GOC CO DPINH BEN TRONG DUONG TRON, BEN NGOAI PUONG TRON
A. Ly thuyét
1. Goc c6 dinh bén trong duong tron
Goc BIC nam bén trong dudng tron (0) duoc goi la goc c6 dinh ¢ bén

trong duong tron.

*) DPinh li 1: S6 do cta goc c¢6 dinh & bén trong dudng tron bang nira tong
s6 do hai cung bi chin, cu thé ta co: BIC = %(sdAmDHdER‘)

2. Goc c6 dinh bén ngoai duong tron

Céc goc c6 dinh ndm bén ngoai dudng tron, cac canh déu c6 diém chung véi dudng duge goi
la géc c6 dinh & bén ngoai dudng tron.

*) Pinh 1i 2: S6 do cua goc co dinh & bén ngoai dudng tron bang nira hiéu sé do hai cung bi

g A o === 1 S =
chan, cu thé ta c6: BID = E(SdBmD —sdAnC)

B. Ly thuyét

Dang 1: Chirng minh hai géc bang nhau, hai doan thing bang nhau

Cich giai: St dung hai dinh 1i vé s6 do ciia goc c6 dinh bén trong duong tron, goc ¢ dinh

bén ngoai dudng tron.

Bai 1:

Cho tam gidc 4BC ndi tiép duong tron (0).
Céc tia phan giac ctia gbc B va C cat nhau
tai 1 va cat dudng tron lan luot tai D va E.
Day CE cit cac canh 4B va AC lan luot tai
M va N.CMR:

a. AAMN can

b. AEAI,ADAI can

c. 0AMNI 1a hinh thoi.

Loi giai
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a) Chimg minh duoc 47 13 phan giac cua 4
Xet AAMN , co: M\l =%(sd@+sdﬁv)

7 =~ =

N, :E(sda+sd(/f-l\)):>M1 =N,

= AAMN can tai A

+) @:&:%(sdébﬂdﬁr):mw] can tai D
=DI=DA.

Tuong tu ta cO AEAI cantal E = EA=EI

b) Ta c6: AE = EI,DA= DI = DE la duong trung
truc cua doan Al = NA= NI = AANI can

ma N,=N,=M,=N,= NI//AM .

twong tw: N, =M, = MI//AN = 13 hinh binh hanh c6 hai canh k& bang nhau (dpcm)

Bai 2:

Cho duong tron (O) va mot day 4B. V&
duong kinh CD vuong gbéc véi 4B (D thudc
cung nhd 4B). Trén cng nho BC lay mot
diém N. Cac duong thang CN va DN lan
luot cat duong thang 4B tai E va F. Tiép

tuyén cua duong tron tai N cat duong thang A \ M B ° I

AB tai 1. CMR: D
a. AINE,AINF 1a cac tam giac can

b. A]:M

Loi giai

a. Ta co: CDJ.ABz@:lﬁ;a:a\?




Xét AINE ¢o: N, =N, :%sdﬁv(n

Ezwz(sd@—sdﬁv):zzsdﬁvzz(z)

T (1)(2)= N, = E = AINE cén tai 7. Tuong tu ta c6 AINF cén tai /.

b. Tacod: IE=IN=IF

Al = AE-IE
Al = AF + FI

}:>2AI:AE+AF:>AI:M

Bai 3:

Tam gidc ABC ndi tiép duodng tron (0), co:
B=46",C=72"

a. Tinh 4 cia A4BC

b. Tia phan giac ctia 4 cit dudng tron & M,
tia phan giac ciia B cat duong tron & N . Goi I
I 13 giao diém ctia 4M va BN . Tinh cac goc .
BIM; BMI ’ \J/ )

c. Chirng minh: MB=MC = MI M

Loi giai
a. Xét AABC,c6 A+B+C=180 "= A=62"
b. B=46" = sd AC =92°; A= 62° = sd BC =124"

1,124° +92°

+) @:%sd(ﬁ+@)=5( ) =54

o B=1=54"= MB=MI
c. AMBI cantaiMdo = dpcm
MB=MC = MB=MC




Bai 4:

Cho 4B l1a day cung cua duong tron (0). Lay
I nim giita 4 va B sao cho I4>IB. Goi D
la diém chinh gitta cung 4B nho. V& day CD
qua I, tiép tuyén tai C ciia dudng tron (O)
cit AD & K

a. Chirng minh rang: IK = CK

b. Goi E 1a diém d6i xtmg ciia I qua K, EC | 4 I T o -
giao v6i (0) tai M, Chimg minh ring ba W

D

diém M,0,D théng hang

c. CACB=CI.CD

Loi giai
a) CIB =%(sda§+sd217)) :%(sdf???+l/3_1\))

:lst/’B
2

Ma @:%sd@:ACIK cantai K.

KE =KI
KC=KI

b)

}:> KE = KI = KC = AICE vudng tai K = AICE noi tiép duong tron (K) dudng kinh
IK = ICM =90° < DCM =90° = MD 13 duong kinh ca (O) nén M, O, D thang hang.

, , CAI = Cﬁ)\B(chan.léz')
c) Xét ACAI,ACDB,c6:
ACI = DCB(chan.hai.cung.bang.nhau)

= ACAI ~ ACDB(gg) = g—g = % < CA.CB =CI.CD (dpcm).




Dang 2: Chirng minh hai dwong thing song song hoiic vudng géc. Chirng minh ding

thwe cho trwoce

Cich giai: Ap dung hai dinh 1i vé s6 do goc c6 dinh bén trong dudng tron, goc ¢ dinh bén

ngoai duong tron dé c6 dugc cac géc bang nhau, canh bang nhau. Tir d6 suy ra di€u can

chung minh

Bai 1:
T diém P ndm ngoai dudng tron (0),
v& tiép tuyén P4 v6i dudng tron va cat 2
tuyén PBC véi P,B,Ce(0).
a) Biét PC=25cm, PB =49cm. Puong kinh )
cua duong tron 1a 50cm. Tinh PO P . i B
b) Pudng phén gidc trong cia gbc 4 cét
PB & I vacit (0) & D. Chimg minh DB °
1a tiép tuyén ctia duong tron ngoai tiép
AAIB .

Loi giai

a) Ta c6 APAC ~ APBA(gg)= PA’ = PB.PC
Xét tam giac vudng PAO (PAO=90") = PA® = PO* — 04> = PO* = PA* + O4° = PO

b) Chimg minh dugc DBC = DAB = %@ — DB la tiép tuyén cua dudng tron ngoai tiép A4IB
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Bai 2:

Cho duong tron (O0) c6 hai duong kinh 4B
va CD vudng goc voi nhau. Trén duong kinh
AB lay diém E sao cho AE=R\2 V& day
CF di qua E. Tiép tuyén cua duong tron tai
F cat CD tai M, V& ddy AF cat CD tai N.
Chtrng minh

a) Tia CF 1a tia phan giac cuia BCD

b) MF//AC

c) MN,0D,0M 1a dg dai ba canh cua cua mdt

tam gidc vudng.

Loi giai
b) Chuing minh dugc AFM = 6477(: A/CTV) = MF//AC

¢) Chimg minh MFN = MNF = AMNF can tai M
= MN = MF.
Mat khac: OD=0OF =R

Ta c6 MF 1a tiép tuyén né AOFM vudng = dpcm.

Bai 3:

Cho duong tron (0) va § nam bén trong
duong tron. Tir S ké hai tiép tuyén S4 va S4'
(A4 va A' 1a tiép diém ) va cat tuyén ABC tGi
duong tron. Phan giac ciia goc BAC cit BC &
D, cat duong tron & E. Goi H 1a giao diém
clia OS va A4', G la giao diém cta OE va
BS con F 1a giao diém cua 44' véi BC.
CMR:

a. ASAD can




b. SF.SG =SO.SH
C. S4° = SF.SG

Loi gidi
a. CE = EB = ASAD cAn tai §
b. OB=0C = R= 0 nam trén duong trung truc BC
EB=EC = EB=EC= E nam trén dudng trung truc BC = OE la dudng trung truc cua BC
= OF 1L BC
+) SO 1a tia phan gidc cua tam gidc can ASA' = SH 1 44"

+) AOGS ~ AFHS(gg) = g—g _95 = SO.SH = SF.SG

SF
C. AOAS vuong tai 4, AH | OS = SA®> = SH.SO = SA” = SF.SG

Bai 4:

Cho tam giac ABC ndi tiép dudng
tron (0). Goi D 1a mot diém thudc
cung AB, qua D ké day DD’ // BC cat
AC & F. Puong thang AD’ cat BC 6 E
a. So sanh AABD,AAEC va AABE,

AADC

b. AD.AE = AB.AC
C. AAFD# AADB

a. DD'//BC:Z?Z\):@':Z]:E

Lai co:
D=E] ~ -

. =B =E=AABD ~ AMEC
B =D,

+) E:%sd(@—éﬁ'):%sd(@—ﬁ))
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—_— — e~

= %sdAD ACD; ABE = ADC = %sdAC — AABE# AADC(gg)

b. Ta c6 AAEC ~ AABD = Q:A—DCADAE AB.AC
AE  AC

Hoac AABE ~ AADC = .....
5, A/F\D:%sd(ﬁ+63'):%sd(;@ﬂ?ﬁ):%sd@:A/D'\B

+) BAD'= DAF = AADF# AABD(gg) .

Bai 5:

Cho AA4BC, phan giac 4D. V& dudng tron
(0) di qua 4,D va tiép xic véi BC & D,
duong tron nay cit 4B, AC lan lugt & E va F
. CMR:

a. EF//BC

b. AD* = AE.AC E ‘y

C. AE.AC=AB.AF

Loi gidi

CDF = DAF = > sdFD
a) 2 = DAF = DAE; D F = FE//BC

—

DFE:DAE:%sdET)
b) 4 =4, :@=@;ﬁ=%sd(@—l/)—ﬁ)

:%sd(@—ﬁ):%sdﬁzﬁ

= AAED ~ AADC(gg) = AD _AE = AD* = AE.AC
DC AD

c. ABD ——sd(AFD ED) =—deA ADF => AADF ~ AABD = jl]: = jg AD* =

AF AB = AE.AC = AF.AB




Bai 6:

Cho A4BC ndi tiep duong tron tdm (0). Céc .

tia phan giac cia cac goc 4 va B cit nhau & D
I va cit dudng tron theo thir tw & D va E.

Chtrng minh: : g 5

a) ABDI la tam gidc can I

b) DE la duong trung truc cua IC \ .
c) IF//BC, trong d6 F la giao di€m cua DE

va AC.

Loi giai
a) Ta co BID :%sdﬁi‘ = DBE = ABID cén tai D
b) Ching minh tuong tu ta c6 AIEC can tai E, ADIC can tai D = El = EC;DI =DC = DE 1a

trung tryc cua CI

¢) F e DE = FI = FC = FIC = FCI = ICB = IF | |BC

Bai 7:
Trén duong tron (0) ldy ba diém 4,B va C. A
Goi M,N,P theo thir ty 1a diém chinh giita
cua cac cung AB,BC,CA. BP cit AN tai I, v
NM cat 4B tai E. Goi D 1a giao diém cua
AN va BC. Chung minh: 1o
a) ABNI la tam giac can
b) AE.BN = EB.AN B D ¢
c) EI//BC
g AN _ 4B )
BN BD
Loi gidi




b) Ta c6 M la diém chinh gitra cung 4B

— NE 1a phan gidc BNA= % = % (tinh chat dudong phan giac) = BN.AE = NA.BE
d) Ta co6 A4BN ~ aBDN = AN _AB dpcm.
BN BD
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