. lim (ax ) = lim <a:1: ) = a.
r—>+00 €T —{- b r——00 T —|- b

. ar — 2 , ar — 2
lim = +o00; lim = —00.
r——bT T + b r——b— T + b

Do d6 y = a la tiém can ngang, r = —b la tiém can ding.

Duta vao do thi ta thay do thi ham s6 qua diém (2,0) suy ra y(2) =0<2a —2=0<a = 1.
Va tiem can ding ctia do thi la duong thing 2 = —b=—-1<b=1.
Ta chon dap an @

Cau 456. Duong cong trong hinh vé 13 dd thi cia ham bac ba y = az® + bax? + cx + d v6i hé s6
a > 0, do dé n6 chi c6 thé 1a do thi ctia cac ham s6 y = 2% — 322 + 2,y = 2° — 3z + 2.

Tt do thi ta thay ham s6 dat cyc dai tai o = 0.

Nhan thay ham s6 y = 2 — 3z + 2 dat cuc dai tai « = —1, ham s6 y = 2® — 322 + 2 dat cuc dai
tai x = 0.

Vay duong cong trong hinh vé 1a do thi ctia ham s6 y = 2® — 322 + 2.
Ta chon dap an

Cau 457. Ham s6 c6 tap xac dinh 1a 2 = R\ {0}.

X . £ . e N N N, . N\ 2
Do thi ham s6 ¢6 duong tiém can ding la z = 0 va dudng tiém ngang la y = 3

R . . . 2
Suy ra do thi ham s6 c¢6 tam doi xtung la diem [ (O; 3> thuoc truc tung.
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Ta chon dap an @
Cau 458. Dua vao do thi, ta dudc

o Tiémcanngang:y:g>O:>c>0(d0a>0)
c
. . d
e Tiém can ding: t = ——>0=d <0
c
b
e r=0—-y=-<0=0>0

d
Ta chon dap an @

Cau 459. D06 thi ham s6 cit truc tung tai diém c6 tung do am nén ¢ < 0. Mt khac ham s6 ¢6
ba cuc tri nén a - b < 0.
Ta chon dap an @

Cau 460. Do thi la ham sé bac ba va ¢6 hai cuc tri nén loai hinh 2 va hinh 4.
Ta c6 3y = 322 + 2bx + c.

Tich clia hai diém cuc ctia ham s6 bang % < 0 = hai diém cuc tri trai dau.
Vay hinh 1 théa man dé bai.

Ta chon dap an @

Cau 461. Dua vao do thi ta co:
e He s6a < 0.
e Cit truc tung tai diém c6 ting do duong nén d > 0.

e Cit truc hoanh tai ba diém —1 < 27 <0, =1 < 25 <0 va z3 > 2 nén z1 + a2 + 3 > 0

b
suy ra —— > 0=b> 0.
a

Ta chon dap an

Cau 462. Ta c6: v = 3ax® + 2bx + c.

Duta viio do thi ham s6 ta c6 toa do diem cuyc dai 1a (2;1), toa do diém cyc tiéu 1a (0; —3) nén
phuong trinh ¢’ = 0 ¢6 hai nghiém la 0 va 2.

Khi d6, tong hai nghiém ctia phuong trinh bang 2 hay -2 260 2= 3

3a b
Ta chon dap an @

Cau 463. Ham s6 y = (z — 2)(z* — 1) ¢6 do thi (C)

(x—2)(2*=1) khiz>2
Tacoy=|r—2|(z*—1) =
—(x—2)(2*—1) khiz <2

Céch vé do thi ham s6 y = |z — 2| (2? — 1) nhu sau:

e Gift nguyen do thi (C) tng v6i z > 2.
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e Lay doi xiing do thi (C) ting v6i x < 2 qua truc Ox. B6 do thi (C) tng véi z < 2.
Hop 2 phan do thi trén 1a do thi ham s6 y = |z — 2| (22 — 1).
Ta chon dap an @

Cau 464. Diéu kien —2 < x < 2.

Ditt=v2—z2+V2+2=2<t<2y/2vavi—a2=
2

2 —4
2
Phuong trinh da cho tré thanh m = f(t) =t — voi 2 < t < 24/2.
Taco f'(t) =1—t <0Vt [22v2],dodo2v2—2< f(t) <2.
Tit d6 suy ra phuong trinh da cho c¢6 nghiem khi va chi khi m € [2v/2—-2;2] = a = 2v/2-2,b= 2.
Vay T = (a +2)v2 + b = 6.

Ta chon dap an

Cau 465. Taco mgg(sinx—i—cosx) —V2=M, Hlelﬂlg (sinz + cosz) = —vV2 =m, M —m = 2v/2.

Vi phép tinh tién khong lam thay doi khodng cach gitta gia tri 16n nhat va gia tri nhé nhat nén
chon dap 4n D (chénh léch gitta gia tri 16n nhat va gia tri nhé nhat bang 2).
Ta chon dap an @

Cau 466. Tu do thi = ham s6 nghich bién trén tiing khoang xac dinh.
Mat khac ham s6 khong xac dinh tai z = 1 = ¢/ < 0,Vx # 1.
Ta chon dap an @

4a — 2b b
Cau 467. Ta co, y’:MZ_an dudng tiém can dfmgx:z
y' <0 2a —b <0
b
R —-<1 b<4 0<2a<b<4 a=1
Yéu cau bai toan tuong duong { 4 & & &
a>0,b>0 a>0,b>0 a,bec b=3.
a,b ez a,b e

Ta chon dap an @

Cau 468. Ham s6 y = —a* + 222 — 2 lién tuc trén R, ¢6 hé s6 a < 0, dong thoi phuong trinh
—z* 4+ 222 — 2 vo nghiém nén n6 c6 do thi nam phia dudi truc hoanh.

Ta chon dap an @

Cau 469. Phuong trinh hoanh do giao diém ciia hai do thi ciia hai ham s6 la:
=342 —1=2*-32+1s

Khi dé, A(2;—-1), B(1;—1).

Vay AB =|AB| =1.
Ta chon dap an @
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Cau 470. Xét f(x) = |22 — 2z| (Jz| — 1), ta c6

2> — 322+ 22 néu x> 2 322 —6x+2 néu x > 2
f(x) =1 — 2%+ 322 — 2z néu O§x<2=>f/($)= —322+6x—2 néu 0 <z <2
— 2>+ 2> +22 néu <0 — 32 +32+2 néu <0
3—+33 3 3 .
T dé f'(z) = 0 ¢6 cic nghiem = = —% VA T = +3\/—. Ta ¢6 bang bién thién
x —00 3—-v33 0 3+ V3 2 400
6 3
y/

- 0 + | + 0 - | +
T bang bién thién suy ra phuong trinh |22 — 2z| (|z| — 1) = m c6 t6i da 4 nghiem.

Ta chon dap an

20 —1
Cau 471. Taco x+1 =z+me?+(m—Lz+m+1=0(x#-1) (x
x

Dé phuong trinh c6 hai nghiém phan biét 1,25 thi A = (m —1)2—4(m+1) > 0 < m > 3+2V3
hoiic m < 3 — 2v/3.

Ta c6 AB% = (1 — 22)? + (y1 — 12)* = (11 — 22)? + (z1 + m — 29 — m)? = 2(x; — 12)%

Suy ra AB? < 4% & 2(x) — 22)? < 16 & (11 — 22)? <8 & (11 + x9)? — da129 < 8.

Ap dung dinh li Vi-ét, bat ding thic cudi cing tuong duong véi
(m—12—-4m+1)<8em?>—6m—-11<0<3—-2V5<m < 3+2V5.

Két hgp véi dieéu kien ctia m & trén ta duge m = 7 (do m nguyén).
Ta chon dap an @

Cau 472. S6 giao diém ctia hai do thi chinh bing s6 nghiém ctia phuong trinh hoanh do giao

diém ctia hai dd thi ham sb.

r= 3
r= V2

Ta c6 phuong trinh hoanh do giao diem: 24 — 222 +2= —2? +4< 2 —22 -2=0 <

Vay hai do thi c6 tat ca 2 giao diém.
Ta chon dap an @

x=0
Cau 473. Xét phuong trinh hoanh do giao diém 2° — 3z =0 (22 -3)=0< |z = V3

v =3
Vay c6 ba giao diem.

Ta chon dap an @
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Cau 474. Phuong trinh hoanh do giao diém:
2B —?—2r4+3=2>—-2+1=22—-222—2+2=0«< 2z ==+1 hoicz = 2.
Ta chon dap an @

L  dp 44
Cau 475. Phuong trinh hoanh do giao diém ciia dd thi ham s6 y = ‘”+1 vy =221l
l‘_
wid o) =@ -1) (@18 = [r=-1
=r—-1< & &
rz—1 41 x#1 =3
4dr +4

Do d6 do thi ham s6 y =
x
Ta chon dap an @

] va y = 22 — 1 cit nhau tai 2 diém.

Cau 476. Phuong trinh hoanh do giao diem 2° +r +2= —22+2 e 23+ 32 =0« 2 =0, Suy
ra y(0) = 2.
Ta chon dap an @

Cau 477. Phuong trinh hoanh do giao diém
P2t —r+l=2"-2+3(@-1)*+20+2)=0c2=1
Ta chon dap an @

R . 2¢ — 1
Cau 478. D0 thi ham so y = z
r+1

Phuong trinh hoanh do giao diem ctia (C):y=2° — 2>+ +1vad:y=21a

c6 tiem can ngang la duong thing y = 2

2ot r+1=2e2—224+2-1=0

Phuong trinh trén c6 nghiém duy nhat x = 1 nén (C) v& d cit nhau tai duy nhat 1 diém.
Ta chon dap an @
1

Cau 479. Phuong trinh hoanh do giao diém ctia hai dudng y = % —4a? +4vay = —41a

4

%—4x2+4=—4<:>x4—8x2+16=0<:>m2=4<:>g;=i2.

4
N . N A x N N 2 2 + 2
Vay do thi ham s6 y = e 422 + 4 va duong thang y = —4 ¢6 2 diém chung.

Ta chon dap an @

Cau 480. Phuong trinh hoanh do giao diém ctia do thi hai ham s6 y = z* + 22 vay = 422 +4 1a

2
=1
=44 et -3t -4=0< s’ =4 0=42
2 =4
Vay do thi hai ham s6 y = 2* + 22 va y = 42 + 4 cit nhau tai 2 diém phan biét.

Ta chon dap an @
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Cau 481. D¢ f(x) = 3m c6 ba nghiém phan biét thi 3m < —3 & m < —1.

Ta chon dap an

Cau 482. Dua vao bang bién thien ham s6 f(z) két luan phuong trinh f(x) = 2 ¢6 3 nghiem.

Ta chon dap an

Cau 483. Taco f(x)—2=0<« f(r) =2. Vi =2 < 2 < 4 nén tit bang bién thién suy ra phuong
trinh ¢6 3 nghiém phan biét.

Ta chon dap an

Cau 484. Phuong trinh |f(z)| = 3 ¢6 hai nghiém trén khoang (0; 400).

Ham s6 nghich bién trén khoang (—oo; 0) nén phuong trinh f(x) = —3 ¢6 mot nghiém, hay phuong
trinh |f(x)] = 3 ¢6 mot nghiém trén khodng (—o0;0).

Vay phuong trinh |f(z)| = 3 ¢6 3 nghiém.

Ta chon dap an @

Cau 485. Phuong trinh (23 — 322 +2)® — 3 (23 — 322+ 2)° +2 = 0.
t=1
Dit t = 2% — 322 + 2. Phuong trinh tré thanh: 3 =32 +2=0< [t =1 + V3.
t=1-/3
Dua vao do thi ta co:
e V6i t = 1: Phuong trinh 2% — 322 + 2 = 1 ¢6 3 nghiém phan biét.
o Véit=1+/3: Phuong trinh 23 — 322 +2 =1+ NEX B! nghiém.
e VGit=1—1+/3: Phuong trinh 2% — 322 +2 =1 — V3¢ 3 nghiém phan biét.

Ta chon dap an @

Cau 486. Dua trén do thi ham s6 ta thiy duong thing y = m va dd thi ham s6 y = f(x) c6 2
diém chung khi va chi khi m > 0 hoac m = —1.
Do d6 khi m > 0, phuong trinh f(z) = m c¢6 2 nghiém phan biét.

Ta chon dap an

Cau 487. Dat a = 2% — 322 + 2.
Duya vao do thi ham sb ta thiy f(a) = 0 ¢6 ba nghiem ay, as, as trong d6 —1 < a; < 0, ay = 1,
2 <az<3.

e V6i —1 < a; < 0, ta thay duong thang y = a; cit do thi ham s6 y = f(x) tai 3 diém phan

biét, trong dé c¢6 hai diém c6 hoanh do duong, 1 diém c6 hoanh do am.

e VGi ay = 1, ta thiy dudng thang y = ay cit do thi ham s6 y = f(z) tai 3 diém phan biét,

trong d6 c6 hai diém c6 hoanh do duong, 1 diém c6 hoanh do am.
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e VGi 2 < a3 < 3, ta thay dudng thiang y = as cit do thi ham s6 y = f(z) tai mot diem duy

nhat, va ¢6 hoanh do duong.
Vay, phuong trinh da cho c6 ding 5 nghiém duwong phan biét.
Ta chon dap an

Cau 488.
Tacox® —3x2 —m3+3m?>=0< 23 — 322 =m?3 — 3m?. Y

Xét do thi (C) ctia ham s6 y = 2% — 3z%. Phuong trinh da cho ¢6 ba -1 |0 2 /3

T

nghiém phan biét khi dudng thang d : y = m® — 3m? cit do thi (C) tai
—l<m<3

” d
ba diém phan biet < —4 < m3 —3m2? <0< {m £ 0 v
m # 2. B ——— ‘

Ta chon dap an @

Cau 489. Goi (¢):y=a*>—3zxvad:y=2m+ 1.
Tacoy =322 -3y =0z =+1.
Bang bién thién:

T —00 -1 1 +00
Y + 0 - 0 +
2 +00
—00 —2

Phuong trinh da cho c6 3 nghiém phan biét khi v chi khi d cit (%) tai 3 diém phan biét

3 1
@—2<2m+1<2(:>—§<m<§.
Ta chon dap an @

Cau 490. Phuong trinh az3+bx?+cz+d = m c6 ba nghiém phan biét khi va chi khi —2 < m < 2.
Ta chon dap an @

2 —x—1

Cau 491. S6 giao diém ctia dudng thang y = 22 — 1 v do thi ham s6 y = e la s6
x
2
—xr—1
nghiém cta phuong trinh: 2z — 1 = ror—s
r+1
2—r—1 2r—1(z+1)=2*—2—1 2422 =0 r=0
295—1:71@ & &
T+ r# -1 r# -1 T = =2

Ta chon dap an @

Cau 492. Phuong trinh hoanh do giao diém ctia do thi v truc hoanh: z® + (m + 2)2? +
r=1

(m* —m—=3)z—m?> =0 (1) (z—-1)(2*+ (m+3)z+m?) =0& :

2+ (m+3)r+m*=0 (2)
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D6 thi cat Ox tai 3 diém phan bict < pt (1) c6 3 nghiém phan biét < pt (2) c6 2 nghiém phan
a#0

biét khac 1 < A >0 & -3m?+6m+9>0& —1<m<3.

I+m+3+m?#£0

Cac gia tri nguyén ctia m théa man yéu cau bai toan la: 0,1, 2.

Ta chon dap an

Cau 493. Phuong trinh hoanh do giao diém ctia dudng thing y = ma va do thi ham s6 y =

z=0
23— 62° 1a 23 — 622 = mz &
z? — 6z —m = 0.
Dudng thing y = max cit do thi ham s6 y = 2° — 622 tai ba diém phan biét khi va chi khi phuong
trinh 22 — 62 — m = 0 c6 hai nghiém phan biét khéc 0.
m # 0 m # 0
Khi do &
A'=9+m>0 m > —9.
Ta chon dap an @

Cau 494. Tacé: 222 =322 +m=0< —222+ 322+ 1=m+ 1.

. m+1<1 m <0
Phuong trinh trén c6 duy nhat mét nghiém < & .
m+1>2 m>1

Ta chon dap an @
T +m

2 3
Cau 495. Xét phuong trinh hoanh do giao diem =2r+1=222-4z—-1-m=0 (%)

Dé do thi ham s6 (C) va dudng thang d c6 diém chung < (%) c6 nghiem khéc 1
A=4-2-1-m)>0 [m>-3

= & S m>—3
—3—-—m#0 m # —3

Ta chon dap an @

Cau 496. S6 nghiém ciia phuong trinh f(x) = m chinh la s6 giao diém ciia duong théng y = m
v do thi ham s6 y = f(x). Dua vao bang bién thién ta thay: duong thing y = m cit do thi ham
s6 y = f(z) tai ba diém phan bigt khi —4 < m < 2.

Ta chon dap an @

Cau 497. Phuong trinh tuong duong véi f(x) = —m. Khi d6, phuong trinh ¢6 ba nghiém phan
biét khi va chi khi duong thang y = —m cit do thi ctia ham s6 y = f(z) tai ba diém phan biét
khac 0.

Dira vao bang bién thién, suyra —1 < —-m <2 & —2<m < 1.

Ta chon dap an @

Cau 498. Xét phuong trinh z* — 42 + [logz al + 3 = 0 & 2! — 42?2 + 3 = — |log; al.
Dat f(z) = 2" — 42% + 3,2 € R, khi d6, f'(z) = 42 — 8z = 4z(z? — 2).
fl(x) =0< 2 =0Vx =242 Taco bang bién thien,
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r  |—o0 —/2 0 V2 +00
() — 0 + 0 - 0 +
_.I_

i) oo\_l/,?)\_l/—l—oo

Khi d6, phuong trinh c6 4 nghiém thyc phan biét khi va chi khi

1
—1 < —|loggal <3 < —3 < |log, af <1<i)—1<10g3a<1(:)§<a<3.
Ta chon dap an @

lz| + 1
2| =1
Yy

Cau 500. Ta c6 do thi cia ham s6 y = ’

lz| + 1 x| + 1
lz] — 1 lz] —1
thang y = m (dudng thang song song vdi truc hoanh va cat truc tung tai diém M (0;m)) c6 diém

Phuong trinh

va duong

' = m c6 nghiém khi va chi khi do thi ham s6 y =

chung.
Dura vao do thi ta thay phuong trinh c6 nghiém khi m > 1.
Ta chon dap an @

Cau 501. Dua vao bang bién thién ta thay tap gia tri ctia ham s6 14 R nén cic bat phuong trinh
c6 trong cac dap an déu c6 nghiem va c6 sd nghiém 14 vo sb.

Vay dap an ctia cau héi nay 1a : "Bat phuong trinh f(z) < m c¢6 nghiém v6i moi gia tri ctia m"

Ta chon dap an

r+3 2t —r—4=0(1)
= .

Dé thay (1) ludén c6 hai nghiém phan biét x,, x5 khac 1. Do dé dudng thing y = z + 1 cit do thi

Cau 502. Ta c6 phuong trinh hoanh do giao diém = + 1 =

. 3 .
ham s6 y = x—i—l tai hai diem phan biet A, B. Gid stt A(xy; 21 + 1) thi B(zg; 22 + 1).
w _
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Khi do6 AB2 = (zg — ZIJ1)2 + (xl +1-— Lo — 1)2 =2 ([EQ — 1‘1)2 =2 ($1 + l'2>2 — 8$1£B2.
T+ To = 1
Theo dinh Iy Vi-ét ta c6 , tit d6 suy ra AB? =34 = AB = /34.

Tl T = —4
Ta chon dap an @

Cau 503. Dua vao bang bién thieén da cho, phuong trinh f(x) = m c6 ba nghiém phan biet khi
va chi khi—1 < m < 2 hay m € (—1;2) vi lic d6, duong thang y = m cat do thi ham s6 y = f(7)
tai ba diém phan biét.

Ta chon dap an

Cau 504.

22 —322 —m=0% 23— 322 =m. Yy

Khi d6 s6 nghiém ctia phuong trinh ban dau chinh 1a s6 giao diém ctia do i /
thi ham s6 y = 2° — 322 va . Dya vao hinh vé suy ra —4 < m < 0.

A

HERY,

Ta chon dap an @

. 21
Cau 505. Xét phuong trinh hoanh do giao diém: 1”“"

(1)
Dé duong thang d cit (C) tai hai diém phan biét thi (1) c6 hai nghiem phan bigt khac 1. Diéu d6

(1+m)*+4(m+1)>0
tuong duong véi < m > —1 hoac m < —5.
P4+ (1+m)-1—-m—1+#0

Ta chon dap an @

=z+m=2*+(1+m)z—m—1=0.
—z

Cau 506. Phuong trinh hoanh do giao diém ctia (C) va d 1a

T+ 2
r+1
& r4+2=(@x+1)(m—x),z# -1

=m-—x,x# —1

& ga)y=2"+2-mz+2-m=0,2# -1 (¥

d cit (C) tai hai diém phan biét < Phuong trinh () c6 hai nghiem phan biet khac —1

A=(2-m)>—4(2-m)>0 m* —4>0 m < —2
p=— p=— .
g(=1) = (=12 4+ 2—=m)(-1) +2—-m #0 140 m>2

Ta chon dap an @

Cau 507.
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Tt d6 thi ham s6 y = 2* — 222 — 2, ta c6 duong thing Yy
y = 2m + 1 cit do thi ham s6 y = 2* — 22% — 2 tai 4
diém phan biét néu .
3
—3<2m+1<—2<:>—2<m<—§
Ta chon dap an @
A ) . . _ 2 s g r=0=(0;-1)
Cau 508. Xét phuong trinh hoanh do giao diem z° — 2z +r—-—1=2xr—-1 &
r=1=(1;0)

Vay tong cac tung do bang —1.
Ta chon dap an @

Cau 509. Tacéy”’ =6x —6 =0« z = 1. Suy ra, diem udn ctia do thi 1a 1(1;1).

Do diém uén I luon thuoc duong thang da cho, nén ta chi can tim diéu kien dé do thi cit duong
thing tai ba diém phan biét.

Phuong trinh hoanh do giao do ctia hai do thi la:
mr—m+1=2>-3"+2+2 2 -322—(m—-Dz+m+1=0

e -m-T) =0 |
g(x) =2* =22 —m —1=0(x)

AN=m+2>0
(*) ¢6 hai nghiém phan biét khac 1 < S m > —2.
1?-21-m—-1#0

Ta chon dap an @

Cau 510. Xét phuong trinh hoanh do giao diém ciia do thi ham s6 va dudng thing:

2 +2mat+3(m—1r+2=2—x < 22+ 2mx + 3m —2)] =0 (%)

Dé d6 thi cit dudng thang tai 3 diém phan biét thi phuong trinh (*) ¢6 3 nghiém phan biét
& 2%+ 2mx + (3m — 2) = 0 ¢6 hai nghiém phan biét = # 0

m?—3m+2>0 m > 2
&= & (*%).
3—2m #0 m <1
Goi A, B, C la giao diém ctia dd thi va dudng thang y = 2 — z, do B va C khong nim trén truc

T+ X2 = —2m
Oy nén A(0;2), B(z1;2 — 1), C(x2;2 — x3). Theo dinh 1y vi-et ta c6 :
T1T9 = 3m — 2

. 1 .
Do tam giac OBC' ¢6 dién tich bang 2 nén §OH - BC' = 2, trong d6 OH la khoang cach tit diem
O dén duong thing y =2 — 2 = OH = /2.
BC = \/2(zy — 11)? = /2(x2 + 71)? — 8a120 = V2,/(=2m)% — 4(3m — 2) = V/2/4m? — 12m + 8.
3+V5h

1
Tacéphuorlgtrinh5-\/§\/§\/4m2—12m+8=2©4m2—12m+8:4<:)m— 5 . (thoa

man)

Ta chon dap an @
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Cau 511. Nhan thay duong thing y = max —m + 1 luon di qua diém uén B(1;1) clia do thi ham
s6 y = 2% — 322 + x + 2, do vay néu né cit do thi tai 3 diém phan biet A, B, C thi luon thoa méan
AB = BC. Thit m = —3 thi duong thang khong cit do thi ham s6 da cho tai 3 diém phan biét
nén loai trir cac phuong an A, B.

Thit m = —2 thi dudng thang cit do thi ham sé da cho tai 3 diém phan biét nén loai trit céc
phuong an C.

Ta chon dap an @

Cau 512. - Dé duong thang y = —ma cit dd thi ham s6 (C) : y = 2% — 322 — m + 2 tai ba diém
phan biét 14 phuong trinh hoanh do giao diém (z — 1)(z2 — 22 — 2+ m) = 0 ¢6 ba nghiém phan
biét, giai ra ra dugc m < 3.

- Nhan thay (C) c6 diéem udén U(1; —m) luoén thude dusng thang y = —ma nén dé théa man yéu
cau dé bai thi m < 3.

Ta chon dap an @

Cau 513. Phuong trinh hoanh do giao diém giita (C') va dudng théng d : y = ma +m

2?32 —mr-—m+4=0& (z+1)(z° -4z —m+4)=0 ()

Dicu kién dé d cit (C) tai ba diém phan biét khi va chi khi m > 0.
V6i m > 0 phuong trinh (*) ¢6 ba nghiem z; = —1; 29 = 2 — y/m; 23 = 2 + y/m. Toa do cac giao
diem A(—1;0), B(2 + v/m; 3m + my/m), C(2 — /m; 3m — m+/m)

, m
Khodng cach tit O dén d: d = OH = . BC = v/4m + 4m3.
& | vm?2+1
Dién tich tam gidc ABC: Sapc = 5 X T—i—l X vV4Am +4m3 = 8 & my/m =8 & m = 4.
m

Ta chon dap an @

Cau 514. Phuong trinh hoanh do giao diém

1:—:c+m<:>:c2—m:c+m:0 (17.1)
x_

(C) cét d tai 2 diem phan biet A, B < (17.1) ¢6 2 nghiém phan biét khac 1 < A = m? — 4m >
m <0

O(z#1) <
m >4

Goi A(xy, —x1 +m), B(x2, —22 + m), ta c6

OA = (1, =21 +m) = OA = \/237% —2z1m + m?

OB = (12, —13 +m) = OB = /223 — 2zm + m?

Rl

AB = (I’Q — 1, — T2 —I—fL’l) = AB = |{E2 —I1|\/§

1 1= = 1
= Soan = 3 [04,0B]| = 5|72 = x| Im|
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Mat khac
OAOBAB _
AR
V2% = 2mm + m?/223 — 2wgm + mP|wy — 1 |V2 1
- :7|$2—$1||m|
122 2

& (207 — 2zym 4+ m?).(225 — 2z9m + m?) = 16m*

& 42202 — dvywom (2 + o) + 2m* (22 + 22) + dayzom?® — 2mBP (2 + 29) + m* — 16m? =0
s mim? —4m —12) =0

& (do diéu kién c6 2 nghieém phan biet)
m=20

Ta chon dap an @

Cau 515.
Dé thay tam giac OAB can tai O, do d6 néu tam gidc OAB vuong B Yy

thi n6é vudng can tai O.
Tu do suy ra OAB = OBA = 45°. Gia sit A 1a diém c6 hoanh do
duong, thé thi A(|m|,m) va B(—|m]|,m). @ t

Do A thuoc do6 thi ham s6 y = 2* —322 —2 nén m* —3m2 —m—2 = 0,

tr do suy ra m = 2 la dap an dung.

Ta chon dap an @

Cau 516. He sb goc clia tiép tuyén do thi ham s6 y = f(r) tai diém c6 hoanh do zy c6 hé s6
goc 1y (zg) = a2 — 69+ 1= (x9— 3)* —8 > —8.

Do d6 hé s6 goc nhd nhat 1a —8, xdy ra khi va chi khi x¢ = 3.

T d6 ta c6 phuong trinh tiép tuyén tuong tng 1a y = —8(x — 3) + f(3) & y = —8x + 10.

Ta chon dap an @

22 — 27 + 2 1 1 -1 1
— =z - — =1-——7.
r—1 z—1 7 (r —1)2

5 ) . 5 5 3 1
Pttt ctia do thi ham so tai diem M (3; 2) lay=1v'(3).(x —3) + 3= 1% + 1= T=1.
Ta chon dap an

31
Cau 518. Ta c6 [ (2; 2), Yy =

Cau 517. Tacoy =

-1 ) ) . )
W. Goi A la tiep tuyén ctia do thi ham so da cho tai
x J—

. —1
diem M (JJO, xo)' Khi d6 A ¢6 phuong trinh:
25(]0—3
Zo — 1 -1 ) hay = + (29 — 3)2%y — 222 + 429 — 3 = 0
— = T — xo) hay x o — — 2z x9g—3=0.
Y 900 — 3 (220 — 3)2 o) ey 0T SNy T ST T o
d(l,A) = < ——
( ) \/(21’0—3)44—1 \/2(21’0—3)2 \/§

To = 2
Dau bang xay ra khi va chi khi (229 —3)* =1 < e
Ty = 1
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Ta chon dap an @

Cau 519. Tacoz =0= = phuong trinh tiép tuyén taiz =0:y = -3z + 1
Ta chon dap an @

Cau 520. Phuong trinh dudng thing qua diém A(—1;0) v6i he s6 goc a ¢6 dang y = a(z +1) =
ar+a (d).
, . . 2 — 32 +2r =ar +a
Duong thang (d) 1a tiép tuyén khi hé phuong trinh ¢6 nghiém.
32 =6z +2=a
Dé thay he c6 ba nghiém (a;z) phan biet nén c6 ba tiép tuyén.

Ta chon dap an @

Cau 521. Goi M(m;m? — 3m), phuong trinh tiép tuyén A tai M ctia do thi (C) 1a: y = (3m? —
3)(x —m) +m?® — 3m.
Phuong trinh hoanh do giao diem ctia A va (C) 1a

z(z® —3) = (B3m* = 3)(x —m) +m® —=3m < (z —m)*(x +2m) =0

Khi dé z4 = —2m.

2 2 3
Vi B la giao diem ctia A véi truc hoanh nén zg = 3277%2
m JR—
Diéu kien dé M la trung diém ciia AB la
2m3 9
Ta+ap=2xy S 2m+——7=2m < m(dbm*—6) =0
3m? — 2

Vi A khac M nén m # —2m < m # 0. Do d6, ta duge 5m? — 6 =0 < m = £,/
Vay c6 2 diem M théa méan yéu cau bai toan.
Ta chon dap an @

. . 26
Cau 522. Db thi ham s6 y = —
T+ 2

c6 duong tiem can ding la x = —2, dudng tiém can ngang
lay = 2.
Tam dbi xting ctia do thi ham s6 1a giao ctia hai duong tiém can nén c¢6 toa do la I(—2;2).

Ta chon dap an

Cau 523. Tap xéc dinh: 2 = R.

Tacoy =6x—32% 9y =6—6x;y' =0r=1=y=4

Vay tam doi xiing ctia do thi ham s6 y = 2 + 322 — 2 1a diém I(1;4).
Ta chon dap an @

Cau 524. Tap hop tat ca nhing diém trong mat phing cach déu gbc toa do O mot khoang bing
2 1a duong tron (O;2). Mt khéc, ta lai ¢6 y = 322+ 3 > 0, Vo € R nén ham s6 luon dong bién
trén R.
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Do dé, (C) Iuon cit (O;2) tai hai diém phan biét.
Vay ¢6 2 diém M trén (C) sao cho khoang cach tit M dén gdc toa do bing 2.
Ta chon dap an @

. 2 + 1
Cau 525. Diém M (a; H) €A
a

+ 2
5 20+ 1 . 6‘
a— 2
. 1 3 10 11

Khoang cach tit M dén d 1 d(M;d) = at2 |__~ |petiBat )

V10 V10 a+2

) 3a® + 10a + 11 ,
Khéo sat ham s6 y = f(a) = @t +C;+ , ta ¢6 bang bién thién nhu sau:
a
a —00 -3 —2 -1 +00
f'(a) + 0 - - 0 +

©. 9]

g +oo +

f(a) ) g _ \ 4 /
400 +00 || +00 +

f@I T~ 8 - S~ 4 _—

Duya bang bién thien trén ta thay ham s6 y = f(a) dat gia tri nhdé nhat tai a = —1.
2 1

Khi do b= 2 —
a + 2 P Z

Hay khoang cach nhé nhat tit M den d dat duge khi a = —1, b= —1. Vay a + b = —2.

Ta chon dap an @

©.¢)

Cau 526. V6i x =2 = y = 3. Vay diém c6 toa do (0;3) thuoc (C).
Ta chon dap an @

Xo € Z
Cau 527. Giastt M (z0; yo) 1a diem trén do thi c6 toa do 1 cac sé nguyen, khi do 2% — 5 :
Yo = € Z
31’0 —1
229 — 5 6xy — 15 13 o =0
Vigpe ot 2 el = dyy= o2 2 e =2 €Z= (do zo € Z).
3?[70—]_ 31’0—1 31‘0-1 SCQI—4

Thit lai ta c6 cac diém c6 toa do nguyen trén do thi ham s6 da cho 1a M;(0;5), Mo(—4;1).
Ta chon dap an @

ar +b
cx

Cau 528. Ap dung tinh chét: Tiép tuyén bat k¥ clia do thi ham sb y = luon tao véi

hai tiém can mot tam giac cé dién tich khong déi.
Chon M (3;0) € (C). Tiép tuyén tai M c&t hai dudng tiém can lan lugt tai A(—1;y4) va B(zp;1)
nhan diém M la trung diém.

rp=2xy —Ta=171
Ta c6 = A(—1;-1); B(7;1).

ya=2ym —yp = —1
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Toa do giao diém ctia hai duong tiém can 1a I(—1;1).

1
Suyra [A=|—-1—-1]=2vw&IB=1|7T—(-1)|=8. VaySIAB:§-2-8:8.
Ta chon dap an

Cau 529. Do M, N thuoc hai nhanh khac nhau nén M (3 —a;3 — 8) , N (3 + 3;3+ Z) v6i
o
a, > 0.

. 8 8\’ 64(a + 3)? 64
KhldéMN2:a+B2+<+> :a+62+:a+52<1+ )Z
e ) S e = T g
4a5(1+)=4(aﬂ+>24-2-8:64.
(aB)? af
a=pf
Vay min M N = 8 khi 61 S a=[8=2V2
aff = —
af
Ta chon dap an @
Cau 530.
Ta c6 h(z) = 2f(x) — 2? nén I/ (z) = 2 (f'(z) — z). o
Dua vao hinh vé bén va tinh chat ctia tich phan ta thay h(2) — h(-2) = Shdeet

I
|
I
!
2L [
I
I
|
1
|

/h’@) dz = 2/ (f'(z) — z) dz > 0 nén h(2) > h(—2).

2 S

Tuong tu ta c6 h(4) > h(—2),h(2) > h(4), tit d6 chon phuong én C. L A4
O 2. 4¢

Lo

Ta chon dap an @

Cau 531. Taco 2V7 4V . 16Y7 — 198 o oV 2/ 14V _ 9T o (/02 L 02 + 4V/22 =7
1)

(2 4+ )2 =4+ (z? — ) e oyt =1 JoyyZVA =1 (2).

Dat a = /x> 0 (theo (2)), b= ¢y, c = /=

Theo bat déng thitc AM-GM ta c¢6

T=a>+20° +42 =+ P+ P+ +E+E+E > TVa?h S =T.

Dau ” =" x4y ra khi vi chi khi a2 = b? = ¢2, hay V22 = ¢/y2 = V/22.

Thay vao (1) ta duge Va2 = /y2 = V22 = 1.

Viz > 0 nén cé 4 bo s6 théa man 1a

(z,y,2) = (L 1;1); (2,9, 2) = (1, =1;1); (2,9,2) = (1;1;-1); (z,9,2) = (1, -1, —1).

Ta chon dap an

Cau 532. Taco A =642 -645 - /64 =8-4-2 = 64.
Ta chon dap an @
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Cau 533. Tavidtlai P = (7+4v3) (7+4v3)™" (43 = 7)™ = (T + 4v/3) (7 + 4V3) (4v3 - 7))*"
St dung may tinh, tinh dugc (7+4\/§) (4\/5— 7) = —1. Suy ra P = <7+4\/§> (—1)%016 =
(7+4v3).

Ta chon dap an @

Cau 534.
Ta chon dap an @

+

W=
[N
N[

Cau 535. Véiz >0, taco P=zx3 26 =21
Ta chon dap an @

Cau 536. Taco P = \7%.\3/ 12,05 = \73:.\3/ 23 = Vaxs = Vs =z,
Ta chon dap an

Cau 537. Q=055 = bis
Ta chon dap an @

= /.

=T

Cau 538. Ta co:

| _ _ c — = I = - .. = i
con(1+) (1+3) (1) —om(3) (5) (o) Gors)

1 11 1 20182017
= (2017\!=. = . —... . = 920182017
(2017) 1 2 3 2016 2017 018

Vay a = 2018; b = 2017.
Ta chon dap an @

1V5
Caus539. - =a Y. Doa>1lsuyraa¥3>a V5.

a
Ta chon dap an

Cau 540. Ap dung 1y thuyét: Liy thira véi s6 mit khong nguyén thi co s6 phai duong. Do d6
ham s6 y = (z — 2)3 xéc dinh khi z —2> 0 & 2 > 2.

Ta chon dap an

Cau 541. Vi ham s6 y = (1 — )™ 1a ham s6 liiy thita c6 s6 mii 7 khong nguyén nén ham s6 xac
dinh khi

l-z2>0&2<1.
Vay tap xac dinh ctia ham s6 1a 2 = (—o0; 1).

Ta chon dap an @

Cau 542. Diéu kien:  —1 > 0 (vi 1 khong nguyén) = 2 > 1 = tap xac dinh D = (1; +00).

Ta chon dap an

]_ < ]_
Cau 543. Vsine N tacoa™=—,Va#0. Apdung 42?2 —1#£0< x # :I:i.
an
Ta chon dap an @
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Cau 544. Do /2 ¢ Z nén ham s6 y = (22 +m)¥?2 ¢6 tap xac dinh 1a R khi va chi khi 22 +m >
OVeeR=m>0.
Ta chon dap an @

Cau 545. Ap dung cong thitc (z%) = az®!, ta c6: y = (x\/i)/ = 2zV2 1,
Ta chon dap an @

1 1
Cau 546. V6ia+br® >0tacdy=(a+bax®)3s neny = ~(a+bad)"5 -3ba? = ——
3 7/ (a + bx3)?

Ta chon dap an @

4o —1 1

Cau 547. Tacoéy = = f(0) = —=.
Y 3¢/(202 — z + 1)2 f10)

3
Ta chon dap an @

Cau 548. Theo tinh chat ciia logarit ta c6 a'°8® = z.

Ta chon dap an @

Cau 549. log, 45 — log,45 _ log, (3%.5) _ 2logy3+1ogy5 2 (1+logy 3) +logy 5 — 2 _
log, 6 log, (2.3) 1+log, 3 log, 3 + 1

log, 3 +1
=a=2b=-2c=1=a+b+c=1.

Ta chon dap an @

Cau 550.

° 2756839 2756839 — 2756839

c6 chit s6 tan ciing khac 0 nén va p — 1 ¢6 s6 cac chit s6 bang nhau.

e S6 cic chit sd khi viét trong hé thap phan ciia p = 2783 — 1 la: [log2™%8%] + 1 =
(756839 log 2] + 1 = [227831, 2400] + 1 = 227832.

Suy ra p = 279839 _ 1 khi viét trong hé thap phan 1a s6 c6 227832 chit sb.
Ta chon dap an @

a+b

2
Cau 551. Tu gia thiét suy ra (a +)? = 9ab & ( ) = ab. Logarit hoa 2 vé theo co s6 2 ta

b
co: 2log, a—?l)— = log, a + log, b.

Ta chon dap an

Cau 552. [ =log sa= loga% a = 2log,a = 2.
Ta chon dap an @

Cau 553. Biéu thiic c6 nghia khi va chi khi 2 —a > 0, hay a < 2.
Ta chon dap an @
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3
Cau 554. Tulog, r =2, log, x = 3 ta c6 log, x = log, alog, x = log, a = 3"

1 1 3
Dodé: P=logg o= 20— 2" ___ 2 _ g
b

log, (&) ~logya —log, b2 3 9
Ta chon dap an

Cau 555. A = ology 9+logy 5 _ 9logy 9 . glogy 5 (210g2 9)
Ta chon dap an @

N[

ot

I
w
ot

I
—_
(@

Cau 556. Tac6 P = P =log,sa® =9log,a = 9.
Ta chon dap an @

Cau 557. Ap dung cong thitc log, b.log,c = log,c (0 < a # 1,0 < b # 1,¢ > 0). Ta ¢6
P =log, 3. (2log; 5) .log; b = 2log, b.

Ta chon dap an

Cau 558. Ta c6 29843 = /3 vi 5812527 = 3 Suy ra v/210843 50812527 = /31/3 = /3.
Ta chon dap an @

Cau 559. Thay ngay trong cac thita s6 ¢6 logs(2cos60°) =log; 1 =0= F =0.

Ta chon dap an

1 1
Cau 560. Ta co: A = log, (a*V/b) —log, ¢* = log, a*+log, b3 —3log, ¢ = 4—1—5 :3—3-(=2) =11.
Ta chon dap an @

Cau 561. Tac6 P =log, (b*c?) = 2log, b+ 3log, c = 2.2 + 3.3 = 13.

Ta chon dap an

1
Cau 562. Taco N = log% 7+ 2logy 49 — log, /5 7= —logs 7+ 2logs 7+ 2logy 7 = 3logs 7.
Ta chon dap an @

log 1 2

Cau 563. Taco M = 3%~ = 3-5l8s2 — (3lom2)

wl—=
Il

1
3 _ 2=
Ta chon dap an @

Cau 564. Tacélog,b=5=b=2a" log,c=—-3=c=a">

VA 4as 35
Vay log, <ac\2/_> = log, (aa_ZS> = log, a% = 3

Ta chon dap an

Cau 565. Ta co log, (a®b) = log, a® + log, b = 2 + log,, b.
Ta chon dap an

1 4
Cau 566. Taco —2¢% —log b= - =2 = 4log, b = log, b* = 8.
log,.b 2

Ta chon dap an @
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Cau 567.

P =log(tan1°?) + log (tan 2°) + log (tan 3°) + - - - 4 log (tan 89°)
= log (tan 1° - tan 2° - tan 3° - - - tan 89°)
= log (tan 1° - tan 2° - tan 3° - - - tan 44° - tan 45° - cot 44° - - - cot 3° - cot 2° - cot 1°)

=logl=0.
Ta chon dap an @
~ . b b 6
Cau 568. Ta co: logabzzzﬂjzm;logQa:?:a:2b.

16\ 1
Dodc’):b:(2b) =2* =16, suy ra a = 2.
Vay a + b = 18.
Ta chon dap an @

Cau 569. Cach 1: Phuong phép tu luan.

o loga\/f_ ;(logab—l) - ;(\/3—1) VBl e
1Oga@ log, Vb — 1 ;logab—l V3 =2

Cach 2: Igbhu’dng phap tric nghiem.

Chon a = 2, b = 2V3. BAm may tinh ta dusec P = —1 — /3.

Ta chon dap an @

1+ logyy x4+ logs y B
2logyy(x + 3y)

Cau 570. - Ta ¢6 2? + 9y* = 62y < (z + 3y)* = 12zy nén M =

10g12(12$y) _
logyo(z + 3y)?
Ta chon dap an @

2
Cau 571. Ta c6 logl 22 = ( — 2log, x) = 4log’ v # —4log> x.
Ta chon dap an @

Cau 572. Ap dung cong thiic sach gigo khoa log,, - log, x —log, vy .
Y
Ta chon dap an @

Cau 573. Ta c6 log(a®) = 3loga.
Ta chon dap an @

1 <log,b
Cau 574. Dap an Csai vivéia < b = = logya <1 <log,b

logya <1
Ta chon dap an @
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Cau 575. Tacoéb >3 =logyd >logs3 =1.
Mat khac, 4 <7 = log, 4 <log,4 = 1.

Vay logs; 5 > log, 4.
Ta chon dap an @

1
Cau 576. Ta c6 log,2(ab) = 3 log, (ab) =
Ta chon dap an @

N | —

2

log, 1 <log,a < log, b
Cau 577. Tacol <a < b=

log, 1 < log, a < log, b
log, b.

Ta chon dap an @

3

1 1
(1 +log,b) = 3 + —log, b.

0<1<log,b

= log,a < 1 <

0 <logya <1

2
Cau 578. Ta c6 log, (Z) = log, (2a®) — log, (b) = log,(2) + logy(a®) —logy(b) = 1+ 3log, a —

log, b
Ta chon dap an @

Cau 579. V6i moi s6 duong a, b ta c6: In(ab) = Ina + Inb.
Ta chon dap an @

Cau 580.
2017\ ) )
(2016) <1< x>0, néu chon z =1 ta thiy ro rang sai.

o 10g,5 2017 < 1 < 2017 < 2016! v6 1y.

e 10gy0,7 2016 > 1 < 2016 > 2017* vo .
Ta chon dap an @
Cau 581.

e Dap an A sai v6i a = 0.

e Dép an B sai vi (log, b)? = log, b - log,, b.

e Dap an C sai vi log,(20) = log, 2 - log, b
Ta chon dap an @

1
Cau 582. P =log,b® + log,. b° = 3log, b+ 5.610ga b= 6log,b.
Ta chon dap an @

1
Cau 583. Ta c6 P = log,:(ab®) = log,2 a + log,» b° = 3 log, a +
Ta chon dap an @

1
—1
2

1
og, b® = 5T 3log, b.
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a=4"
a 2\"
Cau 584. Dit t =logya =loggb =logg(a+b) = ¢ b= 6" :>b:<3) > 0.
at+b=9
2\* 2\ —1++/5
Vaytacc’)a+b:9t<:>4t+6t:9t<:>(3) —|—<3> —1=0=1t= ;f
Ta chon dap an
Cau 585. Lay b > a > 1 ta thay loga%<0.
Ta chon dap an @
1 1 1 12
Cau 586. Taco P =log,r = = =1—7=—=
log,ab log,a+log, b s+ 7

Ta chon dap an @

1—ay
T+ 2y

Cau 587. V6i gia thiét bai toan ta c6 log,
logs(z +2y) + 2 + 2y

= 3vy+a+2y—4 & logy 3(1—zy)+3(1—zy) =

Vi ham s6 f(z) = x + logy x dong bién trén (0; +00) nén ti trén ta suy ra 3(1 — zy) = x + 2y &

11=3z+2)3y +1).
Duing bat dang thic AM — GM suy ra 3z + 2+ 3y + 1 > 2v/11.

Vv11 -2
WIT—3 Se+2=3y+1 |r="p—
Suy ra r +y > ————. Dang thic xay ra khi hay 3
3 31—ay) =x+2y _ vil—1
3

Vay phuong an dung la D.
Ta chon dap an @

1 1
Cau 588. Ta c6 log, 500 = 3 log,(22.5%) = 5(2 + 3a).
Ta chon dap an @

logi, 7 logpa 7 log, 7 b

Cau 589. log,7 =

Ta chon dap an

1 . .
Cau 590. Taco 5= logy 5 = % = log, 3. log; 5 = log, 5. Vay ta dua ve cd so 2.
log, (3%.5)  2a+§  2ab+a
o log,3+1  a+1  ab+b’
Ta chon dap an @

log s 2 logug ~ 1-log,,6 1—a

logg 45

Cau 591. Ta c6 log 9000 = log (32 - 1000) = log 10 + log 3% = 3log 10 + 2log 3 = 3 + 2a.
Ta chon dap an @

Cau 592. Do a,b>0nén a+b=/(a+b)?=+a®+ b+ 2ab = /98ab + 2ab = v/100ab.
a+b v 100ab 1

SuyraP-ln( 10 )—111( 10 )—ln<\/%)—2ln(ab).

Ta chon dap an @
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Cau 593. Tacé:z=a"=0" = a=flog, b= log, b= g.
1 1 1 208

“ log, ab?

2. — .
T 2l0g,0 0% 2048
g

Do d6, log,. 22 = log,. a** = 2
Ta chon dap an @

Cau 594. Ta c6 a = log; 189 = log,(3% - 7) = 3 +log; 7 = log; 7 = a — 3.
1 1 1 logs 7 a—3 oa—3

Do dé. t 51 T = = — — — —
0G0 a0 8180 [ = 1007180~ log,(35-7) 1+3log;3 logs7+3 a—-3+3  a

Ta chon dap an @

Cau 595. Ham s6 y = In(2? — 2mzx + 4) xac dinh Vz € R khi 22 — 2mz +4 > 0, Vz € R

a>0 1>0
& & S —2<m<2.

A" <0 m*—4 <0
MameZ=me{-1;0;1}.
Vay c6 3 gia tri nguyén clia tham s6 m thoa yéu cau bai toan.
Ta chon dap an @
v = log, 1 & 1 = a™

Cau 596. Goi A(z1,y1), B(x1,y2). Ta co = a¥ = b¥2.
Yo = log, z1 & 1 = b

Ma 2HA = 3HB nén 2y; = —3ys. Suy ra

3y2 1 Y2 1
542:w“©(3> = (V") & = =0 <db’ =1
a a

Ta chon dap an @

Cau 598. Ham s6 y = " — 2z xac dinh véi Vz € R.
Ta chon dap an @

Cau 599. Ham s6 xac dinh khi z # 0.
Ta chon dap an @

3
>0& (z4+3)(x—2) >0«
T —2 T > 2

Cau 600. Diéu kién xac dinh :

Vay 2 = (—o0; —3) U (2; 4+00).
Ta chon dap an @

Cau 601. Dicukien 22 — 32 +2>0< z € (—o0;1) U (2; +00).
Ta chon dap an @

. r+3>0 z+3>0
Cau 602. Ham so xac dinh khi va chi khi = S —3<r< =2,

logg 3(7 +3) >0 (x+3)<1
Ta chon dap an @
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. 1 , P 11
Cau 603. Dicu kien: 422 — 1 #£0 &z # i§ nén tap xac dinh ctia ham s6 1la 2 =R\ {—2; 2}.
Ta chon dap an

1

. —222 4+ 52 —2>0 —<zxr<2
Cau 604. Diéu kien: 1 &2 Sl<z<2
5 >0 r<—-1l,z>1
x4 —1
Ta chon dap an
. >3
Cau 605. Ham s6 c6 nghia < 22 — 22 -3 > 0 & :
r<—1
Vay tap xac dinh 1a D = (—o0; —1) U (3; +00).
Ta chon dap an @
x>0 x>0 x>0 1
Cau 606. Dk: & & S > -,
logox+3>0 log, x > —3 x>273 8
Ta chon dap an @
r+2#0
Cau 607. Ham s6 xac dinh khi ¢ .. _ 3 &z € (—oo;—2) U (3;400).
>0
T+ 2

Vay D = (—o0; —2) U (3; +00).
Ta chon dap an @

9 _
Cau 608. Dk: +x >0< —3<x<2hayze(-3;2)
x

Vay TXD: 2 = (-3;2).
Ta chon dap an @

3r+6

Cau 609. Dieu kién xac dinh: . >0 —2<x<l.

—x
Vay tap xac dinh ctia ham s6 1a 2 = (—2;1).

Ta chon dap an @
22 —3r—-10>0
r—2—+Va2—3x—-10>0

z > —2hodcx >5 x> —2hodcx>5

Cau 610. Dieu kién xac dinh ctia ham sé:

S3r—2>0 e >2 & hH <z < 14.

r? —3r —10 < (z — 2)? r <14
Ta chon dap an @

Cau 611. Ham s6 xac dinh trén R khi va chi khi:
22 —2mr+4>0,VeeReAN=m>—4<0s -2<m<2.

Ta chon dap an @
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2—x 2—x —2<r<?2
5 >0 2>O
Cau 612. Ham s6 xac dinh khi vi chi khi { T e {rT e [r< o
2—zx —2x
log1 >0 <0
242 x4+ 2 x>0

=2 =10;2).
Ta chon dap an @

Cau 613. Ham s6 xdc dinh véi moi z € (1;2) & —2 +mz +2m +1 > 0, Vz € (1;2).

oms o] (z), Yz € (1;2)
m = g(x), Vx :2).
x+22 g Y 7
4 —1 3 3
Xét g(x) = =r—24+—=¢@)=1——-—=>0,Vre(l;2).
9@ =753 iz 9@ (+2)° (1:2)
3 3 N
Do lim g(x) = —. Vay m > - la gia tri can tim.
T2~ 4 4

Ta chon dap an

24 2) 2
Cau 614. Tacoy = (2" +2) <

(z2+2)In5  (22+2)In

3 Vo € R.
Ta chon dap an @

Cau 615. Cong thitc dao ham ctia y = o® la: ¥/ = a*Ina.

Neén ham s6 da cho c6 dao ham 13 3/ = 13%1n 13.

Ta chon dap an

Cau 616. Ap dung cong thitc (log, ) =
Ta chon dap an @

zlna

Cau 617. Taco:y = (551“’”), = (sinz) - 5% . In5 = 57 . In5 - cos x
Ta chon dap an @

(2 —1) 2

Cau 618. Tacod:y = = .
o Gy (22 —=1)In3  (22—1)In3

Ta chon dap an @

1 1
Cau 620. Ta co y = ze® + ixzew, y' =e* + et + ixQex + ze®.
Vay vy —y = e®(x + 1).
Ta chon dap an @

Cau 621. Tacéy = e"(sinz—cosx)+(cos x+sin x)e” = (sin x—cos x+cos x+sin x)e” = 2e”-sin x.

Ta chon dap an

Cau 622. Tacoy = (
Ta chon dap an @

:L’—f-l)/_ 4" —(r+1)4"In4  1-2(x+1)In2
ik o 42z o Vi ’

<1+ V$+1>/ _ 2\/glc+1 B 1
1+vVzr+1 1+vVe+1 2Vz+1(1+Vz+1)

Cau 623. Tacoy =

Ta chon dap an @
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Cau 624. Ta tinh

,_ (VD) L _ !
YT+ vom2  2ya(l+va)n2  Va(l+ Jz)ind

Ta chon dap an @

Cau 625.

Ta chon dap an

Cau 626. Ta c6: y = [(sinz)?] - G’ = 2ginx - (sinz) - et = 2sinzcosz - D’ =
sin 2z - e )’

Ta chon dap an @

Ta ¢6 y = 477243 (42 — 22+ 3)' In4

— 4772743 (94 — 2)In4
Cau 627. )

= (22 — 2)4*°4" 7> In4

= 128(x — 1).4% 72" In4.
Ta chon dap an @

20 — 1

Cau 628. Tacoy =2"In2 .
au a0y " +(x2—x—|—1)1n10

Ta chon dap an @

N 1
Cau 629. Diéu kien xac dinh: 322 —2r —1 >0 2 < -3 hodc z > 1.
6xr — 2
322 — 2z — 1
Vay phuong trinh ¢/ = 0 vo nghiém.

Ta chon dap an @

1 .
Ta c¢6 9 = Y =056r—2=0&10= 3 (khong théa man dieu kién).

Cau 630. Diéu kién xac dinh: 22 — 22 —3 >0 < 2 < —1 hodc > 3.
20— 2

x2—2xr—3
2r — 2

o x?=2r-3
So sanh véi dieu kién, ta duge z > 3.

Vay S = (3; +00).
Ta chon dap an @

Ta c6 ¢y =

Khi do, ¢y > 0 & >0=a2>1.

(2z+1) 2
(2z+1)In2 (2z+1)In2’

Cau 631. Tacoy =

Ta chon dap an

1 -1 11 1
Cau 632. Taco f'(x) =—— + <> | R _nr
x
Ta chon dap an @
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e3018
eTs + \/E'
Ta sé chiing minh néu a + b = 2018 thi f'(a) + f'(b) = 1. That vay, dat k =

Cau 633. Taco f'(x) =

—— thi
2018

ka ekb

€
- eka+\/6+ekb_’_\/5
26K 4o eha -\ fo ek
RO
2eHa+D) 1[5 ehe 1 Jg . kb
- ekt 1\ /e eha 4 \fe - ekt + e

1
=1 (vik=_—=vaa+b=2018)

f'(a) + f'(b)

2018
1
Mét khéC, f/<1009) - 5, do dé:
1 2017
T=f(1)+f(2)+..+ f(2017) = 1008 + 5 = = —.
Ta chon dap an @
1

—z—Inzx
T _1
22 2 2

(Inz) -z —2'-Inz —Inx

Cau 634. Cach 1.y =

1
Y (1—1nx)'~x2—(x2)’(1—lnx)__;'xz_%v(l_lnx) —r—2r(l—-Inz)  1+2(1-Inx)

fL’4 x4 I‘4 xg
3—2Inz
T B
1-1 3—21 2—2Inx —3+421 1
Suy ra 2y +ay" =2 an_x 3”: = 5 - M:—T
x x x x
) ) ) 1
Cach 2. Ta ¢6 zy = Inz, 1ay dao ham hai vé theo bién x, ta dugc y + xy’ = —-
x
Z z 2 Z P .2 1
Tiép tuc lay dao ham hai vé theo bién z ctia bieu thiic trén ta duge y' + ' + zy” = ——; hay
x
1
/ "o
2y +xy” = 2

Ta chon dap an @

1
Cau 635. Tacoy=1 =—1 1
au acdy=In_——— n(zx+ 1)
= e¥ = 6ln(ac—i—l)*l — va y/ _ -1
z+1 z+1

Vay eV + 3y = 0.
Ta chon dap an

=0
Cau 636. Tacoy =2(z —2)e” + (v —2)%" = x(x —2)e”. Dod6 ¢y = 0 &
T = 2.

Ma y(1) = e,y(3) = e3,y(2) = 0, suy ra gia tri 16n nhat ctia ham s6 y = (z — 2)%e” trén [1; 3] 1a 3.
Ta chon dap an @

2 2222 r=1
Cau 637. Tacoy =2z — — = z =y =0&
L L r=—1
m=1

Ta duge y(e™!) = e 2+ 2;y(1) = L;y(e) = e — 2 =
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Ta chon dap an @
2 1. .

Cau 638. Rat gon bieu thic P = —3 logi a + log3 a + 3logs a + 1.
1

Dit logsa =t; via € {9;3} nén t € [—2;1].

) 1
Ta duge ham s6 f(t) = —§t3 +2+3t+1,t € [-2;1].

Ta c6 f'(x) = —t* + 2t + 3, cho f'(t) =0 & =t
t = 3(loai)
t —2 —1 1
() - 0 +
: i
3 3
£ \ , /
3

14 2
VayMZEVam:—gnénA:5m+2M:6.

Ta chon dap an @
Cau 639. Ta c6 P =log, b+ log, c+log, a + log, c + 4log. a + 4log, b.

Ap dung bat ding thitc Co-si cho céc ciip s6 duong log, b va log, a;log, c va 4log,a;log, c va 4log.b
ta duge: P > 24/log, b - log, a +2\/4log, ¢ -log, a + 2/4log, ¢ - log, b = P > 10. Dau béng x4y ra

a=">0
khi va chi khi :
c=10
m = 10
T do suy ra ,suy ram+n = 12.
n=2

Ta chon dap an @

Cau 640. Ta co:

<logs(2r+y+1) —logg(z+y)=3x+y) — 2 +y+1)+1
<logs(2r+y+ 1)+ e +y+1) =logs[3(x+y)] + 3(x +y). (1)
Xét ham s6 y = f(a) = log; a + a trén (0; +00).
Dé thay ham s6 y = f(a) 1a ham s6 dong bién trén (0; +00).
Dodo, (1) & f2z+y+1)=fBx+y) e2rx+ty+1=3@@+y) er+2y=1
1 1 1

2

Tacd) —+—=—+ ——
acox—l—\/g - T

5 Yy
>1+ 1 1 1 i 1
L e | 1
T T

+vy 4+y 4+y
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(1+1+1)2 9
T liyaliy 42 +1:6.
x4+ - - x —

TR I Y 2
Déu“:”xéyrakhivachikhix:5;yzz.

Ta chon dap an @

Cau 641. Taco

T+y
1 = -3 —3

3(z +y) +logys Bx+y) = (22 +y° +ay +2) +log 5 (2 + 4 + 2y +2)

1
Hay f(3(z +y)) = f (2® +y* + xy +2) v6i f(t) =t +log 5t c6 f'(t) = 1+m > 0,Vt > 0.
n

Do vay
3z+y) =2 +y* +ay+2
& (42® + ey +9*) +3(° -2y + 1) —6(2z +y) +5=0
= (2c4+y) —6(2c4+y)+5=-3@y—-1%<0

2x—|—y—5<1

Suyral<2rxr+y <5 Dodo P=1+ <
r+y+6

Vay Ppax = 1.
Ta chon dap an @

Tacs P =log}(?) + 3log, (7 ) = [2logs o]+ 3log, (7)

Cau 642. = 4 |log, (Zb)r +3log, (7):

2 a
=4 [1 +loga b} + 3log, (5>
Dit ¢ = loga b, dicu kien t > 0 (via > b > 1).
3 3
Xt P=4(1+4)° 4 = 47 4+ 8t + - +4 = f(t).

3 83482 -3 2t — 1) (4> + 6t + 3
TaCéf’(t):8t+8—t3: + ( ) (4t° 4 6t + 3)

2 t2
1
Khids f/(t) =0t = 3
Ta c6 bang bién thién:
T | —00 0 ! +00
2
Y 0 +
400
Y /
15

1
Ta suy ra Py, = f (2> = 15.
Ta chon dap an @
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Cau 643. Tacoln(14+2) + 3z2y —In2 = 7y — x(2? + 3y?)

S+ y) + (@ +9)* = In(2y) + 20)°, (1)

Xét ham s6 f(t) = Int + 3 v6i t > 2.

Ta c¢6 f'(t) :1+3t2 >0 v6it > 2.

Ham s6 f(t) dong l%ién nén (1) icu’dng?) du’dnlg vé‘i5 x =y, thay vao ta dugc
vty T TEZITTC T

Suyram:idat duge khi z =y = 1.

Ta chon dap an @

T=x+

Cau 644. - Gia thiét tuong duong véi logy(2—2ab) + (2 —2ab) = logy(a+b)+(a+b) & 2—2ab =
a+bdoham f(t) = log,t +t dong bién trén tap xac dinh.

2v/10 -3
- Rat a theo b thay vao P, khi d6 Py, = \/_2

Ta chon dap an @

Cau 645. Taco P = y/logsa + \/1og2 b= \/10g3 2\/log2 a + +/log, 34/logs b. Ap dung bat ding
thitc Cauchy-Schwarz ta c6 P? < (logs 2 + log, 3)(log, a + logs b) = log; 2 + log, 3. Suy ra P <

\/1ogy 3 + logs 2.

Ta chon dap an @

L e\ 2zl e\ —2z+1 e
Cau 646. Ham so y = (5) xac dinh tréen R va c6 ¢ = —2 <§) - In (5) <0VxeR
—2x+1
do d6 ham s6 y = (%) nghich bién trén tap xac dinh ctia no.
. 3\ 1\ R . .
Cac ham so y = () (Y = <3> = 3% va y = 2017* deu la cac ham s0 mi ¢6 ¢ so 16n hon 1
e

nén ching déu dong bién trén R.
Ta chon dap an
Cau 647. Ham s6 xac dinh trén 2 = (—o0;0) U (2; +00).

2 — 2
(22 —2x)-In2’

Ta c6 ' =

z € (—00;0) U (2;400)
Vay ham s6 da cho dong bién khi 990 9 =z > 2.
>0
(22 —2x) - In2
Vay ham s6 dong bién trén (2;+00).

Ta chon dap an @

Cau 648. Cac ham s6 mii va logarit dong bién trén tap xac dinh ctia n6 khi ham s6 d6 c6 co s6
16n hon 1.
Ham s6 dong bién trong dé bai: y = log, x.

Ta chon dap an @

. 2\* . . 2
Cau 649. Ham so y = <) nghich bién trén tap so thuc R vi 0 < () < 1.
e e
Ta chon dap an @
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2
Cau 650. Tacs: 7=R.y = - — —m.
¢+ 1 5
Ham s6 dong bién tren R < 3 > 0, Vo e R & f(x) = Qilzm,VmeR.
T
21 2 (2% +1— 227
Xét f(x) = = f(x) = =0& =+l

Lai co: lim fl@)=0;f(-)==-1Lf(1)=1=(x) = —-1>m.
Ta chon dap an @

Cau 651. Taco f(z) = 20 77" < 1 < log, (2”’.79”2) <0< x+a?log,7 <0, nén cau A ding.
Va f(z) =27 <1< (2x.7x2> <0& xln2+2?In7 < 0, nén cau B ding.

Va f(z) = 257" < 1 < log, (23”.7962) <0< zlog;2+ z* < 0, nén cau C ding

D sai do f(z) = 2°.7%" < 1 < log, (2’”.7x2) <0& z+2%log,7< 0 z(1+ xlog,7) < 0.

Ta chon dap an @

Cau 652. Ta tinh dao ham

, e+ 1) —e®(2z)  eF(x— 1)

y = (22 +1)2 = @1y > () = Ham s6 ddng bién tren R
Ta chon dap an @
Cau 653. Tacoy — —> —m
| y= 2 +1

Ham s6 da cho dong bién trén khodng (—oo; +00) < ' > 0,Vr € (—oo; +00)

2
& g(z) = p j_ : > m,Vr € (—o0; +00)
< m < min g(x).
—2% 42

TaC(/)g/(l')ZWZO@.I:il

Bang bién thién

T |—0o0 -1 1 +00

g -0 + 0 -

g o\_1/1\0

Duya vao bang bién thién ta c6: ming(x) = —1. Vay m < —1.
Ta chon dap an @

Cau 654. Ta c6 1y = (2ax + b).e® thrte,
Ham s6 dat cuc tri tai 2 = 1 nén /(1) = 2a + b = 0. Mat khéc y(0) = e =e = c= 1.
Vﬁy y<2) — elat2bte 6.62(2a+b) — e,

Ta chon dap an
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Cau 656. Do thi ham s6 y = ¢ luon nhan truc hoanh 1a tiém can ngang.

Ta chon dap an

Cau 657.
Quan sat do thi ta thay. Yy
Ham s6 y = a® dong bién nén a > 1.
Ham s6 y = log,  nghich bién nén 0 < b < 1.
y=a’
O 1 z
y = log,
Ta chon dap an @
Cau 658. Tiudothitathiy 0 <a<1vab,c>1
yr = b . )
Vi, : tir do thi ta thay y; >y, < 0% > ™ < b >c. Vay a < ¢ < b.
Yo ="
Ta chon dap an
Cau 659.
Ching ta c¢6 y = f'(x) = Inxz + 1 nén Yy
e y=Inz+ 1 1a ham s6 xac dinh tren (0; +00). /
e y(1)=In1+1=1, tiic 1a d6 thi ham s6 di qua diém (1;1).
19 / 1 z

Tt d6 suy ra, trong bén do thi da cho & cac phuong én A, B, C, D chi c6 do
thi hinh beén la théa man cac tinh chat trén ctia ham s6 y = f/(x).

Ta chon dap an @

Cau 660. Ca hai do thi déu dong bién tréen (0;+00) nén ta ¢6 a > 1,b > 1. Ngoai ra, vi
log, 2 > log, 2 nén phai c6 a < b. Vay b > a > 1.

Ta chon dap an @

Cau 662.

V& do6 thi ham s6 y = ¢ ddi xiing véi do thi ham s6 y = log, x qua Yy
dudng thing y = IAGATE ¥eu
D6 thi cac ham s6 y = a®,y = b*, y = ¢® nghich bién trén R nén ta P
coc<a<hb.
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Ta chon dap an @

Cau 663. Ham s6 y = a® 1a ham ngich bién nén 0 < a < 1 va lay 1 hoanh do bat ky déng lén

tacoec>b>1nénc>>b>a.
Ta chon dap an @

Cau 664. Ap dung cong thic tinh 1ai kép thi sé tién duge linh 1a T = 100 - (1 +0,4%)°

102.424.128,4 (dong).
Ta chon dap an @

Cau 665. S6 tién thu duge 1a 8.107(1 + 6,9%)” ~ 111 680 000 dong.
Ta chon dap an @

Q

Cau 666. Tong s6 ticn linh ra sau n nam bang 50.(1,06)". Ding may tinh kiém tra thay n = 12

thi 86 tién 16n hon 100. Vay chon phuong an C.
Ta chon dap an @

uy = 2000000

Cau 667. Dat {d = 200000 . Goi M, la sb tién ngudi dé c6 dude sau k thang giii tién k

¢ =1+0,0055
1,2,3, -, 60.

Ta cb

My =wu;-q
My = (M, +uy +d) g = w1¢* + u1q + dgq
Mz = (Msy + uy +2d) ¢ = u1¢° + w1q* + u1q + dg* + 2dg
My = (Ms + uy + 3d) ¢ = u1q* + w1¢® + wq® + wiq + dg* + 2dg” + 3dg
Mgy =u1q (¢ + -+ ¢* +q+1) +dg (¢ +2¢°" + -+ + 58¢ + 59)
1_q60

l—q
Xét ham s6 f(z) =1+x+a? 4+ -+ + 2% + 25 =

Taco ¢+ -+ +qg+1=

1 — 2%
-z o -

59z% — 60 1
Ta 6 f/(z) = 1+ 2z + - - + 58257 + 592 hay f/(z) = —— o

(z —1)2
59250 — 6027 + 1
Tit d6 1+ 22 + - - + 58277 + 5927 = 2 v
(z —1)2
1
Thay x = — ta dugc
q
59 — 60q + ¢
¢ +2¢""+ - +58¢+59 = qtq
(1—4q)
1—q% 59 — 60g + ¢*° .
VayMﬁozulq-liq%—dq- i q;q — 530447312 déng.
—q —q

Ta chon dap an @
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Cau 668. Dit T = 3 (trieu dong), r = 0,67% va n = 24
Sau thang thit 1 (chua giii them tién cho thang thit 2), s6 tién trong ngan hang la:
P =T +r).
Sau thang thit 2 (chua giii thém tién cho thang thit 3), s6 tién trong ngan hang la:
Po=(T+P)1+7r)=T[1+r)?+(1+7)]
Sau thang thit 3 (chua giii them tién cho thang thit 4), s6 tién trong ngan hang la
Py=(T+P)1+7r)=T[1+rP+1+r)+(1+7)].
Sau thang cudi thi n (ngan hang tinh 14i va khong giii them vao), s6 tién trong ngan hang 1a
Po=(T+P_)1+r)=T[Q+r)"+1+7r)P+1+r)?+(1+r)] = T(l +r)[(1+7r)"—1]

o
3.10° .
Nht vay Py = =00 [(1+0,0067)* — 1] (1 + 0,0067) = 78351483 dong.

Ta chon dap an @

Cau 669. Goi a (dong) la sb tién nguoi d6 gbi vao ngan hang méi thang, r 14 1ai suat clia ngan
hang.

Cudi thang thi nhat, ngudi d6 ¢6 sb tien 1a: Ty = a + a.r = a(1 + ). Dau thang thi hai, nguoi

d6 co sb tien la: a(l+r)+a=al(l+7r)+1] :[(14'?)_1] [(1+7)* = 1] :%. [(1+7)?—1].
Cubi thang thi hai, nguoi d6 c6 s6 tién la:
TQ:% [(1+7)? 1] +g. [(1+7)* 1] .r:%.[(l—i-T)Q—l] (1+7).

Téng quat, cudi thang thit n thi ngusi do tich liy duge s6 tién la: T, = =) [(T+7r)" =11 +7r).
r
Theo dé bai ta c¢6: a = 4000000, r = 0,006, n = 300 (thang). Vay sd tién ngudi ay c6 duge sau 25

4000000 .
[(1+0,006)* — 1] (1 +0,006) = 3.364.866.655 (dong).

am la: A = Tsp0 =
nam la 300 0,006

Ta chon dap an @

Cau 670. Dat r 1a lai suat hang thang va m 1a sd tién hoan ng moi thang.

e SO tién ong A ng ngan hang cudi thang thit nhat 1a 7y = T(1 +r) — m.

e SO tién ong A ng ngan hang cudi thang thi haila Ty = Ty (1+7)—m = T(14+a)*~m[1 + (1 +r)].
e SO tién ong A ng ngan hang cudi thang tht ba la T3 = To(1+7) —m = T(1 + 1) —
m[l+(1+7)+(1+7)

T, :T(1+r)3—m7(1+7")3_ S

) T (1+7)° 1,01)3 .
Theo gia thict ¢6 T5 = 0= m = r+r)” (Lo (trieu dong).

(14+r) =1 (1,01)3 -1
Ta chon dap an

Cau 671. Ap dung cong thitc tinh 1ai kép (A = 200,r = 7.5%,n = 5)

S = A.(147)" =200 x 1.075° = 287.126 (tricu dong)

Ta chon dap an @
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Cau 672. SO tien ng sau n thang dude tinh theo cong thiic

0,8
0,012

A, =20(1+1,2%)" — [(1+1,2%)" — 1]

Do d6 sau 12 thang ngusi d6 ng Ay, ~ 12,818 triéu.
Ta chon dap an @

Cau 673. - Ap dung cong thitc (140, 15)™ > 2 < m > 4,9594. Vay sau 5 nim ttic 1a nim 2021.
Ta chon dap an @

Cau 674. Ta c6 s(3) = s(0).2° = s(0) = SS) = 78125
s(t)
t)=s(0)2=2'=—£L=128=t=T.
s(t) = s5(0).2" = 5(0) =
Ta chon dap an @

Cau 675. Theo dé bai, ta c6 phuong trinh S = Ae™* théa man S(5) = 300, A = 110 nén suy ra

1300 1
300 = 110" < r=—-ln— ~ —.
© T 10 7 5

Goi t; (gio) 1a thoi gian s6 vi khuan tang len gap doi, ta c6 phuong trinh

2 =e5" & t; =5In2 ~ 3.466 (h) ~ 3 giv 28 phiit

Ta chon dap an @

. 1 In2

Cau 676. Theo gia thiet chu ki ta c6 §A =A. 00 o = _241;360'
Vay sau 30000 nam ta con S = 6 - e300 ~ 2 555¢.
Ta chon dap an

~ .. ) a4 3754 3754
Cau 677. Theo bai ta c6 65 = 100.(0.5)"4 < 0.65 = (0.5)"4 < = log,;0.65 & A =

3754
logg s 0.65°
Do mau g6 con 63% lugng Céacbon 14 nén ta co:

+ + t 3754

63 = 100.(05)% & 0.63 = (0.5)5 & -y = logy; 0.63 & ¢ = A.logg; 063 = = logy 5 063

3833.
Ta chon dap an @

Cau 678. Goi dién tich rimg nam thit n 1a S,,, dién tich rimg ban dau 1a S,.
Dién tich riing sau nam thit nhat 1a S; = Sy — Sp - 2% = So(1 — 2%).
Dién tich ritng sau nam thit hai 1a Sy = S; — Sy - 2% = Si(1 — 2%) = So(1 — 2%)2.

4
Tuwong ty: Dién tich riing nam thi 4 1a: Sy = Sp(1 — 2%)* = Sy (1 B %) .

. x
Vay dién tich rimg ctia nuée ta sau 4 nam bang (1 — ﬁ> dién tich rung hién nay.
Ta chon dap an @
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Cau 679. Gia st sau x nam ké tit nam 2013, dan s6 dat 3 tricu ngudi. Ta c6 1, 748(1+1,04%)* =

3= 2 ~52,2. Ta c6 2013 + 53 = 2066.

Ta chon dap an

Cau 680. Goi T, 1a tong tién hang may maic nam n.
T, = (14 10%)"2°16.29 > 35 = n — 2016 > 1,97
=n > 2017,97

Vay nam dau tién ma T,, > 35 1a 2018.

Ta chon dap an

y=1

5% — 51z +10 =0

TH1: V6i y =1 tit zy = 15 cho ta x = 15. Do d6 = + y = 16.
xz =10

Cau 681. Ta c6 yo 5lo+10 — 1 &

3
TH2: V6i 52 — 51z +10 =0 & 1 nén z = 10 = y = - (loai).
Ta chon dap an @
Cau 682.
2 z=0
27T — 1 s 43 =05
r=-3
Ta chon dap an @
Cau 683. Taco
121 1
z+5 T __ T __ T __ _
3 —3—121(:)3—35_1@3—§@x——log32

Ta chon dap an

Cau684. Tac6128=2"3 2T =23 = 7=r—-3 <z = 10.
Ta chon dap an @

4
Cau 685. Phuong trinh < 3z —2=2< x = 3
Ta chon dap an @

Cau 686.
TacoT =

9r 4 9= (3% 4-3-7)2 — 2 B 16 — 2
Ta chon dap an @

Cau 687. Taco3* 1= 1=3B3sr—-1=3<r=4.
Ta chon dap an @

27T — 37 4 (3% -3 (3 4372 4 1) 4 4[(3"+3)2—1] -4

4
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1
Cau 688. Ta c6: 201777 = 20175 & 20179 = 20177 & 9z +4=-1z=—1.
Ta chon dap an @

Cau 689. Phuong trinh da cho tuong duong véi 22* +2.2* — 3 = 0.
Dat t = 2% v6i t > 0, ta duge: t2 + 2t — 3 = 0.
Ta chon dap an @

Cau 690. Phuong trinh tuong duong véi 1 e

3:E = — xr = —1
Ta chon dap an
Cau 691.

4oH3 59T 42— () 2%t _ 59t L9
& 2.2 59t 1 92=

2r =2
~

1

2% = —

2

r=1
<~

r=—1

Vay S = {-1;1}.
Ta chon dap an @

@ z 1 1
Cau 692. Dt (2+V3) =t >0= (2—3)" = - Khidé phuong trinh thanh t+= = m, ¢ > 0.

1
Vit>0nént+ n > 2 nén m > 2 thi phuong trinh ¢6 nghiém.
Ta chon dap an @

3 3® = —1 (vo nghiém)
Cau 693. Tacé3x—31*$:2(:>3x——x:2<:>32‘”—2-31—3:0(:) &
r =1
Vay phuong trinh da cho ¢6 1 nghiém.

Ta chon dap an @

3*=1 r=z;=0
Cau 694. Tac69*—-3-3"+2=0<« & . Khi d6 221 + 329 = 3logs 2.
3" =2 T = xy = logs 2

Ta chon dap an @

=26 < 5% — 130 -

Cau 695. Phuong trinh da cho tuong duong véi phuong trinh 5% 4 Fon =

5" +625=0
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5% =125 x=3
4 =4

5% =5 r=1
Vay S =32+ 1% = 10.
Ta chon dap an @

1
3\ = 3\ =
Cau 696. Tacé9i+2.6i—3.4i:o@(2) + 2. (2) —3=0.

3\ =
Dat t = <2> (t >0,t # 1), ta dugc phuong trinh

t = 1 (khong théa méan diéu kien)
P +2-3=0&
t = —3 (khong thoa man diéu kien).

Vay phuong trinh da cho vo nghiém.

Ta chon dap an

Cau 697. Ta c6 49" + 7.7 — 56 = 0 < 49.7%* + 7.7 — 56 = 0
& (T —1) (497 +56) =0 & 7* = 1 & 2 = 0.

Vay phuong trinh da cho ¢6 tap nghiem la S = {0}.

Ta chon dap an @

5 5" =1 x=0
Cau 698. 51‘”+5””—60®5m+5w—60<:)5+(5“)2—6-5x0@{ @{ :

Ta chon dap an @

Cau 699. Ta c6 phuong trinh tuong duong 3% - 32¢ —4-3%. 3% 4+ 27 = 0.
Day la phuong trinh bac hai véi an 1a 3%,
Ta c6 381122 = € _ 3% & x; + 29 = 5.

a
Ta chon dap an @

Cau 700. Phuong trinh: log, z +1log,2 =5 (1)
Diéu kien: z > 0; z # 1.

Dat t = log, x v6i ¢ # 0. Phuong trinh (1) tré thanh:
1
t+¥=5<:>t2—5t+1:0 (2).

Phuong trinh (2) ¢c6 A =21 > 0, t = 0 khong 1a nghiém cta (2).
= (2) ¢6 hai nghiém phan biet t; # 0, t5 # 0.
Theo dinh 1y Viet thi t; + t; = 5.

Vi x1, x5 1a hai nghiém ctia phuong trinh (1) nén:
a) Veit=t = IOgQZEl =t & = 20,

b) Vit =ty :>10g2$2 =ty & 1 = 202,
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Do do T1.29 = 2t1+t2 = 25 = 32.

Ta chon dap an @
4

2cos2 T

Cau 701. Ta co: 2005° 4 92sin®atcos®a — 5 oy geos’w 4 92—cos®a — | o geos’e = 5.

Dit t = 2cos’ (1 <t <2), ta duge phuong trinh:
t =1 (théa man dieu kien)

4
t+-=5&t"-bt+4=0%
t t = 4 (khong théa man diéu kien).

V6it =1, ta co: 2°052“3:1<:>cosx:0<:>x:g+k77 (keZ).
Vay phuong trinh da cho c6 tap nghiém S = {g + k| ke Z}.
Ta chon dap an @

x =logyt
Cau 702. Dat2"=3Y=6"7"=t>0= {y =logyt

z = —loggt
B 1 B 1 _ logzt-logyt
log,6 log,3+1log,2 L—%L  logst +log,t
logst  log,yt
Khi d6 M =2y +yz+ xz =log,t - logst — logst - loggt — log,t - loggt = 0.

Ta chon dap an @

Mat khéc loggt =

Cau 703. Phuong trinh 3* = m + 1 ¢6 nghiém khim+1>0< m > —1.
Ta c6 z > 0 = 3% > 3° = 1 nén phuong trinh da cho c¢6 nghiém duwong khi m +1 > 1 < m > 0.
Ta chon dap an @

Cau 704. Dat t = 2*. Ung v6i moi ¢ > 0 ta ¢ duge mot va chi mot gia tri x tuong tng,.
Phuong trinh da cho trd thanh * —2m.t + m+2=0. (1)
Phuong trinh da cho ¢6 hai nghiém phan biét khi va chi khi phuong trinh (1) ¢6 hai nghiém phan

biét duong.
A >0 m2—m—-2>0

Diéu nay xay ra khi va chi khi { S >0 < <{2m >0 S m o> 2.
P >0 m+2>0

Ta chon dap an @
Cau 705. Dat t =4* ¢t > 0. Khi d6 phuong trinh da cho tré thanh
(m+1)t* —22m —3)t +6m+5=0 (1)

Phuong trinh da cho ¢6 2 nghiem trai dau khi va chi khi phuong trinh (1) ¢6 2 nghi¢m théa man
dieu kien 0 < t; < 1 < to, hay
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_ 3
S:M>O me(—oo;—l)u<;—|—oo)
m+1 2 5
6m + 5 5 .
P = = O —— 1: S me (—4,—).
m+1>0 m€< 00; 6>U(,+oo) 6
(m+1)[(m+1)—202m—3)+6m+5] <0 m € (—4;—1)

Tu d6 suy ra m € {—3; —2}.
Ta chon dap an @

Cau 706. Gia st phuong trinh ¢6 nghiém x( cia phuong trinh thi 2 — x( cing la nghiém cuia
phuong trinh.

Do phuong trinh ¢6 nghiém duy nhat nén 2 — zg = x¢ < xo = 1.

Vé6i xy = 1 thay vao phuong trinh da chotac6 24+ 1+m =0 m = —3.

Thit lai v6i m = —3 ta c6 phuong trinh: 22#=1+1 4 2lz=1 _ 3 — 0 o 2.22==1 4 2=l _ 3 = 0.
Dit t =21 > 0 taco 2t2 +t —3=0= t =1 (nhan) hogc t = _23 (loai).

Véi 21#=1 =1 < o = 1. Vay m = —3 thoa man.

Ta chon dap an @

Cau 707. Dat ¢ = 3 dieu kien ¢ > 0.

Phuong trinh tré thanh: 2 — 4t —m +1=0 (1)
V6i nghiém ¢y ta c6 nghiém zy = logs to.

Phuong trinh da cho c¢6 hai nghiém zq,z5 thoéa z1 + x5 = 1 khi va chi khi phuong trinh (1) ¢6 hai
nghiém t1,%2 > 0 va logs t; +logty = 1.

Ta c6: logyt; +logty =1 < logs (tits) = 1 < tity =3 <& m = —2.

Ta chon dap an @

Cau 708. Dt 3° =t (¢t > 0), phuong trinh trd thanh ¢ — 2(m — 1)t +3m — 4 =0 (1).
Phuong trinh da cho ¢6 hai nghiém phan biét khi va chi khi phuong trinh (1) ¢6 hai nghiém duong
phan biét
AN=m-1>-3m+4>0
St +ta=2(m—1)>0
tito=3m—4>0
Tacd tity =312 =27 3m —4=2Tm = 331 (thoéa man diéu kien).
Ta chon dap an @

Cau 709. Xét phuong trinh 4% — 22+ +m = 0.

Dat 22 =t > 0, phuong trinh da cho tré thanh 2 — 2t +m = 0.

Taco A'=1—m.

Phuong trinh da cho c¢6 2 nghiém thuyc phan biét khi phuong trinh 2 — 2t +m = 0 ¢6 2 nghiém
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duwong phan biét, khi do
A >0 m <1

P>0& {m>0&0<m<1.

S >0 2>0

Ta chon dap an @

Cau 710. Dat t = 2 > 0, phuong trinh trd thanh 2 — 2mt + (2m? —5) =0 (x).
Yéu cau bai toan tuong duong véi “Cé bao nhiéu gia tri nguyen ctia tham sé m dé phuong trinh

(%) ¢6 hai nghiém duong phan biét”. Ta c6:

A >0 m? — (2m* —5) > 0 m| < V5
10
S>0 ©<{2m>0 e m>0 <i>\/2_<m<\/5:>m:2.

P>0  (2m2=5>0 |m|>V210
Ta chon dap an @

Cau 711. Dat t = 2% (¢t > 0) thi phuong trinh tré thanh 2 — 2mt +3m —3 =0 (%)
Ta c6 A’ =m? —3m +3 > 0 nén (x) c6 hai nghiem 1a ¢, 5 = m &+ vm? — 3m + 3.

Dé t1o>0thim>vm2—3m+2em> 1.

Hon nita 2122 < 0 nén ta co thé gid st o1 > 0,25 < 0, suy ra t; > 1.ty < 1.

Suy ra (t; — 1)(t2 — 1) < 0 tic

(m+vm?2—-3m+3—-1)(m—-—vm?—-3m+3—-1)<0
& (m—1)>%*—=(m*-3m+3)<0

m—2<0

3

S om< 2

Vay 1 <m < 2.
Ta chon dap an @

Cau 712.

Nghiém ctia phuong trinh chinh la giao diém ctia do Yy

(1" .
thi ham so <2> va y = m—1. Dya vao do thi cua \
2

hai ham s6, ta dugc YCBT & m—1>0< m > 1.

Ta chon dap an @
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Cau 713. Dat 3* =t >0taco (m— 1)t*+2(m —3)t+m+3=0.
Néum=1= —4t+4=0<«t =1 thdéa man.
Néu m # 0 thi phuong trinh 14 phuong trinh bac 2 c6 A’ = —8m + 12> 0 m <

[\CR V]

3
m+1<0<:>—3<m<1.

e Truong hop 1 : C6 mot nghiém duong Cooe
a

b 2(m — 3) m—3

—Z >0 —_—2 >0 <0
e Truong hop 2: C6 2 nghiém duong ca & m_ﬁ%_ 1 < %I_%

— >0 — >0 >0

a m—1 m—1

. . 3
<:>1<m<3,kéthdpdiéukiénc{iaA’tacé1<m§§.

. 3
Két hgp cac truong hgp tacd dap an la —3 <m < 3
Ta chon dap an @
A ) 6" +3-2°7
Cau 714. Tac6 6"+ (34+m)2*+m=0< —m(2*+1)=6"+3-2" & —m = ST
3+3
1422 5 ' ;
s
Dat = :
at g(x) 7o
3Fn3(1+27)+27"n2(3"+3 N .
g (x) = n3(l + a 12—1)2 n2(3" +3) > 0 = g(z) luon dong bién trén (0;1).

Ta ¢6 g(0) = 2;9(1) = 4 suy ra 2 < g(x) < 4,Vx € [0;1]. Vay phuong trinh da cho c¢6 nghiém
thuoc [0;1] khi 2 < —m <4 & —4 <m < —2. C6 3 s6 nguyen thuoe [—4; —2].
Ta chon dap an @

67 +3.2°
Cau 715. Tacé6x+(3—m)2x—m:0<:>m:2j+1
/ 67 +3.2°
Xét ham so f(x) = Oras
20+ 1

+ TXD: 9 =R
, 12%. In3+6%.1n6 + 3.2*.1n 2
+ f'(z) =

(27 + 1)
Siyyra0<z<l<e f(0)< f(z) < f(l)e2< flx)<4vi f(0)=2,f(1) =4.

Vay phuong trinh (1)cé nghiém thuoc khoang (0; 1) khi m € (2;4).
Ta chon dap an @

> 0,Vz € R nén ham s6 f(z) dong bién tren R.

Cau 716. Véix > —1taco
logs (3"t — 1) =22 + log1 2
&logy (37T — 1) + logy 2 = 27
&3 —1)2=23*
3% —63"+2=0
30 =3 -7

=
3%2 = 3 4+/7

=S = 27" + 27" = (3")° + (3")" = 180
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Ta chon dap an @

Cau 717. Do 2° = 3Y +55 nén z > 2, suy ra 2% — 55 14 s6 nguyén nén y > 2.
Do x,y chén nén x = 2m, y = 2n v6i m, n € N*

Khi do ta 6 (2)2 — (3")2 = 55 & (2™ — 3")(2™ + 3") = 55

2m - 3" =1 2m —3" =15
& hoac

2™ + 3" =55 2m+ 3" =11

2™ = 28 2" =38 m = log, 28 m =3
& hoac & (loai) hoac

3" =27 3"=3 n=3 n=1

Vay (z;y) = (6;2), do d6 phuong trinh trén ¢6 mot nghiem thoéa man dé bai.
Ta chon dap an @

Cau 718. Goi s6 A = abed khi d6 s6 A ¢6 9.10.10.10 = 9000 cach chon. N = log; A, dé N 1a s

tu nhién thi A = 3" v6i n 1a s6 ty nhién. Do A 13 s6 ty nhién c6 4 chit s6 nén n = 7,8 c¢6 2 truong
2 1

hop. Xéc suat dé N lasd tunhien 1a P = —— = ——.
9000 4500

Ta chon dap an @

Cau 719. Phuong trinh dicho & r - 1=43< 2 -1 =64 < 2 = 65.

Ta chon dap an

1\
Cau 720. Phu:dngtrinhdécho@:ﬁ—l:(3) srP-1=3e1r’=4s

Vay tap nghiém ctia phuong trinh la S = {—2;2}.
Ta chon dap an @

Cau 721. Ta c6 logy(z — 1) =2 < x—1 =4 < x = 5. Vay tap nghiém ctia phuong trinh 1a
S = {5}.
Ta chon dap an @

Cau 722. Diéu kien: x < 1. Ta c6
logo(l—2z)=21—-0=4xr=-3.

Vay phuong trinh c6 nghiém =z = —3.

Ta chon dap an

Cau 723. Dicukién: 2x+3>0< 2 > —2.
Ta c6 logs(2r+3)=1<2r+3=3< 2 =0.
Vay S = {0}.

Ta chon dap an @
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Cau 724. logs[z(b—z)|=1ez(b—-2)=6< {

Vay S = {2;3}.
Ta chon dap an @

1\ 2
Cau 725. Tacc’)logé(x—l):—2<:)x—1:(> & =05.
Ta chon dap an @

Cau 726. Diéu kien: x > 1.

Ta c6

logy(z — 1) +logy(z +1) =3 & logy(r — 1)(z+1) =3 <2’ -1 =8&

So v6i dieu kien, ta duge: x = 3.
Vay phuong trinh trén c6 tap nghiem S = {3}.
Ta chon dap an @

Cau 727. Phuong trinh da cho tuong duong vé6i 13x + 3 = 16. Tu do ta giai duge z = 1.
Ta chon dap an
22> 6 r < —V6;x > V6
Cau 728. Taco: logg(x?—6) = logg(z—2)+1 & x> 2 S x> 2
log, (2% — 6) = logs 3(z — 2) 7> —6 =23z —6
x> 2
& Sar=3
z(r—3)=0
Ta chon dap an @
Cau 729. O budc s6 2, sita lai 1a 4logg(z — 3) + 4logg |z — 5| = 0
Ta chon dap an @

Cau 730. Tap xac dinh D = (1;+00).

Vé6i z € D, phuong trinh da cho tuong duong véi
log g (z —1)+logs (z+1) =1

<2logy (r—1) —logy (x+1) =1

(-1

(x+1)

e’ —2r+1=22+2

< log,

sl —4dr—1=0

z =2++/5 (chon)
=

z =2 —/5 (loai)
Ta chon dap an @
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Cau 731. Dicu kién xac dinh: —z > 0 < x < 0.

1 1 X
Ta c6 logy(—x) — logy(82%) +1 =0 & —% =5eT=—7 (théa man dieu kién).
x
Ta chon dap an
r+1>0 x> —1
Cau 732. Taco: logs(322—2x+1) = logs(z+1) & & &
30" —2r4+1=x+1 32> — 3z =0
r=1
Vay phuong trinh da cho ¢6 tap nghiem S = {0;1}.
x = 0.

Ta chon dap an @

Cau 733. log;(2z+ 1) +logg(x+1) =1
1
.@ = <—2,+OO>
1
r=—=(n)

=202 +3r-2=0= 2
x = —2(l)
1
Vay tap nghiém ctua phuong trinh trén la S = {2}
Ta chon dap an @

. x =1 (nhan)
Cau 734. Dieu kién # > —1. Phuong trinh < (z+ 1)(z +3) =2+ 7 < :
x = —4 (loai)
Vay phuong trinh chi ¢c6 mot nghiém z = 1.

Ta chon dap an @

Cau 735. Dicu kién: 2 < x € Z,x # 4.

Khi d6 phuong trinh da cho tuong duong véi 2log,(z —2) +2logy |[x — 4] =0 & (x —2)|x —4| = 1.
TH1: Néuz >4 thi (v —2)|zr —4| =122 —6x+7=0< 2 =3++/2 (loai do z € 7).

TH2: Néu2 <z <4thi (z —2)|r—4|=14 2> —-6x+9 =0« x =3 (nhan).

Vay tong s6 tién ma An dé danh duge sau 1 tuan (7 ngay) 1a 21 (nghin dong).

Ta chon dap an

Cau 736. Diéu kién: 0 < x # 1. Khi d6 phuong trinh da cho thanh:

1 5 log, x =2 r =14
—l—logzx—f:O<:>2log§:v—510g2:1:+2:()<:> 1< .
logy @ 2 log, © = 3 =12

Vay phuong trinh c¢6 hai nghiém duong.
Ta chon dap an @

. (z—1)2>0
Cau 737. Dieu kién: & x# 1
P?4+r+1>0
r—1l=2>+2+1 =0
Phuong trinh tuong duong véi (x —1)* = (2? + 2+ 1)* & &
r—1=-22—-2-1 T =2

Ta chon dap an @
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Cau 738. Dicu kien: 0 < z # 1.

3
Ta c6 log, (125z) logss © = 1 < logss x + logss x. log, 125 = 1 < logys x + 2 logeys . —1=0

1
1 = = r=25
0Zos T 5

. 1
& 1 - Vay tich cac nghiém ctua phuong trinh da cho bang To5"

Ta chon dap an
Cau 739. Phuong trinh tuong duong
(loggz — 1) (loggz —1) =0

Tacologszr =1 x=3logyjr=1=2=4
Ta chon dap an @

Cau 740. Diéu kien: x > 3.
PT da cho tuong duong véi log[(x +2) (x — 3)] +x =log (z +2) + 4 < log(z — 3) =4 — z (*).
Vé trai clia (x) 1a ham tang, con vé phai 1a ham gidm va x = 4 13 mot nghiém ctia ().

Vay o = 4 1a nghiém duy nhat ctia phuong trinh da cho.

Ta chon dap an

Cau 741. Tap xac dinh: 2 = R\ {0}
222 + 1 1 L
10852( v ) +2<x+%) =5 & log, <x+> —|-2( +2m) =5.
2x 2x

. 1 e BN .
Ham so y = log, (x + 2> va y = 2( +2$) deu tang nén phuong trinh c6 nghiém duy nhat
x

1
r+—=2222—4r+1=0.
2 I

Do dé: Phuong trinh da cho c¢6 hai nghiém x1, x5 va x1x9 = 5

Ta chon dap an @

Cau 742. Diéu kien: x > —1.
Phuong trinh da cho tuong duong vé6i 3z? — 6x + 3In(z + 1) + 1 = 0.

Xét ham s6 y = 322 — 62 + 31In(z + 1) + 1 lien tuc trén khodng (—1; +00).
3 62*-3
e o

y =6(x—1)+

2 N
Y=02-1=0&1= i\g_ (thoa diéu kién).

T —1 _Q Q +00
2 2

Y + 0 - 0 +

y Oo/f<\f>\»f<\g§>/+oo
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2 2 . P .
Vi f <—\/_> >0, f <\g—> < 0va lim y = 400 nén do thi ham so cat truc hoanh tai 3 diem

2 —+00
phan biét.
Ta chon dap an @

Cau 743. Tac6 (x4 1)° —2® — 62 — 7 = (2 + 322 — 3z — 5) — (22 4 1). Khi d6, phuong trinh
tré thanh

log (% +32* — 32 —5) +2® + 322 — 3z — 5 =log (z? + 1) + 22 + 1 (x).

Xét ham s6 f(t) = logt +t tren (0; +00) = f(¢) la ham s6 dong bién trén (0; 400).
Ma(*) < f(z?+322 =3z —5)=f(a>+1) = 23 +32* -3z -5 =2*+1 & 23 +222 - 326 = 0.
Vay tong cac nghiém ctia phuong trinh 1a —2.

Ta chon dap an

Cau 744. DKXD: z > 0.
logs  — 2mlogy x + 2m — 1 = 0 13 mot phuong trinh bac hai theo log, «, khi do :
A>0 (2m)* —4(2m —1) >0 4m—1)>>0 4m—1)2>0
YCBT < = 4 = =
T1xe < 64 log,y(z122) < 6 log, 1 + logy x9 < 6 2m < 6
m < 3.

Ta chon dap an

Cau 745. Diéu kien: = > 0.

Dat t = \/loggT—i—l, vl x € [1; 3‘/3] thi ¢ € [1;2] ta dugc phuong trinh 2 + ¢ — 2m — 2 = 0 ().
Phuong trinh da cho ¢6 nghiém z € [1; 3\/3] & (%) ¢6 nghiem t € [1;2].

Taco (x) & f(t) =12+t =2m+2conghiem t € [1;2] & f(1) <2m+2< f(2) & 0<m < 2.
Ta chon dap an @

Cau 746. V6i dieu kien A = 37 — 4m > 0 thi phuong trinh da cho c¢6 hai nghiem x;, 2.
Ta c6 logsg x1 + logs 9 = 3 < log, (z122) = 3 = x119 = 27.

Tudo (x1 +3)(x24+3) =72 x109 +3(x1 +22) +9=T2 21 + 29 =12

Béi vay {z1;x9} = {3;9}.

Suy ra (logg z1) - (logs xa) =2m — 7 = (logs;3) - (log;9) =2m -7 2m—7=2& m = ;)
Ta chon dap an @

Cau 747. log 5 (xz — 1) = log, (mz —8) & ) S V22 92549
(x—1)"=mx—38 —m
T
2 N P 2z —2x+9 R
Xét ham s6 g(z) = — trén khoang (1; +00). " 1 3 1o
T c6: o _2? =9
a co: ¢'(x) = o J(z) — 0 4+
8 +00
g9(z) ™~ . _—
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Do d6 phuong trinh c6 2 nghiém phan biét khi va chi khi 4 < m < 8.
Vay ¢6 3 gia tri nguyén ciia tham s6 m 1a {5,6,7}.
Ta chon dap an @
. 3 9 —3<r<l L
Cau 748. Ta c6 PT< log, (m + 6x) = logy(3 — 22 — 27) & khao sat va
m = —x? — 8x + 3,
vé bang bién thien ham s6 y = —2% — 8x + 3,z € (—3;1) va suy ra m € (—6;18) thoa yeu cau bai

toan.

Ta chon dap an

Cau 749. Ta c6 véi z € [1;8]:logs & — log, 2% + 3 = m < (logy 2)* — 2.log, z + 3 = m.

Dol <z<8% 0 < logyr <3.

Bai toan tré thanh tim tham s6 m dé phuong trinh t> — 2¢t + 3 = m c6 hai nghiém thuoc doan
[0; 3].

Lap béang bién thién ctia ham s6 trén doan [0; 3].

fop = 0+
3 6
f \2/

Tt bang bién thien dé phuong trinh c6 hai nghiem théa diéu kien dé bai thi dudong thing

y = m cat do thi tai hai diém phan biét, suy ra 2 < m < 3.
Ta chon dap an @

Cau 750. Phuong trinh da cho c6 hai nghiém thuc 1,29 théa méan x5 = 81 suy ra logy(zq.22) =

4 hay logs 1 + logs 9 = 4. Do do6 theo dinh 1y Viét ta suy ra m = 4.

Ta chon dap an

Cau 751. Diéu kieén: 42 + 4y — 4 > 0.

Ta c6log,z, e pp(dr+dy —4) > 1 S dr+dy —4> 2>+ +2 & (2 —2)° + (y — 2)* < 2 (61).
Mién nghiém ctia bat phuong trinh la hinh tron (ca bd) (%) tam [,(2;2;), ban kinh R, = /2.
Mat khéc, 22 + 9> + 2z —2y+2—m =0 (x + 1) + (y — 1) = m ().

Véim =0= 2z = —1,y =1 khong théa man ().

V6i m > 0 thi (%) la dudng tron (%2) tam Ir(—1;1), ban kinh Ry = /m.

Dé ton tai duy nhat cip s6 (z;y) thi (4)) va (6,) tiép xtc nhau.

THL: (%)) va (%) tiép xtic ngodi © Ry + Ry = L[, & Vm + V2 =10 & m = (\/ﬁ — \/5)2
TH2: (%)) va (%) tiép xtc trong < Ry — Ry = I1 I, & v/m — V2 =10 & m = (\/1_0 + \/5)2
Vay m = (\/1_ — \/5)2 vam = <\/1_0 + \/5)2 thoa man yéu cau bai toan.

Ta chon dap an @
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Cau 752. Phuong trinh da cho tuong duong véi

O0<mx—5#1 O0<mx—5#1
=

2% —br+4=2>+2r—6 r=2Vzx=

Phuong trinh da cho c¢6 nghiém duy nhat

0<2m—5#1 0<bm-—5#1
= hoac
m—-—5<0Vvbm—-5=1 2m—5<0Vv2m—5=1
5 6
—<m#3 l<m# =
= 2 6 hoac 5 5
m<1Vm=— m<-Vm=3
5 2
10 < 10m # 12
<~

10m <25V 10m = 30.

Do 10m € Z nén c6 15 gia tri m théa man.

Ta chon dap an @

Cau 753. Diéu kien: z > —1 va z # 0.

12
log(mz) =2log(zr +1) & mz = (z+1)2 & m= (z+1)

T

Xét ham: f(z) = (x—;l)Q (x > —1,2 #0); f’(x)zngl:()(:) {ml

Lap bang bién thién:

r | —1 0 1 +o00
Y - - 0 +
0 +00 +00
—00 4

m =4
Dua vao BBT, phuong trinh c6 nghiém duy nhat khi va chi khi {
m <0

Vi m € [—2017;2017] va m € Z nén chi ¢6 2018 gia tri m nguyeén thoa yéu cau la

m € {—2017; —2016;--- ; —1;4}.

Chu 9: Trong, ta da bd qua diéu kien mx > 0 vi v6i phuong trinh log, f(z) = log, g(x) v6i
0 < a # 1 ta chi can diéu kien f(x) > 0 (hoac g(z) > 0)

Ta chon dap an @

Cau 754. Diéu kién = > 1.
Ta c6 logg 22 + ay/logg 2 + a+ 1 =0 & 2loggz + ay/3logsz +a+1=0.
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2 2 2% +3
Dit \/m =t (t>0)=loggz = 3 ta ¢6 phuong trinh th—i-aH—a—l—l =0&a= _S(t :_1)
, 2 2 2 N
Dé phuong trinh §t2 +at +a+1 = 0 c6 ding mot nghiém thi duong thang y = a cat do thi
2t + 3 .
y = _S(t—l—i_l) tai ding mot diem, V¢ € [0; +o0).
) 2% + 3
Xét ham s6 y = BET :1) trén [0; +00) ta c6
; —2—+/10 (loai)
22+ 4t — 3 O
y = —;2. Giai phuong trinh ¢/ = 0 < 2 .
3(t+1) -2+ 10
=200 (o)
Lap bang bién thién
t 0 lo +00
y'(t) + 0 -
Ycp
Y / \
1 —00

Tu bang bién thién ta c6 phuong trinh da cho c¢6 nghiém duy nhat khi a < —1
Ta chon dap an @

Cau 755. Ta sit dung phuong phép loai tri

2016
Dx:LVT:%Mq@>1+2>&—Eﬁﬁ:VT&mwﬂﬁ@:ﬁwﬂlD

, 201
Oz=-2VT = \“/—5<O<3—\/281$:VT (thoa) = loai B
Ta chon dap an @

1
Cau 756. W“2§¢ﬁWQZTQ@x+22—2©x2—4
Vay tap nghiém ctia bat phuong trinh 1a [—4; +00).
Ta chon dap an

Cau 757. Phuong trinh & |z —2| <2 & -2<2r-2<2&0<z <4
Ta chon dap an @

1
Cau 758. Tacé5“1—5>0<:)5“1 >hlert+l>-1sr> -2
Vay tap nghiém ctia bat phuong trinh da cho 1a S = (—2; +00).
Ta chon dap an @

1 —XT
Cau 759. 512 < (25> S 52 5 s 4 2 < 2 x> 2.

Vay tap nghiém ctia bat phuong trinh 1a S = (2; +00).
Ta chon dap an @
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Cau 760. Ta c6 2% -3+ < (2)%_10 & 203t < 920410 o 52 3y 1 4 < 22 4 10
S2P—r—-6<0&-2<z<3.

C6 3 s6 nguyen duong trong [—2; 6].

Ta chon dap an @

1 1

1\ z —— 1 2 1
Cau 761. Tacé(3> >0s3 r>3P e -—>2s T
xXr xXr

1
<0& —3 <z <0.
Vay tap nghiém ctia bat phuong trinh 1a S = (—2; O).

Ta chon dap an

Cau 762. Tac62® < 20 = 2r < x4+ 6 < x < 6.

Ta chon dap an

1 Vir+2 1 Va+2 1 x
Cau 763. Ta co: () >3 7S <> > () SVr+2<cx
T

3 3 3
> -2 x>0
T = —2
= S >0 & r< —1 & x> 2.
r+2<zx

22 —r—2>0 x> 2
Ta chon dap an @

Cau 764. Dieu kién: x > —1. Ta c¢6

log, (x +7) > log, (z + 1) < logy Vo + 7 > log, (v + 1)
r+1>0 x> -1

SVr+T7T>r+1& & S —1l<z<2.
T4 7> (x+1)° 2’ +2-6<0

Két hop véi € Z = x = {0;1} 1a hai gia tri can tim.

Ta chon dap an

Cau 765. BPT & 9°-303"+81 <0 3<3"<2T 1<z < 3.
Ta chon dap an @

Cau 766. Vi dieu kien x > 0 ta co

T

3
< log, 3" — log, 71>

& zlogy 3 > (22 —1)logy 7

Ta chon dap an
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1 x
Véi moi a > 1, tacéf(:b)>1<:)(2> 57 > 1
1\* _,2
Cau 767. < log, KQ) - 57 } >0

1\* 2
& log, (2) +1log, 5" > 0 < —xlog, 2 + 2°log, 5 > 0
Nhu vay véi a = 2 ta phai c6 f(z) > 1< —x + 2%logy, 5 > 0. Do d6 A sai.
Ta chon dap an @

Cau 768. Dit t = 3V#*~*" 1 < t < 3. Bat phuong trinh tré thanh

t+1

t—t+8m—1<0<:>m(t2+8)<t+1<:>m§t2+8—f(t),1§t§3.
2t t=—-4(L
Khéo sét ham f(f), ta co, f’(t)—2—+8 Khi d6, f(t) = 0 < (o
(t* + 8)? t=2(N)

Ta c6 bang bién thién

/ 2 3
f'(t) + 0 -
1
f(®) 4 T 4
17

va dya vao bang bién thién suy ra dude, bat phuong trinh c¢6 nghiém khi va chi khi

9
m < S —<<im<
I[rlugﬁlf() _I[q%ff() g Sms

]

Ta chon dap an @

Cau 769. Dit t = sin’x (¢t € [0;1]), bat phuong trinh trd thanh 2! + 317t > m.3! & m <

2 +3
S )
o 2t 4 31+t 342! In2+2'In 3
Xét ham so f(t):T f(t) = ( o ) >0Vt e [0;1].

Do d6 ham s6 f(t) dong bién tren [0; 1].

Suyra(*)émﬁge%g}f() f(0) &m<4

Ta chon dap an

Cau 770. Trong budc 3, hoc sinh quy dong bat phuong trinh (2) khi chua xét dén dau ctia mau
dan dén sai lam.

Ta chon dap an @

Cau 771. THI: 22 +2y% > 1. Dat z = yv/2, suy ra 2% 4+ 22 > 1 (1). Khi do:
1 \*_9
108,21 9,2(20+y) > 1 & 204y > 2°+2)* & 2%t —— > a2 (a:—l)2—|—<z — ) > S (2).

V2 2\/5

Tap hop cac diém M (z;y) 1a mién (H) bao gdm mién ngoai ctia hinh tron (4}) : 22 4+ 22 = 1 va
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1\ 9

ien t ia hinh tron (%65) : -42+(-> = —.

mién trong cua hinh tron (63) : (z — 1) z Ve 3
2
T=2r+—
V2

2 , .
He (x—-92+-<z—-1) > 9 ¢6 nghiem khi dudng thing d : 2z + —= — T = 0 ¢6 diém chung
2v2) =8 V2

2+ 2> 1
v6i mien (H).

Dé T dat gia tri 16n nhat thi duong théng d phai tiép xic véi duong tron (63), nghia la ta co
3 9 9 9 1

dl,d) = —=< |T—-|=-T=-v6i1I|1;—= ) la tdm cua dudng tron (%5).

(Z,d) 22 4~ 4 P < %@) & (2)

TH2: 0 < 22 +2y? < 1 ta c6
10g,2,9,2(20 +y) > 120 +y<2”+2y° & T =2z +y <1 (loai).

Vay maxT = 7
Ta chon dap an

. 1
Cau 772. Dieu kién z > 7 BPTerx+1>2r—1 <2,
. . 1
Két hop dieu kién suy ra tap nghiém cia BPT la § = (2; 2).
Ta chon dap an @

Cau 773. Tac6 — <1
T
Ta chon dap an @

Cau 774. Bat phuong trinh dd cho © 32 —-1>23&3r—-1>8 < x> 3.
Ta chon dap an @

Cau 775. Tacology(z? —32+3) 20?3z +3>2122-3r+2>20 <1V > 2
Ta chon dap an @

R r—2>0 x> 2 T >2
Cau 776. Dieu kién & s S x> 3.

logg(z —2) >0 r—2>1 x >3
V6i diéu kien do6 ta c6 logr [logs(z —2)] > 0< logy(zr —2) <1 —-2<3& <5,
So véi dieu kién, suy ra tai) nghiém ctia bat phuong trinh da cho 1a S = (3;5).
Vayb—a=5-3=2.
Ta chon dap an @

r—1>0
Cau 777. logy(z—1) <3< Sl<zr<9

r—1<2°
Ta chon dap an

. 1
Cau 778. DiéukiénlogL(Zx—l)ZO<:>0<2x—1§1<:>§<x§1.

V13
Ta chon dap an @
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Cau 779.

log%(x — 1) +logs(11 — 22) > 0 < logs(11 — 2x) > logg(z — 1)

r—1>0

=
11—-2x>x—1
z>1

& Sl <4
r <4

Ta chon dap an @

Cau 780. Diéu kien: x > 0.

t>4
Dit t = log, x, bat phuong trinh da cho tré thanh ¢ — 5t +4 > 0 & .
t<1

log,x >4 x> 16
~ .
log, x <1 r <2

Két hgp diéu kien ta duge tap nghiém ctia bat phuong trinh 1a S = (0;2] U [16; +00).
Ta chon dap an @

Cau 781. Dicu kién xac dinh x > 0,z # 1,2 # 2.
Dat t = log, x, ta dugc

t< -1

t—1 2t -1+
t t—1- tt—1)

>0 |0<t<

N —

t>1

logyz < —1 O<x§;
Do dé o<1og2x§;<:> 1<az<V2
log, x > 1 r>2
Nhut vay S = <0; ﬂ U [v2; +00).
Ta chon dap an @

ma® + 4z +m > 0
Cau 782. Ta c6: logy(72? + 7) < logy(ma? + 4z +m) &
ma? +dx +m > Tt + 7

T2? — 4 7
<:>mx2+4x+m>7$2+7<:>m>x2—x+.
gerr " ey

. . T —4x + T —

Béng bién thién tren (0; +00):
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T 0 1 400
f'(x) - 0 +

7 7

Duira vao bang bién thién ta thay m > 7 théa yéu cau

Ta chon dap an @

Cau 783. Dat m = 3a, ta c6 log,, 11 +log1 (\/a:Z +mz + 10 + 4) - log,, (22 + ma + 12) > 0. (1)
7

Diéu kién ctia bat phuong trinh 1a: m > 0;m # 1; 2% +ma + 10 > 0.
1) o 1 —log, (Va2 +mx + 10+ 4) - log; (2% + max + 12)

>0.(2
log,; m >0 (2)
Dat v = 22 + ma 4+ 10,u > 0.
e Vi< m< 1.
(2) & f(u) = logz(vu+4) -logy;(u+2) > 1= f(9). (3)

1
Vi f(u) la ham tang trén (0; +00) nén tit (3) ta co:
fw)>fO) eu>9< 2> +me+1>0. (4)
(4) vo 86 nghiem vi A = m? —4 < 0 v6i Vm € (0;1). Suy ra 0 < m < 1 khong thoa bai toan.

e V6im > 1.

2
D) 6 fl) < f(O) o 0<u<ge |’ TIETI206)
2> +mx+1<0 (6)

Xét (6), ta c6 A = m?* — 4.
+ m?—4<0&1<m<2thi (6) vo nghiem. Khong théa bai toan.
+ m?—4>0< m > 2 thi (6) ¢6 nghiém la doan [zy; x5], lic nay (5) nhan hon 1 s cia
[x1; 22] lam nghiém. Khong thoa bai toan.
+ m?—4=0<% m =2 thi (6) c6 nghiem duy nhat z = —1 vd z = —1 thoéa (5). Do d6
bat phuong trinh c6 nghiém duy nhat 1a z = —1.
. 2
Vaykhlm:2<:>a:§

Ta chon dap an @

Cau 784. Dit t = log x, phuong trinh da cho tré thanh: 4 - 32426 1 9. 22420 — 78 . ¢!

(5) -
3 2t 3t a - a
<:>6-<> —13-() 16=0s |2 2 oi=1hoset=—1.

2 2 3\ 2

() -5

Vit=1<loger=1<x=10.
Véit=—-1logr=—-1x=10""1
Vay tich cac nghiém ctia phuong trinh da cho 1a 10 x 1071 = 1.

Ta chon dap an @
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Cau 785. Diéu kien > 0;y > 0.

U=v==t
Dit u = logg x; v = loggy va t = log, (z + y). Theo gia thiét ta co:
9" + 6" = 4"
3\" -1
Dodc’)x:() 5 .Suyraa=1,b=>5.
Y 2 2

Ta chon dap an
Cau 786. Ta c6

449377 = (44 97 et
& T (449.37) =49 (44 97 )
& 4T 4 9.217Y 49,97 196 = 0. (%)

Dit ¢ = 22 — 2y, ta duge (x) < 478 +9-21t — 499! — 196 = 0.

e V6it<0thid-7"+9- 21" —49-9" — 196 < 0 (khong thda méan).

7 t 7t 1 t
oVéit>Otacéthi(*)<:>4~(9> +9-<3> —196‘<9> —49 = 0.
7\’ 7\' 1\
Xéthamséf(t)zél-(g) +9-<3) —196-(9) — 49, v6i t > 0.

ro = (D) (D)o () o (2) — 105 (1) (2)
o @f.m (g) Lo (;)?ln(;) 196 (;)tmg.
m>onén9.(;)t () 4. (9) <>:>f’()>0vc’ﬁmoit>0.

= f(t) dong bién tren (0;4+00) va f(t) c6 nghiem duy nhat ¢ = 2.

x2 =2
2

2y +18 2+16 16 | 16
P:x+ Y+ :x—l—x—l— I SR NIT N
x x x x
Ta chon dap an

Cau 787. Diéukien z —y >0
Ta ¢6 In(x — y)® — 2017z = In(z — y)? — 2017y + %8
& (z—y)In(z —y) — 2017(z — y) = *® & In(x — y) — 2017 — ‘

Khido 2? -2y =2y = va

2018

— =0(%)

2018 1 2018

Xét ham f(t) = Int — 2017 — GT 6 fi(t) ==
Do d6 f(t) dong bién trén khodng (0; +00), ma f(e**!8) = 0.

suyra (x) & f(er—y)=0=f (") cr—y=e o y=1x— 08
Khi d6 P = €% (1 + x — *9'%) — 201822 = g(x)

g (z) = e29187(2019 + 2018z — 2018e?'®) — 4036z

>0 voi VvVt >0
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g"(x) = e?182(2018.2020 + 2018%z — 2018%¢2°18) — 4036

< e20187(2018.2020 + 20182 — 20182€218) — 4036 < 0 v6i Vo € [—1;1]

Nén ¢'(z) nghich bién trén doan [—1;1], ma ¢'(—1) = ¢72918 + 2018 > 0,

g (0) = 2019—2018¢*'® < ( nén ton tai zg € (—1;0) sao cho ¢'(zy) = 0 vakhi do6 [rillaﬁg(x) = g(zo).
Vay P 16n nhat tai zo € (—1;0).

Ta chon dap an @

Cau 788. Ham s6 biéu dién van tdc ctia vat 1a v(t) = 2 — 2t +2. Do d6, ham s6 biéu dién quang
o 1 2 N d
duong di chuyen dugce cta vat la s(t) = /v(t) de = §t3 — t* 4+ 2t + C. Do khi bt dau chuyén
dong thi quang dudng di duge bing 0 nén C = 0. Vay quang duong vat di chuyén duge trong 4
S LE e 1o , s 40
gio ke tir ldc xuat phat la s(4) = 3 km.

Ta chon dap an @

Cau 789. Khing dinh / kf()de = k / f(z)da chi ding véi k # 0.
Ta chon dap an @

Cau 790.

/f (z) + C)
/9 (z) + Cy

Xét A theo tinh chéat

. Khi ¢ = C5 thi A sai.

Xét B tit f(z) = g(x) + 2017 = f(z) = ¢'(z) = / Fx)de = / ¢'(x)dz. Vay B ding.

e Xét C sai, gid sit chon f(z) = z,9(x) =2 + 1 thl f(z) = g(z) + 1 nén C sai.

/f (z) +Ch

Xét D theo tinh chéat
/ g (x) + Cy

. Khi Ol 7é CQ thi A sai.

Ta chon dap an @

Cau 791. Diém M (—2;1) biéu dién s6 phitc z = —2 + .
Ta chon dap an @

Cau 792. Ta c6 phuong trinh li do theo thai gian ¢ 1a s(t) = [o(t)dt = [(1+2t)dt =t + >+ C.
Do vat bat dau chuyén dong tai A khi ¢ =0 nén s(0) =0= C =0 va s(t) =t + .

Khi vat cach A mot khodng 20 m, ta c6 phuong trinh ¢ + t* = 20 & t = 4;¢ = —5(loai). Khi do,
van toc la v(4) =9 (m/s).

Ta chon dap an @
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Cau 793. Ta cé]f(:c)da::F(;T) ~FO)=F(2)-1=F(2)=2

Ta chon dap an @

Cau 794. Dit v =3t = do = 3dt = /f(x)dx:3/f(3t)dt:6t-ln(9t—1)—|—0
= /f(Bt)dt — 2t In (9 —1) + C.

Ma nguyén ham khong phu thudc vao bién s6 nén /f(?)x) de=2zln(9z - 1)+ C.
Ta chon dap an @

1 3 32
Cau 795. Tacé/<x2—3x+>dx:x—$+ln|x|+0.
x

3 2
Ta chon dap an @

4
Cau 796. Ta co /21;3 dz = % + C.

Ta chon dap an

Cau 797. Ta co /sinxdx = —cosz + C.
Ta chon dap an @

1 1
Cau 798. Taco /f(x)dx = 5/00821’d<2$) = 5811&2% +C.
Ta chon dap an @

Cau 799. Ap dung cong thic, ta co: /sinxdx = —cosx + C.

Ta chon dap an
A 1 sin 3z
Cau 800. /cosSxdx:§/cos?>xd(3x): +C
Ta chon dap an
dx 1 1
Cau 801 Tacs [0 = [ d5z—2) = _nfsz—2 +C,
au ach [ ——g 5Gr ) (5x —2) 5n|$ | +

Ta chon dap an @

Cau 802. / fla)dz =
Ta chon dap an @

1 1
—d(2 1) = =2 1+C.
|t A+ ) = VT

a 1 2018z 1 2018z
. i ° 2 1 — —
Cau 803 / f(x)dx /2018 e d(2018z) 5018 e +C

Ta chon dap an

2z

2In3 +C

1
Cau 804. / 3dr = - / 3209 —

Ta chon dap an
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Cau 805. Cach 1:
Ta cé/(tan2x+2)dx: / (1—1—

2

Va/ >—de = 2tanz + C.

cos? .
Va/(tan2x+1)dx:/ 5

cos? x

Céach 2:
Ta c6 ¢'(z) = (tanx)’ = 1 + tan®z.
Ta chon dap an

5 >dx:x+tan$+0.
cos? x

dx =tanx + C.

Cau 806. Ta co

/f(x) dz = \/235—1d95—;/(2.7c—1)é d(2z — 1)
:;-;(Qx—l)g+C:;(Qx—l)\/Qx—l—l-C
Ta chon dap an

Cau 807. Ham s6 F(x) la nguyén ham ctia ham s6 f(x) néu F'(z) = f(x)

1
2 2 / . . ~ 2 ~
o xét A co F'(x) = i f(z) nén A thoéa man.
e xét B c6 F'(x) = 2 1 f(z) nén B théa man.
dr+6 22+ 3

1

o xét C' co F'(x) = 5(dz £+ 6) # f(x) nén C khong thoéa man.
1 1

o x6t D c6 F'(z) =

( 3) = i3 f(x) nén D théa man.

Ta chon dap an @

1
Cau 808. F(z) = §e2x +C.
Ta chon dap an @

|
Cau 809. F(x):/x_ld.x:lnh:—l]—i—a

Do F(2)=1=C=1.Vay F(3) =ln2+1
Ta chon dap an @

1
Cau 810. Ta c¢o /Qx +sin2z = 2% — 5005255 +C
Ta chon dap an @

3
Cau 811. Ap dung cong thic, ta co: / (:132 + 1) dr = % +x+ C.

Ta chon dap an @

Cau 812. Ta co / (32> + 1) dz = 2° + x4+ C, v6i C la héing sb.
Ta chon dap an @
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1 /

Cau 813. Taco: f(z) = { + In 22| + C} =—— 4 -
x x

Ta chon dap an @

2 32
Cau 814. Tacc’)/<$2+2> da::x——f—i-C.
x
Ta chon dap an @

Cau 815. Ta tinh

/(m—l—sinx) dx:@—COS!E—FC

s ™

FO)=0=C=1
F(r)=5=m=3

Ta chon dap an

Cau 816. Ta co /f(:c) dx = /
1|+ C.
Ta chon dap an @

23
1dx:/<x2+x+1—|—

z—1

Cau 817. Ta co

3 2

>d:z::x+x+:c+ln|x—

3 2

[ @)z = /(2017“"(11; = 20T e gy g2 4

.TQ + 1)2018 2
2017 (2 + 1)~V 1
- : C=—— 1 C=F
2 T 2(2? 1 1) (@)
\ 1 1

. 1
Do d6 F(z) = _2_(332 4 1)2017 + 92018

W 16n nhat < (2% + 1) nhd nhat < z = 0.
x
1 1 1 _ 92017

Vay m = ) + 92018~ 92018

Ta chon dap an

in 2 1 rd 2 1
Cau 818. Ta co: /taandx:/Sm Tdr == M:——IMCOSQM—FC.
cos 2x 2 cos 2x 2
Ta chon dap an
.2 2
sin” x + cos” x 1 1 1
Cau 819. Ta c6 - = = tan®z + 1
1u a6 f(2) sin® x cost z cost x * sin? x cos? x cos%:( an’z+1)+
——. Nén
sin” x
Lo 3 Lo 3
/f(a:)das:gtan x+tanx+tanx—cot:v+0=§tan T+ 2tanx —

Ta chon dap an @

an

Tu d6 suy ra F(z) dat gia tri nhé nhat khi va chi khi

+

cos? x
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1
Cau 820. F(z) la mot nguyén ham cia f(x) = cos3z nén F(z) = 3 sin 3z + C.

. T 14 1 . (3« 14 B
MaF(Q)—?)nen381n<2>+0—3®0—5.
Ta chon dap an

cos 3x

Cau 821. Taco /(61‘ + sin 3z) do = 32 —
Ta chon dap an @

+C. Ma F(0) =

Cau 822. Tacé: f'(x) =2 —5sinz = f(x) = [(2—5sinz) de =2z + 5cosx + C.
Ma f(0)=10=C=5= f(z) =2x + 5cosz + 5.
Ta chon dap an @

25% 25%
Cau 823. Tacé/SQIdx:/%xdm— o —i—C:L—l—C.

"~ In25 2In5
Ta chon dap an

1 1
Cau824. Dit t = B3r+1 = 2dt = dv = /f(x)dx = /t3dt = 11t4+(1 = 1(3:1;+
1)V3x+1+C.
Ta chon dap an @

u=x du = dzx
Cau 825. Dat = = F(x) = $sinx—/sinxdx = zsinz + cosz + C.
dv = coszdx v=sinz

Ta chon dap an @

Cau 827. Ta c¢b

In3 1
/ nma:dx:/ln&v d(ln3x):§ln23x+(]

Ta chon dap an @

Cau 828. f(x) :/(3—5811135) de =32+ 5cosz + C.
f(0)=10=5+C =10= C = 5. Vay ham s6 can tim: f(x) = 3z + 5cosx + 5.
Ta chon dap an @

Cau 829. Taco F(z) = /a:.e% dz.
— du = dz 2
Dat =1 = F@) =" [Fde= e )+ O
dv = e** dx v=— 2 2 2 9

Ta chon dap an @

1
Cau 830. bat u=2 = du= dx; dv=cos2zxdr = v = isin2x. Suy ra

1 1 1 1
I = /:ccos2:cd:c: 5xsin2x— §/sin2xdx: 5xsin2x+ 100523:—1—0.

Ta chon dap an
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Cau 831. F(z) = 2? 1a mot nguyén ham cia f(z)e** = 2z = f(x)e*.

u = e du = 2e**dx
bat =
dv = f'(z)dx v= f(x)

= /f’(x)e% dr = f(z)e* — Z/f(x)e% dr = 22 — 22* + C.
Ta chon dap an @

u=lInzx du = —dz
Cau 832. Dat = -
dU:\/Ed.T ’Uzgaj‘%
Ta co
2 1 2 2 1 2
/f f:c21nx—/§x%-;dx:§x%1nx—§/x§dx:§ 2(3Inz —2)+C
Ta chon dap an @
1 1. |z—
Cau 833 [~ di= / dr = -1
ad 2—4"7 g (x— 3:—1—2) Tt
1 1
/(smm sin3x) dx = —5/(COS4$—COSZZL‘) dz = —3 SlIl4ZE+ZSHl2I‘+C suy ra B ding.

Tinh [ = / zetdx.

u=2x du =dz

Dat = nén [/ = ze® — /exdx = re” —e” + (' suy ra C ding.

S

r=t—1

Tinh J = /x(l +2)"%dy. Dat 1+ v =t =
dx = dt.

£2020 42019

2020 2019

Suy ra J = /(t — 1)t*8dt =

1+ 1
1 2019 _ _
+CO={1+z) (2020 2019) +C

Vay ménh dé D sai.

Ta chon dap an @
1 x

Cau 834. [ = /ez (ln(ax) + > dz = /ex In(ax) d:L’—i—/e—dx (1)
x T

Tinh /ez In(az) dz

1
u = In(ax) du = —dz o®
Dat = r = /e“” In(az) dz = ¢"In(ax) — / —dzx

dv =¢e"dx v = o® x

Thay vao (1), ta duge F(x) = e"In(az) + C.

1 1
F — :O ealnl—’—C:O C:O o
Vi a & PN L
F(2018) = 218 ¥ 1n(a - 2018) 4 C = 218 In(a - 2018) = 1 2018

1
1).
Vay a € (2018 >
Ta chon dap an @

Cau 835. - Ta c6 f(z)e* = F'(x) = ze®.
- Suy ra /f’(:c)e%” dr = e* . f(x) — 2/]““(:c)e2:D de =z —2(x —1)e* = (2—2)e* + C
Ta chon dap an @



Todn thuec té, lien mon tong hop 387

~ » 9 u?—1 2u
Cau 836. Véiu=+v1+3lnz=u"=1+3lnxr= lnx:>§du——dx
x
u -1 2u
e Inx du 2 2

Kh'd”,/ / d:f/ 2 _ 1) du.

101x1+3lmx " 91(u ) du
Ta chon dap an @

1

Cau 837. Dat x =tant véit € (—g g) suy ra dr = COSQtdt'

o Khiz=0thit¢t=0.

o Khiz=1thit=_.

4
Ta c6
1 f 1 11 T2
/ f(tant) cothdt:/COSQtdt:§/ (1 + cos2x) <2t+4sin2t)‘0 = —gﬂ
0 0 0
Ta chon dap an @
; ’ 1 x? 2 3
Cau 838. Ta c6 f(2)—f(1):/f'(:c)d:c2/<:c+) dz = <2—|—ln:c) — 2+ In2
x
1 1 1

3 5
Do d6 min f(2) = 5 +In2+ f(1) = 2 +In2.
Ta chon dap an @

Cau 839. Ta co /(f(:c) +3¢(x)) dz =10 = /f(q:) dx + 3/g(:€) dz = 10. (1)

1 1 1
3

Ta cé/(2f(a:)—g(x)) dx:6:>2/f(x)dx—/39(x)dx:6. (2)

1

3 3
T (1) va (2) suy ra [ f(z)de =4 va [ g(x)dx = 2.
v oo

Vaylz/(f(a:)—l—g(as)) dor =4+2=6.

1
Ta chon dap an @

1
Cau 840. Dit u =Inzx ta c6: du = —dz va x = e“.

, r=1 u=20
Doi can: = .
r=e u=1

T do suy ra

e 1
l1—Inx u
/ p dw:/(l—u)e du
0

Ta chon dap an @



Todn thuec té, lien mon tong hop 388

Cau 841. Gia st F(t) la nguyén ham ctia ham s6 f(t) = F'(t) = f(t). Ta tinh

7f(lf) dt = . cos(mz)

t=x2

= x.cos(mx)

&F(2?) — F(0) = 2. cos(rx)

Dao ham 2 vé .
e 2xf(2*) = cos mx — m sin T

Sf(4)=1-0

1
& f4) = 1

Ta chon dap an

2 2
Cau 842. | :/ Flla)de = f(z)] = f2) - f(1) =1

1 1
Ta chon dap an @

2 42 4
1

Cau 843, Taco [a'de = "Za:4(24—a4) —4-Z

; 3 a’ at 4 4 2
Béivay/wdx:2<:>4——:2<:>—:2<:>a 8o a— 48—+

) 4 4 V2
Ta chon dap an @

Cau 844. /Qf(x)dx—i-jf(x)dx:jf(x)dx—jf(x)dx:4—2:2.

Ta chon dap an @

e] e
Cau 845. Tacélz/ de:/ Inzd(lnz) =
1

1 i

Ta chon dap an @

2017 2017

Cau 846. Ta co / sinxdr = —cosz = — (c0s2017m — cos4m) = 2

4

4
Ta chon dap an @

Cau 847. Dat t = 3z — 3, khi d6 dt = 3dx.

Déican: c =1 —>t=0,x=4—>t=0.

4 9
1
Tit d6 ta c6 /f(ih: —3)dz = g/f(t)che —3
0

1
Ta chon dap an

2
=et — 1.

2
Cau 848. [ = /2e2$ dz = (62’”)
0 0

Ta chon dap an @
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Cau 849. Ap dung cong thiic dinh nghia tich phan, ta c6

. V3
coszdr =sinz| = —
0 2

O\w\a
w|y

Ta chon dap an @

2
d
Cau 850. Tacé/ S ST
r+3

0
Ta chon dap an @

2 5
=Inb—-—In3=In-.
0 3

Cau 851. Mat phang can tim di qua diém A(—1;2;1) va c6 vecto phap tuyén AB = (3;—1;-1)
nén c6 phuong trinh 3(z +1) - (y—2)— (2 —1)=0<3xr—y—2+6=0.

Ta chon dap an

1
Cau 852. Taco [ = /2em dz = (2¢°)> = 2e — 2.
0

Ta chon dap an @

2 2 2
Cau 853. Tacc’)J:/[4f(x)—3]d:1;:4/f($)dx—3/d$:4-3—3-w(2):6.
0 0

0
Ta chon dap an

xT

Cau 854. Ta c6 /etdt et 1= 92017 | o = 9017102

0
Ta chon dap an

[ e +2£(x) = 3g(2)] da

2 2
Cau 855. :/xdx+2/f(q;)dx—3/g(x)dx
—1 -1

-1
2

2
1
B S e gL
1 2
Ta chon dap an @
A , 1 1 1
Cau 856. Ta c6 f(z) = Pz -7 o4l :>/f(a:)da::1n|x|—ln|x+1|+C’.

Vay I = (ln|:p|—ln|x+1|)’§:41n2—1n3—1n5 néna=4,b=—-l,c=—-1=5=2.

Ta chon dap an

b b 1 b:%‘i‘kﬂ'
Cau 857. Tacé/élcostdx:l(:)Qsian :1(:)Si112b:§(:) 5 vl k € Z.
T g b:E_‘_k’/T

Do b € (m;37) nén c¢6 dang 4 gia tri cia b théa man yéu cau bai toan.

Ta chon dap an @
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Cau 858. Dit u=cosz = du= —sinz dr = sinx dz = — du
Déi can
z|0| «
wl|l]—1

-1 1
1
Neén [ = /ug.(— du) = /ug. du = ZU4
1 |

Ta chon dap an @

Cau 859. bitu=2>—-1=du=2zdz. Déicanzr=1=>u=0;2=2=u=3.
2 3
Do do: I:/Qx\/ﬂ—ldx:/\/ﬂdu.
0

1
Ta chon dap an @

2

nén/(Zf(I)—i—?)f(—x)) dx—/2 ! dz

4+ 22
2

1
4 + 22

Cau 860. Vi2f(x)+3f(—z) =

@2/1’ dx+3/f dx—/4+x2dx()

Datt——x:> dt——dx.

Déican 35—2:>t——2 x——2:>t—2
2

Taco/f dx——/f t)dt = /f /f()da:.(Z)

11
T (1) va (2 suyra,/2fx x:g 24+xzdx:5 58 rctan(§> .

Ta chon dap an @

u=In(2z+1 du =
Cau 861. Dat { ( ) = 2v+1  Khi do,

/ln(2x+1)dx:xln(2x+1) :21n3—1.

0

2z 1
— =In3—-(z—-In|2z+1
. /Qx 1dx n3 (x 2n]a: \)
3 ’
Do d6, a = -,b=—
0ds, a =g,

Ta chon dap an @

Cau 862. Diatt =2z = dt = 2dz.

Déi can: 93—0=>t—0 r=2=1t=4.

P
1
Ta Chon dap an

Cau 863.
Ta chon dap an @
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1 1

1 2v2 1

Cau 864. /:U\/ lde = = /\/952 1d(2® +1) = 3 (24 1) :\3/_—3.

0 0

2
Suyraa:§ vab=——, nén ab = ——.
Ta chon dap an @

2

Cau 865. Tacs [ dz = d(2z +1) = In |2z + 1] 2 = In5.
o & o 0 2z+1 v 0o 2z+1 (r+1)=Inf2z+ |‘0 "
Ta chon dap an @

f1+mlnt 1 1
Cau 866. 1/+Tndt:m1/(1+m1nt)d(1—|—mlnt):2m(1+m1nt)2|‘f:7;+1:0<:>
m = —2
Vay -3 < M <0.
Ta chon dap an @

2

Cau 867. Cach 1. Diatt=3r+1=3r+1=1>= da::gtdt
, P rf1 1 t— 1y
Délcanx:1:t:2,x:5:>t:4.\/ay_f:/t21 :/ _—— =In|——

:lng—lnil)’:21n3—1n5:>a:2,b:—1.

Vay 2a% + ab + b* = 7.

Ta chon dap an

Cau 868. Ta co

b b r=
/ Flx)e! @z = / JOAf(z) = /@

Ta chon dap an @

Déican:lethitzlvax—chlt—?).
9 3 3

Suyra,/de:2/f(t)dt:4:>/f(t)dt:
Ve 1

bat t =sinz,z € { = dt = cosz dzx.

ul

272 -

Khidé,szﬁt—Ovax:§:t:1.
T

Suy ra/f (sinz Cosxda:—/f

1
Vay[:/f(x O/f da:+1/f r)de=2+2—14

0
Ta chon dap an @
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dr = x

Cau 870. Ta c¢b /(:z:
1

e+ 1
In )
e
a
Vaya:bzljgzl.

Ta chon dap an

ve 1 fa: 1—1—:62
Cau 871. TacéS:/1/1+—2d /
X
1

Datu:\/1+x2:>u2:1—|—x2:>udU—xdx.
Khi z =1 thi u = V2.
Khi z = /3 thi u = 2.

+1)lnx+2 _/ Inz+1
l+zlnz dr 1+xlna:

+In[l+znz|| =e+
1 1

Nén
2, 2 2
U 1
§= ) aoqtu= [
1 Y S Dt 1)
V2 V2 V2
/ 11 1
= [ du+= — d
/“ 2 <u—1 u+1) “
V2 2
1 u—1p 1++v2
=ulls+=In =2—V2+4+In—2==
vz 2 + 112 V3
Dodém=2,n=3. Bdivaym?> —mn+n?>=7
Ta chon dap an
P P (e" +1 +1y ! 1+
x e (e” e
Cau 872. / :/ /d / =z —lnle*+1|| =1-In .
e’ +1 ex+1 e +1 0 0
0 0
a=1
= =S =a*+b=0.
b=—1
Ta chon dap an @
2 |2 6
Cau 873. I:/f(?):c)d §/ f(3z) d(3x) / u (v6i u = 3z)
0 0

1
Ta chon dap an @

Cau 874. Datt—\/:c—k I=t?=2+1=2dt=dr. Déican:c =0=>t=1l;0 =3 =t = 2.

29(82 — 1)t 243 — 2 2)(42 — 9 _
Taco]:/ / ! :/t tdt:/ (t+2)( t+3) 6dt
4—1—2\/:6—1— CA+2 1 t+2 1 t+2
6 7
—/ <t2—2t+3—> dt = —t*4+3t—6Ilnt= - —12In2+61n3.
t+2 3 3

Suyraa=7b=—-12;c=6=a+b+c=7—12+6=1.
Ta chon dap an @
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Cau 875. Cach 1. Tuy luan.
batt = —x = dt = —dx.

3n
2
. 3 3 3 3
Déicanx:—jﬁt:j;x:iét:—i. Suy ra [ = / f(=t)dt.
2 2 2 2
3m
2
Mt khéc f(t) + f(—t) = /2 + 2cos 2t = V4 cos?t = 2|cost| (thay x = t).
Ta c6 21 = [f(t)+ f(—=t)]dt = 2 |[cos t| dt.

5

w‘%’\w‘g‘-’ M‘c},‘o\

Suy ra [ = |cos t| dt.
3 3n
2 2
< s £ e 3 3w
I= / |cost| dt = 2/ |cost| dt. | Do |cost| 1a ham s6 chén trén doan BEREY
3r 0
2
s 3 s 3
B Fl 2 Fl z i
= 2/ |cost|dt + 2 / |cost|dt = 2/Costdt -2 / costdt = 2sint| —2sint| =6.
0 s 0 s 0 ]

2 2
Cach 2. Tric nghiem.

Ta co: f(z) + f(—x) = 2|cosz| < f(z) + f(—x) = |cos x| + |cos(—x)]

nén ta c6 thé chon f(x) = |cosz|.
3n

Suy ra [ = |cos x| dz = 6 (bam may).

\w

3

2
Ta chon dap an @

2
Cau 876. Dat x = 2tant, te(—z;z)Suyrad:ﬂ: dt.
27r2 cos?t
Déican z =0 =t = 0; sz:t:Z.
: 2t : dt fdt t|T 1/« m
Kh'd’,]:/4 :/ _ [adt _t :,<7_0):i 0
L o (4tan’t+4)cos’t Jo 2. -cos?t Jo 2 2|, 2\4 8+

Dodéb=28, c=0. Vay b+ c = 8.
Ta chon dap an @

u=1x+1 du = dz
Cau 877. Dat = Khid6 I = (v +1)f(x)
{dv = f'(x)dz {’U = f(z)
1 1
Suy ra 10 = 2f(1) — £(0) — /f(x)dx = /f(x)dx = -10+2=-8.
0

0

1
Vay /f(x)dx __38
0

Ta chon dap an @
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u=Inzx du = — dx
Cau 878. Dat = 137 , ta co:
dv =z dx v = —x2
2
1 e 61 1 e 1 e 1 1 1 2 1
1= getina [ Gedr= Stina] - gatf =5 (G- 1) =

Ta chon dap an @

Cau 879. Ta c¢o

4 4 )
/:Eln(x2—|—9)dx: /1n(x2—|—9)d (93 ;—9>
0

0

2249 1 ra249 9
- n(a? 49 —/ . d
y @ +9)| S T2 e
25 9 4
— 25— o - /xda:
0
2.4
— 925105~ 9In3 — -
2 o
=25In5—-9In3 — 8.
Vay a =25,b=—-9,c= -8 néna+b+c=8.
Ta chon dap an @
A
Cau 880. Voi = [ =]
x
1
- x _
v = 5 V= —
T x
—1
Vaya:T,bzl,c:2:>2a+3b+c:4.
Ta chon dap an @
I
Cau 881. Véi J = /f(tanx) dz = 4.
. dt
Dat t =tanz = d(tanz) = dt = —— = duz.
. 1+¢t2
Déicanx:Oét:O‘as:Zétzl.
f(z)
Ta co J = /t2+1dt 1 dx = 4.
Vay I /f( /193 +f /lxzf(“”)d +/1 UCORF SR
ay I = ) dx = x T = =6.
ol , a:2+1 x?+1 , x?2+1

0
Ta chon dap an @
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Cau 882. Ta co:
Fodr 411 I 2(21 +5) Pl
JEEIEELNPRE RS RN S R
/ 22+52+6 / 22+52+6 / 22+52+6
1

1
| | |
:2/7d2 52 + 6 /( - >d
J 2245046 ($+x+>+0 t+2 x+3) "
1

=11.
0

T+ 2

_ 2 !
= 2In(z +5x+6)‘0+lnx+3

. 9
Cach khac: Dung mdy tinh tinh tich phan dudc két qua la I, tinh duge ef = 7 Twu do suy ra
a=9b=2néna+b=11.
Ta chon dap an @

a

0
Cau 883. Ta co /f(a:)da::/f(—x)dx.

0
a

a 2 2 2
Dod()/ i dx:/{ r o4
er +1 / e*+1 e=*+1

3 10
=% 9 =3=T=—

3
Ta chon dap an

Cau 884. Thé tich V ciia khéi tron xoay dudc tao ra khi quay hinh thang cong, gii han béi do

2 —x x 2 a
dx:/x (e +et+ )dx:/xde:I

thi ham s6 y = f(z), truc Ox v& hai duong thing x = a, z = b; (a < b), xung quanh truc Ox
b
dugc tinh theo cong thic V = 7r/f2(x) dz.

Ta chon dap an @

Cau 885. Ap dung cong thic tinh dién tich hinh phing giéi han bdi hai ham sé y = f(x),

y = g(z) lien tuc trén [a;b] v& hai duong thing z = a, = b v6i a < b.

Ta chon dap an

Cau 886. Dua vao cong thiic tinh thé tich khéi tron xoay tao thanh khi quay hinh phing quanh
b
truc hoanh ta c6 V = 7r/f2(x) dz.

Ta chon dap an @

2 0 2 0 2
Cau 887. Tacé:S:/|f(x)|dx:/|f(x)|dx+/|f(x)|dx:—/f(x)dx+/f(:v)dx:—a+b.
1 -1 0 -1 0

Ta chon dap an @

Cau 888. Xét he trucQtoa do Ozy dat goc toa do vao tam cia khu vuon, khi d6 khu vuon c6
< N Y
huong trinh la — + = = 1.
p ng trinh la 64 + %5
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2
Phan d6 thi phan phia trén truc Oz ¢6 phuong trinh la y = f(z) = 51/1 — §—4

4 2
Do vay dién tich ciia d&i dat 1a S = 2 / 51— 2%1 da.
—4

Dit z = 8sint <—g <t< >:> dx = 8costdt va cost > 0.

Déican: x = 4=t =—
g g sin 2¢
:>S:80/6082tdt:40/(1+cos2t) dt:40(t+ 5 )

_r
_T 6
6 6

Do do6, s6 tien can dung la 100.000S ~ 7.653.000 dong.

Ta chon dap an

Cau 889. Ta co

54
— gﬂ +20V/3 (m?).

Ta chon dap an @

Cau 890. Choy=0=2=0.
2 0

2
, 17
DodoS:_/1’x3’dx:_/l(—x3) dx+o/x3da::4.

Ta chon dap an @

Cau 891. Phuong trinh hoanh do giao diém giita hai do thi la
x25x+32x2+2x1<:>3x27x+40{

Dién tich hinh phang can tim la

S:/§ ‘x2—5x+3—(—2x2+2x—1)‘dx:
1

Ta chon dap an @

2 2
suyraS:/‘f—i—Q—Sx’ dx:/(—m2+3x—2) dr =
1

1

r=1
Cau 892. Tacéd: x°+2 =31 < {
T =2

1
5

Ta chon dap an
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Cau 893. Phuong trinh tiép tuyén c6 dang y = f/(1)(x — 1) +1 =2z — 1.
1

11 1
TaC(,)Sl:b/dex_221:3

D=

1

1
52:/x2d$+/(93—1)2dx:12:>g;:4.
0 1

2
Ta chon dap an

Cau 894. Phuong trinh hoanh do giao diém ctia do thi hai ham sé:

r=0
Por=r—2terlt+rt—-2=0< |z =1

T =—2

Dién tich hinh phéng gi6i han béi do thi ham s6 y = 2® — z vi dd thi ham s6 y = z — 2% 13
1 0 1
S:/‘x3+x2—2x’ dm:/’x3+x2—2a:‘ dx+/‘x3+x2—2x’ dx
2 0

-2

0 1

:/(x3+x2—2x> dx—/($3+x2—2x) dx
29 0

1 1 0 1 1 !

Z$’4 + gl’g — CL'Q) B — <4l’4 + 51'3 — 372) ,

Ta chon dap an @

Cau 895. Ta c6 hoanh do giao diém ctia (H) v6i Oz 1a x = 1.
Truc Oy ¢6 phuong trinh x = 0.

1 1
-1 -1
VayS:/‘x dxl/m dz| = |z — 2In(z 4+ 1)| = 2In2 — 1.
T
0 0

r+1 +1

Ta chon dap an @

In4

k
Cau 896. Tac()Sl:/|em|dx:ek—1Vang/]e“’|dx:4—ek.
0 k

Theo dé bai S} =29 = e —1=24—-e") @ ef =3 < k=In3.
Ta chon dap an @

Cau 897.
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e Xét duong tron (C) : 2° + y?> = 16, diém
A(—4;0), B(4;0), M(-2;0), N(2;0).

e Khi d6 phan dién tich can tich 1a phan gach chéo nhu

trong hinh vé bén.

2
8
o Ta cé Sppnis = /\/16 — 2dy = g 443,
)

1
° VayS—?)67r+8\/§.

Ta chon dap an @

Cau 898. Dién tich thiét dien 1a S(z) = 3xv/322 — 2.
3 3

Suy ra thé tich vat thé tao thanh la: V = /S($)dx = /39&\/ 322 — 2dx.
1 1

124
St dung MTCT ta duge : V = -

Ta chon dap an @

Cau 899. Phuong trinh hoanh do giao diém ciia (H) va Ox: —2? +22 =02 =0vaz = 2.
2

2
Khido V=7 [ (~a®+20)"de == [ (" — 42+ 40%) do = =

0 0
Ta chon dap an @

Cau 900. Ap dung cong thiic tinh thé tich vat thé tron xoay ta 6

! 2 |1 2 _ -2
e e —e
V = / 22 dy = —
[ e da 7 |, 5T
“1
Ta chon dap an @
p x
2 2
Cau 901. The tich V = 7'('/( 2 + cosx)? / (24 cosz)dr = 7(2z +sinz)| = (7 + 1)m.
0
0 0

Ta chon dap an @

Cau 902. Ta co
—1<sinzx <1

1 <2+sinxr <3
©1<y<V3
Do vay duong cong y = v/2 + sinz khong cit truc hoanh. Vay, ta c6

(2+sinz) do = (22 —cosz)| =2 (n+1).
0

V=nm

St~y

Ta chon dap an @
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Cau 903. Phuong trinh hoanh do giao ditm e* ' =2 —z & e 1 +2-2=0 (1)

Ham s6 f(z) = e* ! + 2 — 2 dong bién tréen R va (1) c6 nghiém z = 1 nén phuong trinh (1) c¢6
nghiém duy nhat z = 1.

Duong thing y = 2 — x cit truc hoanh tai diém c6 hoanh do = = 2.

Theé tich khéi tron xoay tao thanh khi quay D quanh truc hoanh la

2

7r/1(e:’“"1)2 dx+7r/(2 —z)?dr

1

v

2
X2 dx + 7T/ (2 —z)*dz

1

=T

o

1 2

1 2r—2

1 3
=gme ’0—§W(2—ZL‘) ‘1
1 1\ 1 7(5*—3)
27T< e2) g 6e2

Ta chon dap an
Cau 904. Phuong trinh hoanh do giao diém ctia do thi ham s6 y = 2(z — 1)e® va truc hoanh la
2 —1Ne" =0 2=1

Thé tich V ctia khdi tron xoay thu dugce khi quay hinh (H) xung quanh truc Oz la
1 1
V= /7T 2(z — 1)e®]? dz = 47?/(93 —1)%* da
0 0

1
Xét tich phan [ = /(:r; —1)%* dz
0
Dat = 1
dv = e** dz v=—e*

1 ; 1
Ta c6: I = 5(1‘ —1)%e*| — /(x —1)e** dz = 5~ /(a: —1)e** dx
0 0

ulz(;p_l) du1: dx
dv; = ** dx 012562”3
1
1 1 1 1 /1 1., 1 /1 e 1
Dodol = —=—( =(z—1)e2 _7/2%1 S (e I D (AR
€0 2(2(”3)60206:” 2 \27 1% |, 2 \27 171
e2—5
1
e2—5

Vay V =4rl =47 - 1 = (e —5) .
Ta chon dap an @

1
8
Cau 905. TacoV = 7r/(x2 —27)*dx = %
0

Ta chon dap an @
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2

2
T r12
Cau 906. Choy:(2—:c)e§:0<:>w:2.SuyraV:W/{@—x)eﬂ dxzw/(?—x)Qexdx
0

0
= (2 —2)? du =—-2(2—2z)dx
Dat = )
dv=e"dx v=e"
2
=V=r2- x)zem\ﬁ + 271/(2 —x)e’dr = —4r + 27]4
0

uv=2—-z du' = —dx
Dat =
dv' = e* dzx v ="

2
=1 = (2—x)ex\§+/exdx:—2+ 2 =e>—3

0
Do d6 V = —4r + 27(e? — 3) = 7(2e* — 10).
Ta chon dap an @

Cau 907. Phuong trinh hoanh do giao diém: 22 —2r =0 2 =0 va z = 2.
2

2 ) 4
The tich khoi tron xoay la V = 7T/ ‘<x2>2 — (2x)2’ dz = 6—7T
0

15
Ta chon dap an

Cau 908.
Phuong trinh hoanh do giao diém ctia parabol (P) : y = z? va dudng

thang d : y = 2z 1a

=2 &

Thé tich ctia khéi tron xoay khi cho hinh phang giéi han béi parabol
(P) : y = 2% va duong thang d : y = 22 quay xung quanh truc Ox 13

2
O/xdx /xdx

Ta chon dap an

. 1 . p
Cau 909. Phuong trinh hoanh do giao diem 222 =2 < x =0V o = R Khi do6 the tich khoi

tron xoay la
1

V=nm /5 {dex - (2x2)2} dz | = 7T/§ r?dr — 4w /E ridr
0 0 0

Ta chon dap an @

Cau 910. —Tacég() 2(f'(x) = (x+1)).

- Tu g(3 /g :2/(f'(m)— (x+1)) de < 0 suy ra g(3) < g(1).
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- Tuong tu g(3) — g(—3) = /g'(a:) dr =2 / (f'(z) — (x+1)) dz > 0 suy ra g(—3) < g(3).

Ta chon dap an @

Cau 911. Goi phuong trinh parabol (P) : y = ax?® + bx + c¢. Do tinh dbi xiing ctia parabol nén
ta c6 thé chon he truc toa do Oxy sao cho (P) c¢6 dinh I € Oy (nhu hinh vé).

9
EIC a=—1
1 . 9 3 _ 2, 9
Ta ¢6 hé phuong trinh Za_§b+620<:> b=0 .Vay (P):y=—x —1—1.
9a+§b+c—0 ng
47 T2 4
3

. 9 9
Dura vao do thi, dién tich ctia cita parabol 1a:5 = / (—x2 + > dr = 3 (m).
3

P 9 N
SO tien phai tra la 3 x 1500000 = 6750000 (dong).
Ta chon dap an @

Cau 912. Tacé ¢/ = dax® + 2bx.

Phuong trinh tiép tuyén d tai A(—=1;0)1ad:y=9(-1)(z + 1)+ 0= (—4a — 2b)(z + 1).
Phuong trinh hoanh do giao diém ciia d va (C) 1a (—4a — 2b)(x + 1) = az* + ba® + c.

Theo gia thiét, z = 0 va x = 2 13 hai nghiém ctia phuong trinh nay, lan lugt thay x = 0 va z = 2

vao ta ducc

—4da—-2b=c da+2b+c=0 (1)
=
120 —6b=16a+4b+c  |28a+10b+c=0 (2)

Mzt khac, dién tich ctia phan gach chéo 1a

28

; /02 [(—4a —2b)(z + 1) — (az* + b2® + ¢)] dw

2 5 b
:{(—4a—2b) <x2+x> - (a?f—l—g%—cx)

o (Zas Bpia)

2

0

112 32 28
Tuong duong véi ¢ + ?b +2¢ = 5 (3)

Tu (1), (2) va (3) suyraa=1,b=—3,c = 2.
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Do dé, (C) :y =a* —32%2+2, d : y = 22 + 2. Suy ra dién tich ctia hinh gi6i han béi d, d6 thi (O)
. 0 1
va hai duong thang x = -1, x =014 S = / [(z* — 32> +2) — (22 +2)] do = v
—1
Ta chon dap an @

Cau 913. Chon mbc thoi gian la Iic bat dau dap phanh. Thoi diém xe dimng hén 1a
v(t)=-5t+10=0&1t=2s

Tt lic dap phanh dén khi ding han, 6 t6 con di chuyén dugc quang duong la:

2 2 )
5
S = /U(t) dt = /(—5t+ 10) dt = (—2t2 + 10t> = 10m

0 0 0
Ta chon dap an @
Cau 914.

. 1
Trong mat phang Ozy, xét duong tron (C) : 22 +y? = T Goi (H) la hinh Y y
r =0U.

) /1 )
phang gi6i han bdi cung y = 1= x?, truc Oz, Oy va cac dudng thang /
x

= —0,4, = 0.4. Thé tich can tim ding bing thé tich khdi tron xoay

sinh ra khi quay (H) xung quanh truc Oz, tiic 14 bang Q/y o
2 :
0,4 1 04 /1 04 /1 :
\/——Qd:/ ——Qd:/ S 2)d .
7r/_0,4 < 4 . ) =T —0,4 (4 o ) =T —04 \ 4 o o :

_r
3757

Ta chon dap an @

. £ ix 3% aran Ta 5
Cau 915. Deé dang tim dugc phuong trinh ctia van toc trong 1 gic dau tién la v = _ZtZ +5t+4

. 31
con 2 gio tiep theo la v = =

Vay quang duong ma vat di dude trong 3 gic do la

1
259
/(—t2 5t+4> dt+/—dt T ~ 21, 58.
0
Ta chon dap an
- ) 3
Cau 916. - Ta cé v(t) = _Zt + 3t + 6.
3
- Quang duong di duge s = /v(t) dt = 24,75.
0
Ta chon dap an @

Cau 917. Quéang duong o to di dugc trong 5(s) dau la

5

5
= /v(t)dt = /7tdt = ;ﬂ
0

0

5
o 2
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Phuong trinh van toéc khi 6 t6 phanh 1a v(t) = 35 — 35¢, do d6 quang duong 6 t6 di dugc tir khi
phanh dén khi dimg han la

1
t2
5y = /(35 — 356)dt = 35 (t - 2)
0

Vay quang duong can tinh 1a s = s; + s5 = 105(m).
Ta chon dap an @

0,08
Cau 918. Cong dugc sinh ra khi kéo cang 10 xo tit 15 cm dén 18cm 1a W = / 800x dx = 1,56J.

0,05
Ta chon dap an

Cau 919. Thé tich ctia khéi hop V = a?h = 2(dm?) suy ra h = a22' Tong dien tich cac mit
ctia hinh hop 1a S = 2a? + 4ah = 2a® + 4a.a22 = 2a® + ;1 + j > {/32. Khi d6, téng dien tich
cac mat ciia khoi hop nhé nhat bang /32 (dm?) dat dugc khi 2a* = j o a=+2~126 (dm)
= h=+/2~1.26 (dm).

Ta chon dap an @

Cau 920. Van toc ctia sau 5 giay 1a v(5) = 15 m/s. Quang duong 6 to di duge sau 10 giay la
o 3tdt + [1°15dt = 112,5 m
Ta chon dap an @

Cau 921. Diém biéu dién ciia céc s6 phiic z = 7+ bi v6i b € R 1a M(7;b). D& thay cac diém
M (7;b) nam trén dudng thang x = 7.

Ta chon dap an

Cau 922. Goi z = a + bi(a,b € R). Diém biéu dién cta z 1a diem M (a;b).
= 22 = 2a + 2bi c6 diém bicu dién trén mat phang Oxy 1a M, (2a;2b).
Tacém:fO_]\_isuyraMlEE.

Ta chon dap an @

Cau 923. Dbat z =z 41y, z,y € R.
lz—i=b&|rtiy—i=5 22+ (y—1)2 =52+ (y—1)? = 25.
2? 1a s6 thuan 4o hay (x + 7y)? 1a s6 thuan &o

& 2?2 + 2izy — y? 1a s6 thuan o0 = 22 — y? = 0 & o = 4.

Vay ta c6 hé phuong trinh

2+ (y—1)* =25 22+ (y—1)> =25
hoac
rT=y T = —y.
v+ (y—1)2 =25 v 4+ (y—1)2 =25
= hoac
T = —y.

r=y
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v —y—12=0 v —y—12=0
hoac
r=1y r=—y
y=+4 y=-3 y =4 y=—3
& hoac hoac hoac
r=4 r=-3 r=—4 r=3.

Vay ta c6 4 s6 phiic théa man diéu kién trén.

Ta chon dap an @

Cau 924. Tacé z = (1 +2i)i = —2 +i. Do d6 phan thuyc va phan 4o ctia s6 phitc z lan lugt 1a
—2va 1.

Ta chon dap an @

Cau 925. Tit z =3 —2i suy ra z = 3 + 2i. Nén, phan thuyc ciia z bang 3 va phan 4o ciia z bang
2.
Ta chon dap an @

Cau 926. S6 phiic z =a + bi, a,b € R.
Duya vao hinh vé suy ra M(3; —4) = phan thyc a = 3, phan 4o b = —4.
Ta chon dap an @

Cau 927. S6 phtic 3 — 2v/2i ¢6 phan thuc va phan &o lan luct 1a 3 v —2v/2. Vay a = 3;
b=—2V2.
Ta chon dap an @

Cau 928. S6 phiic 0+ bi, (b € R) duge goi 1a s6 thuan 40.Vay s6 2z = 3i 1a s6 thuan éo.

Ta chon dap an

Cau 929. Diém M c6 toa do la (—2,1) do d6 M bicu dién s6 phiic z3 = —2 + .
Ta chon dap an @

Cau 930. Tacoéz=1—1i+1i>=1—2i. Vay phan thyc ciia z 13 1, phan 4o cia z 1a —2.
Ta chon dap an @

Cau 931. Taco z =6+ 5i nén z c¢6 phan thyc bang 6 va phan 4o bang 5.
Ta chon dap an @

Cau 932. Tacé: w =iz =i(l — 2i) = 2+ 4 = diém biéu dién w 14 N(2;1).

Ta chon dap an
Cau 933. Goi s phtic z = a + bi, ta c6
|2|? = a* + b* # a® — b* + 2abi = 2°.

Ta chon dap an @
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3
1+/3i
Cau 934. Ta c6 z = (1\/_2)
— 1
Suy ra |z +iz| = |—8 — 8i| = 8V/2.

Ta chon dap an @

=A4-di=z=-4+4=2z+12=—-8—8i.

Cau935. Taco (14+i)(z—i)+2z2=2i< 3+i)z=—-1+3i < z=1.
2241 —i—2i+1

Suy ra w = 5 5 =—14 3.

z i
Vay |w| = v/10.
Ta chon dap an @

. . 1—13i (1 —13i)(2+14) .
Cau 936. 2(2 — 13i=1< 2= Sz = & 2 =3 — bi.
au 2(2—1) + 131 = 2 e z i

2| = /32 + (=5)2 = V/34.

Ta chon dap an @

Cau 937. Tac6z=(4—3i)(1+14)=T+i= [Z] =50 =52 = |z| = 5V2.
Ta chon dap an @

Cau 938. Dat z=a+bi v6ia,beR, tacoé z=a— bi. Tu do:

3
a®+ b =1 b=i£
ol =lz+z2 =1« & 12

‘20”:1 azzl:i

Do d6 c6 4 s6 phiic thda man.

Ta chon dap an @

Cau939. z2=2—20=(4-3i)— (7+3i))=(4—-7)+ (=31 — 3i) = —3 — 6i.
Ta chon dap an @

17 5
Cau 940. Sit dung MTCT tinh duge = = - + =i = % ~ 2

10 7
Ta chon dap an @

Cau 941. Ta c6 3z — (4+5i)2 = —17+ 11i < 3(a + bi) — (4 + 5i)(a — bi) = —17 + 114

—a—5b=-17 a=2
& —a—5b+ (=ba+Tb)i=—-17T+11li & e = ab = 6.
—ba+7b=11 b=3

Ta chon dap an @

Cau 942. Tacé: z=2+bi=>w=iz+Zz2+i(2+5i)+2—-5i=2i—5+2— 5/ = —3 — bi.

Ta chon dap an

Cau943. z=21+2=0—-T7i))+ (2+3i) =7 — 4.
Ta chon dap an @
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Cau 944. Ditz =a+bitacoéz+1+43i—|z[i =0 < a+1+(b+3)i—Va? +0?.i =0 &

Vay ta ¢c6 S =a+ 3b = —5.

Ta chon dap an

Cau 945. Tac6z=(2i—1)?—(3+i)? =4 —4i+1—-9—6i — %> = —11 — 10:.
Vay tong phan thuc va phan 4o clia 2z bing —11 — 10 = —21.
Ta chon dap an @

a+2=+a*+?

Cau 946. - Ta co . Giai ra ta duocb:—l,a:—i.
b+1=0

Ta chon dap an @
(z+2)*+(y-1?2=8 .
Cau 947. - Ta c6 hé . Giai ra ta duge 3 cap nghiém.
(x =12 =¢*=0
Ta chon dap an @

Cau 948. Ta c6 z = 5+ 4i nén diém biéu dién 1a (5;4)
Ta chon dap an @

Cau 949. Tacoz = (—3+41)(2—i)+5—Ti = —6+3i+8i—41>+5—7i = —6+11i+4+5—7i = 3+4
Béi vay 7 = 3 — 4.
Ta chon dap an @

Cau 950. Ta cé: 21+ 20 =3 —2i = |21 + 29| = /32 4+ (—2)2 = V13,
Ta chon dap an @

1 1 (14 24)? —344i
Cau 951. Taco - = - = :
au T 22 T 1202 (1t 2)? 25
L s
Nen |1 = 3+ 4 :1‘
2 25 5

Ta chon dap an @

Cau 952. Bang cach thit ting dap an, ta loai ngay cac dap an A, B, D
o 2 =2+2i=w=14+8i (loai A)
o 2 =—-2—2;=w= 14+ 8i (loai B)
e 2 =2—2i=w=230+ 167 (loai D)

Ta chon dap an @
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Cau 953. Taco z = —2(i2)5—8i+4: —2(—1)5—8i+4:2—8i+4:6—8i.
Nén |z] = /(6)? 4+ (—8)% = 10.
Ta chon dap an @

—92 4 144 -2+ 144
Cau 954. Tac6 (3+1) 2| = S 3ie (B+d)(|z[ +1) = AL
2 2z
) . 10v/2 24/5
Lay modun 2 vé ta c¢6 V10||z| +i| = |\|/_ Dat [z] = z,2 > 0 ta duge |z +1i] = v5 =
5 x

V22 +1=2V5e '+ 22 —-20=02 =2. Vay |z| =2
Ta chon dap an @

Cau 955. Gia stz = a+bi, v6ia, blasd thue. Goi M, N, P lan lugt 1a diém biéu dién s6 phiic z, iz
va z+iz. Khi d6 M (a;b); N(=b;a); P(a—b; a+b). Suy ra MN = /a2 + b* NP = PM = /a2 + b2
Suy ra tam giac M N P vudng can tai P.
TacéSAMNp=18<:>;-NP-PM=18<:>a2+b2=18<:>|z|:\/mzs\/é.

Ta chon dap an

Cau 956. Ta tinh z = 32017 = 42016 j — j = 2% = 1.

Ta chon dap an

Cau 957. Ta co

240 (2440 (1+2) 245i+2% 5
= = = — =1.

TTio2 (-20)1+2) 5 5

Ta chon dap an @

Cau 958. Tac6z=-3+i1=2Z2=-3—1i.
Ta chon dap an @

.

Cau 959. Taco: (1+i)z=3—i& 2= HZ, —1- 2.
(3

Vay diém biéu dién ctia z la diém Q(1; —2).

Ta chon dap an

1-5 (1-5)2+i) 7 9 %6
Cau 960. Tit 2(2— i)+ 5i = 1 = » = L= _ (1 =90 +Z>——5i:>|z]— 2.

2—1 5 5 5
Ta chon dap an @

Cau 961. Giast w=x+yi (z,y € R.
w—1 x4+ (y—1)i 3x—4(y—1)+3B(y—1)+ 4]

Ta co:w= (3+4i)z+ie 2=

3+4¢; 3+ 4i , 25
3z — Ay + 4 4z + 3y — 3
Do do, ta c6: yz|:4<:><‘”25‘y+> +($+25y> =16 < 22 + (y — 1) = 400.

Suy ra r = 20.
Ta chon dap an @
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V10 V10 V10
Cau 962. Taco (14+20)]z] = ~— —2+i & (14+20)]2] = ~—+i(14+20) & (14+20)(|z|—i) = ~—
z z

z
. . V10 . 1 V10
= |(1+23)(|]2| - i)| = - ;»|1+2z|.\|z|—z\:W (%)

o N NS ]‘0 4 2
Ditt = |z| thit € R, t >0 va (*) & V6 V12 + = et tP=2=1=1(dot>0)

1 3
Vay |z|=t=1= - <t < —.

2 2
Ta chon dap an @

Cau 963. (1+1i)z+2z2=3+2i (1).

Ta ¢6 z = a+ bi = z = a — bi. Thay vao (1) ta duge

(1+id)(a+bi)+2(a—bi))=3+2i< (a—b)i+Ba—b)=3+2i< (a—b)i+ (3a—b) =3+2i
a—b=2 a:;

< < = P=-1

3a—b=3 |p—_3
>

Ta chon dap an @

=4 z =42
Cau 964. Taco: 2zt — 22 -12=0« & .
2=-3 |z==4iV3
Vay T = |21] + |z2] + |23] + [2a] = 4 +2V3.
Ta chon dap an @
1+iv11
Cau 965. Phuong trinh 322 — z + 1 = 0 ¢6 nghiém 25 = %.
VIFI1I V3 2/3
Do d6 |z| = || = 6* = ? Vay P = \3[
Ta chon dap an

Cau 966. Ap dung dinh Iy Vi-et ta c6 tong hai sb phitc 1a 2 vA tich clia ching 13 3 = hai sb
phiic 14 nghiém ctia phuong trinh 22 — 2z + 3 = 0.
Ta chon dap an @

1 V2
2’1—§+17
Cau 967. Taco A’ =4—12 = —8 < 0. Vay phuong trinh ¢6 hai nghiém phiic la ) Y
Zp=— —1i—.
V2 V2 2 2
I V2 1 V2
o 'ZI'HZ?':'z“z‘*‘z‘lz = V3.
Ta chon dap an
21+ 2 =-—1

Cau 968. Taco P =27+ 22+ 2125 = (21 + 22)? — 2122.Theo vi-et ta c6
21" Ry = 1
Suyra P=1—-1=0.

Ta chon dap an @
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1 2 1 1) (2% — 1
Cau969. Tacozttole -2l (o GxDE=24D (s
z z
1 1 1
z _ 2017 _ 3\672 _ _
Dodo T =z +Z2017—Z.(2) _'_W Z+;—1

Ta chon dap an @

Cau 970. Ta c6 P = (22 4 22)2 — 22222 = [(21 + 2)2 — 22129)" — 22222,
21+ 29 = 2

Theo vi-ét ta co: thay vao P ta dugc P = 14.
2129 = 5

Ta chon dap an @

Cau 971. Bam may tinh giai ra nghiem la 2 = 1 +i = 2 = /2 (cos % +isin %)

Suy ra 22012 = (v/2)™" cos (20122) + isin (20122)} — 4593 (cos 7 =+ i sin ) = — 4793,

1 16593 + 1
4503 ) — T 4508

Vay P = — (4503 +
Ta chon dap an @

z1=—1+41
Cau 972. Tac62°+22—2=0& (z—1)(2*+22+2)=0& |z = —1—i.
z3=1
Vay tong cac nghiem phic 1 21 + 20+ 23 = —1+i—1—i+1=—1.
Ta chon dap an
1 1

1
Cau 973. Taco — + — =

z w Z+w
—z+ 23

= z+rw?=wtwr+22 S uwitwr+22=0&w=

2
PV 3 — 72— 2/3i 1+4v/3
V@iw:Z;\m:|w|= 5 = | -2 —— = |s| = 2017.
_ 3 —2+ 2v/3i 1—iv3
vaiw:”;ﬂ:|w|: = T e = 201
Ta chon dap an @
Cau 974.
Ap dung cong thiic cosin Yy
OM?+ON? — MN?  1+410— 13 1 M
cosp = — -
4 2.0M.ON 2.1./10 V10

3
= sinp = /1 — cos? :ﬁ

3
= sin2p = 2sinpcosp = -

Ta chon dap an
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Cau 975. Dit z = x + yi 1a s6 phiic thod man yéu cau ciia bai toan. Tu gid thiét suy ra z,y
w2 —4dy+9y*=0

thod man hé y # 0, ta thdy he c6 hai nghiem trong d6 nghiem (z;y) = (4;0) bi
2+ (y—3)° =25
loai. Vay chi c6 mot s6 phitc z thod man yéu cau bai toan.

Ta chon dap an @

Cau 976. Phuong trinh 22 + 22 4+ 3 = 0 ¢6 hai nghiem 13 2 = —1 — V2i VA z9 = —1 4+ v/2i nén
M (—1; —\/§>
Ta chon dap an @

Cau 977. Gia st s6 phtic 2 = a + bi,a,b € R,i> = —1 thi z = a — bi.

Khi d6 M, N la diém biéu dién s6 phitc z v& Z thi M(a;b), N(a; —b) Ta thay M va N dbi xing
nhau qua Oz hay M,N d6i xiing nhau qua truc hoanh.

Ta chon dap an @

Cau 978. Ta c6 w = 2 — 6i nén diém biéu dién 1a M(2; —6).

Ta chon dap an

Cau 979. Xét phuong trinh 422 — 162 +17=0c6 A’ = 64 — 4.17 = —4.
. L. . 8 — 2 1. 8+ 21 1.
Phuong trinh ¢6 hai nghiém z, = 1= 2 — 52, 29 = 1= 2+ 52.

Do zy la nghiém phiic c¢6 phan 4o duong nén zy = 2 + 52

1 ) ) . 1
Ta c6 w =1izg = 5 + 2¢. Diem biéu dien w = izy la My (—2; 2).
Ta chon dap an

Cau 980. Tacod: z=2—i+2i—i*=3+1

Ta chon dap an @
2= —1— V2

Cau 981. Tac622+22+3=0« = M(—1;—?2).
9 = —1 + \/52

Ta chon dap an @

Cau 982. Xét 25 + 25 = (21 + 22) (2 — 2122+ 23) = 0 = 23 = —23.

Ta c6 OA = |z1|, OB = |z|, AB = |z1 — 23|.

TU 2} = —25 suy ralz}| = 23| & |21| = || = OA = OB.

e —m+ B =05 (1 —n)l+20=08 (1—2) = —uzn = |u — 2 = |22 = |2l |2
= AB? = 0A-OB nén OA= 0B = AB.

Chii 9 : bai todn nay c6 thé chon z;, z; diic biet va théa man 22 — 212y + 22 = 0 la dudgc.

Ta chon dap an @
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Cau 983. Taco |z+2+i| =[z=3i] & |(z+2)+(y+1)i| = |z — (y+3)i| & (x+2)*+ (y+1)* =
2?4 (y + 3)?

Sdr+44+2y+1=6y+9<<x—-—y—1=0.

Ta chon dap an @

1
r ==
Cau 984. Gidstz=z+yi,(r,yeR)tacd |z+z+3|=4&22+3|=4< 27.
.Z':—§
Ta chon dap an @
Cau 985. Dit z =z +yi (z,y € R), ta cé:
\2+z\:]i—2z\<:>](2—|—x)+yz’]:\—295—1—(1—23/)2']<:>\/(2+:U)2+y2:\/(—2:U)2+(1—2y)2<:>
x2+y2+4x+4:4x2+4y2—4y+1<:>3x2+3y2—4x—4y—3:O<:>x2+y2—§x—§y—1:O.
e 2 ~ Z 2
Vay tap hgp céc diém biéu dien s6 phtc z la duong tron c6 tam [ (3;3) va ban kinh R =
4 4 V17
—t+-+1=—
9 9 3

Ta chon dap an

Cau 986. Dit w =z + yi, (x,y € R).
Tacow=zZ+ior+yi=Z+iez=0+(y—1l)iez=0+ (1 -y)i.
Theo dé 2| =3 22+ (1 -y’ =92+ (y—1)*=09.

Vay tap hgp s6 phtic w = z + i 13 dudng tron tam 7(0;1).

Ta chon dap an @

Cau 987. Goi z=a+ bi, v6i a,b € R. Suy ra z =a — bi.

Taco[z+2—il=4< (a+2)*+(-b—-1?2=16< (a+2)*+ (b+1)* = 16.

Vay tap hop diém biéu dién s6 phiic 1a dudng tron tam I(—2; —1), ban kinh R = 4.
Ta chon dap an @

Cau 988. bat z =z +yi v6iz,y € R, tacé z =2 — yi. Tu do:
2z — 1| =|z4+z4+2/ < 2|(x —1) +yi| =20+ 2| & V(@ - 12 +y2 = |z + 1| & ¢* = 4.

Nén tap hop diém biéu dién s6 phitc z thda man 2|z — 1| = |z + z + 2| trén mit phang toa do 1a
mot parabol.

Ta chon dap an @

Cau 989. Goi M(z;y) la diém biéu dién s6 phtic 2. Do |z — 2 — 2i| = 2 nén tap hgp diem M la
duong tron (€) : (x —2)* + (y — 2)* = 4.

Céc diém A(1;1), B(5;2) 1a diém biéu dién cdc s6 phitc 1+ 4,5 + 2i. Khi d6 P = MA + MB.
Dé thay A nim trong (%), con B nam ngoai (¢), ma M A+ MB > AB = /17. Dang thitc xay
ra khi M 1a giao diem ctia AB véi (%).
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Phuong trinh dudng thang AB : x — 4y + 3 = 0.

Toa do diém M la nghiém ctia hé phuong trinh sau véi 1 < y < 5.

37 + 4v/59
(e-2P+ (-2 =4 |*=" g7
= .
r—4y+3=0 _22"‘\/@
T
Vay min P = /17 khi z = 37+1i\/@+22}‘/51.

Ta chon dap an @

Cau 990. Gié st z = a + bi(a,b € R).

Theo dé bai ta 6 |z — 3 — 4i| = /5 < (a — 3)? + (b — 4)? = 5(1).

Mat khdc P = |z + 22 — |z —i> = (a + 2)* + * — [a* + (b — 1)?] = 4a + 2b + 3(2).

Tir (1) va (2) ta c6 20a® + (64 — 8P)a + P? — 22P + 137 = 0(x).

Phuong trinh () c6 nghiém khi A’ = —4P? +184P+ 1716 > 0 < 13 < P < 33 = |w| = /1258.
Ta chon dap an @

Cau 991. Dit z =a+ bi v6i a® + b* =1 thi
P =|(a+bi)* = (a+0bi)| + |(a+bi)* + (a+ bi) + 1]
= |(a® — a — b®) + (2ab — b)i| + |(a® + a + 1 — b%) + (2ab + b)i]

= (a2 —a— 1) + (2ab — b))* + /(a2 + a + 1 — B2)° + (2ab + b))?
=v2—-2a+ |2a+1].

Dat f(a) =v2—2a+|2a+ 1| véi -1 <a <1

. 1
V2—2a+2a+1 néu - <a<l1
Ta c6 f(a) = 2 1
V2 —2a—2a—1 néu —1§a<§
1 .
———+2nfu —<a<l
Dods f(a)={ V% 2 X
ﬁ—Q néu —1<CL<*
7
f’(a)—0<:>a:§
7 13
f-1)=3, (5 =7 1) =3
13 7 V15
Bdi va =—khia=-,b=+—.
1vay[1£113;ﬁf(a) 7 khie=g, 5
V1 1
Nhu vay, khiz:7+;\/—5thi maXP:f.

Ta chon dap an @

Cau 992. Cach 1. Goi M(z;y) la diém biéu dién ctia 2. Cac diem A(—2;1), B(4,7), C(1;—1).
Tacé [z4+2—i|+|z—4—Ti| =62 < MA+ MB = 6y/2, ma AB=6V2= MA+MB = AB.
Suy ra M thudc doan thang AB.

Phuong trinh dudng thing AB :y =z + 3, v6i x € [—2;4].
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Taco|z—14i| = MC = |z — 1 +i|* = MC? = (z—1)?+(y+1)% = (x—1)*+(z+4)? = 222 4+-62+17
Dat f(z) = 22% + 62 + 17, x € [-2;4].

3
f'(z) =4z +6, f'(z) =0z = ) (nhan)

Ta c6 f(—2) = 13, f (-3) _ 225 F(4) = 73,

2
VB F(8) e = F0) = T3, F@) = 1 (=3) = 5-

2
242
= M =73, m 5\/_ P:5f+2 LS
Cach 2. Goi M (z;y) la diém biéu dién cia z.

Cac diém A(—2;1), B(4,7), C(1;—1).
Taco|z+2—i|+]|z—4—Ti| =6vV2 MA+ MB =62, ma AB=6v2= MA+MB = AB
Suy ra M thudc doan thang AB.

C

A M B

Phuong trinh dudng thing AB :y =z + 3, v6i z € [—2;4].
5
CMpyi =d(C; AB) = —.
( ) 7
CB =V73;CA =13 = CMy. = CB = /73.

5 273+ 5
Vay P = \/_ 3+ E 2 \/_
Ta chon dap an

Cau 993. Dit z=a+bi, véia,beR, taco |z —1—-2i| =4 (a—1)*+ (b—2)* = 16.
Khidé P = [z+2+i| = /(a+2)2+ (b+1)2 = /(a— 1)2 + (b—2)2 + 6(a + b) = /16 + 6(a + b).
Apdung BDTB.C.Stacé[(a—1)+ (b—2)) <2[(a—1)2+ (b—2)}] =32 & —4y/2 < a+b—3 <
4/2.
Mit khac P2 =16+ 6(a +b) = 34 + 6(a + b — 3) = 34 — 24/2 < P? < 34 + 244/2.
Do dé M = max P = /34 4 241/2 T s

m = min P = /34 — 24/2

Ta chon dap an

Cau 995. Hinh bén c6 9 mat.
Ta chon dap an @

Cau 996. Theo Iy thuyét, ta c6: Méi dinh ctia da dién 1a dinh chung ctia it nhat ba mit.

Ta chon dap an

Cau 997. Hinh D khong 1a hinh da dién vi ¢6 mot canh 13 canh clia nhiéu hon 2 mat.
Ta chon dap an @
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Cau 998. Xét hinh tit dién, c6 4 mit va 4 dinh nén né c6 s6 dinh va sé6 mat bang nhau.

Ta chon dap an @

A D
N
AN
I N
B Lo ¢
| \
Y \
: \\\\\\I
| B\‘\\
1 N T~
| N S~
- A
,,,,,,,,,,,,,,, I Qi)
7 A \\ D
N
/ N
/ N
7/ AN
AN
B’ (04

Cau 999.

Hinh hop chit nhat ABCD.A'B'C'D’ ¢6 tam déi xiing la trung diém ctia duong chéo chinh AC'.

Ta chon dap an @

Cau 1000. Co6 5 khéi da dien déu c6 s6 mat lan lugt 1a 4,6, 8, 12, 20.

Ta chon dap an @

Cau 1001. Hinh t& dién c6 4 dinh va 4 mét.

Ta chon dap an @

Cau 1002.

Dura vao hinh vé ta thay khdi lang tru ngii giac c6 tat ca 15 canh.

Ta chon dap an @

Cau 1003. B'*

C/

D/

B¢

(;1/

Dl

K
B/
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Ta chon dap an

Cau 1004. Hinh 3 c6 mot canh 1a canh chung clia bon mét nén hinh 3 khong phai khéi da dién.

Ta chon dap an @

Cau 1005. Lap ghép hai khdi hop chua chac duge mot khoi da dien 16i.
Ta chon dap an

Cau 1006.
A B’

Ta chon dap an

Cau 1007.

Hinh chép tit gidge déu S.ABCD c6 4 mit phang ddi xing la cidc mat phang (SAC), (SBD),
(SEF), (SGH).
Ta chon dap an @
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Cau 1009. Khoi da dien déu loai {5;3} 1a khoi muoi hai mat déu c6 20 dinh.
Ta chon dap an @

Cau 1010. Mait bén cla hinh chép tam giac déu cé thé la tam gidc can bang nhau.

Ta chon dap an @

Cau 1011. C6 ba loai khdi da dien déu ma méi mat 1a mot tam gide déu, do la loai {3; 3} (khoi
tit dien deéu), loai {3;4} (khdi bat dién déu hay khoéi tam mat deu), loai {3;5} (kho6i hai muoi mit
déu).

Ta chon dap an @

Cau 1012. Dé dang thiy bat dién déu, hinh lap phuong va lang truc luc gidc déu c6 tam doi
xuing.
Con tit dien déu khong c6 tam do6i xing.

Ta chon dap an @

Cau 1013. Hinh lang tru tam giac déu c6 bén mat ddi xing nhu hinh vé:
Ba mat phang tao bdi mot canh bén va trung diém ciia hai canh déi dien.

Mot mat phang tao bdi trung diém ciia ba canh bén.

N T NN

Ta chon dap an @

Cau 1014. Ta c6 phép dbi xting tam I bién hinh (H) thanh chinh né. Khi d6 hinh (H) c6 tam
d6i xting 1a I suy ra hinh lang tru t giac déu, hinh bat dién déu va hinh lap phuong 1a cac hinh
da dién c6 tam ddi xing.

Ta chon dap an @

Cau 1015.
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Cau 1016.
Cac mat phang ddi xing 1a (SAC),(SBD), (SIK), (SMN).
Cau 1017. Hinh hop chi nhat c6 cac mit phing déi xting 1a cadc mit phang trung tryc clia céc

cap canh doi = c6 3 mat d6i xiing.



Todn thuec té, lien mon tong hop 418

Ta chon dap an

. \ . 1 . .
Cau 1018. Ap dung cong thic tinh thé tich khoi chop V' = gBh, véi h, B lan lugt 1a chiéu cao

va dien tich day ctia khoi chop.

Ta chon dap an @

Cau 1019.

C

AE AF Al 1
Ta ¢6 Vagprr = Voras = Venre = Veers = 1B AD AC Vapep = gVABCD-

Ma Vigy = Vapep — Vaerr — Voras — Veria — Veens = §VABCD-
Viy 1

Vay k =

Vapep 2
Ta chon dap an

. . 11
Cau 1020. Ta c6 the tich cta khéi ti dien O.ABC 1a V = 35 6-3-2=06cm?.
Ta chon dap an @
1 1 3V/2

Cau 1021. Taco: V = gSABCD X SA = gaz X CL\/§ = a4 ;)/_

Ta chon dap an @

Cau 1022. \

, ) 1
Thé tich khoi ch6p S.ABC la: Viape = ¢ - AB- AC - SA = % S
A Kk C

B

Ta chon dap an @
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Cau 1023. 2
Dien tich AABC 1a Sape = ; “AB - AC' - sin 120° = “;/5
. ) 1 33

Thé tich khdi chop S.ABC 1 V = 5 - SA - Sapc = a 6f.

Ta chon dap an

Cau 1024.
Goi M la trung diém cta BC, ASBC déu néen SM 1 BC
ma SA L (ABC) nén SA 1L BC va SM L1 BC suy ra
BC 1 (SAM).
(SAM) N (SBM) = SM
Ta ¢6 = ((SBC),(ABC)) =
(SAM) N (ABC) = AM

(SM, AM) = SMA = 30°.
SA

Xét ASAM vudng tai A co sin SMA = S = SA =
av3  aV3
in 30° - = )
sin i 1 .
R —  AM ., av3  3a
vacosSMA—S]WéAJWQ—COSBO e s
1 3a 1 a’v/'3
S =AM -BC = — = V. =-SA.S = —.
= DABC 5 3 = Vs.ABC 3 ABC 39
Ta chon dap an @
Cau 1026.
AD+ B
Dién tich mat day (ABCD): S = ;_C x AB = 2a°. S
) . 1 2 3
The tich khoi chép S.ABCD: V = §a2 a3 = \/ja .

Ta chon dap an @

Cau 1027.
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1 1
TacéVABCDZE-AB-AC’-AD:6-6@-7&-4a:28a3. D
. s 1 1
Dé thay Synp = 5 Svunpp = 1 Spep = Vaunp =

1
ZVABCD = 7a3.

Ta chon dap an @

Cau 1028.

Goc gitta SD va mp (SAB) la ASD =30° = SA = a - cot 30° = V3a.
1 1
Khi d6 V = 2 Bh = za%ay/3 = \fa3.
Ta chon dap an @
Cau 1029.
AABC vuong can tai B 6 AC =2 = AB =BC =1va Saapc = S
1 1
~AB - BC = —.
2 : 2 1 11 1
Do SA L (ABC) nén VS.ABC: g 'SAABC‘SA: g : 52: g

Ta chon dap an @

Cau 1030.
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Goc gitta canh SD va day 1a goc SDA = 60°. Ta ¢6, tan SDA = 1D =
SA = ADtan60° = 2a+/3.
4a3\/3

2 Z 1 1
Thé tich khéi chop Vo apep = §SA-SABCD =3 2av/3.2a.a = I

Ta chon dap an @

Cau 1031.

Ta c6 goc gitta (SBC) va (ABCD) la goc SBA=a
SA = ABtana = atana.

Thé tich ctia khéi chép S.ABCD la

1 1
Vs.apcp = 3 SA-Sapcp = gatana.2a2
e 1z 1 5 2a3
Theo gia thiéet ta co gatan a.2a” = - Stana =14 a=45°.

Ta chon dap an @

Cau 1032. - Tu gid thiét ta co SBA = 60° suy ra SH = AB.tan60° = av/3. Vay, V =
1

g.a 3.a2V/3 = a3,

Ta chon dap an @

Cau 1033.

Ta ¢6 SC N (ABCD) = C, SA L (ABCD), A € (ABCD).

Suy ra AC' la hinh chiéu ctia SC len (ABCD).

Suy ra [SC, (ABCD)] = (SC, AC) = SCA = 60° (do SA L (ABCD)).
Xét tam giac SAC vudng tai A ¢

—_— A
tan SCA = tan 60° = jC’ =3 = SA=5aV3.
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BC? = AC? — AB? = BC = 4a (Pytago).

\ 1 1
Thé tich hinh chép V = g.SA.AB.BC = §.5¢§a.3a.4a = 20v/3a®.
Ta chon dap an @

Cau 1034.
Goi ¢ la goc gitta cac mat phang (SBC) va (ABCD),
khi d6 ¢ = SBA = 60°.
2a 2a/3
AB = SA-cot60° = —= = .
o 1\/§ 3
gd(G, (SAD)) . SASAD-

Vsaap = Va.sap =
. 2
Goi M la trung diem BC, ta c¢c6 SG = gSM =

d(G: (SAD)) — ; -d(M: (SAD)) = g -d(B: (SAD))
2 2 2v3a  4V3a

3 A= T ;

VayVS,GAD:;-LL\fa-;QaQa: Séia )

Ta chon dap an

Cau 1035.

Tit gid thiét ta c6 goc BSC = 30° = SB = %\\//_3_ = SA = /2a.
a’v/2

Tt d6 suy ra thé tich ctia khéi chép bing 5

Ta chon dap an

Cau 1036. GQi x la thé tich Chép S.ABCD. Ta c6 VMNAC = VS.ABCD — VS.AMN — VS.MNC —

M.ABC N.ACD MNAC = T 53 296 53 2917 5 x 5 3913 —495.
. 11 a’
VayVMNAc—Z-ga.a —E-

Ta chon dap an @

Cau 1037. GQi x la thé tich Chf)p S.ABCD. Ta c6 VMNAC = VS.ABCD - VS.AMN - VS.MNC —

Ve Vv SV _ 1 2 1 n 1 2 1 n 1 1 n 1 1 _ 1
M.ABC N.ACD MNAC = T 53 2$ 53 233 5 2:E 5 31' = 496.
1 1 a’

Vay Vinac = = - —a.a* = —.

4 3 12
Ta chon dap an @
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Cau 1038. B —~C
AC a
AO = — = —
2 V2 .
Tam giac SAO vuong tai A va AOS = 45° nén SA = AO = 72
3
2
=V = a*v2

6
Ta chon dap an

Cau 1039. B
V=40
Ta chon dap an @

Cau 1040.

Trong mit phang (SAB) ké AH | SB,H € SB.
Ta c6 BC L AB va BC L SA suy ra BC L (SAB).
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Do dé6 (SAB) L (SBC) ma SB = (SAB)N (SBC) va AH 1. SB nén AH 1 (SBC).

Suy ra d[A, (SBC)| = AH = a.

Xét ASAH vuong tai H.

Co6 SA? = AH* + SH? = SH = a suy ra ASAH la tam giac vuong can tai H, nén ASB = 45°.
Suy ra ASAB la tam giéc vuong can tai A nén SA = AB = /2.

Thé tich khéi chép V = \f 2a.(v/2a)? = Q‘fa

Ta chon dap an @

Cau 1041.
Goi H la trung diém canh AB.
(SAB) L (ABCD)
Ta c¢6 ¢ (SAB)N (ABCD) = AB = SH 1L (ABCD).
SH 1 AB
Khi d6 Vs acp = ;SH - Sacp-
Ma Sacp = Sapep — Sapc = ;AB-(AD+BC) —;AB-BC = a®.
Va SH = M Vay Vsacp = 3(\5/3
Ta chon dap an @

Cau 1042. Thé tich khéi t¢ dien déu canh av/3 14V =
Ta chon dap an @

Cau 1043.

Goi G 1a trong tam clia tam gidc BC'D va F la trung diém ciia
canh C'D. Vi tit dien ABCD déu nén AG L (BCD)

Tam giac BC'D déu c6 canh bang 2 nén

2 22v3  2V3 44/3
BG = ipp_ 223 A5 _V°_ 3
G 3 35 3 SABCD 1 V3
V3
Tam giac ABG vuong tai G ¢6 AB =2, BG = 5
Nen AG = vAB? — BGE = (|22 — (2\3@) _ ‘3[
1 1 2v/6 2v/2
Vay Vapep = gAG-SBCD = gT\/g =5

Ta chon dap an @

Cau 1044. Thé tich ctia khéi ti¢ dien déu canh a 12 V = a
Ta chon dap an @

12

Cau 1045.
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e Goi O la tam cua hinh vudng, ta c6 SO L
(ABCD) = OA la hinh chiéu vuong goc cta
duong thang SA trén mit phang (ABCD).

o Suy ra (SA, (ABOD)) = (SA,0A) = SAO. Do
d6, ta c6 SAO = 60°.

e Tam giac SOAvu()ngg()ctaiOvacéS/A\O:mO
3v2 3v6
:>SO:OA><tan60°:\2/_-\/§:\/_.

e Vay thé tich khdéi chép S.ABCD la V =
1 1 ., 3V6  9V6
gSABCDXSO—ng XT—T

Ta chon dap an @

Cau 1046.
Co SABC’D = CL2 va SS/ = 250 = 2\/532 —302 =
av/2.

1 1 3V2
Do do V = *SABCD-SS, = *.CL2.CL\/§ = a \/_
3 3 3
Ta chon dap an @
Cau 1047.
Canh day AB = a = dién tich day Sapcp = a°.
2
Duong chéo AC = aVv2 = HA = a\z/_.
14
Canh bén SA = 2AB = 2a = SH = /SAZ — HA? = WQ_
a\/_ av/14
Vay thé tich V = =.a%. .
ay the tic 3 5 5
Ta chon dap an @
1
Cau 1048. Ta c6 dien tich tam giac déu canh 2 1a S = 5 -2 -8in 60° = /3.
2 7z 4
Thé tich ctia khoi chop la V = \f 4 = \/_

Ta chon dap an
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Cau 1049.

Goi O la tam ctia hinh vuéng, ta ¢c6 SO L (ABCD,).
= OA la hinh chiéu vuong goc ctia duong thang SA
trén mat phang (ABCD).

Suy ra (SA, (ABCD)) = (SA,0A) = SAO. Do d,
ta c6 SAO = 60°.

Tam giac SOA vuodng goc tai O va c¢b SAO = 60°
= SO =0A - tan60° = a\2/§‘\/§:a\2/6.

Vay thé tich khéi chép S.ABCD la
1 1 6 a’V6 3
V = 3Sascn - SO = a6 _ a6 _ a

a2

3 2 6 V6

Ta chon dap an @

Cau 1050.

Goi O 1a tam cta tam gidc deu BCD, ta ¢c6 AO L (BCD).

av'3 2 2 a\/g a\/g

2 OB =~BH —=.2V2 _ &V°2

g OB=3 32 3
2

Tam gidc AOB vuong tai O nén AO? = AB%? — OB? = d? — % = % — A0 ="2 6.

3
2 £ N 1 1 2 3 9
Vay thé tich kni tit dien déu ABCD 2 V = £ Spop - A0 = 5 - ° 3 av6_ a’Vv2

3 4 3 12
Ta chon dap an @

Goi H 1a trung diém cta BC, ta ¢6 BH =

Cau 1051.
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Tam gidc ABC déu canh a = AG = gAI = a\3/§ S
Xét AASG vuong tai G c6 SG = +/SA?2 — AG? = @.
Do do 1 1 av6 a*V3 a*V2 3
VS.ABC:§'SG'SABC:§‘ ST A 5
7 I
C

Ta chon dap an @

Cau 1052.

Vi G la trong tam tam giac SAC nén AG cat SC tai trung diém M cta SC, tuong tu BG cit
SD tai trung diém N ctia SD.
Goi O la tam hinh vuong ABCD va I 1a trung diém ctia AB. Suy ra géc gitta mat bén (SAB) va

— 3
mit day (ABCD) la géc SIO = 60°. Do d6 SO = OI - tan 60° = a2 .
1 a?’\/g
Suy ra Vs apcp = 3 Sapep - SO = .
. Vs aBm SA SB SM 1 1
Mat khac V- = 2V, tal 5 = —— = - = V. = -V .
a aC Vs ABCD S.A1307 a lal co Ve ane SA SB SC 9 S.ABM 9 S.ABC
TUOng tu ta co VS.AMN = ZVS,ACD.
3 4 V3

Vay Vsapun = ZVS.ABCD =a"—

Ta chon dap an

Cau 1053.

Hinh vuong ABCD c6 canh bing 2a nén do dai duong chéo AC =
2ay/2. Tam giac SAO vuong tai O nén SO = /SA2 — AO0? =
V942 — 2a? = a+/7. Thé tich khéi chép 1a Vg apop = ;.aﬁ.élaz =

4\Ta?
T

Ta chon dap an @
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Cau 1054.
Goi M la trung diém CD. Ta c6

d(G,(BCD)) GM 1

d(4,(BCD)) ~ AM 3

Do d6 thé tich G.BCD bing ‘?f

Ta chon dap an

BD VAR T AD?
V304 = — - = FAY = S0 = VST - OA =

Cau 1055. Ta c6 SABCD = 9 9

2a/2.

1
Do d6 Vs apc = §VS.ABCD =
Ta chon dap an @

a’\/6
S

11
552@ 2.@2\/52

Cau 1056.
1 1
Ta co d(G,BC) = gd(D, BC) = SAGBC’ = gSABCD~

1
VA.GBC = g : SAGBC’-d (A, (BCD)>
11 1
=—-=-Sapcp - d(A.(BCD)) == - Vapep = 4.
33 3
Ta chon dap an
Cau 1057.

ABCD 1a hinh thoi canh bing 1 va géc ABC' = 60° nén tam gidc ABC déu canh 1 ¢6 dien tich
3
5 V3
4
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w.\&

Ta c6 dién tich ddy ctia hinh chép bang 25, suy ra SO =

w\% 8%\%

Xét ASOA vuong tai O, ta c6 SA = +SO2+ 0A2 = \/

Ta chon dap an @

RGN

Cau 1058. Goi M la trung diém C'D va H 1a hinh chiéu ctia A trén (BCD). Do (ABM) L CD
nén H thuoc BM. Ta c6

3z
23\ =3 avmr 12

25
Al = BA]\]i[M - L\@ B x
2
Do Sgep = V3 va V =22 nén
eV —4=4V2 & 2 =2V2.
Ta chon dap an
Cau 1059.

Goi H 1a hinh chiéu ctia S len mat phang (ABC). Khi
d6 HB, HC lan lugt 1a hinh chiéu ctia SB va SC len
trén (ABC'). Ma ASAB vuong tai B va ASAC vuong
tal C nén BH 1 ABva CH 1 AC.

Suy ra: ((SAB), (ABC)) = SBH = 60°.

Hai tam giac ASAB va ASAC biang nhau nén ABAH
bing ACAH suy ra AH la phan giac géc A. Do d6
BH = BA -tan 30° = (1\3/3

Chiéu cao hinh chép SH = BH - tan60° = a suy ra
1 a2\/_ B a’y/3

V. = - = .
S.ABC — 3 A - 12

Ta chon dap an

Cau 1060.
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Goi H 1a hinh chiéu ctia A xudéng (BCD). Ta ¢6 Vapep =

1 24
gAH.SBoD = AH = 3V —. Goi K la hinh chiéu

Spep
cia A xudng BD. Mat khac Sapp = §AK.BD = AK =
AH

254D . = e B
5D = 6; (ABD,BC’D) = AKH = arcsmE =

"(5)
arcsin | — ).
)

Ta chon dap an

Cau 1061.

Goi h 1a do dai duong cao ctia ling tru xuat phat tir dinh A’

Ta co

1 1 12
Varpco = gh-SABCO sh.— 1 Sapep = 4V -1 = 3.

1
3

Ta chon dap an @

Cau 1062.

Goi O va O lan luct 14 tam cta hinh thoi
ABCD va A'B'C'D'. Vi BO' L (AB'C'D')
nén OD' L (ABCD).

Ta c6 AD = aV/3, DO—?;anen

O =VAD?— DO? = “\2/3.

Suy ra AC' = av/3, do d6, tam gidc AC'D déu. B
Tw O ké OH L CD, két hop v6i OD" L. CD (do OD’ L (ABCD)) suy ra HD' 1 CD.
Suy ra goc gita hai mat phang (ABCD) va (CDD'C’) 1a OHD'.

1 2
Tacc’)OH:ﬁ-hA azl/_ OHD’—avatana—\B/_ Suy ra OD' = OH-tana:%.
3 2
Dien tich day hinh hop 1a Sapep = 5-AC-BD: azf.
3v/3a?
Tit d6, V = Sapep - OD' = f“.

Ta chon dap an @
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Cau 1063.
Ta Cg V =Vacp s +Vepep +Vpaco + Veapc +Vaapp = Vacpop + By ¢
a o\
(%) i
/ 11 /
= VAC’D’B’ =a’ — ga?’ = 1(13. 4 ," i \l)
3 3 P \
[ BA------=3C
A D

Ta chon dap an @

R Ve MI MJ MK 1
Cau 1064. T _ AL AR 2
ad Y Vunro MN MP MQ 8

Ta chon dap an

Cau 1065.

Goi O la giao diém ctia AC va BD,

I 1a giao diém ctia SO véi AM.

Khi do, dudng thang qua I song song v6i BD cat SB, SD
tai N va P.

Goi Q 1a diém thuoc AM sao cho OQ song song véi SC.

Datk:Mg:Q.
TacéE—OQ— 0¢ __ o4k
IS_SM_MO‘MS_AC-MS_Q'
C MC
S bp _ BN _ 10 _k
uyrafpg_]\éS_IS_Q
DOdO,@:m.
Ta cln C(’)'S—M*L
60 Tkt 1
SA SP SM SA SP SM
VS.AP]\QJN—ZVS.APM—Q'SA'SD'w‘VS.ADC—M‘S,D'S,C,'VS.ABCD
— WV .
(k+2)(k+1) 4P "%

Ta chon dap an @

M
Cau 1066. Dt i’A =z(0<z<1).
Goi thé tich ctia khéi chép S.ABCD 1a 'V, ta c6

Veune SM-SN-SC
_ _ 17.2

Vorse SA-SB-SC ° (17.2)
Vsmep  SM-SC-SD
Vsacp SA-SC-SD

(17.3)

4
ta co CD =4AB = SADC = 4SABC = SADC = *SABCD

5
4 4 Vv

= Veapc = - Vi = -V, Veapc = —.
S.ADC 5 S.ABCD 5 sy VS.ABC 5
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4V
Ta c6, Vopune = 22 - B va Vspyiep = - —.

>

Vv
Vi = Vsunce + Vsuep = —(2? + 4x).

)
Vi (22 + 4x)

1 9 3
a —_— = —_—mmm = — —_ = O
Vay v 3 5 & x4+ 3 1

—6 + /51

rT=——"
3

—6 — /51

r = ————(loai)

3
—6+ /51

Vay 1 =
ay x 3

Ta chon dap an

Cau 1067.

- Veapcr  SB' SC’

Ta c6 Voaporp = 2Vg apicr, (1 = . .
a Cco Vs .Ap'c'D S.ABC,( )ma Vornc 5B SC”(*)

ASAC vuong tai A nén SC? = SA? + AC? = (2a)? + (a\/i)z = 6a® suy ra SC = a/6
Ta c6 BC' L (SAB) = BC 1L AB' va SB 1 AB' suy ra AB" 1 (SBC) nén AB" L SC
Tuong tu AD' 1L SC. T dé suy ra S2C’ 1 (AzB/D/) = (AB'C'D’) nén SC L AC’

Ma SC’.SC = SA? suy ra ig = géQ = 46122 = ;

SB'  SA* S A? . 4e* 4

SB  SB* SA2+AB* 4a>+a* 5

Ti (%) = Vsapcr

Ta cling c6

Vsapo 15
S Vi 1% 5 1y 5y AV Lo ga -2
T 1 = — = — . — e — ma — . —_
uy ra vVsap/c 15 SAB;C 81 é 5 SABCD 30 SABCD SABCD 3 ABCD 3
8 2a a
S V o= o e =
uy ra Vsap'c 30 3 15
< 16a®
Tu (1) suy ra Vs aporpr = 2Vs apicr = E

Ta chon dap an
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Cau 1068.
Ké MQ || SC, NP || SC thi MNPQ 1a thiét dien tao béi
() va hinh chép. Va hinh chép duge chia lam hai phan c6

> -~ T=oln

thé tiCh la ‘/1 = VCSMNPQ va ‘/2 = VBAMNPQ'
Goi K = MNNABNPQ (Vi giao tuyén 3 mit phang hoiic

dong quy, hodc song song).

Theo dinh 1i Menelaus ta c6

MA NS KB :>KB_1
MS NB KA KA
BA NK SM NK KN 1 KP
: - =l =1l ==
BK NM SA NM KM 2 K@ C

Vkpye 1 1 l—iMaVKAMQ_KA'AM‘AQ_E
Viang 4 2 2 16 Veasc  BA-AS-AC ~— 27
15 16 5 VvV, 4
= VA —V = V. = = -
2= g g7 /sABC T glVsasc = = o

Ta chon dap an @

Cau 1069.

Goi O 1a giao diém ctia AC va BD,

I 1a giao diém ctia SO véi AM. Khi d6, dusng thang qua I
song song véi BD cat SB, SD tai N va P.

Goi @Q 1a diém thudc AM sao cho OQ song song véi SC.

Te10_0Q 00 0A"

IS T SM " . MS T TMS T3

MC MC

Gy 1o PP _ BN _10 K
uyra'SEPS—]\éS_IS_?
Do d6, — = ——.
OdO’SD k+2
Ta clin (:()'S—]w—L

: 'Sc_k—i_]\}C MC MC SA SP SM
Do doé: VC'APMN:7'VS'APMN:M75'2VS'APM:M78.2.57A'57D'@'VS'ADC
_ MC SA SP SM 2

= L LV = BV .
MS SA SD SC S.ABCD k+2)(k+ 1) S.ABCD

Khéo sat ham s6 f(k) = —————
ao sat ham so f(k) I

3 — 2v/2 dat duge khi k = /2.

Vay khi k& = v/2 thi thé tich ctia C.APMN 16n nhat.

Ta chon dap an @

tren (0;+00) ta tim duge gia tri 16n nhat cua f(k) 1a

Cau 1070. Goi P=EMNAB,Q=FEMNAB, R=PNNAC, E=PNnNBC.

Goi I, J lan lugt 1a trung diém BD, BC. Vi M, N lan lugt la trong tam tam gidc ABD va ABC
nén suy ra MN || IJ, tit d6 suy ra QR | EF || CD.

Ké MK || AD v6i K € BD, ta ¢c6 DK = gDI = ;BD = ;ED, do d6

1 1
ta c6 DQ = iMK. Mit khac MK = gAD nén suy ra D@ = ZAD’ hay

DQ ED 3 _
KM~ EK 3 wdo
AQ
AD

_3
4
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AQ AR 3
Nhu vay — = — = —.
o AD - AC 4 1 DH D 1 1
Ké DH || ABv6i H € EP,tac6 DH = iPB. Mat khac ik gA =3 nénsuy ra DH = gAP.
AP 3
Tw do ta c6 3BP =2AP = —— = —.
6tacod = 1B 5 3
. 2
Tu dien ABCD déu canh a nén Vipep = a1\2/_'
Béi vay:
Varrg AP AQ AR_§ 3.3 27
Vagep AB AD AC 5 4 4 80
27 9a°v/2
Do d6 = — = )
0 d6 Vapro 20 Vasep 390

Ta chon dap an @

Cau 1071.

CAch 1. Dic biet hoa tit dien cho 1a t1¢ dién déu canh a. Hinh da dién can tinh c¢6 dugc bang cach

9 2 2, PN X z N ~ N ~ - PN X 7 N a
cat 4 goc cta tit dién, moi goc la cling la mot 1t dién déu cé canh bang 7
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. L Vv Vv
Do d6 the tich phan cat b6 la V" = 4.§ =5
, 1\ 1
(Vi véi tit dién canh giam nita thi the tich gidm (2) =3 )
|2 A |
Vay V= — & — =—.
» 27V 2 /
Cach 2. Khoi da dien 1a hai khoi chép tit gide (gidng nhau) ¢6 ciing day 1a hinh binh hanh ap
11 1
lal Suy ra: V/ = 2VN.MEPF = 4-VNAMEP = 4-VP.MNE‘ = 451‘/ = 5‘/

( Do chiéu cao gidm mot nita, canh ddy gidm mot nita nén dién tich giam 4 )
Cach 3. Ta cé K/ — V = Vaqger — Vequr — Voune — Vb.npr

%
_ 1 Vager  Veour Voune Vbnpr 1 r1r1 111 111 111 1
N 1% 1% 1% Vo 2°2°2 2272 222 29292 2

Ta chon dap an @

Cau 1072.
Ki hieu V = Vg apcp. Ta lap ti s6 thé tich S
)
Vsupc _ Vsmpc 1 SM_k i
1% 2V 2 SA 2 : N
Vsmen  Vsmen 1 SM SN k? M jg=x---->
p— _ — et — ¢ — = — 1
v 2V 2 SA SD 2 AN
Vsupon _ Vsupc | Vsmon _ K+ k? 7 i \
% v % 2 SN
/ 1 \
Dé mat phang (BMC) chia khoi chop thanh ," E \
/ ] \
2 phan bang nhau khi va chi khi / o SRR | W IS D
I, /’, \\\ \\
k) + k)2 1 -1 4 \/5 ,,/ ’,,/ \\ \\
5 ziﬁk:T(doo<k<1) ///' \\\
B C

Ta chon dap an @

Cau 1073.
1
Ta co VN.ABCD = g : d(N, (ABCD)) . SABCD-
Mat khac, do N la trung diem C'M va M la trung diém SA

ne;l('N, (ABCD)) = J -d(M, (ABCD))
d(M, (ABCD)) = ; .d(S, (ABCD))
— (N, (ABCD)) = i -d(S, (ABCD)).
Do d6 Vivanco = § -d(S, (ABCD)) - Sapcn = Z

Ta chon dap an

Cau 1074. Luu y: Hai tam giac dong dang theo t1 s6 k thi ti s6 dién tich ctia hai tam giac 1a k2.

) 1 1 [(2)? 1
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1 /2\? /1\? 12 11

Ta chon dap an

Cau 1075.
CLS
Ta cb VS.ABCD = ?

Goi O 1a giao diém ctia AC va BD.
ViOM || SD = ND | OM = ND || (MAC).

Ta c6 d(N; (AMC)) = d(D; (AMC)) = d(B; (AMC)).

Suy ra V.rac = Ve.mac = ZVS.ABCD-
&3
Do d6, V, = —,
0 do, VAacMN 12

Ta chon dap an @

Cau 1076.

. . 1 2
Goi hinh choép ta giac deu la S.ABCD, c¢6 thé tich Vs agcp = 3 1-2= 3

Goi M; N; P; Q; E; F; G; H 1a trung diém tat ca cic canh ctia hinh chép (hinh vé).

Ifhildé VMN{QEFGH = Vsapep—(Vserca + Vemso + Viugep + Varon + Veman), voi Vs gran =

Sl 1=
3 4 12
Cac khoi chép con lai ciing chiéu cao va dién tich day bing nhau nén thé tich clia ching bing
B SN T B

BMANT 379797277~ 2

2 R 1 4 )
Véy thé tich can tinh VMNPQEFGH == — - — = —-

3 12 24 12
Ta chon dap an @

Cau 1077.
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3
2 P NS 2
Ta c6 thé tich khéi tit dien ABCD bing & 1\2/_ = X.
Goi P, @ lan luot 1a giao diém cia NE véi CD va M E

< 2
v6i AD. Dé thay AQ = CP = ga.

~ 1 p B )
Ta dé dang tinh duge Ve gyn = EX. Ap dung t1 s0 the

Vi 2 2

tich ta c6 EPQD _ —. Suy ra VE.PQD = —Vesun =
Vepun 9 - 9
= —. =—X

VBMNEQP 9 VE.BMN 18

Ttc 1a phan khéi da dien khong chita diém A c6 thé
.7 . . ,
tich bang 1—8X , nén phan chita diem A c¢6 theé tich 1a

11 11v2d?
187 216

Ta chon dap an

Cau 1079. Goi £ la diéen tich day ctia ca khoi chop va khoi lang tru, A 1a chiéu cao khéi chop

=3 14 chiéu cao khéi lang tru.

; . 1
The tich khoi chop la V; = g%’h.

) . h 3
The tich khoi lang tru la Vo = £ - 5= §V1.
Vo 3
Vay — = —.

Ta chon dap an @

Cau 1080. Goi m, n lan lugt 1a chiéu cao ctia khdi lang tru ABC'D.A'B'C'D' va clia khéi chop
S.A'B'C'D'E'. Goi S la dién tich ctia da gidc ABCDE.

1
Ta c6 Vi =msS, Vo = gnS.

m AA T

M\ —_— p—
o PRI
Vay k= — = —.

Ta chon dap an @

Cau 1081.
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B

Vi B'C' 1a du’éng trung binh ctia tam giéc A'E'F' nén SA’E’F’ = 4SA’B’C/ va SB’C’F’E’ = BSA’B’C"
Vapeapco = Saper - d(A, (A'B'CY))

Ta cb
1
Vapcore = gSB’C’F’E’ -d (A, (AB'C") = Sapcr -d (A, (AB'C) = Vapcaper
Vay Vapcre 1
Vapc.apcr

Ta chon dap an

Cau 1082.

Mit phang (CEF) cit hinh hop theo thiét dien 14 hinh binh hanh CEA’F. Qua EF vé mat phang
song song v6i mat phang (ABCD) cat khéi hop theo hinh binh hanh EMFN.
Khi d6 Vi = Vapep.menr — Voenre + Varpur.
Vi Vepne = Vagpur néen Vi = Vapep MENF-
Do d6 Vo = Varpierpr MENF-
Vi

Vay — = 1.
ayv2
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Ta chon dap an
Cau 1083. Tam giac ABC vuong can tai B va AC :3(1\/5 do d6 AB = BC = a.
) p 1
Thé tich khéi lang tru 12 V = BB'.Sapc = a.;.0.0 = %
Ta chon dap an @
Cau 1084.
Ta c6: AA' L (ABC) = A'BA = (A'B; (ABC)) = 60°. A c’
AB?  5a?
Do d6 AA’ = ABtan60° = a/15; Sapc = 5 = %.
5a? 5a%v/15
Suy ra VABC’.A’B’C" = Sh= %a\/l_ = a ;/_ B’
ARc----% - C
0
B
Ta chon dap an
Cau 1085.
Ta c6 B'H = sin30° - B'C’ = “\2/5. B C

3a

BHB' = 600 = BB = B'H - tan 60° = 5

a2\/§ 37a73a2\/§
4 2 6

Suy ra Vapecapcr = Spape - BB' =

B A---Y-ooopooeon '
R /
.
SN

Ta chon dap an @

Cau 1086.
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AB 1 AC

Ta c6 = AB 1 (AA'C'C) &8 B
AB L AA V!

Do d6 AC’ 1a hinh chiéu vuong géc ctia BC” trén (AA'C'C). o

Suy ra (BC", (AAC'C)) = (BC", AC") = AC'B = 30° o

Xét AABC vuong tai A. A -

Ta ¢6: AB = AC - tan 60° = av/3

Xét AABC' vuong tai A. 0/3'/

Ta c6: AC" = AB 3a
' ~ tan30° -

Xét ANACC" vuodng tai C.
Ta ¢6: CC' = /AC? — AC? = 2v/2a
1
Do dé VABC.A’B/C’ = SAABC LCC" = ia 3-a- 2\/§CL = CLB\/E.

Ta chon dap an @

2V3 3V3
Cau 1087. Ta co: V:B-h:a-ai/_:ai/_.
Ta chon dap an @
Cau 1089.
o Géc gitta A'C' va (ABCD) bing A'CA. Al D'
e Suy ra AA" = AC. tanm = a/6. B i \\ ‘o
o Thé tich lang tru 12 V = AA'.Supop = CN
av/6.a> = a*/6. {L)‘{:"'-\: -------- D
7z \\@%\
BY =~C
Ta chon dap an @
Cau 1090. ,
N s 3*v3  9v3
Ta c6 day la tam gidc deu canh bang 3 nén dién tich day la :1/_ = Z/_ A C’
Ma dudng cao lang tru ciing bang 3. Vay thé tich khéi ling tru da cho la »
v 9v/3 5 27V/3
4T 4
------- C

Ta chon dap an

Cau 1091. Msit ben 1a 3 hinh vuong canh a nén S,, = 3a®.
Ta chon dap an @

Cau 1092.
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Ta c6 AC = a+/2 nén khdi lap phuong c6 canh la a. B’ c’
Khi d6 d6 V = a®.

A/

Ta chon dap an

Cau 1093. Goi H la trong tam tam giac ABC. Theo dé bai, ta c6 A’H 1 (ABC). Goi M la trung

diém BC va vé M N vuong goc AA’. Khi d6, M N la doan vuong géc chung ctia AA’ va BC.

V3 s
/3 . —— MN
MN =2 gin AVAH = = =

4 sin AN " a3

9
av/3

1 —_—
=5= A'AH = 30°.

a\/3

Suy ra: A’H = AH.tan A/AH =

Ta chon dap an

Cau 1094.
Goi hinh lang tru tam giac ABC.A’B'C" ¢6 H 1a hinh

tan 30° = % Vay, VABC’A’B’C" = SABC’~A/H =

12

chiéu vuong goc ctia A’ lén trén mat phang day (ABC).
Ta c6: AB =3, AA" = 2¢/3 nen A’H = AA’ -sin30° =
V3.

Thé tich khéi lang tru V =

32\/§.¢§:27
4

T -

Ta chon dap an @

Cau 1095.
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Goi H 1a hinh chiéu cta C' lén day

(ABC) = C'AH = 60° = C"H = AC"sin 60° = 21/3.
T do ta co

Sapc = ;(2\/5)2 =4

1 16v/3

= VABCB’C’ — 2VAC’BC - 2§CIHSABC - T
Ta chon dap an @
Cau 1096.
Goi H 1 hinh chiéu ctia A’ trén mat phang (ABC), ta c6  C’ N
A'H 1 (ABC) va (AA, (ABC)) = (A’A, AH) = 45°.

AB - AC !
Ma A'H = A’A x sin45° = a, SABC:?:CL% B
Vay Vapo.arper = Sape X AH = d®.

A
C ____________ AY
A
H
B
Ta chon dap an @
Cau 1097.
Goi G la trong tam tam gidc ABC. Khi d6 goc gitta A'D va
déy (ABCD) 1a ADG = 45°. o
\ 3
Do tam gidc ABC' deu nén BG = a3 .DB = aV/3,DG =
2BG = 262/5.
2a+/3

Tam giac A’DG vuong can tai G nén A'G = DG = ag:/_.

Vay Vapep.apop = Sapep - A'G = a
Ta chon dap an @

Cau 1098.
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Goi H la trung diém ctia BC, P la giao diém ctia (P) va AA’. '
2
suy ra, PH.BC = & V3 L p— 3 @, AO =
2 8 4 2
a3 ) R
5 ANAHP vuong tai P nén AP =+ AH? — PH? = —. Ta
a\/_
AO HP A'O 4
. ,
lai c6 AAAO ~ NAHP = 10 = a\/_ 3ﬁ =
4
a a3\/§

Al = —. B — A/ * — .
O 3 = Vapcapc O - Sapc B

Ta chon dap an @

Cau 1099.

Goi M la trung diéem A’B’, G la trong tam ctia AA'B'C".

Do MC" L AB' va AG L A’B"nén A'B" L (AMC") .

Ta c6 (AMC') L (A'B'C") do AG L (A'B'C"), (AMC" L AA'B) do A'B' L (AMC")
Lai ¢6 (AMC’) (A'B'C") = MC" va (AMC") N (AA'B") = AM.

Do d6 [(AA'BY), (A/B'C")] = (AWC') AMG = 60° (do AGM = 90°).

—~

1 a\/g AG a

Ta c6 MG = ~MC' = nAMG = 27 = AG =2

a co MG 3 C G UG = AG 5
Thé tich khéi lang tru V = AG.§.MC’.A’B’ - g ; “\QF. - \/;L

Ta chon dap an @

Cau 1100. Khéi lap phuong ABCD.A'B'C'D’ ¢6 do dai duong chéo AC’ = av/3 nén c6 do dai
canh 1a a. Vay thé tich V ctia khéi lap phuong ABCD.A'B'C'D' 1a 'V = a?.

Ta chon dap an @

Cau 1101. Goi a > 0 do dai mot canh cta hinh lap phuong.

Vay S, =6a?> =150 & a=5=V =a® =125 cm?.

Ta chon dap an @
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Cau 1102.
Ta c6 AC = VAB? + BC? = aV/5. A’ D’
AA" = JA'C?2 — AC? = 4a.

B’ C
Vay thé tich khéi hop chitnhat 1a V = AB-BC-AA’ = a-2a-4a = 8a®.  |Ar--====----- LD
BE C
Ta chon dap an @
Cau 1103.
AC.BD . .
Ta c6 S; = 02 va v6i V' la theé tich khoi hop, ta co D C
515553 = S1.(AA'.AC).(BB'.BD) A : B
2 2 1
= (V251.44")" = (V2v) =2v? Dlbemmemn) O

Vay V= 5515'253. 14/// \B/

Ta chon dap an @

Cau 1104. Hai khoi lap phuong c6 thé tich bang nhau thi canh clia chiing ciing bang nhau nén
c6 dién tich toan phan bang nhau.

Ta chon dap an @

Cau 1105. Xét hai khoi hop chit nhat ¢6 ba do dai la 1; 2; 3 thi dien tich toan phan S;, =
2(1.2 + 1.3 + 2.3) = 22 thé tich V; = 6.

Xét khoi hop chit nhat ¢6 ba kich thudc 1a 1; 1; 5. Dién tich toan phan Sy, = 2(1.14+1.5+1.5) = 22
tuy nhién thé tich Vo = 1.1.5 = 5.

Ta chon dap an

Cau 1106.
Gi st hinh thoi ABCD ¢6 ABC = 60° va

c6 canh bang a.
(Néu BAC = 60° thi két qua bai toan vin B
khong thay doi).

Khi d6 chiéu cao ctia khéi hop 13 a.

1 _—
Ta ¢c6 SAC’NP = §C/N-C/P-SinB/C/D/ =
1 a a a3

—+—.—-8in120° = .
2 2 2 16 '3
1 a“v3 480
Ma Ve =V ’ = —.a-Shrr S10==--qa- @3:7.
a VO'MNP M.C'NP 3 Q- ONC'NP 3 16 a 3
2V/3 33 480 3
Vay VABCD.A’B/C”D’:a'SABCD:a'QSAABCZQCL'a;/_:a2 :\/§'\2_:240 cm?.

Ta chon dap an @
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Cau 1107.
Thé tich khoi lang tru (7)) 1a: Viry = Bx h = h =

Ta chon dap an @

Cau 1108.

Ké B'H vuong goc véi BC(H € BC) = B'H L (ABC).

1
Ta c6 B'H = BB’ -sin30° = 4a - — = 2a.

a’Vv/3  a*V3

Vapcarpcr = B'H - Saape = 2a - 4 2
- 1 1 a*Vv3  a*V3
Tw do Vacop = gVABC.A’B/C’ =3 "5 =5

Ta chon dap an @

Cau 1109.

Goi O la tam hinh chi nhat ABCD thi OO’ = 3a.
1
Vor.apcp = 500' -AB - AD = 2a®

Ta chon dap an @

Cau 1110.

Ta c6: Vapepor = Vapocapco —Vaapco
2
3 Vapocapior

2 4034
Vay VABCB’C’ = 5.2017 = T

Ta chon dap an @

445
3
Vi)
a
A/ C/
A C
[
BV H
B c’
1
! /
1
1
! an
AT
1 Il' n
1 1
A Y ]’
1 g .
1 I' o N
v .
v Y .
1, ! ') N
, ! ") .
)y ! "B .
': l’ ! “ \\
’
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Vapc.arpor— gVABC.A/B’C’ =
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Cau 1112.
Ta ¢6 Vapcarpcr = Vapcpe + Varape.
Ma Varapc = gVABC.A’B’C’-
) 2
Do d6 Vaprcrpe = gVABC.A’B’C’-

Ta chon dap an @

Cau 1113.
Taco:V = VB’-ABC+VD’-ACD+VA.A’B’D’+VC.C’B’DI1+VD’B’AC- 1 D’
Ma Vg apc = Vpr.acp = Vaasp = Veosp = ZV '
6 / ! . /
v i . —C
nén VD’B/AC = —. D ! .
3 \u
/\L\I‘,:,: -------- -F---»D
B N
Ta chon dap an @
Cau 1114.
Gia st (MNP) cat BB’ tai diém @, suy ra MN || PQ va D’ c’

NP || MQ. Do d6 mit phang (M NP) cit hinh hop chit
nhat ABCD.A'B'C'D’ theo thiét dien 1a hinh binh hanh
MNPO.

Goi I, I’ 1an lugt 1a tam cta tt giac ABCD, M N PQ.
DmAA=a¢AM:;@PC=%.

3
7
Em@DN+BQ:ﬂf:AM+CP=é?

Ta c¢6: Viunpg.apcs = Vunog.aps + VNrg.peB-

1
VMNQ.ADB = g(MA +ND+QB) - Vapp.app-
1
VNpPQ.DCB = ?Ta(ND +PC+Q@B) - Vpeppop-
7
= VunNPQ.ADCB = EVABCD‘A’B’C’”D"
5 5 5045
13=1a8 Vi = — ////:7'21:7.
= Vapcrp.mopN 12VABCD.ABCD G 018 G

Ta chon dap an

Cau 1115.
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Theo gia thiét suy ra canh ctia khéi lap phuong 1a
2 a\/§ B a\/§
3 2 37
N 2 . Ze 1A R 8@3
Vay the tich khoi lap phuong 1a V = —.

Ta chon dap an @

Cau 1116. Ta co:

Vivroues _ 1 (A/M n C’P> -5(3+3) -5

Vagepapos  2\AA CC')  2\2 3) 12
5 5275

= Vunpo.aDcrp = E'VABCD.A’D’C'B’ =

Ta chon dap an @

Cau 1118.
1 4
e Dit SH:x:>V:g-x-(a\/i)2:§a3:>x:2a.
e Ta ¢6 d(B;(SCD)) = d(A;(SCD)) =
av/2
2a- 9 4a
a
da2 4+ &
a® + 5
Ta chon dap an
Cau 1119.
BD 1 SA
Ta co: = BD 1 (SAC).
BD 1 AC

Goi O = ACNBD. Tu O ké OH L SC, khi dé ta co:

OH 1 BD
= d(BD,SC) = OH

OH 1 SC
. 1 3
Theo glé, thiet ta co: Vs apcp = g'SABCD-SA <~ CLZ =
1.a2.81n60°.SA = SA = LB.
3 2
) SA SC SA.OC
Ta ¢6: ASAC ~ AOHC (g - g), suy ra: 00~ OC = OH —\/_ o
av3
. I R av3 |OC=
Do ABAD la tam giac déu canh a nén AO = = 2

AC = aV3
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1
Khi dé, ta c6: SC = /SAZ 1 AC? = ,/2a2 + 302 = ‘“2_5

av3 a3 /I
SA.OC 2 7 9 av'1d
H = = == .
Suy ra O SC /15 10
\/_2
15
Vay d(BD, SC) = OH = & G
Ta chon dap an @
Cau 1120.
Ta c6 A, B thuoc mit phang z = 0, C thudc Oz do d6
CO 1L (OAB).

Hon nita, OA = OB = 5 nén tam giac OAB can tai O.
Ké cac duong cao OM, AN, BP cua tam giac ABC'; cac
duong cao AM, BF, AE cua tam giac OAB. Goi K la
trie tam cia tam giac OAB.

Ta thiy AE 1. OB va AE 1. OC suy ra AE 1. CB.
Két hop v6i AN L CB tac6 CB L (ANE), suy ra
CB 1 KH.

Ching minh tuwong tu, ta c6 AC' L KH.

Vay KH L (ABC). Nen KHM = 90°.

Ma K va M c6 dinh nén H di chuyén trén dudng tron

duong kinh K M.
Ta di tinh K M.

Ta 6 KM = M Btan K BM. Chﬁyréngm:m.

— 1

OAM = —.
2

—— AM 5
Ta c6 AB = 2v/5 va sin OAM = 04 = \/5_ suy ra tan
1
VayKM:2\/_-§:\/5.
KM 5
Do d6 béan kinh ctia duong tron la 5 = \é_

Ta chon dap an @

Cau 1121.
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Goi N la trung diem AD, suy ra M N || AC, do d6
d(AC; BM) = d(AC;(BMN)) =d(D;(BMN)).

Goi I 1a hinh chiéu ctia N trén (ABC), suy ra NI || AH va

NI = A2H
1 1 32
Tu dé suy ra VN.BMD:g'NI'SABMD:ZVABCD: a4\8/_ B D
2V/11
Ta co SABMN = i
16 ]
Vneup =  VpBun = gd(D; (BMN)).Sapun =
22
d(D; (BMN)) = f
Ta chon dap an @
Cau 1122. )
N . 2
Do day la tam giac deu canh bang 2a nén Saapc = ( a)4 V3 = a?V/3 S
1 3V 3a®
Ma V. =-S h=h= = = v 3a.
S.ABC = 3ONABC Sranc V3 V3
A C
B
Ta chon dap an @
Cau 1123.
Trén SB, SC lay cac diém M, N sao cho SM = SN = S
. 33v/2
3. Ta c6 SAMN la tu dién deu nén Voayn = 1\2/_ =
9v2
L V. 1
Ap dung dinh I3 ty s6 thé tich: SAMN _ ~ Vs apo =
sapc 6
272
2 A
1
Ma Ssap = 5.SASB.sin60° = 9\2/3 do d6 ¢
3V.
d(C, (SAB)) = Z545¢ — 3./6,

Ssan
Ta chon dap an @

Cau 1124.
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Ta c6, duong cao ST ctia khdi chép S.ABCD bang g

3V, a*V/3
va suy ra dién tich day Sapcp = SABCD v3 =

ST 2
a’\/3
Sapc = 1
Dung CE 1 AB = CFE =d|C,(SAB)] va
2 a2\/§ \/—
) 254c T4 av/3
E = = = .
ta co C' " AB " 5
Khi do, diem F = 1.
Ta chon dap an @
Cau 1125.
, SH 1 BC
Goi H 1a trung diem cua BC khi dé = BC 1 (SAH). A
AH 1 BC

1 1
VSABCZVBAH5+VCAHSZ*’SAHS(HB—FHC)=§SAHS'BO- E
Tacé: AH =SH =+/1—- HB? = 1——

Khi d6 HE = /AH? — AE? = \/ﬁ S B
4 4 H

Do d6 Sams = 1_”“"1@/ L= Z—xy/— C

b2
Theo BDT Cau-Chy ta c6: abc < (a +0+c ) .

w

4
Do d6 zy/4 — 22 — y? < (3) .

[\

2
Daubingxdyra o’ =y’ =4—2’ -y’ cr=y= —.
g xay Yy Yy Yy \/§
Ta chon dap an @
Cau 1126.
Goi « la goc gitta SA va (ABC). Goi = BSC.
1
Ta co VSABC = gd(A, (SBC)) : SSBC
1 1 3
= =-SA-5B-SC-sina-sinf < --SA-SB-SC = “6\/6.

3

Suy ra thé tich SABC 16n nhat bing ¢
l=a=p=90°.

khi sina = sin § =

Ta chon dap an @

Cau 1127. Do chiéu cao ¢6 dinh nén khéi ling tru c6 thé tich 16n nhat khi dién tich day 16n

nhat. Vi ddy 1a tam giac can véi canh bén bang x nén ta tinh duge dién tich
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1 (30 — 21)? 3
S = 5(30 —2x).\ 22 — — = (15 — x)4/30x — 225 véi x € (0, 15).

15
S' = —/30x — 225 + (15 — ) ——=—==, S’ = 0 & = = 10. Th lai cac gié tri nhan x = 10.
V/30x — 225’ ' o

Ta chon dap an @

Cau 1128.
Goi I = ACNBD = SIL(ABCD). Goi M la trung
diéem CD, ké IH1.SM = IH1(SCD).

) B d(I;(SCD)) IC
Ta c6 AIN(SCD) ={C} = (4 (SCD)) ~ 4C ~
1

5 = d(I;(SCD)) =IH = a.

n s . .1 1
Gia st hinh vuong ABCD canh x, ta c¢6 SE- T
L = S[= ——t
IM? _,/x2_4a2'
1 ax az®
Do d¢6 V. = —a°. = .
SABOD = 3 —is 3/ —is
x = 0 (loai)
Xét ham s6 f(z) v > 2. Tac6 f'(x) 2e%(2” — 6a7) 0 V6 (loai
éthamso f(z) = ——=——==, * > 2a.Tacé f'(z) = = = —
Va2 —4a? (22 — 4a?)V/2? — 4a? x 5_ (loai)
r = aVb6

Do d6 min f(z) = f(aV/6), khi d6 V = 24°V/3

Ta chon dap an

Cau 1129. - Goi M, N lan lugt 1a trung diém ctia CD, AB. Khi d6 ta tinh dugec AM = BM = 3,
2

suy ra MN = 9—%.
2
A9 — T
- Goi h 1a chicu cao ctia khéi chép ha tit dinh A, ta c6 h = #4 VA hpax khi 2 = 3v/2.
Ta chon dap an @
Cau 1130.
Cach 1: Goi z 1a canh ciia day, y 1a chiéu cao ctia hinh hop. D’ C’
P 2 Vv !
TacoV =zy=y=—. !
X I
Goi S 1a dien tich toan phan cia lang tru ding ABCD.A'B'C'D’ . : B/
, ) , AV 2V av —
Ta co S = 2x° + 4oy = 22° + — =20+ — + —. A !
€T X i |
2V 2V f [
vay 52 3jf222. 2LV gy | i
X X 7 ‘/,’ C
) 2V ,/ -
Vay S nhé nhat khi 222 = “— = 2 = J/V. J/ 7
Xz e
A x B

Cach 2:
Xét ham s6 f(x) = 222 + v tren khoang (0; +00). Tim gia tri nhé nhat cta f(z) ta duge két
qua tuong tu. )
Ta chon dap an @
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Cau 1131. Goi a la chiéu dai canh day hinh vuoéng ctia hinh hop chit nhat, b 1a chiéu cao cia

hinh hop chit nhat.

Khi dé ta c6 a2.b = 8 < ab = §

Dién tich day hinh hop 1 a2, ccibién tich xung quanh la 4ab.

Chi phi (nghin dong) lam thung la

100a® + 50.4ab = 100a® + 1600 = 100 <a2 + 16) = 100 (a2 + 8 + 8> > 100.31] a? - 5.8 = 1200.
) a a a a a a

Dau “=" xay ra khi va chi khi a = 2.

Ta chon dap an @

Cau 1132. Dé dang tinh dudc canh ciia hinh bat dien déu bang mot nita duong chéo day va

av'?2

%= nén suy ra theé tich ctia né dudge tinh theo cong thiic

_ NG _ (%\/5)3\/5 @

bang r =

v

3 6 6

Ta chon dap an

Cau 1133. S6 vien gach can xay day bé la 22.15 = 330 vien.

S6 vien gach can 2 xay tuong (kich thude 2,2 x 0,9 (m?), chi tinh cao 0.9m) 1a 2.22.9 = 396 vien.
S6 vien gach can 2 xay tuong (kich thuée 1,3 x 0,9 (m?), chi tinh cao 0.9m va ngang 1.3m) 1a
2.13.9 = 234 vién.

Téng cong c6 960 vien.

Ta chon dap an @

Cau 1134. Duong sinh ctia hinh nén c¢6 do dai bang doan BC' = v/ AB? + AC? = 2a.
Ta chon dap an @

Cau 1135. Dién tich xung quanh ctia hinh nén: S,, = 7rl = wal = 3ra® = | = 3a.

Ta chon dap an @

Cau 1136. Ap dung cong thiic dién tich toan phan clia mat nén Sty = mrl + mr? ta dudc

r=1

3 + mr? = 47 & . Vay r = 1.
r=—4
Ta chon dap an @
Sy 3ma®
Cau 1137. Tacod Syy =mrl = = Peg _ 2T 3a.
r Ta

Ta chon dap an

Cau 1138. S,, = 7Rl = 4\/37 (dvdt).
Ta chon dap an @
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Cau 1139. Tacoél =12+ h2=+/32+42 =5,
Dién tich xung quanh ctia hinh nén da cho la S,y =l =7 -3 -5 = 157.

Ta chon dap an @

Cau 1140. Do dai duong sinh hinh nén la [ = vV R? + h? = 4a. Do d6 Syq = 7Rl =7 - 2a - 4a =

8ma’.

Ta chon dap an @

Cau 1141.
. 6
Do dai duong sinh ctia hinh nén la [ = — T2 cim.
sin60° /3
Dién tich xung quanh can tinh la [

Seq = -7 -1 =637 (cm?).

Ta chon dap an @

Cau 1142. Ta cé: S,y = 77l = 4a®V/3.
Ta chon dap an @

Cau 1143.

Ta cb
Spq = Tl

=x-BC- -AC
=7m-a-2a

= 271a’.

Ta chon dap an @

Cau 1144.

Ta cb
Spq = Tl

=7 -4a-+/(3a)? + (4a)?

= 20ma>.

Ta chon dap an @
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Cau 1145.
<2 N N N a\/g
Do tam giac ABC' déu canh a nén duong cao AH = — A
1 1 BC\? Ta’\/3
T\ 5 = — 2 — — . - . AH — .
 do suy ra V' 37T7"h 37r ( 5 ) o
C B

Ta chon dap an @

Cau 1146. Ta c6 Syy = mrl nén 157 = 3nl = [ = 5.

1 1
Suyrah=+v12—-r2=4.Dodo V = ihSDéy = ghm‘Q =127
Ta chon dap an @

Cau 1147.
o Goi R, h,l lan luct 1a ban kinh duong tron day, do dai

duong cao, do dai duong sinh ctia khéi noén.

Ta thiy R = OA,h = SO,1 = SA.

Ta c6 Sygy = mR* =971 = R=3, Syg = 7Rl = 15m = | =
D.

Xét tam gidc vuong SOA c6 h = VP —-R> =4 =V =
1.4.9# = 12m.

3

Ta chon dap an @

Cau 1148.
Khéi nén c¢6 chiéu cao h = 6 cm, ban kinh duong tron day bang r = 8
cm.

. , 1 1
Thé tich ctia khdi non 1a V = gm“zh = gﬂ.82.6 = 128.

Ta chon dap an @

. ., 1 1
Cau 1149. The tich khoi nén da cho la V = §7r7"2.h = §7T.3.4 = 4.

Ta chon dap an

Cau 1150.
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1 1
TacoV = §Bh = §7T’I“2h.

Ta chon dap an @

Cau 1151.

Goi D la trung diém BC, khi d6 AD 1 BC va AD = 320 =1,AC=v2. C
Khi quay hinh tam gidac ABC quanh truc BC thi dugc hai khoi nén c6 cling
chiéu cao h = 1 va ban kinh dudng tron day r = 1.

Vay thé tich ctia khéi tron xoay 1a V =2 zl)) -mr?h = §7r.

Ta chon dap an @

Cau 1152. Goi 1, h lan lugt 1a ban kinh day, duong sinh va chiéu cao hinh nén.
Goc 6 dinh bang 60° nén [ = 2r.

Ta ¢6 Spy =7 -7 -1 = 61a® & 7r - 2r = 6ma® = r = aV/3,1 = 2a+/3,h = 3a.

Thé tich ctia khéi nén V = il))mzh = 3ma’.

Ta chon dap an @

Cau 1153.
Gia stt khéi nén c6 dinh S, tam day 1a O, duong sinh SA. Ta c6
SO =+/SA?2 —0A2=./5-1=2.

1 2
Vay V = 3042 x SO = ?”

Ta chon dap an @

Cau 1154.

Tam gidc SAB déu canh a nén
a3 AB a
h=50=" ="y =y

Thé tich ctia khéi nén la:

1 1 /a\2 aV3 a3v/3
V:§7TRh:§7r< ) 5 =7 o

2

Ta chon dap an @
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Cau 1155. Tacér =012 —h?2=+52—42=3

1 1
V= §7T7’2h = 57324 = 12m.

Ta chon dap an @
Cau 1156.
Dua vao hinh vé ta c6 dude :

1
Vi = §7TA02AB.
1

Vo = gﬂABQAC.
i AC 4
T\ A —_—= —— = —,
i do suy ra v, AB 3

Ta chon dap an @

Cau 1157.
? P 1
Cong thic tinh theé tich khoi nén tron xoay: V = gﬂrzh.

. 1 1
Ap dung: V = gﬁ.ABZ.AC’ = §7r.32.4 = 127.

Ta chon dap an @

Cau 1158. Goi h la duong cao ctia hinh chop.

h=+12—r2=3

V= %Sh = 167.

Ta chon dap an @

Cau 1159.

Gia st thiét dien qua dinh ctia hinh nén (N) la tam giac can SAB. Goi
M 13 trung diém AB va H 1a hinh chiéu ctia O léen SM.

o1 1 1
Ta co OH?ZOMQ—FOSQ:OM:L’)CIH.
> ~ _ SO-0OM
Tam giac SMO vuong nén SO -OM = OH - SM = SM = —OoH —

25 cm.
Tam gidac OM A vuong tai M nén M A? = VOA2 — OM? = 20 cm.
Dién tich thiét dien: Sagap = 20 - 25 = 500 cm?.

Ta chon dap an @
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Cau 1160.
e Theo dé bai ta c6 goc 6 dinh hinh nén 1a ¢ = 120°
va khi cit hinh nén bdi mat phang qua dinh S tao
thanh tam gidc déu SAB nén mat phang (SAB)

khong chita truc ctia hinh nén.

e Do gbéc ¢ dinh hinh nén la ¢ = 120° nén OSA =
60°.

e Xét tam giac vuong SOA ta co tan OSA =

OA OA 3
507 %0 " tgm e~V

e Xét tam giac vuong SOA ta c6 SA =
VSO?2 4+ 0A2 = 24/3. ,
Do tam gidc SAB déu nén Sagap = 5(2\/3)2 sin 60° = 3v/3 (cm?).
Ta chon dap an @

Cau 1161.
Goi O la tam ctia day hinh noén, I 1a trung diém ctia AB, H S
la chan duong cao ctia tam giac SOI. Khi d6 ta c6 d = OH.

. 2
Dé dang tinh dugec OS = Ol =anén d=0OH = \/Z_a.

Ta chon dap an @

Cau 1162.
Goi H la trung diém AB, khi d6
1 25a548
=—--AB-SH H =
SASAB 9 SH =S AB
Tam giac SOH vuong tai O c¢6
2 3\/7a
— VSHZ— O = 2 (2) = _
S0 = VSH? = O = |/(ta) (2) .
Theé tich khéi nén c6 dinh S va dudng tron day noi
tiép tit giac ABCD la
a? 3\/7a 7Ta3\/7

_ 1 S _
V=gm OH* SO = gm- —- == = ——

= 4aq.

Ta chon dap an @

3av/3

Cau 1163. - Ban kinh day R = -. 5 = av3.

- Suy ra dién tich xung quanh Sy, = 7Rl = mav/3.3a = ma23+/3.

GV )
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Ta chon dap an

Cau 1164.

Ban kinh day ctia hinh nén r = AzB = a\2/§.
Duong chéo hinh vuong ABCD c¢6 AC = ABV2 = 2a = HA = a.
Canh ben SA = av/2 = SH = /SA2 — HA? = ¢ = duong cao hinh

nén h = a.

) | 1 5\ 2 3
= thé tich V = L2 = 37r.(“‘2f> . %

Ta chon dap an @

Cau 1165. Ta c6 dién tich miéng ton la S = 25007 (cm?).

Dién tich toan phan ctia hinh nén la:

A A?
Sip =TR?+7R{=2500m & R?+ R{=2500=A & (=~ —R=h=+{?—-R*= ——QA

R
Thé tich ctia kh()i nén la:

I, ) A? 1 \/ A)2 1 A A
= — = — \/——QA—f\/AQ 2_2AR*= —m\|— —2A|R2— — | < -m—4/—
%4 37rRh 3 TR IE T R R 37r 3 R 1 3 S\ 3

Dau “=” xdy ra khi R = \/; < R =25 (cm).
Ta chon dap an @

Cau 1166. Theo bai ta c¢6 hinh vé
Goi z 1 chiéu cao ctia hinh nén phia trén; 30 — z 1a chiéu cao ddy dudi

Dieu kien: 0 < z < 15.
— 3
Tam giac OIM vuong tai O c6 IMO = 60°, OM = OI.cot 60° = \/3_(30 — )

— 3
Tam giac O'I M’ vuong tai O" ¢c6 IM'O’' = 60°, O'M’ = O'I. cot 60° = \é_x
Theo gia thiét ta co pt:

5 (OLOM? + O'LO'M™) = 10007 322 — 90z + 600 = 0 = 2 =10 (i < 15 )

Khi dé
, N 1 1000
Thé tich phan trén V; = §7TLL’3 = T
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80007
9 Vi 1
Vay: ti 1é thé tich luong cat chiém chd va thé tich phan beén dudi la Vl =3

2
Ta chon dap an @

2 N 1
The tich phan duéi V, = §7T(30 —x)3

Cau 1167. Dién tich toan phan ctia hinh tru bang tong ctia dién tich xung quanh véi dién tich
hai ddy ctia hinh tru nén S, = 27 Rl + 27 R?.
Ta chon dap an @

Cau 1168. Do hai diém A, B ¢ dinh nén khoang cach giita hai diem A, B ¢6 dinh.

Ma dién tich tam giac M AB khong doi nén khoang cach tit M dén doan théing AB khong doi
Suy ra tap hop cac diem M trong khong gian cach doan thing AB mot khoang khong déi 1a mot
hinh tru.

Ta chon dap an

Cau 1169.

Gia st hinh tru (7)) ¢6 truc OO'. Thiét dién qua truc 1a hinh chit m

vuong ABCD (A, B thuoc dudng tron tam O va C, D thudc dusng p N

tron tam O'). ' i M, ;
1 \\ ‘ ’/ ,’
Tacé:T:§AB:\/§CH1,h:l:2\/§CIn. \ ’ i
\ J "
Goi M’ 1 hinh chiéu ctia M lén mit phing chita dudng tron tam i !
0. N
. 1 3
Ta co: VADMC = gVAMB.DM’C =3 cm®.

Ta chon dap an @

Cau 1170. V = nr’h = nh® = 647 = h = 4.
Ta chon dap an @

Cau 1171. Hinh tru c6 ban kinh ddy r = 1, chiéu cao h = 1 nén c¢6 Sy, = 27r* + 27rh = 47.
Ta chon dap an @

Cau 1172. Dién tich xung quanh hinh tru 1a S; = 27 R.h = 21. R2\/3.
Do dai duong sinh ctia hinh nén 1a [ = v R? + h? = 2R.
Dién tich xung quanh ctia hinh nén 1a Sy = 7RI = 27 R2.

Va, 51 V3.

y A =
2
Ta chon dap an @

Cau 1173.
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S = 2mrh = 21.3.2v/3 = 124/37. @

Ta chon dap an @

Cau 1174. Theé tich khoi trula V =h- Sy, = 6- 7 - 42 = 967.
Ta chon dap an @

Cau 1175.
z z z - 2 Z. AB
Ta c6 ban kinh day ctia khoi tru R = - = 2a.

Canh bén AD = /(5a)? — (4a)?> = 3a = h.

Thé tich khéi tru V = 7 R%.h = 7.4a%.3a = 12a°~.

Ta chon dap an @

Cau 1176. Khdi tru c6 duong kinh diy va chiéu cao cting bang 10 cm nén ban kinh R = 5 cm.
V =7.R?.h =m.25.10 = 2507 cm?®.
Ta chon dap an @

N N N 1 1
Cau 1177. Hinh tru tao thanh c6 chieu cao bang AD = 2 va ban kinh bang §AD =3 Do do

) s
né c6 thé tich V = nr?h = —.

2
Ta chon dap an @
Cau 1178.
21/6
TacéStp:27rr2+27rr-2r:47rz>6r2:4:>r:\6/_. 7 B
2 46  4m6 @
TudésuyraV=mr?-2r=m —\/_: W\/_.

'3 6 9

Ta chon dap an
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Cau 1179. Thé tich khéi tru V = 7r2.h = 1.42.4/2 = 64/27.
Ta chon dap an
Ta®

Cau 1180. Hinh tryunéi trén c6 ban kinh day r = g va chiéu cao h = a. Do d6: V = 7r?-h = o
Ta chon dap an

Cau 1181. Chu vi thiét dién qua truc la: C' =2 (2r + h) = 10a & 4a + 2h = 10a < h = 3a.
Khi d6 V = mr?h = 3ma®.
Ta chon dap an @

Cau 1182.
Ta c6 thiét diéen nhu hinh vé. D’ D
Ta c6, O = 3em, OC' = 5em va C'I = VOC”? — OI? = 4em _/___L ______ S )
= BC' = 8cm nén S = 56¢cm?. w
L E
O o

Ta chon dap an

Cau 1183.

Gia st hinh tru (7) c6 truc OO’. Thiét dién qua song song véi truc 1a
hinh chit nhat M NPQ (N, P thuoc dudng tron tam O va M, Q thuoc
duong tron tam O’).

Goi H la trung diem MQ khi d6 O'H L. MQ = O'H L (MNPQ).

Do d6: d (00", (MNPQ)) =d(O',(MNPQ)) =0O'H = 3 cm.

Ta c6: MH = VO'M2 —O'H2=4cm = MQ =2-MH =8 cm.

Dién tich thiét dien: S = MH - MN = 56 cm?®.

Ta chon dap an @

Cau 1184. Goi R, h, [ lan luct 1a ban kinh, chiéu cao, dudng sinh ctia hinh truy.

Ta c6 Syg = 41 & 2Rl = 47 & Rl = 2.

Gia sit AB la mot day cung cua duong tron day cia hinh tru va cing mot cung 120°.
Ta ¢c6 ABB’A’ 1a hinh chit nhat c6 AA" = h = 1.

Xét tam giac OAB can tai O, OA = OB = R, AOB = 120° = AB = R/3.

Suppa = AB.AA' =RV3-1=R-1V/3=2V3
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Ta chon dap an @

Cau 1185.

Goi z 1a canh day ctia khéi ling tru tam gidc déu noi tiép hinh try,
3
x;)/_, do do:

ban kinh duong tron ngoai tiép tam giac déu canh x 1a

%/g:(l@l’:a\/g

Dién tich mat day cta hinh lang tru: S = = =

3\/5@2

4
The tich khéi lang tru tam gidc déu tam giac déu noi tiép hinh tru |
da cho la , ,
h
V—Bh—?’\fa -h—?’\/i“
Ta chon dap an
Cau 1186.

Khéi tru ngoai tiép hinh lang tru da cho ciing c6 chiéu cao 1a
h = O0’, trong d6 O, 0’ lan luct 1a tam cta tam giac ABC va

tam giac A’B'C’. Ban kinh day ctia khoi truy chinh 13 ban kinh
B/

N N . o« Z o o . N 3
duong tron ngoai tiep ctia mat day la a?.
ma’h

3

Vay thé tich lang tru la V =

Ta chon dap an @
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) ) . R=—
Cau 1187. Vi khoi tru ngoai tiep hinh lap phuong canh bang a nén 2 .DodoV =
h=a
3
Ta
R’h = —.
" 2

Ta chon dap an @

Cau 1188.

Ta c6 dudng kinh day va chiéu cao ctia hinh tru lan lugt 14 av/2 v a. Vay

dien tich xung quanh ctia hinh tru d6 bang 27rh = ma’v/2.

Ta chon dap an

Cau 1189.

Trong khong gian cho hinh vuong ABCD canh a. Goi H, I lan lugt 1a A

trung diém ctia cac canh AB va C'D. Khi quay hinh vuong dé quanh truc
I H ta dugc hinh tru tron xoay.

Hinh tru tron xoay tao ra nhu trén goi la hinh tru ngoai tiép hinh lap

phuong. D
Khi d6 ta c6 duong kinh day bang chiéu cao hinh tru tron xoay bang a.

a
Suy ra dién tich xung quanh mat tru tron xoay la Syxq = 27r.§.a = 7a’.

Ta chon dap an @

Cau 1190.
Ké duong sinh BC ctia hinh truy, ta c6 AC' 13 hinh chiéu ctia B
AB 1én mit day nén BAC = a. o 7

Goi H la hinh chiéu ctia O len AC. w

AABC ¢6 AC = BC' - cot a = 2a cot a. ' E
AOAC ¢6 OH = JOC? — CH? = a/d — cot’al L

1 /

Ta c¢6 Voorap = §VA.OO’BC = VB.4aoc ! S
1 1 1 s

=3 BC - Sioc = 3 2a - 3 2a cot a - 2av/4 — cot? o e T e
4CL3 /// 1 //:’ _ :::;; S

= ?\/400‘5204—00’5404.
Dit t = cot ar, x6t f(t) = 442 — ¢4
t=0
flit) =82t —4t? =0 & |t =2

t=—v2.
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Lap bang bién thien ctia ham s6 f(t), suy ra ham s6 f(t) dat gia tri 16n nhat khi t = /2.
1 ) . P
Vay khi cot = v/2 < tana = — thi thé tich khéi OO’AB sé& 16n nhat.

V2
Ta chon dap an @

Cau 1191. Goir > 01a ban kinh day noi. Ta c6 dién tich day S = 7.r%2 < 7.r?2 = 9007 = r = 30

cm.

Vay miéng kim loai hinh chit nhat c6 chiéu dai [ = 27.r = 607 cm va chiéu rong 60 cm.

Ta chon dap an @

2
Cau 1192. Do dai cung AB chinh la chu vi duong tron day hinh nén, do dé lxp = 27r = 27- 3=

am

5 l p
S AOB = 4B _ T
e 0A~ 3

Ap dung dinh If co-sin trong tam gidc OAB ta c6:

AB =/OA2 + OB2 — 20A.0B.cos(A0B) = 2V/3.
1

PQ:MN:§AB:\/§.

Suylra]\/[H:1AB:\ég
OH = /OM? — MH? = ;
or - yogr—qr - Y12
Dodé,MQ:HF:OF—OH:\/l_z_l
3w (VI3—1)

Thé tich hinh tru la V = 1M H2.MQ =

8
Ta chon dap an @

\%
Cau 1193. Chicucaoctalonla h= — =
mR2

Sy = 27 R* + 27 Rh

%
= 2tR* 4+ 27R - —
™ + 27 R

1%
=2(7R*+ —
<7r + R)

1% 1%
— 2, o
= (WR +2R+2R

)

VoV
>9.381R2. — . —
=23\ 5k o

V2

—6(|m- —

S
. , v %
Dauzxéyra®WR2:ﬁ@ R = 3%.

Ta chon dap an @

Cau 1194.
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Hinh 1 Hinh 2

Ta c6 hai phuong an xép phan theo hinh 1 va hinh 2.

e Xép theo hinh 1 thi hai hang lién tiép sé c6 mot hang 4 vién va mot hang 5 vien. Chiéu dai
3 R R .
cua hai hang la 1 + - om (hai lan ban kinh day cong véi chiéu cao cia tam giac déu noi
ba tam).

(n—1V3 _

Chiéu dai ctia n hang 1a 1+ 5 <

cm. Do chiéu dai hop 14 30 cm nén 1+

(n—1)V3
) . 4
30 < n = 34. Vay so vién phan xéep duge la 17 -5+ 17 - 4 = 153 vién.

e Xép theo hinh 2 thi hai hang lién tiép déu c6 5 vien. Chiéu dai ctia hai hang 2 cm. Chiéu

dai hop 1a 30 cm nén ta sé xép duge 30 hang, tic 1a 150 vien.

Vay c6 thé xép duge toi da 153 vien.
Ta chon dap an

Cau 1195. Ban dau ban kinh day 1a R, sau khi cat va go ta dudce 2 khéi tru c6 ban kinh day la
R

5 .
Dudng cao ctia cac khdi tru khong thay doi.

2
Tacé:V1:Sd-h:WR2-h;V2:2(Sdl-h):27r<) -h = )

Khidé:“222.

Ta chon dap an @
Cau 1196.

e Xét mat phang (P) tai mot vi tri cu thé thi tap hop cac diém M 1a duong tron dusng kinh
AB, chita trong mat phang (P).

e Goi Ot la tia phan giac ctia géc :E/O\y Khi mit phang (P) thay doi, luon vuong goc Ot thi

tap hop cac diem M 1a mat nén dinh O, truc Ot v6i Oz, Oy la cac duong sinh.

Ta chon dap an
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4
Cau 1197. Ta ¢ §7TR3 =36mr < R =3.
Ta chon dap an @

Cau 1198. Ban kinh mat cau ngoai tiépABB’'C’ bang véi ban kinh mit cau ngoai tiép hinh
hop chit nhat da cho va ciing bang nita do dai duong chéo dai nhat ctia hinh hop. Suy ra R =
1 3

SVAB?+AD? + AA” = 3“

Ta chon dap an @

Cau 1199. Hinh nén da cho c¢6 ban kinh day r = 1 va do6 dai duong sinh [ = 2.

Vay dién tich toan phan ctia hinh nén 1a 7r? + 7rl = 37.

V3

Goi z 1a ban kinh ctia mit cau da cho, ta c¢6 47z =37 = =

Ta chon dap an @

Cau 1200. Goi H la trung diem BC, O la tam duong tron ngoai tiép tam giac ABC ta c6 H 1a
3Vasep av/3

. ~ Sasc 4

Goi I 1a tam mat cau ngoai tiép ti dien ABCD ta ¢6 10 1L (ABC). Do IA = R, OA = a nén
10 = VR? — a2

Do HO 1L IO, HO 1. HD nén ta c6

trung diém ctia AO. Ta c6 DH =

<a43;£\ﬂ§7:7ﬁ>24-(g)2=:Rz

91
Giai phuong trinh trén ta duge R = ¢ .

8

Ta chon dap an @

Cau 1201.



Todn thuec té, lien mon tong hop 467

Mit cau ngoai tiép tit dien ACB’D’ chinh 14 mat cau ngoai tiép hinh D’ C’
hop chit nhat ABCD.A'B'C'D’.
Ta 6 BD' = VABZ + AD? + AAZ = /1da? = av/14. JEERNRNNG?
V14 AN
Suy ra R = a4 5 A// | \ AN
/D1 N
/ »- -——\—\——'——::
II // - _- C
B

Ta chon dap an @

Cau 1202.

Goi O 1a tam hinh vuong ABCD, G la trung diém SD,

GI L SD,I € SO.

Ta c¢6 canh day bing 3v/2a nén BD = 3v2a.v/2 = 6a, OD = 3a.
Xét ASOD vuong tai O ta c6: SO = +/SD?2 — OD? = 4a.

Ta ¢6 ASGI dong dang véi ASOD (g-g), suy ra

20 =2 s saR= (Gt R= 20

Ta chon dap an @

Cau 1203. Duong chéo clia hinh lap phuong canh a 1a av/3. Mit cau (S) ngoai tiép hinh lap

phuong nén c¢6 dudng kinh 1a dudng chéo ciia hinh lap phuong d6. Do dé dién tich ctia (5) la
2
3
4 (a;/_> = 3ma’.
Ta chon dap an @

Cau 1204.
Dat R 14 ban kinh mat cau ngoai tiép khoi chop.
Dung hinh nhu hinh bén vé6i IG’ 1a truc dudng tron ngoai tiép
tam gidc ABC va IG 1a truc dudng tron ngoai tiép tam giac
SAB.
Ta c6: G'H = ?;GH: \f = [H = \f

VBl T

6

Dovay R=+VIH?>+ HA2= ~——~ =V = —1R3
0 vay + 37T 5

Ta chon dap an

. 1 5
Cau 1205. Goi r la ban kinh duong tron ngoai tiep AABC, suy ra r = §BC’ =3 (do AABC

vuong tai A).
Suy ra ban kinh mat cau (S) la R = /r2 + d2(0, (ABC)) =
Ta chon dap an @

= —mR3

5 1 20+/3
\/2_ng 3T 9\{3_%'
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Cau 1206.

Goi G va K lan luct 1a trong tam clia tam gidc ABC
va tam giac SAB. I la dinh ctia hinh vuong HGI K,
ta dé thay I chinh I3 tam ctia mit cau ngoai tiép
hinh choép S.ABC.

Xét tam giac vuong IGC.

2 2 a3  aV3 I
Tac6 GO = ~HC = = . 2¥2 _ V2, i
a CoO 3 ?/_ 2 \/_37 :
1 1 av3 av'3 5 :
] :7H:7-7:7 _[ — — A = - - -\ - - Tl ¥
G =39 32 6 10 = a5 . | ¢

I

Ok

chinh 1& ban kinh ctia mat cau ngoai tiép hinh chép,

tit d6 suy ra thé tich ctia khéi cau ngoai tiép bing
Srady/15

54 B
Ta chon dap an @

Cau 1207. Tam mit cau ngoai tiép hinh hop chit nhat 1a trung diém dudng chéo.

Duong chéo ctia hinh hop chit nhat c6 do dai v/a? + b2 + ¢ nén ban kinh mit cau ngoai tiép hinh
Va2 +b% + ¢

hop chi nhat 1a 5

Ta chon dap an @

Cau 1208.

Dat hinh vuong canh z, suy ra

OE:OS:g,SB:T
Mt khac
2
5122550@33:4\3/5
Do dé
V:1<2\/5> (‘1\/5)2:64\/5
SANE 3 81

Ta chon dap an @

Cau 1209. Trong cac ti giac trén, chi c6 hinh thang can la t gidc luon noi tiép trong mot
duong tron.
Ta chon dap an @

Cau 1210.
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e Ta co6: AC = VAA? + A C” =
VAAZ + A'B? + A'D? = /32 + 42 + 52 = 5./2.

N . 1
e Ban kinh m#t cau ngoai tiép hinh hop la R = §A’C’ =

52
-

e Dodo S

mit cau

= 47 R? = 50m.

Ta chon dap an @

Cau 1211. Hinh lap phuong c6 do dai duong chéo 1a av/3. Tit d6 ban kinh clia mit cau ngoai
V3 2V/3R
—3

tiép hinh lap phuong 1a R = GT. Do vay a =
Ta chon dap an @

Cau 1212.

Goi O la tam ctia tam giac deu BCD, ta ¢c6 AO L (BCD). Suy ra AO la truc clia tam giac déu
BCD.

Trong mit phang (ABO), ké dudng trung tric clia AB cat AO tai I, ta ¢6 I 1a tam ctia mit cau
ngoai tiép ti dien ABCD.

Goi H la trung diém ctia AB, ta c6 AAHI «~ ANAOB.
St 1A AHh IA_AB-AH_AB2
y ra WIAT T80 T 240

AB ~ AO
. 2 2
Goi K la trung diem cua BC, ta ¢6 BK = a\2/§ va OA=-BK = —- av3 = a\/§.

3 3772 3
2 2
Tam gidgc AOB vuong tai O nén AO? = AB?> — OB? = a® — % - 2;‘ . oa0- "0

a? _a\/g
a6 4
3

Suy ra [A =
2.
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, R 4 36
Vay the tich khoi cau la V = §7r]A:3 = 7m8\/_’
Ta chon dap an
Cau 1213.

Goi I 13 trung diém canh C'B’

Ta cb

Tam giac ACB’ vuong tai A (vi AC L AB va AC 1L AA’ nén

AC 1 AB')
:IAzfcszu:;OR

Tam giac A’B'C vuong tai A (vi A’B" L A'C' va A’B’ 1. AA” nén

AC L AB")
1
= IA'=1C=1B'= CB

= ] la tam mit cau ngoai tiép tit dien AB’A'C, ban kinh R =

1 1
5CB/:?/BB/MBCZ

Ma BC = a/2 (vi tam gidc ABC vudng can tai A, AB = AC =a

)= R=a

Khi dé thé tich khéi cau ngoai tiép khéi tit dien AB'A'C 14V =

4
—7a’.

3
Ta chon dap an

Cau 1214.

Goi H la trung diém ctia BC ta c6: AH 1 BC.

Do (ABC) L (SBC) = AH L (SBC).

Dat AH =z = HC =+a®> —1? = HB = SH

= ASBC vuodng tai S

(do duong trung tuyén bang mot nita canh ddi dien).
Suy ra BC' = VSB? + 5C? = a/3.

Goi O la tam duong tron ngoai tiép AABC

=0¢c€ AH = 0OA=0B=0C=0S.

AC
Tacé: R=R = —
& o ABC ™ 9sin B’
. 46 si B_AH_\/ASQ—SHQ_l
rong do6 sin =75 = 1B =3

Do d6 R =a = S,, = 47 R?* = 47a®.
Ta chon dap an @

Cau 1215.
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T gia thiét ta c6 BC L (SAB). Suy ra BC' | AH.

Hon nita, AH 1 SB.

Nen AH 1 (SBC).

Suy ra AH 1 HC. Hay H thuoc mat cau duong kinh AC.
Mit khéac, B, K ciing thudoc mat cau duong kinh AC.

Do d6, A.HK B noi tiép mat cau duong kinh AC.

4 <A0)2 _ Vord®

Thé tich mat cau nay la V = —
¢ Ticn mat cau nay a 37T 2 3

Ta chon dap an @

Cau 1216.

Goi H 1a trong tam tam gidc BC'D va G 1a tam mat cau noi tiép tit dien ABCD.
Khi dé ban kinh mit cau noi tiép tit dien ABCD la

r=d (G, (ABC)) = d (G, (BCD)) = d(G, (ACD)) = d (G, (ABD))

1 :
Ta 6 Va.sen = ~ - Spep - d (G, (BCD)) = d(G, (BCD)) = - YGHCD.
s Ssep

Ma Ve gep = Va.ape = Va.app = Va.acp Vi Spep = Sapc = Sapp = Sacp.

Mat khac Vg pep + Va.ape + Va.asp + Va.aco = Vasep = Va.pep = ZVABCD-

3 3
Do BH = a\3/§’AH = VAB® - BH® = 0\3/6 nén Vapop = a1\2/§ = Va.pep = a4\8/§'
- Vi
Vay r = d (G, (BCD)) = 3-Vapop _ Wé.
Seep 12

Ta chon dap an @

Cau 1217.
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Goi M, N lan lugt 1 trung diem BC va SA; O la tam dudng tron S
ngoai tiép tam gidc ABC. Do ABC can tai Anén O € AM.

Qua O duyng A 1a truc dudng tron ngoai tiép tam gidc ABC
(A || SA). N
Trong (SAM), ké dudng thang qua N vuong goc véi SA cit A tai
I.Khid6 IS =1TA=1B = IC nén I la tam mit cau ngoai tiép A
hinh chép S.ABC

NAMC ¢6 00314/6']\\4 = ]\jg = AB = AC = 3av/2.

2
Sapc = ;CA.CB.SWLACB = ;3a\/§.2a\/§. 1-— (;) = 4a%V/2.

Ma Sapc = ABZ'I%OCABC = 0A = Za.
Tt giac NAOT Ia hinh chi nhat nen AT = VNAZ + 402 = \/i_m.
Suy ra ban kinh méat cau R = \/T .
Vay dién tich mat cau la S = 47 R? = 97Za2
Ta chon dap an @
Cau 1218.
Goi O, O’ lan lugt 1a trong tam tam giac ABC va A'B'C" A’ B’
Ta c¢6 OO’ 1a truc ctia mat phang (ABC) va (A'B'C") O+
Trong mit phiang (AA’, OO'), dung dudng trung tric d ctia |
canh AA’ C E
Khi d6 d cat OO’ tai I = I 1a tam mat cau ngoai tiép hinh E
lang tru ABC.A’B'C’, ban kinh R = IB = OI? + OB? I ‘
Mt khéc I
Tam gidc ABC déu canh 2a, c¢6 O la trong tam nén A i /::‘ B
0323.26‘2‘/3:2“;5:1%:@? ob
Vay dién tich mit cau ngoai tiép lang tru 1a S = 47R? =
287a? C
3

Ta chon dap an @

Cau 1219.
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Goi H la tam ctia tam giac ABC, M, N la trung diém
SA va BC. Ké dudng trung tric SA trong mat phing
(SAN). Khi d6 I la tam mat cau ngoai tiép hinh chép
déu S.ABC.

Tacé:SHzl;AB:\/é;AH:AB?)\/g:\/ﬁ;SA:
VAH? + SH? = /3.
SI-SH=S5M-S5A = —SI—SAz—§

- TS )

Mat cau ¢6 ban kinh r = 2 nén dién tich mat cau 9.

Ta chon dap an @

Cau 1220.

Gia sit hinh lang tru dué tam giac ABC.A'B'C’ ¢6 O, O’ lan
lugt tam ciia hai day. Khi d6 tam mat cau (S) ngoai tiép hinh

ling tru la trung diém I ciia doan OO,

1 b
Tacé:AO:a\B/g,OlzzOO/:2 b
P R A (oo AL i U
M T T 23 N

2 P N 4 7T -,
Thé tich khéi cau (S): V = =7 - 13 = ——/(4a? + 3b2)°
(5) 3 ™G ( )

Ta chon dap an

Cau 1221.
e Goi M la trung diém AB, tit M dung dusng Mz || OA.

e Trong mit phang (OC, M), tit trung diém N ctia OC, dung
Ny 1 OC, NynMx = 1.

Khi d6, I 1a tam mit cau ngoai tiép khdi chép O.ABC. Ban kinh

mat cau R =10 = IN? + NO?.

. TacoON:@:?)ﬁ;JN:OM:A—B:a‘/B.
2 2 2 2
av/14

e Tu db tinh ducge R = 7

Vay dién tich mat cau S = 47 R? = 14wa?.
Ta chon dap an @

Cau 1222.

B/

Q

~
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Ta c6: BC' = (SBC) N (ABC).

BC 1 SA

BC 1 AB

Suy ra goc gitta (SBC') va mit day bang goc gitta AB va SB.
SA = AB.tan/TB\S & SA = aV6.

Do AABC la tam giac vuong can tai B nén AC = 2a.

Xét ASAC la tam giac vuong tai A nén SC = a+/10.

= BC L (SAB).

AC 1L SA . , .
Ta co: suy ra bon diem S, A, B, C' cung thuéc mit cau duong kinh SC.

BC L SB
av/10

Ban kinh mit cau R = )

2
4 510 ,

Tinh thé tich V clia khéi cau ngoai tiép hinh chép S.ABC 1a 'V = gﬂ'R?’ =g am
Ta chon dap an @

Cau 1223. Canh hinh lap phuong bing 2a = dudng chéo hinh lap phuong bing 2av/3 = ban
kinh mat cau bing av/3.
Ta chon dap an @

Cau 1224.

Goi O la trung diém ctia CD, ta c6: BO L CD.

Ma (ACD) L (BCD) theo giao tuyén C'D nén BO L (ACD).

Ta lai ¢c6: BA= BC = BD nén OA =0B = OC.

Suy ra tam giac AC'D vuong tai A va BO la truc cia tam giac AC'D.

Trong mit phang (ABO), ké dudng trung tryc ciia AB cat BO tai I, ta c6 I 1a tam clia mit cau
ngoai tiép ti dien ABCD.

Goi H la trung diém ctia AB, ta c6 ABHI «~ ABOA.
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S IB  BH hav TB — AB-BH  AB?
uy ra —— a = = )
YU AB T Bo Y BO 280
CD Va?+b?
Tam giac AC'D vuong tai A nén OA = 5 = a 2+ .
2 b2 362 42
Tam gidc ABO vuong tai O nén BO? = AB? — OA? = b* — ¢ 2: = 1 ¢
b2 _ 2
o po= Y=o
2 2
Suy ra ban kinh mat cau ngoai tiép t dien ABCD 1a IB = T
—a
Amb*

Vay dién tich mit cau ngoai tiép t dien ABCD 1a S = 4x - IB? =

Ta chon dap an

Cau 1225.

302 — a2’

Gia st khoi t dien déu ABC D canh a.

Goi O, O’ 1an lugt 1a tam clia cac tam gidc deu BC'D, ABC. Khi do, ta c6: AO L (BCD) va
DO’ 1 (ABC). Suy ra AO, DO’ lan lugt 1a truc clia cac tam giac deu BCD, ABC va AO, DO’
dong phing.

Goi K = AON DO, ta c6 K 1a tam ctia mat cau noi tiép t dien ABCD.

Goi M la trung diém ctia BC, ta c6 AKOD «~ AMO'D

av'3 a\/g
, :
KO _ 0D hayKO:OD.MO _ 3 % :aﬁ.
MO O'D O'D av/6 12

3
Trong mit phang (ABO), ké dudng trung tryc ctia AB cit AO tai I, ta cé: I 1a tam clia mit cau

Suy ra

ngoai tiép ti dien ABCD.

Goi H la trung diém ctia AB, ta c6 AAHI «~ ANAOB.
IA  AH AB.AH  AB? > a6

Suy ra — = —— hay [A = .
AB ~ AO AO 240 a\/— 4

Goi Vi, V; lan luot 1 thé tich ctia khéi cau noi tiép, ngoal tiép ti dien ABCD, ta c6:
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a6\’
v1_<12> A
0 ey ) F
()
Ta chon dap an @

Cau 1226.

Do lang tru noi tiép mit cau nen goi (K';7) la dudng tron ngoai tiep ABC'D.
Khi d6 IA-IC =IB-ID =r?* — IK? (theo phuong tich ctia dudng tron).
Suyrar?—IK?=h*>=r?>=hn?>+I1K%

Goi (O, R) 1a mit cau ngoai tiép ling tru ta c6

h?

RQZKA2+OK2:7"2+Z:Zh2+[K221h2:>R

hv/5

b}

5

Vay Ruin = cn khi I 1a tam duong tron ngoai tiép ABCD.

Ta chon dap an

Cau 1227.

V6i hinh chép tit giac déu S.ABCD ngoai tiép mat cau (S)
tam [ ban kinh a thi I € SO v6i O la tam hinh vuong ABCD.
Goi M 1a trung diém BC va H 1a hinh chiéu ctia I trén (SBC).

Theo cach dung thi /H L (SBC) nén IH =10 = a.
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biat SO = h, AB = 2x ta c6

a - T 21%a
=sinOSM = ———— = h = :
P N 2?2 — a?
1 222%a 8a !
Suy ra V; =42 == :
uy ra S,ABCD4 3 a2 3 ﬁ—g? , )
/ . i ) 2x°(x* — 2a°)
Xét f(w) = ——— tren (a; +00) c6 f’(ﬂi)zm

Nen f'(z) = 0 < x = ay/2. Ta c6 bang bién thien

T a a2 400
Yy - 0 +
+00 +00
y \ /
4a*

Tit bang bién thien ta c6 f(z) > f(av/2) = 4a®.

>
8 32a2
Suy ra Vs apep > Ea 4g? = 222

3
Ta chon dap an @
Cau 1228.
z
C B
D i
| M
I
__________________
p 5
D’/ A

Goi M la dinh ctia hinh lap phuong c6 canh bang 1 nam trén duong chéo AC’ va nam trén khoi
con lai sau khi cit. Goi I 1a tam ctia khéi cau 6 thé tich 16n nhat théa yeu cau bai toan.
Tac6 d(I,(A'B'C'D"))=d(I,(BCC'B")=d(I,(DCC'D"))
Suy ra I thuoc doan thing C’M va mit cau tam I can tim di qua diém M.
Dit d (I,(DCC'D")) = a, ta c6 IC" = a\/3. Ma C'A = 3v/3, AM = /3. Suy ra IM = 2\/3 —a\/3
2v/3
Ta c6 d(I,(DCC'D")) =IM < a=2V3—aV/3 < a= V3 =33
1++/3
Cach khac:
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Chon hé truc toa do Ozyz sao cho C’(0;0;0), B'(0;3;0), D'(3;0;0), C(0;0;3).
r=t

Khi d6 M (2;2;2). Ta c¢6 phuong trinh dudng thang C'M 1a {y =t = I(t;t;t) véi2 >t >0do [
z=1t

thuoc doan thing C'M.

Ta c6 d(I,(0yz)) = IM & |t = Bt -2 &t =(2-t)V3et=3- V3

Suy ra R=1IM =3 — /3.

Ta chon dap an

Cau 1229.

Ta c6 /?
= (RV2)>+ R* = RV3 ~ A

Sy 2wrRh _2h  2RV2 26 4

e /

Sy wRl I  RY3 3 K

Ta chon dap an @

AC
Cau 1230. Xét lang tru T c6 R = - = \/5, h =4a =V = 8ra>.
R AP 4
Xét mat cau (C) ¢6 Re = -5 = a3 =V = §WR3C = 47/3a’.
L 8 2v/3
Vay ti s0 bang —= = ——.
ay ti s0 bang 3 3

Ta chon dap an @

Cau 1231. Goi R, h lan lugt 1a ban kinh va chiéu cao ciia chiéc hop hinh tru, r 14 ban kinh mdi

quéa béng ban = S = 3.47r? = 12772
Ta c6 day hinh tru bang hinh tron 16n qua bong ban bang duong kinh ctia qua béng ban = R =r

Chiéu cao chiéc hop hinh tru bang 12 lan duong kinh qua béng ban = h = 12 x 2r = 24r, do d6

Sy = 2w Rh = 27r X 24r = 48xnr

Ta chon dap an @

Cau 1232.

e Thé tich ctia chiéc coc hinh tru la 47 R3.
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2 2 . 9 . 2 2 N X N 4 3
e Tong the tich ctia hai qua béng hinh cau la V; = 2. §7TR .
8 4 PN .
Ta c6 Vo =47R? — —7R? = §7TR3. Vay ti s6 can tim bang 2.
Ta chon dap an
256
Cau 1233. - Tac6 Vy = Tﬁ
- Ban kinh déy cia tru r = /42 — 22 = 2/3, suy ra V; = 4.7?(2\/3)2 = 48.
Ta chon dap an @
Cau 1234.
1 2
Ta c6: V =71AH?- AB + §7TAH2 (DH +CK) =21AH?* + ~7AH? = 67 D
2 3 AB+CD 9
@2AH2+3AH2:6<:>AH:2:SABCD:;-AH:Q. y
K
C
Ta chon dap an @
Cau 1235.
S . . s s " — T
Ta thay rang khi xoay hinh xung quanh truc XY thi hinh vuoéng 3
‘ D .
6 trén sé tao thanh hinh tru ¢6 ban kinh day la 3 va chiéu cao
. 5\ 125
14 5, khi d6 thé tich ctia 16 1a V; = 57 (2) - Tﬂ.

Hinh vuong 6 duéi sé tao thanh hai hinh nén ¢6 chung mat day

va c¢6 duong kinh diy 13 AB nhu hinh bén. Chiéu cao va ban /,’/

5 2 e Z
kinh day ctia hinh nén nay la - nén the tich ctia khoi hai

1 (5\/§>2 _ 12572

noén ghép lai la V5, = 2- gﬂ' 5 5

hinh nay c6 chung phan hinh nén tao thanh khi xoay phan mau

. Tuy nhién, hai

cam xung quanh XY. D& thay phan chung nay ciing la hinh
nén nhung chiéu cao va ban kinh day 1a 3 Do d6, thé tich phan

1 (5)2 _ 125m/2

chung la V3 = -7 o

3
125 (5 + 4v/2) 7
24 '

2

Vay V=V +V, = V3 =
Ta chon dap an @

Cau 1236.
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Ta biét réang khi cho truée duong tron (C) bat ky ndm trén mat cau, hinh nén (N) c6 day 1a (O)
sé dat gia tri 16n nhat khi va chi khi diém S thoéa man SO vuong géc v6i mit phang chita (C).
Vay trong bai toan nay ta chi xét cac hinh nén dinh S véi diém S théa SO vudng goc v6i mit
phang chita duong tron giao tuyén (C).

Thé tich khéi nén dude tao nén béi (N) 1a

V= ;h.S(c) = ;h.w.r2 = ;h.ﬂ. [R? — (h— R)?| = ;W(—hs + 2h*R).

Xét ham f(h) = —h3 + 2h?R,h € (R,2R), c6 f'(h) = —3h* + 4hR.

f'(h) = 0« —3h*+4hR = 0 & h = 0 hodc h = 45 Lap bang bién thién ta tim dugc

32 4R ) . .
max f(h) = 2—R3, tai h = R Vay the tich khdi non duge tao nén béi (N) ¢6 gia tri 16n nhat 1a
1 32 32 4R
V=-n—R=_"7R*khi h= —.
3707 Tsln T3

C.ach khac:

Goi O 1a tam mat cau, I va r la ban kinh ctia duong tron (C).
Tac6 Ol =h— Rvar?=R?>— OI*>=2Rh — h%

Thé tich khéi nén dude tao nén béi (N) 1a

1 1 1 1

h+h+4R—2h\"> (4R’ 1[/4R\*
Tacéh.h.(4R—2h)<< tht > :() :>h2(2R_h)<<)
3 3 2\ 3
DodéVlGnnhétkhih:4R—2h<:>h:45
Ta chon dap an @

Cau 1237.
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Theé tich nude chita trong khéi tru 1a V., .. = 7.42.10 = 1607 dm?®. Phan

nudc
bi chim trong nuéc ctia khéi lap phuong 1a mot hinh chép tam giac deu.
Tam O cta khoi tru trung v6i tam ctia hinh chép tam giac déu, nén

L, 3
ta c6 do dai trung tuyen ctia tam gidc ddy m = i.R = 6 (dm). Canh
m

= = 44/3 (dm). M&i mat ben ctia khéi chép tam

cua tam giac a =

i)

gidc déu nay mot tam gidc vudng can, nén canh bén dude tinh biang
b= \;L_ = 2v6 (dm). Do cao h = Vb? — R? = \/(2\/6)2—42 = 2V/2
(dm). ’

Thé tich khéi chép tam gidc ciing chinh la thé tich nuéc bi tran ra
Vi win = 5 2VE (VDY = 816 du

Thé tich nudc con lai biang 160w — 8v/6 ~ 483.06 dm?.

Ta chon dap an @

Cau 1238. Xép cac qua bong vao day thiing: canh hinh lap phuong c6 do dai gap 4 lan duong
kinh qua béng nén xép duge 4 -4 = 16 qua bong.

Chiéu cao bang 4 lan duong kinh, suy ra xép dudc tat ca: 16 - 4 = 64 qua boéng.

Ta chon dap an @

Cau 1239. Dién tich ctia miéng nhua phing hinh tron dé lam mot nita qua bong ban la mot
ntta dién dich mat cau c6 ban kinh R = 20 mm.

Goi R’ 1a ban kinh dudng tron. Ta ¢6 R*r = ;Smc & R =21R? & R = V2R = 20V/2.

Vay duong kinh clia miéng nhua 1a 40y/2 mm

Ta chon dap an @

Cau 1240.
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[\’)\»—t

Dit o bang nita goc ¢ dinh ctia hinh nén, ta c6 tan o =

. X 1 16

Goi V; 1a thé tich luong nwde ban dau, khi d6 V; = §7r.22.4 - 7”

Goi x 1a ban kinh vien bi, ta c¢6 thé tich vien bi la V, = —7a?
. | 16r 4

Téng thé tich ci nuée va bila V = Vi 4+ Vj = 7” + o ().

Sau khi tha bi vao ly nudc thi nuée dang len ngap bi, dat SH = h 1a chiéu cao muc nuéc ta co
JM
h=_SJ+JH = JM?*+ SM?+ JH; v6i SM = =2z, JH=xsuyrah=(V5+1)z va

b tan o
HK = SH.tana = 5
) 1 /h\? 1 1 3
Do d6 V = 37r<2> h=rh = (14 V5)
1 3 4 167
N * pe _ - -
Thay vao (*) ta c6 127r(1+\/3) 37r££ + 3
64
=>r=: 5 ~ 1,53(cm)
(1+v5)" —16

Ta chon dap an @

Cau 1241. Ta c6 AB = (5;0;0), DC = (5;0;0) nén ABCD la hinh binh hanh.
N AB L AD
Mit khéc, AD = (0;5;0) = . Vay ABCD la hinh vuong.
AB=AD =5
Tuong tu, M N PQ ciing la hinh vuong.
Lai 6 AM = (0;0;5) nen AM L (ABCD) va AM = AB = AD.
Vay 8 diém trén tao thanh mot hinh lap phuong nén c6 9 mit phang dbi xing.

Ta chon dap an

Cau 1242. Dat X(a;b;0), Y(c;d;0) thi (a —¢)*> + (b—d)* = 1.
Theo bat dang thiic Minkowski, ta co

Va2 + 02+ /(3 —c)2+ (4 —d)?2+/(c—a)?+ (d—b)? > 5.

Suy ra va? + b> + \/ —¢)?2+ (4 — d)? > 4. Lai ap dung bat dang thiic Minkowski, ta c6

AX+BY =V + 02 +4+ /B -2+ @4 —d2+1+/(c—a)?+(d—b2>5
Ta chon dap an

Cau 1245. Tac6 @ =21 -3 +k = @ = (2;—3;1).
Ta chon dap an @

Cau 1246. Ta c6 np) = (1;2;3) = m = (—2; —4; —6).

Ta chon dap an

Cau 1247. Tacom = (3.3 —-2.3—-16;3.4—2.0+1;3.(—4) — 2.4 — 1) = (3;22; —3);
Ta chon dap an @
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Cau 1248. Trung diém AB la (1;0;4).

Ta chon dap an

Cau 1249. (Cong thiic toa do trong tam tam giac ABC' la

G:($A+$B+x0.yA+yB+yC.ZA+ZB+ZC>

3 7 3 ’ 3
_(1+2+4‘—2+3+1‘3+5—2>_(7'2.2)
N 3 3 ’ 3 S \3'37)"
Ta chon dap an @
x_1+3+1_§
T

Cau 1250. Toa do trong tam G cia tam gidc ABC' la <y

3
0+1+1 2
ZG: = —
3 3
Ta chon dap an @
Cau 1251. TacéxG:WZQ;yG:W:_Q;ZG:

Vay trong tam tam gidc ABC la G(2; —2;4).
Ta chon dap an @

Cau 1252.
Ta chon dap an @

24+ 2B + z¢

3

=4.

Cau 1253. Hinh chiéu vuong goc ctia A(3; —1;1) trén mat phang (Oyz) la diém N(0; —1;1).

Ta chon dap an

Cau 1254. Tt giac ABCD la hinh binh hanh khiva chi khi AB = DC.
Ta c6 AB = (1;5;2) va DC = (1—-2p;1—yp;—2—zp). Suy ra
1-— Ip = 1 rp = 0
l—yp=5<<yp=—-4 Vay D = (0; —4; —4).
—2—ZD:2 ZD:—4.
Ta chon dap an @

Cau 1255. Goi D(z,y, 2). D& ABCD la hinh binh hanh < AB = DC (1)
Tacéﬁz(l;l;?),5_5:(—3—m;4—y;2—z)
—3—xz=1 r=—4
Theo (1) & {4—y=1 <& y=3 = D(—4;3;-5)
2—2=7 z= -5
Ta chon dap an
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Cau 1256. Tac6 AD = (—1;3;—4) = AB = \/26; AC = (—6;8;2) = AC = 2v/26.

Goi I(x,y, z) la chan dudng phan giac trong ciia goéc A, ta co :

1 _
l—z=—=(—-4—1x) x:;
IB=-22.70=_21 = ——(T— _u
i C 20@ 2—y 2(17 y) & y=
—1—22—5(5—2) z=1
Ta chon dap an
Cau 1257.

1 1
TaCéSABCngsABC’@E'h'(AD‘i‘BC):3'_é‘h BC B C
& AD + BC = 3BC < AD = 2BC = AD = 2BC

xp — T4 = 2(xc — 2p) h
< Qyp —ya=2(yc —ys) & D(-12;-1;3).
zp — za = 2(z¢c — 2B)
A D

Ta chon dap an @

—_— —>

Cau 1258. Goi I 1a diém théa 3TA +2IB — IC' = 0 = 401 = 304 + 208 — OC.
31
Tit da 7(=2.2.-1).
0 suy ra ( 15 )
3MA? + 2M B® — MC? = 3(MI + IA)? + 2(MI + IB)* — (M1 + IC)?
— AMT? + 2M1(3TA + 2IB — IC) + 3T A% + 2I B2 + IC?
= 4MI? + 3IA% +2IB* + IC?.

; f . 31
Vay dé 3M A2 +2M B? — MC? dat gia tri nhéo nhat thi M =1 & M (—4; 5; —1).
Ta chon dap an @

. ) 2 2
Cau 1259. Ta c6 ba diem A, B, C khong thang hang. Goi G = (—3;3; 3) la trong tam tam
giac ABC'. Ta c6 GA+GB+GC =70 nen

P =MA?>+ MB? + MC?
_ (W+GT4’)2+ (J\TéJrG_é)QJr (J\TGZLG_C’)2
=3MG? + GA? + GB? + G(C?

Suy ra P nhoé nhat khi MG nhé nhat hay M 1a hinh chiéu vuong géc ctia G lén mat phang Oxy,
2

suy ra M = (—3;3; 0).

Ta chon dap an @

Cau 1260. Do D € Ox nén D = (d;0;0).
Khi d6 AD =/(d — 3)2+ (16), BC = 5.
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Theo gia thiét AD = BC' < \/(d—3)2+ (16) =5 < (d—3)2+ 16 = 25 < (d — 3)? = 9
{ds?, {do D(0;0;0)
& & =

d—3=3 d=6  |D(6;0;0)

Ta chon dap an @

Cau 1261. Ta 6 OA =22 +22+12=+/9=23.
Ta chon dap an @

Cau 1262. Tacé AB=/(2— 12+ (1+1)2+(1-2)2=6
Ta chon dap an
a . |7 -2 —>2 -7 -2
Cau 1263. Taco‘b—a‘ = |a]| —2ab+‘b’
—>2 - |7 -2 - —
=@~ 2|@||b|cos120° + | b| =4 —22.5.cos120° + 25 =39 = | b — @| = V/39.
Ta chon dap an @

Cau 1264. Ta c6 AB = (—2;—1;2) va AC = (0;1;—1). Suy ra cos (BAC) = cos (AB, AC) =
_— = ——. BA — ]_ O.

5v3 5 Suy ra C 35

Ta chon dap an @

Cau 1265. Ta c6 AD = (0;1;—1), AC = (1;3; -2).

Do dé SABC = ;| [E,E} | = £

2
Ta chon dap an @

Cau 1267. Tam I(1;-2;3); R=v1+4+9—-9=+/5.
Ta chon dap an @

w

Cau 1268. Dua vao dang tong quat clia phuong trinh mit cau (S) : (z—a)?+(y—b)?+ (2 —c)? =
R2.
Ta chon dap an @

Cau 1269. Taco =

d=5 d=>5.
Do d6 (S) ¢6 tam 1(2; —3;1), ban kinh R = /22 + (—=3)2 + 12 — 5 = 3.
Ta chon dap an @

Cau 1270. Phuong trinh da cho 1a phuong trinh mét cau < a? + 0>+ —d >0
& (m+2)%+ (2m)* +m? —5m* -9 >0

m > 1
em2+dm—-5>0< .
m < —5

Ta chon dap an @
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Cau 1271.
e Pt mit cau (z — x,)* + (y — 4o)> + (2 — 20)* = R? ¢6 tam 1a I(x; yo; 25), ban kinh 1a: R.

e Do d6 mit cau (z — 1)2 + (y — (=2))* + (z — 4)2 = (2v/5)? ¢6 tam I(1; —2;4) va ban kinh
R =2V/5.

Ta chon dap an @

Cau 1272. Dé phuong trinh da cho khong phai la phuong trinh mét cau thi
P+ +-d<04+9+1-m<0&m> 14

Ta chon dap an

Cau 1273. Phuong trinh da cho 14 phuong trinh ctia mot mat cau khi 1+1+4—m > 0 < m < 6.
Ta chon dap an @

Cau 1274. Goi I (1;1;0) 1a hinh chiéu vuong géc ctia D lén mit phang (Ozy).

Ta c6 phuong trinh theo doan chin ctia mat phang (ABC) la: % + % +2z=1

Suy ra phuong trinh tong quét ciia (ABC) 1a nx + my + mnz — mn = 0.

Mit khic d (I; (ABC)) = \/mQ‘i;:lfL12n2 —1(Mim+n=1)valD=1.

= ID =d((I;(ABC)).

Nén ton tai mat cau tam I (1a hinh chiéu vuong géc ctia D lén mit phang Ozy) tiép xic véi
(ABC) va di qua D. Khi d6 R = 1.

Ta chon dap an @

Cau 1275. Ban kinh mat cau R=1TA=+1+4+4=3.
Ta chon dap an @

Cau 1276. Phuong trinh mat cau ¢6 tam I(—1;2;3) va ¢6 ban kinh béng 2 ¢6 phuong trinh la:
(e+1)*+ -2+ (2 -3)" =4
Ta chon dap an @

Cau 1277. Hinh chiéu vuong géc cia M trén Ox 1a I(1;0;0). Mat khac IM = /13 = phuong
trinh mat cau la (z — 1)% + y? + 22 = 13.
Ta chon dap an @

, AB
Cau 1278. Tam [ la trung diém AB = I(2;0;1), ban kinh R = - = V6.

Vay pt mat cau (S) 1a (z —2)2 + 32 + (2 — 1)? = 6.
Ta chon dap an @

Cau 1279. Goi I la trung diém ctia doan thing AB, ta c6 1(3; —2;1)

Suy ra I 1a tam clia mit cau dang tim.
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Taco AB = /(4 —2)2 + (=1 +3)2 + (3 + 1)2 = 21/6.
. AB
Ma bén kinh mat cau la: R = —- = V6.
Phuong trinh mat cau duong kinh AB la: (x — 3)? + (y +2)* + (2 — 1) = 6.

Ta chon dap an

Cau 1280. Hai duong théng d; v dy chéo nhau.

Goi A(2+t:1—1;2t) € dy, B(2—2';3;#') € do. Ta c6 AB = (=2t — ;¢ + 2, — 21).
dy ¢6 mot VTCP 1a w1 = (1;—1;2), dy ¢c6 mot VTCP 1a u; = (—2;0;1).

Dé AB la doan vuong géc chung ctia d; va do thi

— 1
{AB-U{O {(2t’t)(t+2)+2(t’2t)0 t=—
N 3

N =4
AB -4 =0 — (=2 —t)+ (' —2t) =0 =0
5.4 2
S A =), B(2;3;0).

Goi I 1a trung diém AB thi [ <11 E ;)
B

A 0 112 132 1\*> 5
Phuong trinh mét cau tam 7, ban kinh 5 _\/6_ a(m—6) —i—(y—) —|—<z—|—> = —.

Ta chon dap an @

Cau 1281. Goi I(a;b;c) 1a tam clia mit cau, ta c6

3
IA=1B da+2b—4c=7 a=gz
1
TA=1IC < (2a+2b+ (2V2—4)c=4 = 4b=3
IA=1D —2a—2b+ (22 —4)c = —4 c=0

V6i R=1D = \/2 Vay phuong trinh mit cau 1 <x — ;)2 + <y — 1>2 + 22 = ;)

Ta chon dap an @

Cau 1282. Mit cau (S) ¢6 tam I(2; —1; —2) va ban kinh R = 2.

Mit phang (P) va mat cau (S) ¢6 ding 1 diém chung khi va chi khi (P) tiép xtc (9), tit d6 suy
ra d(/,(P)) = R.

4.2 -3.(=1)— m =1
Ta c6 d(I, (P)) = R < | 3D =ml i —m =106
V42 + 33 402 m = 21.

Ta chon dap an @

Cau 1283. Goi mat cau can tim la (5).
Ta c6 (S) la mat cau ¢6 tam I(1;2; —1) va ban kinh R.
Vi (S) tiép xtic v6i mat phang (P):x — 2y — 22 — 8 = 0 nén ta c6

o o [1=-22-2.(-1)-8
R = d([, (P)) - \/12 + (—2)2 + (_2>2 N

Vay phuong trinh mit ciu can tim 1a (z — 1)* + (y — 2)> + (z + 1) = 0.
Ta chon dap an @
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Cau 1284.
e khoang cach tit tam I dén mit phing (P) la d = 3.
e ban kinh mat cau la R = /32 + 12 = /10.
e phuong trinh miat cau 1a (z — 2)? + (y — 1) + (2 — 1) = 10.

Ta chon dap an @

Cau 1285.
2—2—-23+12
Ta co, d(I,(P)) = | 2,
V22 +22 412 6
Ban kinh ctia duong tron giao tuyén 1a r = Q—W = 3.

T
Vay ban kinh mit cau la R = /22 + 32 = /13.
Vay mit cau c6 phuong trinh
(S):(x—1)2+(y—2)*+ (2 —3)*=13.

N S

Cau 1286. Sit dung chiic ning CALC ctia MTCT tim duge M(1;1;6).
Ta chon dap an @

Ta chon dap an

Cau 1287. Tac6: (P):3z+0y—z+2=0neén (3;0; —1) 1a toa do vecto phap tuyén cta (P).
Ta chon dap an @

Cau 1288. Mit phang (Ozy) c6 mot véc-to phap tuyén 1a = (0;0;1).

Ta chon dap an

Cau 1289. Thé toa do diém N vio phuong trinh nit phiang (P) ta duge 2.1—1.(=1)+(=1)—2 =
0.

Suy ra diem N thuoc mat phang (P).

Ta chon dap an

Cau 1290. Ta c6: AB = (3;0;—3), AC = (5;—2:2).
Véc-to phap tuyén ctia mat phing (ABC) la {A—B), A—C)] = (—6;—-21;—-6) = —3(2;7;2).
Ta chon dap an @

2 r - 2 5 L
Cau 1291. Phuong trinh mat phang trung tryc cia doan AB qua trung dieém [ (0; 3 —1) cua

AB 6 vecto phéap tuyén I AB = (—2; —1;6) 1a [4z + 2y — 122 — 17 = 0],
Ta chon dap an @
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Cau 1292. Taco E(—(ﬂ; 2:2), trung diém ctia AB 1a I(1;1;2).
Mit phing trung tryc ctia AB nhan véc-to 7 (3; —1; —1) lam véc-to phap tuyén va di qua diém

I(1;1;2). Vay phuong trinh mit phang trung tryc ctia AB 1a
3z—1)—(y—1)—(2=2)=0&<3x—y—2=0.
Ta chon dap an @

Cau 1293. Mit phiang (P) qua A va nhan AB = (1;1;2) lam vecto phap tuyén c6 phuong trinh
la

r+(y—1)4+2z-1)=02+y+22—-3=0.
Ta chon dap an @
Cau 1294. Goi (P) 1a mat phang can tim. Khi d6 (P) tiép xtc v6i (S) tai A khi chi khi (P) di
qua A(2;1;2) va nhan vecto T4 = (—1;—1;3) lam vecto phap tuyén.

Phuong trinh mat phang (P) la —2 —y+32 —-3=0&2+y—32+3 =0,
Ta chon dap an @

qua A(1;0;2)

Cau 1295. Ta c6 pt (P) .
n=AB(1;-1;1)

Ta chon dap an

Cau 1296. Mit phang vuong géc véi A nhan ux = (3;—2;1) lam vtpt = phuong trinh mat

la(z—1)—y+(z—2)=0<x—y+2—-3=0

phang can tim c¢6 dang 3(z —3) —2(y + 1)+ (2 — 1) =03z -2y + 2 —12=0.
Ta chon dap an @

Cau 1297. Mit phang (Oyz) vuong géc véi truc Ox do d6 né nhan (1,0, 0) 1a véc-to phap tuyén,
hon nita (Oyz) di qua diém O(0,0,0). Vay phuong trinh mit phang (Oyz) 1a 1(z —0) +0(y — 0) +
0(z —0) =0 hay z = 0.
Ta chon dap an
qua A(—2;4;3)
Cau 1298. Ta c6 (Q) : nén (Q) :2x —3y+62—2=0.
VTPTTL(Q) = nwp) = (2; —3; 6)
Ta chon dap an @

Cau 1299. Taco ny = (1;1;3), 75 = (2; —1;1) lan lugt 1a véc-to phap tuyén ciia cac mat phang
(@Q), (R).

Do mit phang (P) vudng goc v6i hai mat phang (Q), (R) nén [n7, 73] = (4;5; —3) 1a mot vée-to
phéap tuyén cta (P).

Tit d6 suy ra mat phang (P) c6 phuong trinh 42 + 5y — 32 — 22 = 0.

Ta chon dap an @
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Cau 1300. VTCP ctia Oz la k = (0,0,1), VIPT ctia (a) la @, = (1,2, —1) = mat phing

(P) L (@) va //Oz nén Bp = [k, Ta] = (—=2,1,0)

Do d6 mit phéang (P) qua A(2,—3,0) c6 VIPT 7 p = (—2,1,0) c6 phuong trinh 14 22—y —7 =0

Ta chon dap an @

Cau 1301. Mait cau (S) ¢6 tam I(1; —1; —3) va R = 2/3.

Ta c6: Khoang cach tit I dén mat phing 2z + 3y — 2 — 16 = 0 1a d1 i;l_ > R.
Khoang cach tit I dén mit phing 20+ 3y — 2+ 12=01a d; = 7 > R.
Khoang cach tit I dén mit phing 20 +3y — 2 —18=01a d; = ﬁ_ > R.
Khoang cach tit I dén mat phang 2z + 3y — 2 +10=01a d; = 2\3§ R.

Ta chon dap an @

Cau 1302. Tac6 OABC la tam dién vuong ma H la truc tam tam gidc ABC nén OH L(ABC).
ua H(1;2;3
Do d6 pt (P) b (_, ) la(z—1)+2y—2)+3(:-3)=02r+2y+32—-14=0
n =0H (1;2;3)

Ta chon dap an @

Cau 1303.
AB 1 OC

Ta co: = AB 1 OH, C
AB 1 CH

tuong tu BC' L OH.
Do d6 OH L (ABC) = fiape = OH = (2;1;1).
Suyra P:2xr+y+2—6=0.

Ta chon dap an @

Cau 1304.

Ta c6 AM 1 BC va OA 1L BC nén BC 1 OM.

Ta c6 BM 1L AC' va OB L AC nén AC 1L OM.

Vay OM L (ABC) nén (P) nhan OM = (1;2;3) lam
véc-to phap tuyén.

Do (P) di qua M(1;2;3) nén
(P):x—142(y—2)+3(2—3)=0
Sr+2y+32—-14=0
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Ta chon dap an

Cau 1305. Taco ip = (1;151); AB = (152, —1).

Do miat phang @ chita A,B va vuong géc véi mat phang P = ng = {n_p’; ‘A_B)} = (=3;2;1).
Dod6 @ :3z—2y—2—-3=0.

Ta chon dap an @

Cau 1306. Ta c6 AL = (2;-3;—2), AC = (—2;—1;—1) nén [AB, AC| = (1;6;-8).
Phuong trinh mat phang (ABC) la: x + 6y — 82 + 10 = 0.

Phuong trinh mit phéng qua B va vuong goc véi AC 1a: 2z +y + 2 — 2 = 0.

Phuong trinh mit phéng qua C va vuong goc véi AB la: 2x — 3y — 22 + 6 = 0.

., ) 22 70 176
Giao diém cia ba mit phing trén 1 truc tam H clia tam giac ABC nén H | ———; —; =
la0 dl€m Cua ba Mmal phang tren la Tyc tam Cua tam gilac nen ( 101, 101, 101)
, . 22 31 26 1
Mit phing (P) di qua A, H nén np L AH = (— oy -2 2 99:31;2
at phang (P) di qua A, H nén np ( 101’ 101 101) ~ 707 (2% 31526).

Mat phang (P) L (ABC) nén np L 7 apcy = (1;6;—8).

Vay [7(apc); @an| = (404; —202; —101) la mot vecto phap tuyén clia (P).

Chon 7 p = (4; —2; —1) nén phuong trinh mit phang (P) 1a 4v — 2y — 2z + 4 = 0.
Ta chon dap an @

Cau 1307. Phuong trinh mit phéng theo doan chin di qua 3 diém A, B, C la I + i +

Ta chon dap an @

1,
3

Cau 1308.
Céch 1. e Tac6 MN = (—2,-1;0), MP = (=2;0;2) = [MN,MP| = (-2:4;-2) = 7 =
(1; —2; 1) 1a mot véc-to phap tuyén clia mat phang (M N P).

e Mit phang (M NP) di qua diém M (2;0;0) va c6 véc-to phap tuyén 7 = (1; —2; 1) nén
¢6 phuong trinh 1(z —2) = 2(y —0) + 1(2 —0) =0 hay r—2y+z=2

e Tir d6 suy ra mat phang (M N P) c6 phuong trinh & + % + 3= =1
Cach 2. Sit dung phuong trinh mit phang theo doan chin ta duge (MNP) : g % + % =1
Ta chon dap an @
Cau 1309. Cach 1: Stt dung phuong trinh mit phang theo doan chin dang -+ = Y + % =1

, thay toa do M (4;—3;12) vao ta dudc a = 7, tit d6 ta ¢6 phuong trinh mat phang can tim la
2r+2y+2—14=0.

Cach 2: Thit thay chi c6 mit phang 2z + 2y + z + 14 = 0 chita M.

Ta chon dap an @
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Cau 1310. (S) c6 tam I(—1;1; —2) va ban kinh R = /2.

d c6 véc-to chi phuong u7(1;2; —1), A ¢6 véc-to chi phuong us(1;1; —1).

Ta c6 [ug, u3) = (—1;0; —1). Vi mat phang (P) can tim song song vdi d vd A nén n6 nhan 7 (1;0; 1)
lam véc-tc chi phuong.

Phuong trinh (P) c¢6 dang x + 2z +d = 0.

Vi (S) tiép xic véi (P) nén

i (P =R 173l 5 077
’ V2 d=1

Vay ta dudc hai mit phinglaz+2+1=0vaz+2+5=0.

Ta chon dap an @

Cau 1311.
Dién tich xung quanh gap doi dién tich day
khi va chi khi

1 a? av/3
4x —4|h?+ — = 2a? ==
><2h+4><a a® < h 5

Do dé

V = }a2.a\/§ = a*v3
3 2 6

Ta chon dap an @

Cau 1312. Goi (P) la mit phang chita d; va ds.

Véc-to chi phuong clia dy va dy 1an lugt 1a uy = (1;1;1) va uy = (1;2;3). Suy ra mot véc-to phéap
tuyén ctia (P) 1a 7 = [u1, uz) = (5; —4; 1).

Mat khac M(3;1;5) € dy C (P) = M € (P).

Phuong trinh (P) :5(zx —3) —4(y— 1)+ 1(¢ —5) =0 bzr —4y + 2 — 16 = 0.

Ta chon dap an @

Cau 1313.

Budec dau tién, ta tim toa do tam I. Goi
E <3, 1, ;) JF (2,2, ;) lan lugt 1a trung diém cia
SD,SB. Ta c6

SB = (-2,0,1),5D = (0,-2,—1)

7 = [SB,SD| = (—2,-2,4)
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Dé dang viét duge phuong trinh mat phang trung tryc ctia SB : 2z + z — % =0 w
13
E)

SD :

19)
"6

o~ &

2u+ 2z — % = 0, phuong trinh mat phang (SBD) : x +y — 22 +3 = 0. Toa do diém I

14 nghiém ctia 3 phuong trinh mat phang trén. T dé ta c6
— (7 51

Bl = 67_676> = H(prg) = |1, BI] = (3,5,4)

Ta chon dap an @

Cau 1314. Duong thang d di qua M(2;1;2) va c6 VICP ¥ = (0;—1;3), (o) c6 VIPT 7 =
(2;—1;—4).

M3t phang chiia d va vuong goc véi (a) di qua M(2;1;2) va c6 vée-to phap tuyén la (@, 7] =
(7;6;2) nén c¢6 phuong trinh 7z + 6y + 2z — 24 = 0.

Ta chon dap an @

Cau 1315. Ta c6 d; di qua diem A (2;0;0) va c6 VICP u; = (—1;1;1).

dy di qua diém B (0;1;2) va c6 VTCP Uy = (2; —1;—1).

Vi (P) song song vdi hai dudng thang d; va dy nén VTPT ciia (P) 1a 7 = [Uy, Us] = (0;1; —1).
Khi d6 (P) ¢6 dang y — z+ D = 0 = loai dap an A va C.

Lai ¢6 (P) cach déu d; va dy nén (P) di qua trung diém M (0; ;; 1) cia AB.

Dodo P:2y—22+4+1=0.

Ta chon dap an
Cau 1316. Goi I la diém théa man 1A + 1B + 2IC = 0. Toa do I la I(1;3;3). Khi d6 T =
\4]\71’\ — 4M . Dé P nho nhat thi M1 nhd nhés, ttc 1a M 1a hinh chiéu cta I len (Ozy). Vay toa
do M 1a M(1;3;0).

Ta chon dap an

Cau 1317. Goi I la didm sao cho IA + IB + 2IC = 0 = I1(0;0; 0).
Tu doé:

[MA + MB +2MC| = [AMI + (TA+ 1B + 2IC)| = 4IM > AIH
v6i H 1a hinh chiéu ctia I trén mat phang (P).
Tit d6 suy ra [MA+ MB+2MC| dat gi tri nhé nhat khi va chi khi M = H. Phuong trinh

r=t

duong thang di qua I va vuodng géc véi mat phang (P) 1a: {y = ¢

z=—2t
Toa do diém H la nghiém (z;y; 2) clia he
1
x=t =3
; 1
Yy = y=3
PN 2
T+y—22—3=0 po 1
2
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11
SuyraH:< ;= 1).

22

, . 11
Vay, toa do diem M can tim 1la M = <2; 5; —1).
Ta chon dap an @

— >

Cau 1318. Goi I(a;b;c) 1a diém thoéa man TA+IB-1C=0 (1)
Ta c6 ﬁ(—S —a; —b; —c), [_B)(—a; —b;3 —¢), E’)(—a; 3—b;—c)
—3—a=0 a= -3
(1)eb-3=0 <<b=3 < I1(-3:3;3).
3—c=0 c=3
Nhan thay 1(—3;3;3) € (P)
(MA+MEB - MC| = |MI +TA+1B—IC|=|MI|=MI>0.
\MA +MB — Mo\ nhé nhét bing 0 khi M(—3;3;3).
Ta chon dap an @

Cau 1319.

Goi By 1a diém déi xing v6i B qua (P). A
Pipc = AB+ BC+CA=AB+ B, C+CA> AB+ AB; g
Goi M 1a hinh chiéu ctia A lén truc Oz, M; la diém déi B ///l
xiing ctia M qua (P) ) o
AB+ ABy; > AM + AB; > AM + AM; (hang s6). \l( /

Vay Papc nhd nhat khi B = M va C 1a giao diém ctia /,,‘/\f
AM, véi (P). ol ‘N

Tit d6 suy ra toa do ctia diem B 1a (0;0;1).

B ¢ =M,y

Ta chon dap an @

Cau 1320. - Duong thang d di qua My(0;0;1) c6 VICP @ (1;1;1).
- Goi H, K lan lugt 1a hinh chiéu ctia A trén (P) va d. Ta ¢6 d(A, (P)) = AH < AK. Dau = xdy
ra khi va chi khi H = K.
Do d6 d(A, (P))mar = AK. Khi d6 (P) di qua My(0;0;1) nhan AR lam véc-to phéap tuyén.
-Do K € dnén K(t;t;1+1t) va AR = (t—3;t—2;t+2).
Taco: AK L T < AK-T=0&t=1.
VayA_l%: (—2;—1;3) nén (P): 2z +y—32+3=0.
Ta chon dap an @
qua M(4;1;1) r—4 y—1 2-1

Cau 1321. Pt dudng thing M H 1a = = .
U =1 (3;1;-1) 3 1 —1

Vi H=MHN(P)= H(1;0;2).
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Ta chon dap an

—>

Cau 1322. M € (Ozz) = M (z;0;2) ; AB = (7;3;1) = AB = /50 ; AM = (2 +2;-3;2 — 1)
r+2="Tk z=-9
va A, B, M thing hang = AM = kAB(keR)e { —3=3k < { —1=Fk= M(=90;0).

z—1=k z=0

BM = (—14; —6; —2) = BM = /118 = 2AB.
., . AM  d(A;(Ozz)) 1
h kh = = —.
Cach khie Zor = 1B (02) ~ 2

Ta chon dap an

Cau 1323. Ta c6 vecto phap tuyén cta hai mat phang (P) va (Q) 1a np) = (3;—4;1) va
Q) = (1;2;2). Suy ra, vecto chi phuong ciia giao tuyén la @ = [2(p), n(Q)| = —5(2; 1; —2). Suy
ra, mot vecto chi phuong la (2;1; —2).

Ta chon dap an @

Cau 1324. Véc to chi phuong 1a uy = (0;3; —1).
Ta chon dap an @

2 - 2 - ]- —>
Cau 1325. Duong thang d : a Y = % c6 mot véc-to chi phuong la uy = (—1;2;1).

1 2
Ta chon dap an @

Cau 1326. Tu phuong trinh tham s6, suy ra véc-to chi phuong 1a 7 = (—1; —2;1).
Ta chon dap an @

Cau 1327. Duong thang M N di qua N(0;1;3) va ¢6 mot véc-to chi phuong 1a MN = (—1;3;2)
. . . x y—1 z-—3
¢6 phuong trinh la =3 = :

3 2
Ta chon dap an @

Cau 1328. Duya vao phuong trinh tham s6 ta suy ra d qua A(1;0; —2) va ¢6 VICP @ = (2;3;1)
, —1 2
nén suy ra d c6 phuong trinh chinh tac la L 5 = y_z+

3 1
Ta chon dap an @

Cau 1329. Tac6 BC (—=2;1;1). Vi dudng thang can tim song song vdi duong thang BC nén ta
chon ¥ (—2;1;1) lam mot véc-to chi phuong clia no.

Vay phuong trinh chinh tic ctia dudng thang can tim 1

r y+1 =z2-3

-2 1 1

Ta chon dap an @
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Cau 1330. Duong thing vuong géc véi mat phéng (P) nhan np) = (1;3; —1) lam véc-to chi
rT=2+1
phuong = phuong trinh dudng thang 1a { y = 3 + 3¢.
z=—1
r=1+1
Lay t = —1 = N(1;0;1) thuoc dudng thang = dap 4n ding la: { y = 3¢
z=1-—1
Ta chon dap an
Cau 1331. Duong thang d 1 mat phéng (P) nén vtcp @y cing phuong vtpt 7 p).
r=1+2t
Chon vtep Wq = (2;4; —4) va d qua A(1;4;7) = ptts d :  y =4 + 4¢.
z=7—4t
Ta chon dap an
Cau 1332. (P) c6 véc-to phap tuyén n7(1;1;1), (Q) c6 véc-to phap tuyén ns(1; —1;1).
Ta c6 [n1, 73] = (2;0; —2).

Duong thang can tim nhan véc-to @ (1;0; —1) lam véc-to chi phuong. Vay phuong trinh duong

r=1+1
thang can tim la { y = —2
z2=3—t.

Ta chon dap an @

Cau 1333. A va A’ ¢6 céc véc-to chi phuong lan lugt 1a g = (3;2;1) va us = (1;3; —2).
Khi d6 [u7,u3] = (=7;7;7) = dudng thang vuong goc v6i d va A ¢6 mot vée-to chi phuong 1a
r=-1-1
@ = (—1;1;1) = phuong trinh duong thang { y =1+t
z=3+t
Ta chon dap an @

Cau 1334. Taco ug = (1;1;-1), ug, = (2;1;,—1), ug, = (—1;1;3).
Goi (P) la mit phang song song véi d va chita d; thi (P) di qua A(—1;—1;2) va c6 mot VTPT la
n = [ug, ug,] = (0;—1;-1). Dod6 (P):y+2z—1=0.
Goi (Q) 1a mat phang song song v6i d va chita dy thi (Q) di qua B(1;2;3) va ¢6 mot VIPT la
Ny = g, ug,] = (4;—2;2). Do d6 (Q) : 2z —y+ 2z —3 =0.
Khi do, dudng thang can tim A la giao diém ctia (P) va (Q), ta c6
r=1+t
y+z—1=0
A Sqy=t (teR).

2 —y+2—-—3=0
z=1—1
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xr —

Hay A :

Iy z-1
=

1 1

Ta chon dap an

Cau 1335.

Cach 1 :

Cach 2 :

phuong trinh mat phiang qua A va vuong goc véi dudng théng d 1a (P) : x+y+22—5 = 0.
giao diém ciia d va (P) 1a B(2;1;1).

khi dé6 dudng thing can tim chinh la duong thang di qua A va B c6 phuong trinh
r—1 'y 242

1 1 -1

Goi B(1 + b;b; —1 + 2b) 1a giao diém ciia dudng thang A véi dudng thang d.
ta c6 A vuong goc voi d nen AB.ux = 0 hay b+b+22b—3)=0suyrab=1va
B(2;1;1).

khi d6 duong thang can tim chinh la duong thang di qua A va B c¢6 phuong trinh
r—1 vy 242

1 1 -1

Ta chon dap an

Cau 1336. (P): —2x+ 2y + 2z — 3 = 0 la mat phang di qua A va vuong géc véi A;. (P) giao

11
61 Ay tai M(——;—;2).
voi A tai M(~3 732)
N 2 PN p N N 2 p < x y—1 z—1
Duong thang can tim chinh la duong thang AM c¢6 phuong trinh 1= "3 - 1

Ta chon dap an @

Cau 1337. Goi A=dnN(P)= A(1,1,1) € A.

Dudng thang d c6 VICP @4 = (2,1, 3) va mit phang (P) c6 VIPT 7 = (1,2,1)

= UA = [ﬁv Ud] = (57 —1, _3>

Ta chon dap an @

Cau 1338. Goi H la giao diém ctia d va A, khi d6 gia cia M H vuong goc véi dudng thing A.

Taco H (1 +2t;—1+t;—t), MH = (2t—1;t—2; —t) va véc-to chi phuong clia A la ux = (2;1; —1).
— 2 — (1 42

Do MHaux =022t —1)+1(t—-2) —1(-t) =0 &t = 3 Khi d6 MH = ( _;_> hay

37733

U = (1; —4; —2) 1a mot véc-to chi phuong ctia duong thang d.
Ta chon dap an @
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r=—-142t
Cau 1339. Phuong trinh tham s6 ctia dudng thang d la:  y = ¢

z=—-243t
Toa do giao diem A ctia dudng thing d va mit phang (P) la nghiem (z;y; 2) clia he
r=—1+2t r=1
y=t y=1
~
z=-—2+3t z=1
r+2y+2—-—4=0 t=1

Nhu vay A(1;1;1).

Dudng thang d c6 véc-to chi phuong © = (2;1;3).

Mit phang (P) c6 véc-to phap tuyén 7 = (1;2;1).

Vi duong thang A nam trong mat phang (P) va vuong goc véi dudng thang d nén A c6 mot vec-to
chi phuong 1a

A la

Ta chon dap an @

Cau 1340. Duong thiang d c6 véc-to chi phuong @ = (2;3; —5), dudng thing d’' c6 véc-to chi
phuong w = (3; —2; —1).

Goi A duong vudng goc chung ctia hai duong thang d va d’, goi A = (2 + 2a;3 + 3a; —4 — 5a) va
B = (—1+3b;4 — 2b;4 — b) lan lugt 1a giao diem ctia A véi d va d'.

Ta c6 AB = (—2a+3b—3;—3a —2b+ 1;5a — b+ 8). Vi A dudng vuong goc chung ctia hai duong

thing d va d’ nén

—>

ABL1w (AB-@
—> —><:> —_ —>
AB L AB -

(—2a+3b—3)-2+ (—3a—20+1) -3+ (5a—b+8)-(—=5) =0
(—2a+3b—3) -3+ (-3a—2b+1)-(-2)+(Ba—0+8)-(—-1)=0

— 38a + db = 43
=

0

—ba+14b =19 b=

Nhu vay A = (0;0;1) vi B = (2;2;3), nén AB = (2;2;2). Do d6 A ¢6 mot vé-to chi phuong la
w = (1;1;1), béi vay A ¢6 phuong trinh 1a
z y z—1

Ta chon dap an @
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Cau 1341. Cédch 1: Duong thang d di qua diém My(1; —5;3) va c6 VICP g4 = (2; —1;4)
Goi (Q) 1a mat phéng chita d va vuong géc véi (P) : x + 3 = 0.
Suy ra mat phang (Q) di qua diem My(1;—5;3) va c6 VIPT 1a [7p; Ua) = (0;4;1)
= (Q) :dy+2+17=0.
Phuong trinh hinh chiéu vuong goc ciia d trén mit phing (P) la
r=—3

hay ¢y = —6 —t.

dy+24+17=0
r+3=0

2 =T+4
Cach 2. Trac nghiem.

Goi I =dnN(«), suy ra I(—3; —3; —5).
Dé thay chi c6 dap an D théa man
Ta chon dap an @

Cau 1342. Goi I 1a trung diém ctia AM, ta c6 I(2;—1;0).
MA* + MB* = (MA? + MB?)" —2M A . MB’
AB?\? AB2\”
= <2MI2+ 5 ) —2<M12— 1 )

AB4 AB4
—2MI*+ MI? - AB? —

=4MI? +2MI?- AB? +

8
AB4
:2MJ4+3MJ2-AB2+T
3AB2\? 7
=2 MI? — —AB*
( Ty > 10

Do d6 M A* + M B* nhé nhat khi M nhé nhéat < M 1 hinh chiéu vuong goéc ctia I trén d.
Lay M(2+t;—1+2t:3t) € d = IM = (¢; 2¢t; 3t).

Tacé IMUyq=0at+4t+9t=0ct=0= M2 —1;0)=I.

Vay xg = 2.

Ta chon dap an @

Cau 1343. Goi I(4;—5;—2) 1a tam cta mat cau ().

Ta c6 d[I, (P)] = 13 33_2 i_ﬁi((_—?)j 6l _ VI9=r=/25—-19 = V6.

Ta chon dap an @

Cau 1344.
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Ta thay duong thing AB c6 mot VICP 1a @ = (1;1; —4), mit phang A
() ¢c6 mot VTPT 1a @ = (1;0; 1) nén goc gitta AB va (a) 1a ¢ véi

1-14+1-0+(—4)-1] 1
\/12+12_|_<_4)2, M2+ 02+12 2

Suy ra ¢ = 30° = BAC.
Hon nita, AC C (a) va BC' L AC nén C' la hinh chiéu ctia B trén (). -

Ta tim toa do cua B. C B
r=3+1

sinp =

Ta vict lai AB:{y=4+¢ (t €R). Diém A la giao diém ctia AB va (a).
z=—8—4t
Xét phuong trinh (3+1¢)+ (-8 —t) —1=0<t = —2. Vay A(1;2;0).
Goi B(3+t;4+1t;—8—4t"), tacé AB=3v2 & (' +2)>+ (' +2)? + (—4t' — 8)? = 18.
Suy ra t’ = —1 hodc t' = —3. Ma B ¢6 hoanh do duong nén ta chon ¢t = —1, khi d6 B(2;3; —4).
Duong thing BC vuong goéc véi (o) nén nhan 7 = (1;0;1) lam mot VICP, do do
r=2+t
z=—4+t
" . 3
C chinh 1a giao diem ctia BC va (). Xét phuong trinh (2+1¢) + (=4 +t)—1=0&t = 3
7 5
uy ra (2, =5
Ta chon dap an @

).Vaya+b+0—4.

—> —> 1
Cau 1345. Ta c6 ug, = (1;—2;-3), ugq, = (3;2§ —3>

Suy ra, Ug, - ug, = 0 nén d; cit va vuong goc véi dy.

Ta chon dap an

Cau 1346. Duong thang d; qua M(1,2,3) ¢c6 VICP u = (2,3,4)
Duong thang dy qua N(3,5,7) ¢c6 VICP ¥ = (4,6,8)
Tac6 MN = (2,3,4) suyra ©//V va @ //MN = d, = ds

Ta chon dap an @
Cau 1347.
e Vecto chi phuong ctia A 1a ux = (5;1;1).
e Vecto phéap tuyén ctia (P) 1a 7 = (10;2;m).
10 2 m

e A vuong goc véi (P) khi va chi khi ux vd 77 cing phuong. Hay F (- Swnam= 2.
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Ta chon dap an

Cau 1348. Ta c6 duong thang d di qua M (—1;0;5) ¢6 vtep @ = (1; —3; —1) vA mat phang (P)
c6 vipt 7 = (3;-3;2). M ¢ P = loai dap an D.

7, U khong ciing phuong = loai dap an B.

n.u = 10 = 7, ¥ khong vudng géc = loai dap an C.
Ta chon dap an @

Cau 1349. DédC (P)= Ugnp=0=m—24+20=0=m =8,

Tht lai thay m = 8 thoa.

Ta chon dap an @

Cau 1350. Mit cau (S) ¢6 tam I(1,0,1) va ban kinh R = /2. Ta tinh
4143041

I<R
Ta chon dap an @
Cau 1351. Mit cau (S) 6 tam I(1;—3;2), ban kinh R = 7.

3 . 6-1+2-(—3)+3-2— 55
Véi (a) : 62 + 2y + 32 — 55 = 0 ta ¢6 d(I; (a)) = -
i(a):6x+2y+ 3z ac6 d(I; (o)) ERCTREY

7= R.
Ta chon dap an @
31 +4.(-2)+23+4 5

32442 + 22 V29

Cau 1352. Ta c6 d(A4; (P))
Ta chon dap an @

Cau 1353. Ta co
B 2.1 — 2+ 3(—4) — 1] 13

44, (P) = V2 (12432 V4

Ta chon dap an @

Cau 1354. Taco M € d= M(t;1+ 2t;2 + 3t).

421+ 2t) —2(2+3t) +3] | —t+1] PN t =10

Do d6 d(M; (P)) St 21 (2 3 t=-8

M(10;21; 32)
M (—8; —15; —22) (Loai)
Ta chon dap an @

=

Cau 1355. Phuong trinh mat phiang di qua diém M(1;3;2) va vuong goc véi dudng thing
=141

y=1+1t la
z=—t

l-(z—=1)+1-(y=3)+(-1)-(z—2)=02x+y—2—-2=0
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Hinh chiéu vuéng géc H ctia M trén dudng thang da cho c6 toa do l1a nghiém (z;y; z) ctia hé

r=1+t1 r=1
=

z=—t z=20

r4+y—2—-—2=0 t=20

Nhu vay H = (1;1;0), do d6 khodng cach tit diém M dén dudng thiang da cho la

d=MH=/(1—1)24(1-3)2+(0—2)2=2V2.
Ta chon dap an @

Cau 1356. Duong thang A di qua diém M (1; —2;1) va c6 vecto chi phuong v = (2;1;2).
Mit phang (P) c6 vecto phap tuyén la 7 = (2; —2; —1).

Taco ©.n =22+1.(-2)+2.(-1)=0.

Thé toa do M(1;—2;1) vao phuong trinh clia mat phang (P) tac62+4—1+1=0 ( vo ly).
Vay A || (P).

Suy ra d (A, (P)) = d (M, (P)) = 222D =1+ 1,

V2 (1P

Ta chon dap an @

CJ04+0-2(=3)+3]

Cau 1357. Léy M(0;0;—3) € (P). Do (P) || (Q) nen d((P), (Q)) = d(M, (Q)) s

3.

Ta chon dap an

Cau 1358.

e Viét phuong trinh mat phang (ABC) ta duge (ABC): x + z — 1 = 0. Kiém tra toa do diem
D ta suy ra 4 diém A; B; C; D khong dong phang.

e Goi (P) la mit phang cach déu 4 diém ta c6 2 truong hop:
+ Truong hop 1 (c6 1 diém nam khac phia v6i 3 diém con lai): c6 4 mat phang.

+ Trudng hgp 2 (mdi phia c6 2 diém): c6 C2 = 3 mat phang.
Ta chon dap an @

Cau 1359. - Mit cau dudng kinh AB c6 tam 1(3;2;1) va ban kinh R = /18,
- H luon thude mat phéng (P) va mit cau duong kinh AB.

- Khoang céch tit I dén (P) la d = 2v/3. Tit d6 suy ra R = /6.

Ta chon dap an @
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—>

Cau 1360. Goi d la duong thang qua A va vuong géc véi mp (P) nén d c6 VICP 1a ug =
(6;—2;1)

r=—1+6t
PTTS ctad: ¢y =3—2t

z=06+4t.
Goi H la hinh chiéu ciia A trén mp (P). Khi d6 toa do diém H 1a nghiém hé phuong trinh:
r=—1+6t t=1
y=3—2t T =295

& Suy ra H(5;1;7).
z=06+1 y=1

6r —2y+2—35=0 z2=7
Vi A’ 1a diém déi xiing ctia A qua (P) nén H 1a trung diém ctia AA’. Suy ra A’(11; —1;8).

Vay OA’ = v/186.
Ta chon dap an @

Cau 1361. Phuong trinh duong thang A di qua diém A(0;0;1) v& vudng goéc véi mat phang

rz=20
Ozzlaqy=t.
z=1

Goi C' = (a;b; c), mit phang (P) di qua C va vudng géc v6i A c¢6 phuong trinh y — b = 0. Hinh

chiéu vuong goc ciia C' lén duong thiang A 1a giao diém H clia mat phang (P) véi dudng thang

A. Suy ra H = (0;b;1).

Toa do hinh chiéu vuong goc K ciia C trén truc Oz 1a K = (a;0;0).

Theo dé bai: d(C; A) = d(C;02) & CH = CK & /a2 + (1 —¢)? = m@ a? = b2+2c— 1.

Taco BC = \/a>+ (b—4)2+ 2 =b> +2c— 1+ 0> —8b+ 16 + 2 = /2(b — 2 +1)2+6 >
V6.

Do d6 min BC = /6.

Ta chon dap an @

Cau 1362. Goi M (z;y;2),do M € (P) nén 3z — 3y + 2z + 37 = 0.
Tacém:(4—x;1—y;5—z), ]\TB):(3—x;—y;1—z),]\sz(—l—x;Z—y;—Z).

Khi d6, S =3[(z —2)*+ (y — 1)* + (2 — 2)* — 5].

Ap dung bat ding thic Cauchy - Schwarz ta c6:

[B(z—2)—=3(y—1)+2(z=2)2 < (32+32+2)[(z—2)2 + (y — 1)+ (2 — 22)] & 442 < 22 (g + 5)
& 5 > 249.

r=—4
PN -2 -1 -2
Dau bang xay ra khi (xS ):(y_3)2(22 )<:> y="1
z= -2

Ta chon dap an @
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r=1+3t
Cau 1363. Phuong trinh dudng thing d 1a { y = 2 + 4¢
z=—-3—41
Theo dé bai B la giao diém clia dudng thing d va (P) nén gia tri tham so ¢ tng véi toa do diém
B 1a nghiém phuong trinh:
2143 +2Q2+4t) — (—3—4) +9 =0t = —1 = B(=2;-2;1).
Ta thay M nam trén giao tuyén ctia mat cau duong kinh AB véi mit phang (P). Do d6 M B 16n
nhat khi né 1a duong kinh, hay M la hinh chiéu ctia A trén (P).
Goi d' 1a dudng thing di qua A v vuong goc véi (P). Dudng thing d' L (P) ¢6 VICP m =
(2;2;—1).
r=1+2t
Vay phuong trinh duong thing d’ 1a {y = 2+ 2t .
z=-3-1t
Do M 14 hinh chiéu ctia A trén (P) nén gia tri tham s6 ¢ ting véi toa do diem M 1a nghiém phuong
trinh 2(1 +2¢') +2(24+2t') — (-3 —-t)+9=0t = —2.
Do d6 toa do diém M(—3; —2; —1). Tit d6 MB = (1;0;2).

r=-3+a
Vay phuong trinh dudng thang M B la { y = —2 . Chi ¢6 toa do diém I(—1;—2;3) théa man
z=—142a

phuong trinh dudng thang M B.
Ta chon dap an

Cau 1364. Mit cau (S) ¢6 tam I(—1;2;1) ban kinh R = 1.

1 442-3 ,
Tacéd(14f§)=:L“2 : ;P Qi::2:>}%n@1(P)kh6ngcét(S)
(22 +

Goi d la dudng thang qua I v vuong goc véi (P). Goi T la giao diem ctia d vi mat cau (S) théa
d(T;(P)) > d(I; (P)).
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Tacod(T,(P))=d(I,(P))+ R=2+1=3.

- 1.1—-2.0+4+1.2 1
Ta c6 Cos(u,n(p)) +

Tt (2Pt 2VET R 2 V2

Dudng thing M N c6 vécto chi phuong 1a @ nén ta c6
1
sin (M N, (P)) = |cos (U4, np)| = 7 = (MN,(P)) = 45°.

Goi H la hinh chiéu ctia N len (P). Ta ¢c6 MN = si]I\lffSO
Do d6 M N 16n nhat khi NH 16n nhat.

Dicu nay xay ra khi N =T va H = H' v6i H' 1a hinh chiéu cta I len (P).
Khi d6 NHpax = TH' = 3 va M Npayx = N Hyax V2 = 3V/2.

Ta chon dap an @

= NH.A2.

Cau 1365. Giao ctia d; va (P) la diém M (4; —1;2). Cac mat phang trong 4 phuong an cling
vuong goc véi dy nhung chi c6 mat phang 6 phuong an C di qua M (4; —1;2) nén chon C.
Ta chon dap an @

Cau 1366. Ta thay M nam bén trong mit cau (S) c¢6 tam O(0;0;0) va M € (P). Mat phéng
(P) c&t mat cau (S) theo giao tuyén la dudong tron tam H(g; 3 Z) trong d6 H 1a hinh chiéu
vuong géc cua O lén (P).

Duong thing A thod min yéu cau bai todn khi A nam trong (P) va A L HM nén A nhan
(OH, HM| = (12;—12;0) = 12(1; —1;0) lam vécto chi phuong. Suy ra 7(1;—1;0) nen 7' = —1.

Ta chon dap an @
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	 Toán cực trị liên quan hàm số mũ, lôgarit
	 Đọc đồ thị hàm số mũ, lôgarit
	 Bài toán lãi suất
	 Bài toán thực tế, liên môn

	Bài 5.1 Phương trình mũ
	 Các câu hỏi chưa phân dạng
	 Dạng pt mũ cơ bản
	 PP đưa về cùng cơ số
	 Phương pháp đặt ẩn phụ
	 Toán tham số về phương trình mũ

	Bài 5.2 Phương trình lôgarít
	 Các câu hỏi chưa phân dạng
	 Dạng pt lôgarit cơ bản
	 PP đưa về cùng cơ số
	 Phương pháp đặt ẩn phụ
	 Phương pháp phân tích thành tích
	 Phương pháp hàm số, đánh giá
	 Toán tham số về phương trình lôgarit

	Bài 6.1 Bất phương trình mũ
	 Các câu hỏi chưa phân dạng
	 Dạng bpt mũ cơ bản
	 PP đưa về cùng cơ số
	 Phương pháp đặt ẩn phụ
	 Phương pháp lôgarit hóa
	 Toán tham số về bpt mũ
	 Bài toán bpt có nghiệm, vô nghiệm trên K

	Bài 6.2 Bất phương trình lôgarít
	 Các câu hỏi chưa phân dạng
	 Dạng bpt lôgarit cơ bản
	 PP đưa về cùng cơ số
	 Phương pháp đặt ẩn phụ
	 Bài toán bpt nghiệm đúng với mọi x thuộc K
	 Bài toán bpt có nghiệm, vô nghiệm trên K
	 Các bài toán tổng hợp về Mũ và Lôgarit


	Chương 3: Nguyên hàm, tích phân và ứng dụng
	Bài 1.1 Nguyên hàm (định nghĩa và tính chất, mở rộng)
	 Các câu hỏi chưa phân dạng
	 Các câu hỏi lý thuyết
	 Câu hỏi giải bằng định nghĩa
	 Công thức nguyên hàm cơ bản, mở rộng
	 Tổng, hiệu, tích với số của các hàm đơn giản
	 Hàm phân thức (chỉ biến đổi, không đặt)
	 Hàm lượng giác (chỉ cần biến đổi, không đặt)
	 Nguyên hàm có điều kiện (chỉ biến đổi)

	Bài 1.2 Phương pháp tìm nguyên hàm
	 Thể hiện quy tắc đổi biến (cho sẵn phép đặt t)
	 Thể hiện quy tắc nguyên hàm từng phần
	 Đổi biến t không qua biến đổi (dt có sẵn)
	 PP từng phần với (u = đa thức)
	 PP từng phần với (u = lôgarit)
	 Kết hợp biến đổi, đổi biến, từng phần
	 Nguyên hàm có ĐK (PP từng phần)

	Bài 2.1 Tích phân (định nghĩa và tính chất, mở rộng)
	 Các câu hỏi chưa phân dạng
	 Các câu hỏi lý thuyết
	 Câu hỏi giải bằng định nghĩa, ý nghĩa HH
	 Sử dụng nguyên hàm cơ bản, mở rộng
	 Tổng, hiệu, tích với số của các hàm đơn giản
	 Hàm phân thức (chỉ biến đổi, không đặt)
	 Hàm lượng giác (chỉ cần biến đổi, không đặt)

	Bài 2.2 Phương pháp tính tích phân
	 Thể hiện quy tắc đổi biến (cho sẵn phép đặt t)
	 Thể hiện quy tắc nguyên hàm từng phần
	 Đổi biến t không qua biến đổi (dt có sẵn)
	 Đổi biến t sau khi biến đổi (dt bị ẩn)
	 Đổi biến bằng phép lượng giác hoá
	 PP từng phần với (u = đa thức)
	 PP từng phần với (u = lôgarit)
	 Kết hợp biến đổi, đổi biến, từng phần
	 Kỹ thuật riêng của hàm phân thức (có đặt)
	 Tích phân đặc biệt (hàm chẵn, lẻ, tuần hoàn,…)

	Bài 3. Ứng dụng hình học của tích phân
	 Câu hỏi lý thuyết về ứng dụng hình học của TP
	 Xây dựng công thức tính diện tích theo hình vẽ
	 Xây dựng công thức tính thể tích theo hình vẽ
	 Diện tích hình phẳng y=f(x), Ox
	 Diện tích hình phẳng y=f(x), y=g(x)
	 Diện tích hình phẳng y=f(x), y=g(x), y=h(x)
	 Diện tích hình phẳng dựa vào đồ thị
	 Thể tích vật thể, biết mặt cắt
	 Thể tích vật thể tròn xoay y=f(x), Ox (quanh Ox)
	 Thể tích vật thể tròn xoay y=f(x), y=g(x),... (quanh Ox)
	 Câu hỏi liên hệ giữa giá trị hàm và diện tích hình phẳng
	 Bài toán thực tế (gắn hệ trục, tìm đường cong,…)
	 Các bài toán liên môn


	Chương 4: Số phức
	Bài 1. Số phức
	 Các câu hỏi chưa phân dạng
	 Tìm phần thực, phần ảo
	 Số phức liên hợp
	 Tính môđun của số phức

	Bài 2. Các phép toán cộng, trừ, nhân số phức
	 Các câu hỏi chưa phân dạng
	 Thực hiện các phép toán
	 Tìm phần thực, phần ảo
	 Số phức liên hợp
	 Tính môđun của số phức

	Bài 3. Phép chia số phức
	 Thực hiện các phép toán
	 Tìm phần thực, phần ảo
	 Tính môđun của số phức
	 Phương trình bậc nhất theo z (và liên hợp của z)

	Bài 4.1 Phương trình bậc hai hệ số thực
	 Các câu hỏi chưa phân dạng
	 Tìm nghiệm phức của phương trình bậc hai
	 Câu hỏi về mối liên hệ giữa 2 nghiệm phương trình
	 Tìm nghiệm phức của phương trình bậc cao

	Bài 4.2 Tập hợp điểm
	 Các câu hỏi chưa phân dạng
	 Biểu diễn một số phức
	 Tập hợp điểm biểu diễn là đường thẳng
	 Tập hợp điểm biểu diễn là đường tròn, hình tròn
	 Tập hợp điểm biểu diễn là một cônic

	Bài 4.3 Max-Min của môđun số phức
	 Max-Min của môđun
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	Chương 1: Khối đa diện
	Bài 1. Nhận dạng khối đa diện
	 Các câu hỏi chưa phân dạng
	 Nhận dạng các khối đa diện
	 Phân chia, lắp ghép khối đa diện
	 Câu hỏi liên quan phép biến hình

	Bài 2. Khối đa diện lồi - đều
	 Các câu hỏi chưa phân dạng
	 Nhận dạng các khối đa diện lồi, đều
	 Tính chất đối xứng của khối đa diện đều

	Bài 3.1 Thể tích khối chóp
	 Các câu hỏi chưa phân dạng
	 Khối chóp có một cạnh bên vuông góc với đáy
	 Khối chóp có một mặt bên vuông góc với đáy
	 Khối chóp đều
	 Các khối chóp khác
	 Sử dụng định về tỉ số thể tích
	 Khối đa diện cắt ra từ một khối chóp

	Bài 3.2 Thể tích khối lăng trụ
	 Các câu hỏi chưa phân dạng
	 Khối lăng trụ đứng (không đều)
	 Khối lăng trụ đều
	 Khối lăng trụ xiên (khác)
	 Khối lập phương
	 Khối hộp chữ nhật
	 Khối hình hộp khác
	 Khối lăng trụ khác
	 Khối đa diện cắt ra từ khối lăng trụ

	Bài 3.3 Tính toán về độ dài (khoảng cách), diện tích
	 Các câu hỏi chưa phân dạng
	 Tính toán độ dài hình học (đơn thuần)
	 Tính khoảng cách bằng phương pháp thể tích

	Bài 3.4 Max-Min trong hình học
	 Max-Min thể tích
	 Max-Min độ dài hình học

	Bài 3.5 Toán thực tế, liên môn
	 Toán thực tế, liên môn về hình học không gian

	Bài 3.6 Giải bằng phương pháp tọa độ hóa

	Chương 2: Khối tròn xoay
	Bài 1.1 Hình nón, khối nón
	 Tính độ dài đường sinh, bán kính đáy, đường cao
	 Tính diện tích xung quanh, diện tích toàn phần
	 Tính thể tích khối nón, khối liên quan nón
	 Bài toán liên quan thiết diện với khối nón
	 Hình nón nội tiếp-ngoại tiếp khối chóp
	 Toán thực tế, liên môn liên quan khối nón

	Bài 1.2 Hình trụ, khối trụ
	 Các câu hỏi chưa phân dạng
	 Tính độ dài đường sinh, bán kính đáy, đường cao
	 Tính diện tích xung quanh, diện tích toàn phần
	 Tính thể tích khối trụ, khối liên quan trụ
	 Bài toán liên quan thiết diện
	 Hình trụ nội tiếp-ngoại tiếp khối lăng trụ
	 Toán Max-Min liên quan khối trụ
	 Toán thực tế, liên môn liên quan khối trụ

	Bài 2.1 Khối cầu
	 Các câu hỏi chưa phân dạng
	 Tính bán kính khối cầu
	 Tính diện tích mặt cầu
	 Tính thể tích khối cầu
	 Mặt cầu nội tiếp-ngoại tiếp đa diện
	 Toán Max-Min liên quan khối cầu

	Bài 2.2 Tổng hợp nón-trụ-cầu
	 Toán tổng hợp về nón-trụ-cầu-đa diện
	 Bài toán thực tế, liên môn tổng hợp


	Chương 3: PP tọa độ trong không gian
	Bài 1.1 Hệ trục tọa độ
	 Các câu hỏi chưa phân dạng
	 Tìm tọa độ điểm, tọa độ véctơ thỏa ĐK cho trước
	 Tính độ dài đoạn thẳng
	 Bài toán về tích vô hướng, góc và ứng dụng
	 Bài toán về tích có hướng và ứng dụng

	Bài 1.2 Phương trình mặt cầu
	 Tìm tâm và bán kính, ĐK xác định mặt cầu
	 PTMC biết tâm, dễ tính bán kính (chưa học ptmp)
	 PTMC biết 2 đầu mút của đường kính
	 PTMC ngoại tiếp tứ diện
	 PTMC biết tâm, tiếp xúc với mặt phẳng
	 PTMC biết tâm và đường tròn trên nó

	Bài 2. Phương trình mặt phẳng (chưa học pt.dt)
	 Các câu hỏi chưa phân dạng
	 Tìm VTPT, các vấn đề về lý thuyết
	 PTMP trung trực của đoạn thẳng
	 PTMP qua 1 điểm, dễ tìm VTPT (không dùng t.c.h)
	 PTMP qua 1 điểm, VTPT tìm bằng t.c.h
	 PTMP qua 1 điểm, cắt mặt cầu
	 PTMP qua 1 điểm, thoả ĐK khác
	 PTMP qua 2 điểm, VTPT tìm bằng t.c.h
	 PTMP theo đoạn chắn

	Bài 3.1 Phương trình mặt phẳng (có sử dụng pt.dt)
	 Các câu hỏi chưa phân dạng
	 PTMP qua 1 điểm, VTPT tìm bằng t.c.h (đường-mặt)
	 PTMP chứa 1 đường thẳng, thoả ĐK với đường thẳng khác
	 PTMP chứa 1 đường thẳng, thoả ĐK với mp
	 PTMP thoả ĐK đối xứng
	 Toán Max-Min liên quan đến mặt phẳng
	 Điểm thuộc mặt phẳng thoả ĐK

	Bài 3.2 Phương trình đường thẳng
	 Tìm VTCP, các vấn đề về lý thuyết
	 PTĐT qua 1 điểm, dễ tìm VTCP (không dùng t.c.h)
	 PTĐT qua 1 điểm, VTCP tìm bằng t.c.h (cho 2 mp)
	 PTĐT qua 1 điểm, VTCP tìm bằng t.c.h (cho 2 đ.thẳng)
	 PTĐT qua 1 điểm, cắt d1, có liên hệ với d2
	 PTĐT qua 1 điểm, cắt d, có liên hệ với mp(P)
	 PTĐT qua 1 điểm, vừa cắt-vừa vuông góc với d
	 PTĐT nằm trong (P), vừa cắt vừa vuông góc với d
	 PT đường vuông góc chung của hai đường thẳng chéo nhau
	 PT hình chiếu vuông góc của d lên (P)
	 Toán Max-Min liên quan đến đường thẳng

	Bài 3.3 Toán tổng hợp về PP toạ độ không gian
	 Các câu hỏi chưa phân dạng
	 Xét VTTĐ giữa 2 đường thẳng
	 Xét VTTĐ giữa đường thẳng và mặt phẳng
	 Xét VTTĐ giữa mặt phẳng và mặt cầu
	 Khoảng cách từ 1 điểm đến 1 mặt phẳng
	 Khoảng cách từ 1 điểm đến 1 đường thẳng
	 Khoảng cách giữa 2 đối tượng song song
	 Hình chiếu vuông góc của điểm lên đường, mặt (và ứng dụng)
	 Tìm điểm thoả ĐK đối xứng
	 Toán Max-Min tổng hợp
	 Toán thực tế, liên môn tổng hợp




