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Pham Nguyeén — PT: 0935555826

LOI NOI PAU

“CHINH PHUC TOAN 9 BANG SO PO TU DUY” PAI SO — TAP 2 la cubn
sach tiép theo trong B6 “CHINH PHUC TOAN 9” duoc viét mét cach day du, chi tiét,
d& hiéu va dic biét phu vu tét cho nhiéu nhu cau hoc tap, tham khao, giang day, hoac
lam tu liéu nghién ciru vé Toéan 9 cho hoc sinh, g1ao vién,. ..

A.Tém tit kién thirc cin hoc

B. Phuong phap giai cac dang toan:

a. Phan nay dugc trinh bay theo cac van dé:

- Mbi van dé duoc khai quat bang so db tu duy.

- Mbi dang toan déu c6 cac phuong phap giai. Vi du minh hoa va cac BAI TAP
TU LUYEN déu co6 hudng dan giai chi tiét nham gitp nguoi doc tu triém tra lai két
qua cua minh.

- Cac DE KIEM TRA cubi mdi chuong sé& giup cac em kiém tra lai kién thic da
hoc, tim hiéu xem ph?m nao chua tot dé cé thé diéu chinh cac hoc.

- Cac BAI TAP TU LUYEN dugc chon loc va téng hop tir Sach giao khoa, cac
dé thi vao 10 cua cac tinh trén ca nude, cac dé thi hoc sinh gioi, ...

b. Pay la Bo sach dang duoc dong dao cac em hoc sinh va giao vién don nhan,
dit mua. Nén t6i cang quyét tdm hon trong viéc tién hanh xuat ban Tap 3 CHINH
PHUC TOAN 9 — HINH HOC trong ndm 2017. Rt mong tiép tuc nhén duoc su quan
tdm, ung ho cua quy vi va cac em hoc sinh.

Chung t6i hy vong cudn sach s& 1a mot tai liéu tham khao hitu ich gitp nguoi
doc d& dang tiép can, nim vimg va trau déi kién thirc mén Toan 9.

Du d3 hét suc cb gang trong qua trinh bién soan, song chic kho tranh khoi
nhimg thiéu sét nhat dinh. Ching t6i xin don nhan nhimg y kién phan héi va chan
thanh cam on moi su gop v cua quy doc gia dé lan tai ban sau sach dugc hoan thién

hon.

Facebook: hitps://www.facebook.com/thayphamnguyen 1
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Chuong 3: HE HAI PHUONG TRINH BAC NHAT HAI AN

I. PHUONG TRINH BAC NHAT HAI AN

1. Kién thuc trong tam

a. Phuong trinh bac nhat hai an 1a phuong trinh c6 dang : ax+by=c (1)
trong do a, b, ¢ 1a cac s6 di biét (a = 0 hodc h#0), x va y la cac an.
+ Cap (x,:,) thoa man ax, + by, = ¢ dugce goi la mot nghiém cua
phuong trinh ax+by=c (1).
+ Trong mit phing toa d6 Oxy, mdi nghiém (x93Yg) cua (1) duoc biéu
dién bai mot diém(xo; Yo) -

b. Tap nghiém cua phuong trinh bac nhét hai 4n
+ Phuong trinh bac nhat hai 4n ax+by=c (1) (a = 0 hodc »#0), ludn co
v6 s nghiém. Tap nghiém ctia né duoc biéu dién béi dudng thing
ax+by=c (d).

+ Néu a=0vab = 0 thi duong thing (d) 1a d6 thi cia ham sé v :—%X+%

+ Néu a#= 0, b=0va ¢ = 0 thi duong thang (d) song song voi truc tung Oy

. . s c
va phuong trinh tr¢ thanh ax =¢ < x = —|

Q

Néu a# 0, b =0 va ¢ =0 thi duong thang (d) triing voi truc tung Oy va
phuong trinh tr¢ thanh ax =0 < x=0.
+Néu a=0;b =0 vac =0 thi dudng thing (d) song song vdi truc hoanh

c
Ox va phuong trinh tré thanh by =¢ <& y = 7

Néu a=0;b =0 vac= 0 thi duong thang (d) trang voi truc hoanh Ox va
phuong trinh tré thanh by=0<y=0.

Vi du minh hoa 1: Cho cac phuong trinh:

a) 2x+3y =6 b)4x+0y=4 C) Ox-3y=9

2 Facebook: hitps://www.facebook. com/thavphamnguyen
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Pham Nguyén — DT: 0935555826

Tim cong thirc nghiém tong quat ciia mdi phuong trinh va biéu dién hinh hoc
tap nghiém cuia no.
Huwéng ddn giai :

6-2x

a. Phuongtrinh 2x+3y=6&3y=06-2xoy=

Hoac

6-3y

2x4+3y=62x=0-3yx=

Nghiém téng quat cia phuong

trinh da cho la :

xell
1 y= 6—2x hoac
3
ye 0 Hinh a.
1 6-3
x = _y
2
Hinh a biéu dién tip nghiém cua phuong trinh.
2
b. Phuong trinh
4x+0yv=4< 4x=4-0y & x=1 .
Nghiém téng quat ciia phuong trinh
da cho la: T S — .
0 2
yel
x=1 a4
Hinh biéu dién tdp nghiém cua Hinh b.

phuong trinh.

Facebook: https://www.facebook.com/thayphamngiiven 3
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C. Phu’O’ng trinh o x -3y=9¢< 3y=9< y=-3

Nghiém téng quat ctia phuong trinh da cho 1a ;

xell &
y=_3 —t —t e

-2 0 2

Hinh biéu dién tdp nghiém cua

phuong trinh. 1

2. Céac dang toan
BAI TAP
Bai 1. Trong cac cdp s (~1; 2), (2; 2), [0; —], [——; O], (3;-3), cipsd
nao la nghiém cua phuong trinh:
a 4x+3y=2 b. 3x-5y=-4
Bai 2. Tim nghiém tong quat va vé duong thang biéu dién tap nghiém cta né:

a 3x—y=1 b X—2y=3

c. 2x—3y=5 d 3y+x=2
Bai 3. Trong mdi truong hop sau, hiy tim gia tri cua a dé:

a. Diém A (0;—1) thudc duong thé.ng Xx+ay=-5,

b. Diém B (-3.0) thudc duong thing ax - 4 = 6 ;

4 Facebook: https://www.facebook.com/thayphamnguyven



Pham Nguyeén — PT: 0935555826

c. Piém C (—5;—2) thudc duong thang ax + 6y = -3 ;

-z 5 R ; . 25
d. biém D [50} thudc duong thang ax+0y = 7;

e. Diém E [2;—%} thudc duong thang o + ay=-10;

Bai 4. Cho dudng thing (d) ¢6 phuong trinh: (m - 1)x + (3m —4)y = —2m — 5.

Tim m dé:
a. (d) song song vo1 truc hoanh. b. (d) song song vai truc tung.
¢. (d) di qua goc toa do. d. (d) di qua diém A(2; —1).

Bai 5. V& do thi ciia mdi cip phuong trinh sau trong cuing mdt hé truc toa do,

ro1 tim giao diém cua hai duong thang do.

a 2x—-y=3Vva3x-2y=5

b.x-2y=4vai3x+2y=10
C.x—y=1Va-3x+3y=-6

d x-2y=4va-2x+4y=-38

HUONG DAN GIAI

Bai 1. Thay lan luot mdi cap sé di cho vao tung phuong trinh, roi so sanh gia

tri tim duoc & hai vé dé rut ra két ludn.

a. Cac cap sb (-1 2), (O_; %} la nghiém cuia phuong trinh: 4 ¢ + 3, = 2

b. Cac cip sb (2 2), [—i; Oj, la nghiém ctia phuong trinh: 3x -5y = —4
2

Facebook: hitps://www.facebook.com/thayphamnguyen 5



Pham Nguyén —DT: 0935555826

Bai 2. Tim nghiém tong quat va vé& duong thang biéu dién tip nghiém cia no:

a. Nghiém tong quat clia phuong

trinh 3x—y=1
xell yED

{ - hoac 1
) =3x - X==y+—
’ 3773

C6 dd thi ham sb 1a:

b. Nghiém tong quat cia

phuong trinh X— 2y=5

xel
_lx_S hoac
d 2 2

y=3x-1

+ + * + +
/ |
-1

Co dd thi ham sb la:

¢. Nghiém tong quat cua phuong

trinh 275—3)/:5

hoac

Co6 d6 thi ham sb la

Facebook: hitps://'www.facebook.com/thayphamnguyen
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d. Nghiém tong quat cuia

phuong trinh 3y+x=2 1.-,
xell
pol2 o
3 3
{yeD
x=-3y+2

C6 do thi ham s0 1a : {
Bai 3. Trong mdi truong hop sau, hay tim gid tri cia a dé:

a. biém A (0;—1) thudc duong thang x + ay = -5, ta co:
0+a(-1)=—5<a=5.
Vay voi a = 5 thi diém A thudc d6 thi ham sé da cho.
b. PiémB (—3;0) thudc duong thang ax — 4y = 6 , ta co:
a(-3)-40=6=-3a=6a=-2.
Vay v6i a = -2 thi diém B thudc do thi ham sb da cho.

c. biém C (—5;—2) thude duong thang ax + 6 y = =3, ta cé:

9
a(-5)+6.(-2) =—3<:>—5a=9<:>a=_g.
| o o ,
Vay vo1 a = 3 thi diem C thudc do thi ham so da cho.

. . 25
d. biémD (%;1] thudc duong thang ax+0y =5 taco :

Vay voi a = 5, thi diém D thudc db thi ham sb da cho.

Facebook: https://www.facebook.com/thayphamngiiven
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e. DiémE [2;—%} thude duong thang 0x + ay = —10, ta co :

O.2+a(—2j: —10<:>a:§
2 9

20 , . )
Vay voi a=3, thi diém E thude do thi ham so6 da cho.

Bai 4. Cho duodng thang (d) c6 phuong trinh: (m —Dx+(3m —4)y = —2m - 5.

Phuong trinh dudng thang (d) co cachésdé: a=m—1; b=3m—4; ¢c=-2m-5

a. (d) song song va1 truc hoanh

a=0
b0 oo
c#=0

—

m-—1=0
Im-4=20 <
2m-5%0

m=1
Imz4 <
2m # =5

4
mz— <m=1

[4

5
m#——
2

Vay voi m = 1 thi Phuong trinh duong thang (d) song song véi truc hoanh.

b. (d) song song vai truc tung

a=0
bh=0o
c#0

f—

m-1=0
Im—-4=0 <
2m-5=0

m # 1
3m=4 <
2m # =5

: 4 . .
Vay vor m = 3 thi Phuong trinh duong thang (d) song song vai truc tung.

c. (d)diqua géc toa do

a=()
b0 oo
c=0

L=

m-1=0
3m—40 <
2m-5=0

m =1
Im+z4 <
2m=-5

m=1

4 5
m#— Sm=—-—
3 2

m=—-—

Facebook: hitps://www.facebook. com/thayphamnguyen
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5 . .
Vay voi m = ) thi Phuong trinh duong thang (d) di qua goc toa dé.

d. (d) di qua diém A(2; —1), suy ra toa d6 diém A thoa man phwong trinh

duong thang (m - 1)x + Gm —d)y = —2m - 5

< m-1)2+GBm-4).(-1)=-2m -5

< 2m-2-3m+4=-2m-5

Sm=-7

Vay véi m=-7 thi Phuong trinh duong thing (d) di qua diém A.

Bai 5. V& d6 thi cia mdi cap
phuong trinh sau trong cung

mot hé truc toa do, ro1 tim giao

diém cua hai duong thang do. +

a (d):2x-y=3 va
(dy):3x-2y=5

Db thi ham sé (d;):2x—y =3

la dudng thang ¢6 phuong trinh

la: y=2x-3
. L . ) o 3 5
D6 thi ham so (dz) :3x—2y =51a duong thing c6 phuong trinh 1a: ¥ =§x—§

Giao diém cua hai db thi ham sb (d}) va (d, ) c6 toa do la: (L—1).

Facebook: https://www.facebook.com/thayphamngiiven 9
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b. (d3)x—2y=4 va (d4)3x+y=12

Giao diém cua hai do thi ham s (d) va (dy) co toa do la: (4; 0)
C. (d5) Cx-y=1va (d6) P =3x+3y=-6

-1 1 . :
Taco: = = 3 # = Hai d6 thi ham so (d5 ) va (dﬁ) song song vo1 nhau.

10 Facebook: https://www.facebook.convthayphamnguven
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d.x—2y=4Vé.—2x+4y=—8

1 2 4 ‘ ,
Tacd: — =-==—. Hai o thi him 55 (ds) va (dg) tring nhau,

II. HE HAI PHUONG TRINH BAC NHAT HAI AN

1. Kién thiec trong tam

ax+by=c¢ §))
yX +byy =,y (2) @

a. Cho hé hai phwong trinh béc nhit hai in: {

+ Néu hai phuong trinh trén ¢ nghiém chung (x5 thi (X)) duoc goi

la mot nghiém cuaa hé (1).

+ Giai hé phuong trinh la tim tap nghiém ctia no.

Facebook: https://www.facebook.com/thayphamngiiven 11



Pham Nguyén — DT: 0935555826

12

b. Minh hoa hinh hgc tip nghiém cia hé hai phwong trinh bic nhét hai

==} 1

n
+ Phuong trinh alx+lqy=cl (1) co thé duoc viét lai nhur sau:

p N . , g A
V= [;“wa c6 di thi 13 dudng thing (dy), véiha 55 g6c 12 (:1 ]

“1 1 AN 1/

+ Phuong trinh &X+by=¢, (2) ¢ thé duoc viét lai nhu sau;

)

=)

Do d6, tap nghiém ctia hé phuong trinh (I) duoc biéu dién boi tap hop cac

y= { ——%f—}x + .;_ ¢6 db thi la duong thing (d,), v6i hé s goc la (
diém chung ctia hai dudng thang (d):ax+by=c, va(d,):a,x+by=c,
+ Néu (d)) cit (dy) thi hé (I) c6 mot nghiém duy nhat.
+ Néu (d)) // (dy) thi hé (I) vo nghiém.
+ Néu (d)) = () thi hé (I) c6 v s6 nghiém.
* Tinh nhanh s nghiém cua hé phuong trinh bac nhét hai an:

a b ¢

+ Hé v6 nghiém < —=—+=—L
a2 b2 CZ

4 b

+ Hé c6 mot nghiém duy nhite —L#-1

A s A A A a
+ Hé ¢6 vd s6 nghifm< —=—=—
a

. Hé phwong trinh twong dwong

Hai hé phuong trinh duoc goi la twong duong néu ching ¢o cung tap

nchiém.

Facebook: hitps://www.facebook. com/thayphamnguyen
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SO PO

Phwong trinh (1) ¢6 dé thi 1a duong thing
diiy= — v+ 56 =0)
LaJ)oh ‘

Phwong trinh (2) ¢6 db thi 1a duomg thing

da: ¥ =‘ —;—: P véi (b, 20 )
$6 nghiém cia hé la
s6 giao diém ctia hai
HE PHUO’I_VG dudng thing di va dz
IRINH BAC Nghiém cuia h¢ 1a nghiém chung
NHAT HAI AN ) : ’ )

cua ca hai phwong trinh (1) va (2)
ax+by=c

!az“\"*'bzy =G . PR
Nhin nhanh s0 nghiém cua hé:

b

Néu J-f(,\'”;yu ) 1a nghiém cua *Vé nghiém < a_o.,.¢
I's (7' b‘ Ct
he [ax, +by, =c ]
¥ oy, by, =c, *Mot nghiém duy nhit<> * # bJ
- - - a' ]
n A n (4] b c
*Vé songhiém< — = —=—
a b
Vidu minh hoa 1: Cho cac hé phuong trinh:
x—y=-3 x=-5 x—2v=9
a. Y b. R c. y
2x+y=0 x+2y=-3 Dx+4y=7

Hay doan nhan s nghiém cta mdi hé phuong trinh trén (hdy giai thich 13 ly

do), sau do giai cac hé phuong trinh bang phuong phap hinh hoc.

Huréng ddn gidi :
a. Biéu dién y theo x & mdi phuong trinh cta hé ta cé:
x—y=-13 y=x+3
<
{2x+y—0 {y——Zx
Vi hai duong thang co hé sb goc khac nhau:1# -2 nén ching cit nhau tai
mdt diém duy nhat. Vay hé phuong trinh da cho ¢6 mét nghiém duy nhét.

Trén hinh a, hai duong thing cét nhau tai diém M c6 toa do (—12).

Facebook: https://www.facebook.com/thayphamnguyen 13
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y=x+3
y==2x
3
Hinh a. M ‘
\ 45

- -2 ¢ 0 I:g 2

-1

-2

a . 1A . . =-1
Suy ra nghiém cua hé phuong trinh 1a : {; 5

b. Biéu dién y theo x & phuong trinh thir hai ciia hé ta co:

x=-5 X=-3
LT = 1 3
x+2y=-3 y=——x-——
2 2

Vi duong thang x=-5 song song v&i truc tung, con duong thang

1 3 ‘ I e . s
y =—§x—; co hé so goc la w5 cat truc tung. Nén hai duong thang cua hai

phuong trinh d3 cho s& cit nhau tai mot diém duy nhat. Vay hé phuong
trinh da cho co mét nghiém duy nhét.

Trén hinh b, hai duong thang cét nhau tai diém M co toa do (—5;1).

14 Facebook: hitps://'www.facebook.com/thayphamnguyen



Pham Nguyén — DT: 0935555826

=1

Biéu dién y theo x &@ mdi phuong trinh cia hé ta co

L1
{x—2y9 -

Suy ra nghiém cua hé phuong trinh 4 : {j =

22
—2x+4y=7 | 7
=—Xx+—

2 4

Vi hai dudng thang da cho c6 hé s6 goc bang nhau

19| —

1 .
2 Nén hai duong
thang cuia hai phurong trinh da cho song song véi nhau.

Vay hé phuong trinh da cho v6 nghiém.

Hinh c.

Trén hinh ¢, hai duong thiang song song khong c6 diém chung,

Facebook: https://www.facebook.com/thayphamngiiven
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BAI TAP TU LUYEN
Bai 1. Khong giai hé phuong trinh, em hay doan nhan sé nghiém cua hé va giai

thich vi sao ?

=——lx+%
o Jy=4x+2 b yETATs
C|ly=3x-3 o1
y=——x-1
5
3x+y=3 -
C. 1 d. y=—x
X+—y= 1 4_\) =2x
3
Bai 2. Xac dinh cac nghiém ciia mdi hé phuong trinh sau bang phuong phap
hinh hoc:
a 3x+y=-1 b, 3x—-y=5
x+y=1 —x-y=1

Bai 3. Poan nhan sé nghiém cia mdi hé phuong trinh sau, va giai thich tai sao?

a x—y=3 b 4x+3y=-1
C|5x—5y=3 " 12x+9y=-3

Bai 4. Cho hé phuong trinh : Ox+y=3

a. Giai hé phuong trinh di cho bang dd thi;
b. Nghiém ctia hé phuong trinh da cho c6 phai la nghiém ctia phuong

trinh 4x - 5y = —19 hay khong ?

Bai 5. Cho hé phuong trinh {;‘ +2y=3
X—y=

a. Giai hé phuong trinh da cho bang phuong phap d6 thi

b. Nghiém cuta hé phuong trinh da cho o phai la nghiém cua phuong

trinh 2 x - 5y = 7 hay khong ?

16 Facebook: hitps://www.facebook. com/thayphamnguyen
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Bai 6. Bing db thi chiing té cac hé phuong trinh sau ludn ¢6 nghiém duy nhat

vo1 bat ki gia tri nao cuaa :

x+y=1 yv=a

3x—y=1

Bai 7. Bing d6 thi chung t6 hé phuong trinh: {
ax+2y=3

a. Co nghiém duy nhét v&i g = -2

2

b. V6 nghiém voi a = 6.

—2v =
Bai 8. Cho hé phuong trinh : {?gx Sloy=s

a. Co vo so nghiém vot g = 1
b. Vo nghiém vo1 a = 1.
Bai 9. Trong cac cau sau, cdu nao dung, cau nao sai :

a. Hai hé phuong trinh bac nhat hai dn v6 nghiém, la hai hé phuong

tring twong duong vé1 nhau ?

b. Hai hé phuong trinh bac nhét hai an cung vo s6 nghiém la hai phuong

trinh twong duong voi nhau.

Bai 10. Trong cac truong hop sau, hai hé phuong trinh nao tuong duong voi

nhau? Hai hé phuong trinh nao khong tuong duong véi nhau?

a‘{x+y—2 v {Qx—y—l

3x +3y=-6 —4x+2y=2
b x+y=3 va x=3
2x+2y-6=0 2x+3y=

Facebook: hitps://www.facebook.com/thayphamnguyen 17
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HUONG DAN GIAI
Bail.
a. Hai duong thang y = 4x +2 vd y = 3x - 3 ¢o hé sd goc 0'1=4; 612=3 khac
nhau nén ching cit nhau tai mot diém.

Vay hé phuong trinh da cho c6 nghiém duy nhét.

, , 1 1 ,
b. Hai duong thang y =f;x+3 va y:—gx—l co hé¢ so goc a, =a, = -3

bang nhau ma hé s6 b, =3# b, =—1 khac nhau nén chung song song v&1 nhau

va khong c6 diém chung.

Vay hé phuong trinh da cho vo nghiém.

3x+y=3 y=-3x+3 — 3¢43
c. Bién d6i hé phuong trinh vé dang; | =38! Y o
.X+§y:]. Ey:—x+1 y=-"3x+3

Hai dudng thing co hé s6 goc a, = a, =—3 va c6 tung do gdc b, =b, =3 nén
chung trung nhau.

Vay Hé phuong trinh da cho co vo s6 nghiém.

3y=—x y :_lx
d. Bién d6i hé phuong trinh vé dang: {4' _ 2'x o | 3
) y=ty

. . 1 1 . 1 1
Hai duong thang y = fgx va y :Ex co hé so goc g =—§; a =§ khac

nhau nén ching cat nhau tat mot diém.

Vay hé phuong trinh da cho c6 nghiém duy nhét.
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Bai 2.
Xac dinh cac nghiém cua mdi hé phuong trinh sau bang phuong phép hinh hoc:

a. Hé phuong trinh: {3x Ty=
x+y=1

Du‘b’ng thﬁl’lg 3x+y=-1 (dl) co dé

thi 1a duong thang di qua diém

(0;-1) va diém (-L2).

Puong thang x + y = 1 (dy) ¢6 d thi

la duong thing di qua diém (-1:2)

va diém (1,0).

Hai duomg thang 3 + y=-1(d)vax+2y=1(d)co dd thi nhu hinh vé:

Dua vao dd thi ham sé), ta théy hai duong théng cét nhau tai A(—l; 2), suy ra
_ x=-1
nghiém cua hé phuong trinh la
Y
b. Hé phuong trinh :

3x—-y=5
_x_y:]_

Puong thang 3x - y = 5

(dy) ¢ dd thi 1a duong
thang di qua diém (0; 5)

va diém (1,-2).

Puong thang - x - y=1

(d;) ¢6 db thi la duong thang di qua diém (0:~1) va diém (=10).
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20

Hai duong thang 3x — y = 5 (d)) va —x — y = 1 (dy) ¢6 d0 thi nhu hinh vé:

Dua vao db thi ham s6, ta thdy hai duong thing cit nhau tai B(L,—2), suy ra

x=1
nghiém cua hé phuong trinh la {y =2

Bai 3. Poan nhan s6 nghiém ctia mdi hé phuong trinh sau, va giai thich tai sao?

o o3 y=x-3
a. Bién ddi hé phuong trinh da cho : {~ = 3
Sx—-5y=3 y:x—;

Hé phuong trinh vo nghiém, vi hai duong thing y = x -3 va y=x —? co hé

I . A A . 3 R ,
SO gOC 4, = a, =1 vatung do 80C p, = b, VI [—3 “ —g nen chung song song

vG1 nhau.
= 4x 1
NPT YA . N ] dx+3y=-1 .4——5 _5
b. Bién d61 hé phuong trinh da cho : {12x+9y -3 , 4 N 1
’ 3 3

Hé¢ phuong trinh ¢o vo s6 nghiém, vi hai duong thang trung nhau do c6 hé so

goc a; =a, = 3 va tung do goc

Bai 4. Hé phuong trinh :

) = =3
Ox+y=3 y=3 -
s 3 9
3x-2y=-9 y=—x+—
2 2
a. Dua vao d6 thi ham sb ta thay, — g2 o

hai duong thang y = 3 va duong
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) 3 . ez
thang y = 5x+§ cat nhau tai diém A co toa do (—L‘ 3) .

x=-1

Vay nghiém cua hé phuong trinh la {y _3

x=-1
b. Vo {y 3 thay vao phuong trinh 4y -5y = —19 tacod:

4.(-1)-53=-19 = —4—15=-19 (VI=VP ding) . Vay diém (~1,3) la

nghiém cua phuong trinh 4x -5y = —19.
(o $2y=3 Jy=—dxy3
Bai 5. Bién ddi hé phuong trinh ¥ =Y T o Y T TS
2x—vy=1 y=2x-1

. . . 1 3
a . Do thi hait ham sb y:—EJHE va y = 2x — 1 duoc vé nhu hinh:

Dua vao dd thi ham sb ta théy,

hai duong thing cét nhau tai A

co toa dd (1, 1). Suy ra nghiém

cua hé phuong trinh la {

b. Vo1 x =1 vay= 1, thay vao

phuong trinh 2x - 5y = 7 taco:

2.1-5.1=2-5=-3=7nénx=1vay=1 khong phai 1a nghiém ctia phuong

trinh 2x -5y =7.
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Bai 6. Bang db thi ching to cac hé phuong trinh sau ludn c6 nghiém duy nhat

vo1 bat ki gia tri nao cia a :

X=a xX=d
a. b=
{x+y:1 {y:—x+l
Ta c6: duong thang X=a song

song (a # O) hodc trung

(a = 0) voi truc Oy, ma dudng

thang y = - x + 1 la duong

thang xién (a * 0) , cat Oy ta1 i ) \ -
diém (0; 1) nén no s& cét duong 5

théng X=a vi1 moi a.

Do d6, hé phuong trinh luén co

nghiém v&1 moi a.

b. Bién d6i hé phuong trinh

Ta co: duong thang y = a song y=x-3

song (a * 0) hoac trung (a = 0) 3 ol : :

v6i truc Ox, ma dudng thang -

y = x - 3 la duong thang xién y=a
(a#0) , cit Ox tai diém (3; 0)

nén noé sé cat duong thang y =a

vO1 moi a.

Do d6, hé phuong trinh [uén ¢6 nghiém vé1 moi a.
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o 3y =1 y=3x-1
Bai 7. Bién dbi hé phuong trinh: ™" "2 7" & a 3
ax+2y=3 y=——x+—
2 2
y=3x-1
a.  Khi a = -2; thay vao hé phuong trinh ta co: +3
y=x+>
2

. . 3 .
Duong thang y = 3x -1 va duong thang y = x + 506 hé s6 goc khac nhau
(3#1) nén cit nhau.
Vi vay, khi ¢ = -2 thi hé phuong trinh ¢6 nghiém.

y=3x-1
b.  Khi g = -6, thay vao hé phuong trinh ta co: 3
y=3x+ 2

. . 3 . :
Duong thang y = 3x -1 va duong thang y =3x + 3 la hai duong thang co hé
s6 goc bang nhau (a =a'= 3) va tung do gdc khac nhau [—1 # %J

Nén chung song song vdi1 nhau.

Vi vay, khi ¢ = -6, thi hé phuong trinh v6 nghiém.

ye 3 . a
s 3x—2y=a )
.. -~ ~ ~ by . - @

Bai 8. Bién d61 hé phuong trinh {ISx—lOy _s 3]
y=—Xx—==
2

3 1

y=—Xx—=

a. Khi @ =1, thay vao hé phuong trinh, ta co: % %

y=—X—=

2 2
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. 3 1 . 3 1 .
Puong thang y = Ex -3 va duong thang y = Ex —3 ¢ hé s6 goc, va tung do

goc bang nhau nén hai duong thang trung nhau,

Do do, hé phuong trinh da cho ¢6 v6 s6 nghiém khia=1.

b. Khi a # 1, thay vao hé phuong trinh, ta co:

. : 3 a . 3 1 . .
Hai duong thang y :EX_E va duong thang y :Ex—a ¢6 hé so goc bang

nhau, nhung tung d6 goc khac nhau nén hai duong thiang nay song song véi

nhau.

Vay, hé phuong trinh da cho vo nghiém khi ¢ = 1.

Bai 9. Trong cac cau sau, cau nao ding, cdu nao sai :

a. Pang. Vi hai hé phuong trinh cung vé nghiém thi ¢6 cung tap nghiém rong.
b. Sai.

Vi du ching minh: Cho hai hé phuong trinh sau

Ha(){*TY=3  vameqn ¥7Y=73

6(){2x+2y:6 va HedD o o) s 210

Ca hé (I) va hé (1) dé 1a hé phuong trinh ¢6 v6 sé nghiém. Nhung tip nghiém
ciia hé phuong trinh (I) dugc biéu dién boi phuong trinh duong thang (d,)

. con tap nghiém cua hé phuong trinh (II) duoc biéu dién bai

2

y=-x+3
phuong trinh duong thang (d;) y = x +5 . Hai duong thing nay khac nhau nén
hai hé phuong trinh dang xét khong tuong duong voi nhau.

Bai 10. Giai cac hé phuong trinh néu tip nghiém cia chung bang nhau ta két
luan hai hé phuong trinh tuong duong, con néu tip nghiém cia chung khong

bang nhau ta két luan hai hé phuong trinh khéng tuong duong :
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X+y=2

0 nghiém.
3x+3y=—6v gh

a. Hé phuong trinh {

2x—-y=1

e 5 v6 nghiém.
—4x+2y=

va hé phuong trinh {

Vay hai hé phuong trinh da cho tuong duong véi1 nhau.

b. Hé phuong trinh {x +y=3 0 ¢6 v s6 nghiém.

2x+2y-6=
va hé¢ phuong trinh x=3 c6 nghiém 3'7i .
' 2x+3y =1 73

Vi tap nghiém cua ching khac nhau nén hai hé phuong trinh da cho khong

tuong duong vot nhau.

¢. Hé phuong trinh {ii i 3,‘«"_—73 c6 nghiém la (—17;12)

va hé phuong trinh {; t )2’ =3 nghiém la (1;2)

Vi tap nghiém cia chung khac nhau nén hai hé phuong trinh da cho khéng

tuong duong voi nhau.
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I1I. GIAI HE PHUONG TRINH BAC NHAT HAI AN

1. Kién thic tron g tdm

[a1x+b1y:cl (D

Giai hé phuong trinh bac nhat hai an: (I) axtby=c ?)
2 2Y =6

a. Phwong phap thé:

+ Budc 1: T mdt phuong trinh cia hé, ta biéu thi an x theo y (hoac y theo
X).

+ Budc 2: Thé biéu thire tim duoc ca x (hodc cua y) vao phuong trinh
con lai dé duoc phuong trinh bac nhit mot an. Giai phuong trinh bac nhat

vua tim duoec.

+ Budc 3: Thay gia tri vira tim duoc cua an vao biéu thirc tim duoc trong

bude thir nhat dé tim gia tri cia an con lai
b. Phwong phap cdng dai s6 :

+ Bude 1: Chon 4n mudn khir, thuong la x (hodc y).

+ Bude 2:

- Xem xét hé s6 ctia an mudn khir.

- Khi c4c hé sb cua cing mot 4n déi nhau thi ta cfng vé theo vé cia hé.
- Khi cac hé sb cia ciing mot 4n biing nhau thi ta trir vé theo vé cua hé.
- Néu céc hé sd do khéng bing nhau thi ta nhan cac vé cia hai phuong
trinh véi sé thich hgp (néu can) sao cho cac hé sb cua x (hoidc y) trong hai
phuong trinh ctia hé 1a bang nhau hodc d6i nhau (dong nhdt hé s6). Roi
thuc hién cac bude ¢ trén.

- Ta dugc mdt phuong trinh méi, trong d6 dn mudn khir ¢o hé sé bing 0.
+ Bude 3: Giai hé phuong trinh gdm mét phuong trinh méi (mdt 4n) va
mot phuong trinh da cho.

Ta suy ra nghiém cua hé.
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* Poi voi mot s6 bai toan ta co theé két hop phuong phap diit an phu dé bién
d6i hé phuong trinh d& cho thanh hé phwong don gian hon véi An méi.

Sau khi tim dugc nghiém cta hé phuong trinh maoi, ta ¢ thé tim nghiém cua hé
phuong trinh ban déu.

* Str dung may tinh CASIO/ VINACAL.:

+ Nhién Mode, chon muec EQN, chon ) twong tng vo1 muc: anX+bnY=cn

ax+by=c (D
a,x+b,y=c, (2)

+ Néu hé phuong trinh dung theo thir tu {
+ Ta nhép soi lidu tuong ing :

Hang tha nhat : @=; b = ¢, = va hang thtr hai: a,=; b, = ¢, =
+ Nhén =, = ta s& c6 két qua nghiém ctia hé phuong trinh.

Céc em co thé sir dung may tinh casio dé tinh ra nghiém ding,

2. Cac dang toan
a. Dang 1. Giai hé phwrong trinh bing phwong phap thé

Vi du minh hoa 1: Giai cac hé phuong trinh sau bang phuong phap thé

a {x+2y=l b. J3(x+y)—2(x—y):9
2x-5y=1 12(x+y)+(x—y):—l
Huréng dén gidi :

a. Bién d6i hé phuong trinh d& cho thanh cac hé phuong trinh trong duong :

+2y=—1  [x=-2y-1 NN
HTp: [¥F2y=-1.,]%¥="2) x=-2)
{2x—5y7<:> 2(-2y-1)-5y=7"1-9y-2=7

o x:72y71<:> x:fZ.(fl)flc> x=1

Vay, hé phuong trinh da cho co6 nghiém la ( 1; —1).
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Y
b. H& phuong trinh {2(x+ y)+ (x _3’) =1

Cdach I: Thu gon vé trai cia mdi phuong trinh trong hé, bién doi hé phuong

trinh da cho thanh cac hé phuong trinh twong duong.

3(x+y)-2(x-y)=9 (3x+3y - 2042y =9
HPT{Q(“"‘*}’)+(x—}’)=—1 < 13x+2y+x—y=_1

3 3y — g = ) = =_5«’
o 13X+ 3y 2x+2y 9<:> x+5y=9 - f y+9
2x+2y+x—-y=-1 3x+y=-1 3(*5)*+9)+y:fl

o X =-5y+9 o x=-1
—14y =-28 y=2

Vay. hé phuong trinh da cho ¢c6 mot nghiém (—1; 2).

Cach 2: Sir dung phuong phap dit an phu: dat u=x+y; v=x—y, tacohé

_— 3(x+y)—2(xf}’)=9 3u—-2v=9
phuong trinh: {2(x+}))+ (x_y) L ® {2Z+ ]}1: 71

{3;1—2(—214—1)—9 {71,,_7 {u_l
= Lamns Ly

v=-"u—1 v=—2u-1 v=-3

Véi { “=1 " ta o hé phuong trinh

v=-3"

— J — :—q = = —
{x+yl o 2(} 3) ~©{2y4 @{x 1
x—y=-3 x=y-3 x=y-3 y=2

Vay, hé phuong trinh da cho ¢c6 mot nghiém (—1; 2).

b. Dang 2. Giai hé phwong trinh biing phwong phap céng dai s6

Vi du minh hoa 2: Giai cac hé phuong trinh sau bang phuong phap cong dai

A

S0 .

2x-5y=17

a {x—&-Zy——l b {3(x+y)
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Hiréng ddn gidi :
a. Bién do6i hé phuong trinh d3 cho thanh cac hé phuong trinh twong duong :

Cpx+2y=-1_ 2x+4y=-2 ) .
HTP: {2x—5y _ {2x—5y _7 (pt 1 duoc nhan 2 vé cho 2)

Lay pt 1 trir pt 2 vé theo vé, va giir lai mot phuong trinh:

0x+9y=-9
HPT < :
{Qx +4y=-2

Tim duoc gia tri mot an, ta thay vao phuong trinh kia dé tim nghiém con lai.

y=-1 y=-1 x=1
HPT®{2x+4.(—1)——2 < {zxzz Q’{y =1
Vay, hé phuong trinh da cho c6 nghiém la ( l; —1).

b. H¢ phuong trinh J3 x+y)7 (xfy):()

[2(2)+(s-5) =

Cdch 1. Thu gon vé trai ciia mdi phuong trinh trong hé, bién déi hé phuong

trinh da cho thanh cac hé phuong trinh tvong duong.

(x*}) Z(x*}’)=9 j3x+3y—2x+2},:9
HPT{ (x+y) (x_}’):—lc12x+2y+x7y:71

3x+3y-2x+2y=9 x+5y=9 x+5y=9
= - <= = -
{2x+2y+x—y:—l {3x+y:—l {15x+5y:—5

o x+5y=9 o 14Jc:—l4<:> x=-1
15x+5y=-5 x+5y=9 y=2

Vay, hé phuong trinh da cho c6 mét nghiém (—l; 2) .

Cdch 2: Str dung phuong phap dit an phu: dat u=x+y; v=x—y, tacohé

phuong trinh: [ (x+}) (x y): {

[2(x+0)+ (x-3) =~
3u—-2v=9 Tu+0v=7 u=1
= <> <S5
{4u+2v——2 {2u+v——1 {1’——3
Véi {”’_13, ta co hé phuong trinh {x+}’_13®{3x——3 Q{x——l
= H }:

Vay, hé phuong trinh da cho c6 mot nghiém (—1; 2) .
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c. Dang 3. Sir dung phwong phap dit an phu
Vi du minh hoa 3: Bang cach dat an phu, hay giai hé phuong trinh sau :

I ST
x-1 y-1
1 3
+——=-18
x-1 y-1
Huromg ddn gidi :
Diéu kién dé hé phuong trinh xac dinh 1a ; xili()@ x#1
y—1+0 y#1

1

bat u = V= ] , ta 6 hé phuong trinh:
x—1 y—1
_51 l1210 5 10
X - y— @{ U+v=
3 + 3y =—
1 N _ 1R u+3v 18
x—-1 y-1

Giai hé phuong trinh bang phuong phap thé :
Tu phuong trinh —5u+v=10,taco: v=>5u+10

Thé vao phuong trinh « +3v = —18 , ta duoc
u+3v=-18 < u+3(5u+10)=-18

< 16u+30=-18 < 16u =-48

S u=-3

Thay u = -3 vao phuong trinh v = 54 + 10, ta dugc v=5(—3)+10=—5

=-3 . f 1A .
~ - ,néntaco h¢ phuong trinh :

2
<:>{3x_2c> =3
S5y=4 4

5

Vay, hé phuong trinh da cho c6 mot nghiém [i :] .

30 Facebook: hitps://www.facebook. com/thayphamnguyen



Pham Nguyeén — PT: 0935555826

d. Dang 4. Mt sb bai toan lién quan

Vi du minh hoa 4: Xac dinh phuong trinh duong thang vy =ax+b biét no di
qua hai diém A(=1; 6) va diém B (2; —3).

Huréng dan giai :
Puong thang y=ax+b di qua diém A(—l; 6), nén ta co:
6=a(-1)+bo—-a+b=6 (1)
Puong thang y=ax+b di qua diém B (2; —3) , nén ta co:
3=a2+b=2a+b=-3 (2)

Vi a, b phai nghiém dung ca hai phuong trinh (1) va (2) nén a, b 1a nghiém cua

hé phuong trinh : {

—a+b=6 3a=-9 =-3
2a+b=-3

2a+b——3©{b—3

Vay, phuong trinh duong thang can tim la; y=-3x+3.

Vi du minh hoa 5: Cho hé phuong trinh : {merEy =1
mx+my=m-—1

Giai hé phuong trinh khi :

; b.m=2; c.m=0

(%]

a m =

Huréng dén giai :

Cho hé phuong trinh : {mx +2y=1

mx+my=m—1

3x+3y=3-1"" |3x+3y=2

. 3x+2y:l© -y=-1 - y=1
3x+3y=2 3x+2y=1 3x+2=1

Vay, khi m = 3, hé phuong trinh da cho co nghiém (x; y) = [—;; 1] ,
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. s ‘ 2x+2y=1
b. Khi m = 2, ta ¢c6 hé phuong trinh :
1m , ta c6 hé phuong trin {2x+2y:1
Hé phuong trinh ¢6 v6 s6 nghiém. Cong thire nghiém tong quat ciia hé phuong

xell yell
trinh la: § ~ —2x+1 hodc ‘o 2y+1
2 2

c. Khi m = 0, ta c6 hé phuong trinh : {giiéi z})—l 212))

Trong hé phuong trinh nay, ta thdy phuong trinh thir (1) ¢6 nghiém, con
phuong trinh thir (2) vo nghiém, nén hé phuong trinh vé nghiém.

Vay khi m = 0, hé phuong trinh da cho v6 nghiém.

SO PO TU DUY PHUONG PHAP GIAI HE PHUONG TRINH

fBu‘(’rc 1: Chon PT d& nhit (thwomg 1a pt c6 hé s6 don gian)
—> Rat an : biéu dién an nay theo an kia (1)—> Roi thay
vao phwong trinh con lai dwoc (2)

>
N

Giai hé bang
Phuong phéap thé

Bude 2: Giai phwong trinh (2) = 1 an, ta thay 4n nay vao
phuong trinh (1) dé tim An con lai. = Két ludn nghiém.

Bude 1: Xac dinh 4n muén khir (x hodc y2...)

4 )

Budéc 2: Dong nhit hé s6 — Xem xét hé s6 dimg trude an

muén khir & hai phwong trinh (khéng quan taim dau+ ) —>

Nhan 2 vé clia mdi phwrong trinh véi s6 thich hop sao cho

hé s6 ding treée an mudn khir bing nhau (ko quan tim

diu.)

Giai hé bing

Phuong phap \ /
cong dai sb

/ Buée 3: Cong vé theo vé néu hé s6 ciia 4n mudn khir & \
hai phuong trinh trai dau, va trir vé theo vé néu hé s6 cla
an muon khir ¢ hai phuong trinh cung dau.

Budc 4: Giai phwong trinh 1 4n, suy ra an con lai va két
luan.

\ &
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BAI TAP TU LUYEN
Bai 1. Giai cac phuong trinh sau bing phuong phap thé :
x—2y=-06 x—=3y=5
* {2x—y=4 b {Zx—y:—S
x—y=10 3x—y=5
. ’ d.
¢ {x+y:8 {5x+2y—14

Bai 2. Giai cac phuong trinh sau bang phuong phéap thé :

1 yoxy 1
a Ex+y:1 b. 5 2 10
3x+2y=10 y x+y_1
2 5 5
Yy x—y=20
2 3
¢ 4 _ 9 d x—£:}+£
y+4 x+8 8 8

Bai 3. Giai phuong trinh sau bang phuong phép thé :
a. x—Z\E_v:\E b JX— y\/_ 0
Vx+y=1-+6 34+2y=1+3

{
S Nt ‘ {x:‘z;f -

Bai 4. Giai cac hé phuong trinh sau :

.1}[

(3-+5)x-3y=3+5V5
a. x+ \/_-1-1

dx+y=4-25
Bai 5. Giai cac hé phuong trinh sau :

. {4x3}.'+5(x}-')=1 N {3(x—7)—6(x—_\ﬂjr1) 0

2x—4(2y-1)=1

3x+by=5

Bai 6. Xac dinh giatricuaa, b dé hée phuong trinh :
ax+by=12

a. Conghiém (1;2) b. C6 nghiém (-2:2)
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Bai 7. Giai cac hé phuong trinh sau bing phuong phap dat an phu :

I 1 1 7 5
'y 3 TR
Xy Jx=1 y+2
i 1 1
x y 12 x-1 y+2 12
' o)
4 1 1 5 2 g
x+2y x-2y d x+y-3 x-y+1
“1 20 3 3 '
+ =1 + =3
x+2y x-2y x+y-3 x—-y+1

Bai 8. Cho hé phuong trinh : { 3% =2 =¢
15x—10y =5

a. Co vo so nghiém vot a =1
b. V& nghiém voi a # 1.

Bai 9. Giai cac phuong trinh sau bang phuong phéap cong dai s6

—Sx+y=10 4x-3y=-10

x+3y=-18 S 2x+5y =8

1 27 lx_ly=2
o 25500 R

9 15

—5)’=—? —x+y=18

Bai 10. Giai cac phuong trinh sau bang phuong phap cong dai s6 :

: I5x+8y =46
Sx+3y=19 X L0
. 2x+9y:31 ' X——y=—
57 5
3y —dy =10 Sx—4y=20
X — V=
c.{ v d41 1
—6x+8y=-17 —x——y=1
’ 4 5}
Bai 11. Giai phuong trinh sau bang phuong phap cong dai s6 :
g 20X +2)=3(x—y)=99 b, J2x+3y=21
X 3y=Tx-17 M x—4)+3(x+y-1)=14

{2(x+1)—5(y+1)8 4 1A= -206y+D)+5=0
3+ -2(y+ D) =1 C8(x—1)-53@y+1)=-9

34 Facebook: hitps://www.facebook. com/thayphamnguyen



Pham Nguyeén — PT: 0935555826

Bai 12. Giai hé phuong trinh sau bang phuong phap cong dai s6 :
(6=
x+(\/§+1)y =1
Bai 13. X4c dinh céac hé s a,b dé do thi ham so6 y=ax+b di qua hai diém M
va N trong moi truong hop sau :
a M(1;3) vaN (-2;2) b. M(-1:43) va N (2:13)
¢. M(0;0) vaN (3;3) d. M(-1;4) vaN (4;-1)
Bai 14. Xac dinh gia tr1 caa cac hé sd m, n sao cho :

2 — .
a. Hé phuong trinh {,x TMYy=n .4 nghiém lax=2;y=57?
mx+ny=>5

b. Hé phuong trinh r=y=m- conghiém lax=1,y=27
3x+2y-n=1

Bai 15. Giai cac hé phuong trinh sau bang phuong phap dat an phu :

101 27 32
:+\’+2:1 2_x—\,)+x+3v:7
T2 3 09T s
—t—=2 - =1
x=1 y+2 2x—y x+3y
« 2|x76|+3|y+1|:5 g 4‘x+y|+3|x—y|:8
|5l -6l-4]y+1]=1 3l -5[x -y =6

Bai 16*. Giai cac hé phuong trinh sau :

3x+y—z=1 x+3y+2z=8
a. {2x—y+2z=5 b. {2x+y+z=06
x—-2y-3z=0 3x+v+2z=06
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HUONG DAN GIAI

Bai 1. Giai cac phuong trinh sau bing phuong phap thé :

<A 2- 2y =— = 2 :_6
a. Bien do1 hé phuong trinh {fl —.;—46@{;(”;—6)—y 4

Vay, nghiém cua hé phuong trinh la [14 16].

A gRe 1A . x-3y=5 fx=3y+5
b. Bién do6i hé phuong trinh {2x—y—8©12(3y+5)—y -

- x=3y+5 - ;c=3y+5<::>
6y+10—y=-8 S5y=-18

Vay, nghiém cua hé phuong trinh la (_ 29 lssj

<A A . — V= =Yy 10
. Bién dbi hé ph hix—y=10 px=y=
¢. Bién do1 hé phuong trin {x+y—8 “1(y+10)+y=8

x=y+10 x=y+10 x=-1+10 x=9
Q{zyn():s@{zy:—z ly=—1 Tly=-1
Vay, nghiém cua hé phuong trinh 1a (9;-1)

Lz PO . 3_}(—)}:5 }’:3.X—5
d. Bién do1 hé phuong trinh {5x+2y:14©{5x+2(3x—5) 14
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24 24
X =— X=—
o y=3x-5 - y:3x—5c> 11 PN 11
5x+6x-10=14" |11x =24 y=3|2 s |,
T T
. o s a . (24 17
Vay, nghiém cua hé phuong trinh la (ﬁ’ﬁj

Bai 2. Giai cac phuong trinh sau bang phuong phéap thé :

1
1 y=—=x+1
a. Bién d6i hé phuong trinh Eery I |
3x+2y=10 3x+2[5x+1j:10

— 1 1 L 1 1 x=4 _4
3x-x+2=10 [2x=8 Y=o y=
Vay, nghiém cua hé phuong trinh 1a : (4;-1)
y x-y_1
NTe e ~1n 2y=5lx—-y)=1
b. Bién doi hé phuong trinh {5 2 10 07 (¥-)
y x+y 1 5}!—2(x+y):2
2 5 5
5 |
2y-5x+5y=1 —Sx+7Ty=1 y:;x+;
{5§;XQy=°©{2x+’%y':2© 5 1
) - - : Dx+3| —x+—1|=2
7 7
y_5x+l y=—x+
777 T T g7 x=11
< < 2SS
15 3 111 {y—S
2x+—x+=-=2 —x=—
7 7 7 7

Vay, nghiém cua hé phuong trinh 1a : ( 11; 8)
¢. Hé phuong trinh d3 cho c6 diéu kién la: x#-8; y#—4

X Y _g
Khi d6, bién déi hé phuong trinh 4

y+4 x+38

< 4(x+8)=9(y+4)

3x—2y=0
9
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2
3x-2y=0 {3x—2y:0 X==y
< ol S - 2= 3
{4(x+8)—9(y+4) 4x+32=9y+36 7|, oy

2 x==y ,\c:—E
=" 7T3Y oo 5 2= %g
4x-9y=4 4. =y |-9y=4 j= =
) 3 yo-i2

Vay, nghiém cia hé phuong trinh Ia :[—8; - lZJ .

d. Bién doi hé phuong trinh X X

x—y=20 _
<:>{)c—y+20
X——=y+—

8 = 8

x=y+20 x=y+20 x=y+20
©{SX—X—8)’+XQ{6X—8}’—O 6(}’+20)—8}’:0

x=y+20 x =80
< {—Ey — 120 {y ~ 60

Véy, nghiém cua hé phuong trinh 1a : (80; 60).

Bai 3. Giai phuong trinh sau bang phuong phap thé :
a. Bién d61 hé phuong trinh

{x 22y =13 {x—%ﬁyhﬁ

Vxry=1-46  |V2(2v2y+3)+y=1-16
1-2V6 | =
{x 2\/_y+\/_ {x 2\/_y+\/_ XZZ\E[ 5 }r\/:
4y+\/6+v—1 \/_ =1- 2\/_ 1—2\/6
y=
5
x_zﬁ['l%ﬁ}ﬁ 22412453
= > &> e 5
1-2V6 _1-2J6
YT YT
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2V2-343
5
<>
1-26
y:

5

5 5

2J§—3J§,1—2J€J

Vay, nghiém ciua hé phuong trinh 1a [

VR , J3y=0 x =3y
b. Bién do1 hé phuong trinh {\/_x+2y—1+\/_ ﬁ(\/_:ay)+2y=1+\/§

x-\f[”q IR

X = \/5} 5 5
Ly
3y+2y:1+\/§ ]Jr\/g 71+\/§
y="73 :
i 3
Vay, nghiém ciia hé phuong trinh Ia - (3 +5J_ ; +5\/§}

c. Bién dbi hé phuong trinh V2 \/_y =1 x= —\/gy-ir V2
P : {x+\fy \/_ \Ex—\/gyzl

x——\/_y+\/_ x:—\/§y+\/§
{«51’ Jsy=1 \E(—\B}W\E)—\Ey:l

NN =5y a2
2 Vo sy e 3) By =1 = |5 (1) =1

b f P [
o ( * 1) = y= \/5 -1
}? = 5
5 (\/5 +1)
Vay, nghiém cia phuong trinh 1a {l; \/5—5_1}
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d. Bién d6i hé phuong trinh {\/_x+\/_y 2 ﬁ(_\/gy+2)+\/§y:2
x+\/_y 2 x:_ﬁ}:+2

\/g(l—\/a)y=2(l \/_) :T y:i
= Sy \/—( o) ] Js
X =— __y Z I :O
\/g X
Vay, nghiém cua hé phuong trinh 13 (O; EJ

Bai 4. Giai cac hé phuong trinh sau :

(37\/§)x73y:3+5\/§

a. Bién doi hé phuong trinh
dx+y=4-25

QJ[(3—\/§)x—3(—4x+4—2\f§)3+5\/§
}-’:—4x+4—2\/g

Q{(lsﬂ/g)xﬂsﬂ/g @{le

y=—4x+4-245 y=-2V5

Vay, nghiém cua hé phuong trinh la : (1', —2\6) .

b {(\E—l)x_y\gﬁ{y(ﬁl)x\ﬁ
x (V)= x+(\E+l)|:(\/§_1)x_\Bi|:l

}’:(\/5—1),\‘—\/5 @{)«‘(\/5—1),\‘—«5
x+(\5+1)(\/§,1)x,(\5+1)\5:1 3x=4+43

y(@_l){dfz\/g]_ﬁ )}=4\E43+3\/§\f3
_4_1_\/5 < =4+\/§
3

3
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3

=3 4443 1
= 3

’:; n . B A 5 N
7 =.V h hé ph trinh 1a :
_4+\/§ dy, nghiém cua hé phuong trinh la

3
Bai 5. Giai cac hé phuong trinh sau :

4x—3y+5(x—y) =1

a. Bién d6i hé phuong trinh
*P g {2){4(2}'1):1

- 4x—3y+5(x—y) =1 <:>{4)c3y+5x5y=
2x-4(2y-1)=1 2x-8y+4=1

19| w2

2x—-8y=-3 -

—8y = 9l 4y—-=|-8y=1
{9x—8_\-’1 {Qx 8=l [ ’ ] g
< Rt 3 &

x=4y——

3
x=4y——
2

29
36}*—277—83&:1 283..:1+22—7 y:%
= _4-3 =3 » 3®x—4§_3
IR e 56 2
29
3 . 429
< 56 . Vay, nghiém cua hé phuong trinh la : }
o4 7°56
7

3(x—7)—6(x—y+]) 0

b. Bléﬂ d61 hé phuGHg trinh {4(x_])+2(x—2y+7)_: 0

@{3x—21—6x+6y—60 @{—3”6))27

4x—-4+2x—-4y+14=0 6x—4y=—10

x=2y-9 x=2y-9 x=2y-9
= o P

{6)64}? =-10 {6(2}«‘9)4}? =-10 8y =44

}.‘ =

x=2
& { 11. Vay, nghiém cia hé phuong trinh 1a : [2; lzlj
2
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3x+by=>5

Bai 6. Hé phuong trinh :
l *P 8 {ax +by=12

a. C6 nghiém (1:2) 6{3-1+b-2=5 ®{3+2b:5

al+b2=127 \a+b=12

342b=5 __ [2b=2 = b=1
@{a+b:12®{a+b:12©{a+1:12©{a:11
Vay, hésba=11;b=1.

b. Co nghiém (-2;2) < {3'(_2)+ b.2=5 PN {—6 +2b=5
a.

(—2)+b.2=12 2a+2b=12
11 11
2b =11 T Ly
—a+b=6 11 6 R
(,If?— 07—5
, 1 11
VéY, hé¢ s6 a= —E;b= ?

Bai 7.

Ay - 2 1 1
a. biéu kién: x#0;y#0 . Pat an phu: —=a; —=b
x

y
1 1 1 1
_—+——§ a+b=— b+— |+b=—
Khi do, hé phuong trinh T }l; l = 0’1 &
———=— a—-b=— —ha_—
Xy 12 B a=b+
SRR U T PO N P poL
. 3 124 4 o 8 P
1 1 1 5
a=b+— a=b+— =—+4— a=—
2 12 8 12 24
1
b:l —=3 24
Voiy 8 =y 8 S 1¥ET
5 1 5
a=— —_= y:8
24 x 24

o]
Vay, nghiém cua hé phuong trinh la : ['5—4, 8]
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A g ) 1 1
b. Diéu kién: x#1; y# -2 Dit an phu: —=a, ——=b
x—1 y+2
7 5
—x_l"'j—l Ta+5b=1
Khi do, h¢ phuong trinh % 777 ey 1
1y 12 12
1
Ta+5bh=1 7[b+J+5b=1 12b:i bzi
- | e 12 - 12 o) 144
TPE = ar:bJri a—i
12 |a=bt3 12 144
1 5
b i Pt e
V,. y h .
i 7 7V o T 144 ) 144
a=— - = x—1=— x=——+1
144 x—1 144 17 17
134
y= 5 )
<:> o A A
161 (thoa diéu kién).
x=—"
17
Vay, nghiém ctuia hé phuong trinh 1a :[116—71; %J
- 2 1
c. Diéu kién : x =12y Dit an phu: =a, =b
x+2y x—2y
4 1,
S 4 1A . x+2y x—2y_ da-b=1
¥ L
Khi d6, hé phuong trinh 20 ) 3 » {20a+3b:1
x+2y x-2y
1
b=4a-1 b=4a-1__ %73
T 20a+3(4a-1)=17 [32a=4 7|, _ 1
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44

1 1 1

R 2y 8 +2y=8 x=3 SO
Voi 8 &t e TTYEO o 5 (thoa diéu kién)
A Tt I BN R VIS e
2 x-2y 2
. ) x=3
Két luan, vay hé phuong trinh ¢6 nghiém la 5
y=5
A - : 1 1
d. D1éu kién : x+yis.£)été.nphu: =a =b
x—y=#l1 x+y-3 x—-y+1
5 2 14
3 =% fsacab-s |97
PO . X+y-3 x-y+ —2b=
/ / = =
Khi do, hé phuong trinh 3 ' {,,,CH_ bo3 9
+ =3 b=——
x+y-3 x-y+l1 11
14 14 11 53
19T x+y-3 11 x+y73=ﬁ x+y=ﬁ
Vot
0o 7 1 9 < 1< 19
bh=—-—" =— _x—y+1=—— X—y=——
11 x—y+1 11 9 9
211
o5
<:> —
743
252
211
xzi
Vay, nghiém cua hé phuong trinh la : %2%
T

‘e n \ 3x—-2v=a
Bai 8. Cho hé ph g trinh : /
ai o h¢ phuong trin {ISxIOy:S

a. VGia:l,tacé:{3x_2y_1 {3"5—2}’—1

156 -10y=5 " |3x-2y=1

Hé phuong trinh véi a = 1 1a hé gdm hai phuong trinh giéng nhau (hai duong

thdang trung nhau) nén ching c6 vo s6 nghiém.
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xel/
Nghiém tong quat ctia hé phuong trinh 1a: ¢ 3 . 1
2 2

Céch 2 : Ta c6 thé nhin nhanh s6 nghiém cta hé phuong trinh khi 1ap ti s cac

hé so cua hai duong thang :

Vi E = _—2 = 1 nén hé phuong trinh c6 v6 sb6 nghiém.
5 —-10 5

3x—2y=a

b. V& 1. Ta ¢6 hé phuong trinh :
la# acohep ng trin {ISxIOy:S

3 2 a :
Vi a #1 nén P # 3 Do d6, hé phuong trinh vo nghiém.
Bai 9. Giai cac phuong trinh sau bang phuong phap céng dai s :

a. Bién d6i hé phuong trinh {

16x=-48 x=-3
D{x+3y:—18®{y:—5'

Vay, nghiém cua hé phuong trinh la (=3;-5).

—5;c+y:10<:> —15x+3y =30
x+3y=-18 x+3y=-18

b. Bién ddi hé phuong trinh {;

13y=26 y=2
L L
{2x+5y8 {x—l

Vay, nghiém cua hé phuong trinh la (2;—1)

x-3y=-10 _ [4x-3y=-10
x+5y=8 4x+10y =16

—lx+9y—2
c. Bién dbi hé phuong trinh ¢ 2 57 10 ~5x+12y =27
* P g 9 5 < -0y 13

Sx+12y=27 —10x+24y =54
= =
{23:9)::15 {10):45}1:75

Facebook: hitps://www.facebook.com/thayphamnguyen 45



Pham Nguyén — DT: 0935555826

21ly=-21 y=1
& <
{2)6—9)«':—15 {x:—i%

Vay, nghiém ctia hé phuong trinh 1a (-3;1).

1 1 4
_x——y:2 Ex—y:S

d. Bién dbi hé phuong trinh 3 4 -
2 _ 2
§x+y=18 —x+y=18

Bai 10. Giai cac phuong trinh sau bang phuong phap cong dai sé :

G o [5x+3y=19 _ [10x+6y=38
. Bién d61 hé phuong trinh
& e CoTe pRens {2x+9y=3l<:>{10x+45y:155

39y =117 v=3 x=2
<:’{sx+3y:19<:’{5x+9:19@{;»:3

Vdy, nghiém cua hé phuong trinh 13 (2;3)

| ISx+8y=46 15 gy _46
b. Bién doi hé phuong trinh 3 4 @{ ) y=
X——y=— Sx-3y=4
5 5
- 15x,+8y:46<:> 17y =34 o y=2 o x=2
15x-9y=12"" |5x-3y=4 " |5x-6=4"" |y=2
Vay, nghiém cia hé phuong trinh la (2;2)
4y = _ . 3 4 10
¢. Hé phuong trinh 3x—4y=10 co ti l¢é gitta cac hé s6 la: — =—# —
6x+8y =17 6 8 -17

dang [i = bﬁ # i’j nén hé phuong trinh vé nghiém.
a C
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Sx—4vy=20
: . 5 -4 20
d. Hé phuong trinh < 1 B 1y _q co ti 1€ gitra cac hé so la: TN T
3 o)
a b ¢ . .. . LA A n
dang | — = PXl nén hé phuong trinh ¢6 vo sd nghiém.
a c
xel] yel
V61 nghiém tong quat cua phuong trinh la: 5 hodc 4
y=—x-5 x=—vy+4
Bai 11. Giai phuong trinh sau bang phuong phap cong dai s6 :
a. Bién ddi hé phuong trinh (x+2y) ~3(x—~y) =99
x=3y=Tx-17
Sx+10y—-3x+3y=99 o 2x+13y=99
6x+3y=17 6x+3y=17
y:l_ o 19
" ) = ;=2 EET)
{gl+§?z—1397¢3{26} ’;Ef—ol'?‘t:> ’ 0) 1 200
Xroy= Xry= 6x+3f§}:17 =1

Vay, nghiém cua hé phuong trinh 1a : (—]— —

2x+3y =21

b. Bién doi hé phuong trinh
ten dot he phuong trn {7(x—4)+3(x+y—1)—14

2x+3y =21 o [2x 3y =21
Tx—-28+3x+3y-3=14 " |10x+3y =45

- Bx=24 o x=3 P x=3
3y=21-2x 3y=21-6 v=3

Vay, nghiém ctia hé phuong trinh 1a : (3;5).
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2(x+1)-5(y+1)=8

c. Bién d61 hé phuong trinh .
Ax+D) -2y +1)=1

2x+2-5y-5=8 2x-5y=11
= <= -
{3x+3—2y—2:l {3,\:—2}':0

6x—15y=33 Ily=-33
<~ Ll -
{6x -4y=0 {3x—2y =0

oY= -3 o JX= -2
3x=2y y=-3
Viy, nghiém cua hé phuong trinh 13 (-2;-3)

*( Nhiing bai kha don gian nhuw thé nay ching ta khéng nén ddt dn phu, boi sé
tao ra nhiéu buwdc thwe hién dé hoan thanh bai toan. Cach tot nhdt la khai
trién, roi lam gon hé phirong trinh da cho. Sau do, gidi theo phwong phap thdy

dda néu.)

4(x-1)-2@y+1)+5=0

.B.A f"\'hf\ h 3 h
d. Bién doi hé phuong trin {8(x—1)—5(3}’+1)=—9

o 4x—4—6y—2+5=0(<::> 4x—-6y=1
8x—-8-15y-5=-9 8x—15y=4

— )y =7 = —
{&c 12y H®{3y 2

8x—15y=4 4x =6y+1

2 3

y:—; .\4:_;

<~ " P g
4X—6[—]+1 V==

3 3

Vay, nghiém cta hé phuong trinh 1a : [—2;—2}
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Bai 12. Giai hé phuong trinh sau bang phuong phap cong dai s6

(\6—1)x—y=\@

Bién do6i hé phuong trinh
7 X+ (\/g + l)y =1

(\/?_a—l)x—y=\/§ (\/g—l)x—y=\/§
3_

1 S
}’_—g Y 3
=S x_y+\6©< 1A
_ .
V3-1 3_1
_ 1
Y773

AN _(\5—1)(3+ 3+1):4+\/§
3(\51) 3(\/5'1) 3

=
Il
I

~ > A

Vay nghiém cua hé phuong trinh 1a : {
J J

4++3 1}

Bai 13. Xéc dinh cac hé s a, b dé d6 thi ham sé y =ax+b di qua hai diém M

va N trong moi truong hop sau
a. Ham s y=ax+b di qua hai diem M(1;3) vaN (-2;2) :
Piém M (1;3)thu6c dd thi ham sd nén ta ¢ phuong trinh : 3=a+b (1)

biém N (-2;2)thudc d6 thi ham s0 nén ta c6 phuong trinh : 2=-2a+5b (2)
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3=a+b

1
Suy ra : a, b 1a nghiém cta hé phuong trinh {2 g b 83
3

1 8
Vay, a=—; va b=—.
3 3

b. Ham s6 y=ax+b di qua hai diém M(—l;\@) vaN (2;\@):
Diém M (—1;\@) thudc dd thi ham sb nén ta c6 phwong trinh : V3=-a+b (1)

Diém N (Z;ﬁ)thuéc dd thi ham sb nén ta c6 phuong trinh 3=2a+b (2)

. J3=—a+b a=0
Suy ra: a, b 1a nghiém cua hé phuong trinh o
y a, ghie e P g {ﬁ:2a+b b=3

c. Ham s6 y =ax+b di qua hai diém M(0,0) vaN (3;3) :
Diém M (0;0) thude dd thi ham sé nénta c6: b=0 (1)

biém N (3;3)thudc do thi ham s6 nén ta c6 phuong trinh : 3=3a+b (2)

, . A 4a . h=0 a=1
Suy ra: a, b 1a nghiém cia hé phuong trinh {3—3a+bc>{b—0
A ya=1
Vay’{b:()

d. Ham s6 y =ax+b di qua hai diem M(-1;4) vaN (4;-1):
biem M (-1;4) thudc d6 thi ham sé nénta co: 4 =—a+b (1)
biém N (4;-1) thudc d6 thi ham so nén ta c6 phuong trinh : —1=4a+b (2)

4=—a+b o =-1
—1=4a+b " |b=3

Suy ra : a, b la nghiém cta hé phuong trinh {
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.~ Ja=-1
Vay. {b=3

Bai 14. Xac dinh gia tr1 cua cac hé s6 m, n sao cho :

2x+my=n

conghiémlax=2;y=5
mx+ny=>5

a. Hé phuong trinh {

Thay gia tr1 x = 2; y = 5 vao hé phuong trinh, ta c6 hé :

5
m=——

{4+5m=n {5m—n=—4 9

2m+5n=5" \2m+5n=5 "] 11

9

. 5 11 .
Vay, vo1 m = 9 va n :3 thi hé phuong trinh da cho co6 nghiém x=2;y=S5.

b. Hé phuong trinh <X~ Y =" conghiémlax=1,y=2
3x+2y—-n=1

Thay gia tr1 x = 1; y = 2 vao hé phuong trinh, ta c6 hé :

xX—y=m - 1-2=m PN m=-—1

3x+2y—-n=1 3+4—-n=1 n=06
Vay, vé1 m = —1va n = 6 thi hé phuong trinh da cho cé nghiém x= 1,y =2.
Bai 15. Giai cac hé phuong trinh sau bang phuong phap dit an phu :

10 1
—+

s ] - 1
a. Hé phurong trinh ’“2;1 y ; 2 Codibukien x# Ly =2
x—1 v+2

Vo1 x thoa diéu kién.

! 3 b= L, ta ¢co hé phuong trinh moi

Déténphu: a=
x—1 y+2
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0 1
_t— =1
-1 y+2 0 10a+b=1
25 3 25a+3b="2
+—=2
x-1 y+2
30a+3b=3 _ [Sa=1 a-t
25a+3b=2"" |10a+b=1 5
b=-1
11
, _ — =
Tur két qua a_g,suyra: xIl S
b=—1 =1
y+2

= {;;;‘:51 o {f _ f3 (thoa diéu kién)

Vay, nghiém cua hé phuong trinh la (6;,-3)

27 . 32 _9
A . 2x—y x+3y7 coaa oA )2x—=y#0
b. Hé phuong trinh 45 8 1 co diéu kién {x+3y¢0
2x—-y x+3y
Véi x thoa diéu kién.
bit 4n phu: a= b= ! , ta c6 hé phuong trinh mao :
2x—y x+3y
27 32
+ :7 a:l
2x—y x+3y o 27a+32b=17 o 9
45 48 T |4sa-48b=-1") 1
2x—-y x+3y 8
1 1
; “=9 2x—y 9
Tur két qua 9 suyra: >
1 1 1
h=— -
8 x+3y 8
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:>{ii;¥:§¢¢{§jf(ﬂmédﬁuk@n)

Vay, nghiém cia hé phuong trinh la (5;1)

- 2|x—6|+3|}’+1|:5_f)ata=|x—6l;b=|y+1|
ﬂx—d—4h+”:1

Tacéhéphuongtﬁnh:{

2x—6l+3y+1|=5 _ [2a+3b=5 __ [a=1
5l—6l-4ly+1|=1 7 |5a-4b=1 " |b=1

{x‘6‘1 )

y+1=1
{x 6——
y+1=—

=

y+1]= x—6=1
y+l=-1
x—6=-1
L ly+l=1

Vay, hé phuong trinh ¢6 cac nghiém la : (7;0) ; (5:-2):(7;-2);(5:0)

-l

4% 4lx+y|+3[x—y|=8 Pata=
3| +y[-5x-y|=6

Ta c6 hé phuong trinh {4|x+y|+3|x—y|_8@{4a+3b_8©{a_2

3l +y]-5lx—y|= 3a-5b=6
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{x+y=2 )
Véi azz,suyra: ‘x+y|=2<:> x-y=0
b=0 ‘x—ﬂ:O x+y=-2

B (2)
x—y=0

Giai(l){"”’:2 @{“1
x—-y=0 =

Giai(z){“}"‘z@{x—‘l
x-y=0 =

Vay, hé phuong trinh ¢6 cac nghiém la : (1;1) ; (-1,-1)

Bai 16*. Giai cac hé phuong trinh sau :

3x+y—z=1 z=3x+y—-1
a 12x—-yv+2z=5¢< 2x—y+2(3x+y—1):5
x=2y=32=0 1x—2y-3(3x+y-1)=0
z=3x+y-1 z=3x+y—1 z=3x+y—-1
S2x—y+6x+2y-2=58x+y=7 &q-4y=4
x=2y-9x-3y+3=0 —8x—-5y=-3 Bx+y=7
z=3x+y-1 7=3x+y-1 z=1
P y:—] &> y:—] &S J,:—]
8x—-1=7 x=1 x=1

Vay, nghiém cua hé phuong trinh la : (l;—l;l)

x+3y42z28 (X +3y+2(Bx—y+6)=8
b.12x+y+z=6 < 2x+y+(—3x—y+6):6
3x+y+2=6  |z=3x-y+6

x+3y+2(3x-y+6)=8  (yi3y_6x_2y+12=8
= 2x+y+(—3x—y+6):6 <2x+y-3x—-y+6=060
z=-3x—-y+6 1=-3x-y+6
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Sx+y=—4 y=—4
<4—x=0 <x=0
z=-3x—y+6 z=10

Vay nghiém cta hé phuong trinh la: (0,—4;10).

IV. GIAI TOAN BANG CACH LAP HE PHUONG TRINH BAC NHAT
HAI AN

1. Kién thiec trong tdm

+ Buwéce 1: Lap hé phuong trinh:
+ Chon én, don vi cho 4n va dit diéu kién thich hop cho chung.

+ Biéu dién cac dai luong chua biét trong bai toan theo an

(chi y don vi)

+ Dua vao cac dir kién, diéu kién cua bai toan dé lap hé phuong

trinh.
+ Buwérce 2: Giai hé phuong trinh.

+ Bwéde 3: Nhan dinh, so sanh két qua nghiém cta hé phuong trinh voi
diéu kién bai toan. Két ludn, tra 101, néu rd don vi cua dap so.

2. Cac dang toan

a. Dang 1. Bai toan Chuyén dong

+ Dua vao cac dai luong: quing duong (s), van te (v), va thoi gian (t)

cua vat trong cong thire: S=V.T ; V =§ = E;
T Vv

+ Chu y xem vét chuyén dong cung chiéu, nguoc chiéu, hay chuyén dong

xudi nguoe, xuat phat trude hay xuat phat sau, co thay doi van toc trén

duong di hay khéng. ..

+ Cén chon méc thoi gian, chon chiéu duong cua chuyén dong.

+ Duya vao nguyén ly cong vén toc;

Vi du khi giai bai toan chuyén dong cta thuyén trén séng, dap xe nguoc

2106, xud1 gi6. Khi do ta co:

qudi dong — Vdc‘mg mréc VthL.rc va Vngquc dong — Vthuc - Vdéng mrée
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Vi du minh hoa 1: Mot chiéc xe tai di tir Tp H6 Chi Minh dén Tp Can Tho,

biét quang duong dai 189 km. Sau khi xe tai xuat phat dugc mot gio, mot chiée

xe khach d titr Tp Can Tho vé Tp H6 Chi Minh va gip xe tai sau khi no di

duoc 1 gio 48 phut. Tinh van toc moi xe, biét ring mdi gid xe khach di nhanh

hon xe tai 13 km.
Huéng dan giai :
Phén tich dé:
e N L _9
D61 don vi: 1 gio 48 phat = 3 gid.

So d6 hoa théng tin bai toan:

189 km
A
s ™
— —>
Tp HO Ch\i Minh Dié’m)gé\p nhau Tp Can Tho
a Y~
9 14 9 .
Ti=l+s=7 gio Ty=5 g
V (km/h) T (h) S (km)
14
Xe tai X 1+ 2 = 4 ?x
5 5
, 9 2y
Xe khach y s 5
14 9
Quan hé y=x+13 ?x+§y:189

Giai:
Goi x (km/h) 1a vén téc cia xe tai (x > 0 )

Goi y (km/h) 1a van téc ctia xe khach (y >13)
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. 14 .
Thot gian xe tai di tu lac khot hanh dén luc gdp nhau la: 1+ % = 35 [ate}
< X - T SR 14
Quang duong xe tai di duoc tir luc khot hanh dén lue gap nhau la: ?x (km)
N - N1 A , A ’ - \ 9 a
Thot gian xe khach di tir lie xuat phat dén lac gap nhau la : 3 210

. . . 9
Quang duong xe khach di tir luc xuat phat dén ltc gap nhau la: 5 v

_ 14 9 L2189 14 9  —189
Theo bai ra, ta c6 hé phuong trinh: § 5 ¥ T3V =167 o 1 X T2V =

v=x+13 x—y=-13

Gia1 hé phuong trinh ta dugc nghiém la x =36 (thoa man diéu kién
9

KL: Van tdc cia xe tai la : 36 (km/h)
Van tbc cia xe khach 1a : 49 (km/h).

Vi du minh hoa 2: M6t 6 t6 di tir A va du dinh dén B luc 12 gio trua. Néu xe
chay véi van tdc 35 km/h thi s& dén B cham 2 210 so vo1 du dinh. Néu xe chay
voi van tde 50 km/h thi s& dén B som 1 210 so vo1 du dinh. Tinh d6 dai quang

duong AB va thoi diém xuat phat cua 6 t6 tai A.

Hiréng dan giai :
Phan tich dé: Trong dé nay, ching ta can cht y dén cau hoi tinh d dai quang
duong va thoi gian di (thoi diém xuét phat). Do do, ta s& dit an la hai dai luong
nay.
Dua vao mdi tuong quan van toc, thoi gian di, ta s& suy ra cac phuong trinh cn

tim.

Bang phan tich tom tat:
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v
T (h) S (km)
(km/h)
Du dinh X y
Néu xe chay cham 35 x+2 35(x+2)
Néu xe chay nhanh 50 x—1 50(x— ])

Giai:

Goty (km) la d6 dai quang duong AB (y > 0)

Goi x (h) 1a thoi gian di tir A dén B theo du dinh (x > 1)

Néu xe chay vo1 van tdc 35 (km/h), thi sé dén B cham 2 €10 so vo1 du dinh

nén ta cé phuong trinh: 35(x+2) =y (1)

Néu xe chay v&i van toc 50 (km/h), thi sé dén B som 1 gior so v6i du dinh
nén ta c6 phuong trinh: SO(x—l) =y (2)

Tur (1) va (2), ta c6 hé phuong trinh:

35(x+2)=}’ 35x+70=y y—35x=70
L =
50(x—1)=y ~ |50x-50=y  |y-50x=-50

y =350

Giai hé phuong trinh ta dugc nghiém la { (thoa man diéu kién)

KL: Quang duong AB dai : 350 (km)

Thoi diém 6 t6 xuét phat tai A la: 12 — 8 =4 gid sang.
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BAI TAP TU LUYEN

Dang chuyén dong ngwoc chiéu

Bai 1: Hai nguoi ¢ hai dia diém A va B cach nhau 3,6km khd1 hanh cung mét
lae, di nguoe chiéu nhau va gap nhau & mét diém cach A la 2km. Néu ca hai
cing gitt nguyén vén téc nhu truong hop trén, nhung nguoi di cham hon xuét
phat truede nguon kia 6 phut thi ho s€ gap nhau ¢ chinh gitta quang duong. Tinh

van toc cua mol xe.

Bai 2: Bac Tai di xe dap tir thi xa vé lang, c6 ba Ngan ciing di xe dap nhung tir
lang 1én th1 xa. Ho gdp nhau khi bac Tai da di dugc 1h 30 phut, con ¢6 ba Ngan
da di duoc 2 gio. Mot lan khac, hai nguot cling di tr hai dia diém nhu thé
nhung ho khoi hanh déng thoi; sau 1 gio 15 phat ho con cach nhau 10,5km.

Tinh van tdc cia mdi nguoi, biét khoang cach tir lang dén thi xa 1a 38km.

Bai 3: Quang dudong AB gdm mét doan 1én doc dai 4km, doan xudng doc dai
Skm. Mbt nguoi di xe dap tir A dén B mét 40 phut va di tir B vé A mat 41 phut.
Biét van tdc 1én dbc va xubng dbc 1a khdng ddi. Tinh vén toc lic 1én dbe va

van toc luc xuong doc.

Bai 4: Hai xe khdi hanh cung mét Iac tir hai dia diém A, B cach nhau 130km
va gip nhau sau 2 gio. Tinh vén toc cia mdi xe, biét xe di tir B ¢o véan toc

nhanh hon xe di tir A 1a 5 km/h.

Dang chuyén ddng cing chiéu

Bai 5: Mot 6 t6 di quang duong AB voi van toe SOkm/h, roi di tiép quing
duong BC véi van toc 45km/h. Biét tong chiéu dai quing duong AB va BC la
165km va thot gian 6 t6 di quang duong AB it hon thot gian 6 t6 di quang
duong BC 1a 30 phat. Tinh thot gian 6 t6 di trén quéang duong AB va BC.
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Dang chuyén dong cung chiéu va ngwoc chiéu

Bai 6: Hai vat chuyén dong trén mot duong tron dudng kinh 20cm, xuét phat
cung mét luc, tir mot diém. Néu chuyén dong cung chiéu thi cir 20 gidy chung
lai gap nhau 1 lan. Néu chuyén dong nguoc chiéu thi cir 4 gidy ching lai gap

nhau. Tinh van to¢ cua mo1 vat.

Bai 7: Ga Hué cach ga Quang Tri 65km. Mot chiéc xe tai di tir Quang Tri vao
Hué, va mot chiée xe khach di tir Hué ra Quang Tri. Biét xe khach khéi hanh
sau xe tai 36 phut va sau khi di duoc 24 phat thi chung gip nhau. Néu hai xe
khéi hanh dong thoi va cing di Ha Noi (di cung chiéu) thi sau 13 gio hai xe

gap nhau. Tinh van tdc ciia moi Xe, biét xe khach di nhanh hon xe tai.

Bai 8: Mot ca nd xudi dong mot quang song dai 12km rdi nguoc dong quing
song d6 mat 2 gior 30 phut. Néu ciing trén quéng sdng 4y, ca nd xudi dong 4km
roi nguoc dong 8km thi hét 1 gio 20 phat. Tinh vén tc cia ca nd va van tdc

riéng cua dong nudc.
Dang toan thay doi van tdc trén dwong di

Bai 9: Mot nguoi di xe dap tr A dén B vai thot gian dinh san. Khi con cach B
30km, nguoi do nhéan thay rang sé dén B mudn nira gio néu gilt nguyén van
téc. Do d6, ngudi dy ting van toc thém Skm/h va dén B sém hon nira gior so

voi du dinh. Tinh van tdc lc dau cia nguo1 do.
Bai 10: Mot 6 td di tir A dén B voi van tdc xac dinh. Néu van toc taing thém
30km/h thi thoi gian giam duogc 1 gio. Néu vén toc giam 15km/h thi thoi gian

tang thém 1 gio. Tinh van toc cua 6to.
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HUONG DAN GIAI
Bai 1: Phén tich dé:
- . . 1 .
Po1 don vi: 6 phut = — gio.
10
Khi khaot hanh cung lae:
3,6 km
AL -
' —
— 0 =X .
A 2 km c 1,6 km
N AN J
YT L '
T, gi(‘)f biéem gap nhau T, giﬁr
Khi nguoi di cham hon (B) xuét phat trude:
3,6 km
A
4 X —> «—y D
[ | - e
A " C Y Y
T, gid T gid 1/10 gier
Diém gap nhau
_ 1,8 km AN 1,8 km Y,
~" ~
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Bang phan tich tom tat:
Quang duong di khi
Quéng dudng di khi khoi hanh khac
\Y% khot hanh cung luc
1
(km/h) T,=T, nhau T;. o T,
(km) (km)
Nguon xuat . 5 1.8
phat tir A
Nguot xuat y 16 1.8
phét tir B
) > 16 18 1 18
Quan hé Ty x 10y
Giai:

Goi x (km/h) la van toc cua nguoi ditir A (x > 0)
Goi y (km/h) 1a van téc cia ngudi di tr B (y > 0)

Khi hai ngudi xuat phat cung lic, gip nhau tai dia diém cach A 2km, ta co:

Thot gian nguot A di tur luc 2 nguot xuat phat dén khi gap nhau la : — gio
X

. : : . ‘ : 1,6 .
Thot gian nguot B di tir lac 2 nguot xuat phat dén khi gap nhau la : — gio
y
e . P R , . 2 1,6
Vi thot gian hai ngudi di 1a nhu nhau nén ta c6 phuong trinh: = = (1)
Xy

Vi xuat phat cung luc, nhung ngudi B di quang duong ngén hon nén suy ra van

toc ciaBnho hon A: x > y.

, . | _ . .
Khi nguot di tor B xuat phat trude 6 phut = 10 210, thi hai nguo1 gap nhau tai

diém chinh gitra quang duong cach A va B 1,8km, ta co:
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Thoi gian nguoi B di tir lac B xuét phat dén khi gip nhau la : L3 210
}P

L8

Thoi gian nguoi A di tir luc A xuét phat dén khi gap nhau la : 210

x
£ , . f A , . L8 1 1,8
Do B xuat phat trude 6 phut nén ta c6 phuong trinh: =—+ 0" o (2)
X y

_L6 216,

2
X v Xy
=
'1,8+1 1,8 L8 18 1
x 10y X oy 10

Tu (1) va (2), ta c6 hé phuong trinh:

Gia1 hé phuong trinh ta dugc nghiém la {x - 2’5 (thoa man diéu kién)
}) = N

KL: Van toc cia ngudi xuat phat tir A 1a : 4,5 (km/h)

Van téc ciia nguoi xudt phat tir B 1a : 3,6 (km/h).

\ 5
Bai 2: D61 1 gio 15 phat = Z gl0.

Goi x (km/h) 1a van tdc ctia bac Tai (x> 0)
Goi y (km/h) la van téc cua ¢d Ba Ngan (y > 0)
Lan tha nhét;
Quang duong bac Tai di1 duoc la: 1,5x (km)
Quang duong c6 Ba Ngan di duoc la: 2y (km)
Hai ngudi gip nhau, nén téng quing duong hai nguoi di dugc bang do
dai quang duong tir lang dén thi x4, ta c6:1,5x +2y =38 (1)
Lan thir hai:

5
Quang duong bac Tai di duoc la Zx (km)
~ . ~ N .5
Quing duong co Ba Ngan di duoc la : Zy (km)
Hai nguoit sau khi di duge 1 gio 15 phut thi con cach nhau 10,5 km nén

5 5
ta cO phuong trinh: Zx+zy+10,5 =38 (2)
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1,5x+2y =38

\ ;  ha inh: {5 ¢
Tu (1) va (2), ta c6 hé phuong trinh: Zx+%y+10,5=38

Giai hé phuong trinh ta duoc nghiém la {" - ié (thoa man diéu kién)
KL: Van toc ciia bac Tai la : 12 (km/h)
Van tbc ctia ¢d Ba Ngan la : 10 (km/h).

Bai 3:

4 km 5 km

Dbi: 40 phut = 40 gio, va 41 phut = H gid.
60 60
Goi x (km/h) la van toc 1én dbc cia xe (x > 0)
Goi y (km/h) la van téc xudng dbc cia xe (y >0)
Khi di tir A d@én B: doan 1én ddc dai 4 km, xuéng dbc dai 5 km.

) 4
Thot gian di doan 1én doc la : — gio
X

Thoi gian di doan xudng doc la : — gio

< |

Tong thoi gian di tir A dén B 1a 40 phut, ta co: i+£ = % (1)
Xy

Khi di tir B vé A: doan lén ddc dai 5 km, xuéng dbc dai 4 km.

Y ‘ 5 .
Thot gian di doan 1én doc la : — gio
X

. . ‘ ‘ 4 .
Thot gian di doan xudng doc la : — gio
Y

: . . \ 5 4 41
Tong thot gian di tor B vé A la 41 phut, ta co:—+— = 0 (2)
Xy
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Tur (1) va (2), ta c6 hé phuong trinh:

X =12 (hoa man didu kién)
y=15

KL: Van tdc cia xe khi 1én déc 1a : 12 (km/h)
Van tdc cua xe khi xudng dbc la : 15 (km/h).

Giai hé phuong trinh ta dugc nghiém la {

Bai 4:
Goi x (km/h) 1a van téc cia xe khdi hanh tir A (x > 0)
Goi y (km/h) la van téc cua xe khoihanh tir B (y > 3)
Hai xe khot hanh cung lue, sau 2 gio thi gép nhau nén :
Quang duong xe di tir A di duge 1a : 2x (km)
Quang duong xe di tur A di duoc 1a : 2y (km)
Hai xe gap nhau nén téng do dai quing duong hai xe di duoc bing
130km, ta c6:2x+2y =130 (1)
Xe di tir B ¢6 van toc nhanh hon xe di tir A 1a Skm/h, suy ra: y=x+5 (2)

2x+2y =130

Tur (1) va (2), ta ¢ hé phuong trinh: {y = x+5

x=35

o, (thod man diéu kién)
y=:

Giai hé phuong trinh ta dugc nghiém la {

KL: Van toc cua xe di tir A 1a : 35 (km/h)
Van tdc cua xe di tir B 1a : 30 (km/h).

Dang chuyén ddng cing chiéu

Bai 5:

Got x (h) la thot gian 6 t6 di quang duong AB (x > 0)
Goi y (h) la thot gian 6 t6 di1 quang duong BC (y > 0)
Quang duong AB ¢6 dé dai : 50x (km)
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Quang duong BC co do dai : 45y (km)
Theo dé bai, ta co tong quang duong AB va BC dai 165 km, nén ta co phuong
trinh :50x+45y =165 (1)

Thot gian 6 t6 di quang duong AB it hon thot gian 6 t6 di quang duong BC la

1
30 phut, ta co: x+§ =y (2)

50x+45y =165
Tu (1) va (2), ta c6 hé phuong trinh: ot 1 y
2
5

A . Cx =1,
Giai hé phuong trinh ta duoc: { s

KL: Thoi gian dé 6 t6 di hét quang duong AB 1a : 1,5 gio
Thoi gian dé 6 t6 di hét quang duong BC la : 2 gio

Dang chuyén djng ciing chiéu va ngugc chiéu
Bai 6: Phan tich dé:

- Néu hai vét xuat phat cung mét luc, tir cung mot diém, chuyén dong cung
chiéu v&i quy dao tron thi khi hai vt gdp nhau thi quing duong di duoc cua
vat chuyén dong nhanh hon s& nhiéu hon quang duong di dugc cia vat kia
diung 1 vong.

- Néu hai vat chuyén dong nguoc chiéu, xuit phat cung lic tir cing mat diém,
v6i quy dao chuyén dong la quy dao tron khi chung gip nhau thi tong quéng

duong cua ching la ding 1 vong,
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Bang thong tin:
Quing duong di Quang duong di
Van tdc dugc khi chuyén | duoc khi chuyén
dong cung chiéu dong nguoc chiéu
X (m/s)
Vat 1 20x (cm) 4x (cm)
(X >y > O)
Vat 2 y (m/s) 20y (cm) 4y (cm)
Phuong trinh 20x —20y =Chu vi Ax+4y=Chu vi
Loi giai :

Goi x (m/s) la van toc cua vat chay nhanh hon (x>y>0)
Goi y (m/s) 1a van tbc cua vét chay chdm hon (y > 0)
Chu vi cua quy dao tron, c6 duong kinh la 20cm la: ¢ =207 (cm)
Khi hai vat chay cung chiéu:
Tinh theo chu ki 20 gidy thi chung gép nhau:
Vit thir nhat di duge: 20x (cm), vat thir hai di duoc 20y (cm) thi ching
lai gap nhau. Do do, ta ¢6 phuong trinh: 20x—20y =20z (1)
Khi hai vét chay nguoc chiéu:
Tinh theo chu ki 4 gidy thi ching gap nhau:
Vit thu nhat di duoc: 4x (cm), vat tha hai di dugce 4y (cm) thi ching lai

gdp nhau. Do do, ta c6 phuong trinh: 4x+4y =207 (2)

20x —20y =207

Tu (1) va (2), ta co hé phuong trinh: {4x L4y =207

x=37

Giai hé phuong trinh ta dugc: {y o

KL: Vén tdc cua vat tharnhét 1a: 37 (cm/s)

Van tc cia vat thir hai 1a: 2z (cm/s)
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Bai 7:
Phin tich dé:

z- : L2
D61 don vi: 24 phut = 3 [sitel

Khi hai xe d1 nguoce chiéu, duge mo ta bang so do :

65 km
- - ~
Xekhéch x—) (_y etél
| — ‘
Hué Diém gdp nhau Quang Tri
‘. AL /
24 phit (36 + 24) phit

Khi hai xe d1 cung chiéu:

65 km 13 gi¢
A A
e ™ 3. ™
Xe khach'y —» Xetai y —»
[ [ | [ |
Hué Quang Tri Diém g&p nhau
‘ /
Y
13 gidy

Giai:

Goi x (km/h) la van téc cua xe khach (x>y >0)

Goi vy (km/h) 1a van tdc cua xe tai

* Khi hai xe di nguoc chiéu:
Thoi gian ké tir luc xuét phat dén lic gap nhau cua xe tai 1a 1 gio, nén
quang duong xe tai di duoc la: y (km)
Thoi gian ké tir lac xudt phat dén luc gap nhau cua xe khach 1a 24 phut

2 . . 2
b 210, nén quang duong xe khach di duoc la: gx (km)

Vi hai xe di nguoc chiéu, nén tong dé dai quing duong ding bang do dai

quing duong tr Hué di Quéang Tri la 65 km. Nén ta c6 phuong trinh:

%x+y—65 (1)
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* Khi hai xe di cung chiéu:
Thoi gian ké tir lac xuat phat dén luc gip nhau cua xe tai la 13 gio, nén
quang duong xe tai di duoce la: 13y (km)
Thoi gian ké tir luc xuat phat dén luc gip nhau cua xe khach 1a 1gio, nén
quang duong xe khach di dugc la: 13 x (km)
Vi hai xe di cung chiéu, nén do dai quing duong ma xe khach di dugc 1on hon,
va bing tong do dai quang duong cua xe tai di duoc cong voi quing duong

Hué - Quéng Tri. Nén ta ¢6 phuong trinh: 13x —13y =65 (2)

2
- » =05
Tu (1) va (2), ta ¢c6 hé phuong trinh: 1 5 X+y=6
13x—13y =65
o ‘ {x=50
Giai hé phuong trinh ta duoc: =45

KL: Van tc cua xe khach la : 50 km/h
Van toc clia xe tai la - 45 km/h
Bai 8:
Goi x (km/h) 1a van téc thuc cta cand (x> y > 0)
Goi y (km/h) 1a van toc ctia dong nude.
Van tdc ciia cand khi xudi dong 1a: x + y (km/h)

Van tdc ciia cand khi nguoc dong la: x— y (km/h)
2. oy S L4
Po1 don vi: 2 gio 30 phat = 5 g10 va 1 gio 20 phat = 3 210,

* Khi cand xudi dong mot quang song dai 12km roi nguoc dong quang song do
mat 2 gid 30 phut:

12

Cand xud1 dong 12 km nén thot gian xud1 dong la: g0

X+ VY

Cané nguoc dong 12 km nén thot gian nguoc dong la: gl

S

12 12 5
Nén ta co phuong trinh: + == (1)
x+y x—-y 2

* Khi ca nd xudi dong 4km rdi nguoc dong 8km thi hét 1 gio 20 phat:
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Cané xud1 dong 4 km nén thoi gian xud1 dong la:

210
X+y

Cand nguoc dong 8 km nén thot gian nguoc dong la: gio

X=Vy
+ 8 :i (2)
X+y x—-y 3

Nén ta c6 phuong trinh:

12 12

5

x+y x-y 2

Tu (1) va (2), ta co hé phu‘o‘ng trinh: 4 ] 4
3

xX+y x-y

Giai hé phuong trinh ta dugce: {x :120

KL: Van tdc thuc cta cand la 10 km/h

Van tdc thuc cua dong nudc 1a 2 km/h
Dang toan thay déi van tdc trén dwong di

Bai 9: So' dd hoa théng tin bai toan:

Thoi diém xuét phat 3/(3\km Thoi diém dén B

T, X —> “x — Dén mudn 0,5 2id N T,

A\ C X455 bén sém 0,5 gio :B

~
Quéing duong AB

Biéu dién bai toan qua so d6 nhu trén, ta thay:
Trén doan di tir A dén C khéng cé gi thay dbi.
Trén doan CB dai 30 km, néu giir nguyén van téc x (km/h) thi s& dén B
mudn 30 phut so véi du dinh, va néu tang van tdc thém Skm/h thi s& dén B
som 30 phut so voi du dinh.
Do @06, ching ta chi xét trén doan CB dai 30 km:
Goi x (km/h) la van toc ban dau ciia nguoi di xe dap (x > 0)
T, 1a thoi diém nguoi di xe dap dén B theo duy dinh.
30

* Khi gitr nguyén van toc x (km/h) thi thoi gian di doan CB la: —
X
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. 30 1
Do dén B mudn 30 phat nén ta c6 phuong trinh; — =1, +§ (1)
X

. ‘ S 30
* Khi tang van toc thém 5 (km/h) thi thot gian di doan CB la: 15
X+ 5

: 30 1
Do dén B sém 30 phut nén ta c6 phuong trinh: o5 15 Y (2)
X

Twr (1) va (2), ta ¢6 hé phuong trinh:

30 1 30 1

— =1, +—= ———=T,
X -2 )X 2 -
30 1 30 1
:TZ__ —=1,
x+5 2 x+5 2 =

Giai hé phuong trinh ta duoc nghiém la x =10 (thoa man diéu kién) va

x = —15 (khoéng thoa diéu kién).

KL: Van toc ban dau cua nguoi di xe dap la; 10 (km/h)
*Chu y: Trong bai nay, ching ta goi T); T> la thoi diém, va khong co di di
kién dé tim ra thoi diém nguwoi do bat dau xudt phat (T,); ciing nhw thoi diém
nguwoi do dén B la (15). Boi thé, khong thé sir dung két qua ciia x dé thay vao
phirong trinh (1) hodc phirong trinh (2) dé timra T .

Bai 10:

Goi x (km/h) 1a van téc ban déu ciia 66 (x > 15)

Goi y (g10) la thot gian d1 doan dudong AB theo du dinh.
D6 dai quang duong AB la: xy (km)

* Khi van toc tang thém 30 (km/h) thi dén B sém hon 1 gid, nén ta co phuong

(x+30)(y—1)=xy
trinh : © xy—x+30y-30=xy (1)
< —x+30y =30
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72

* Khi van téc giam 15 (km/h) thi dén B mudn hon 1 gid, nén ta ¢6 phuong

(x=15)(y+1)=xy
trinh . © xy+x—-15y—-15=xy (2)
< x—15y=15

—x+30y =30

Tur (1) va(2), ta co hé phuong trinh: {x _15y =15

x =060

Giat hé phuong trinh ta dugc nghiém la: {y 1

KL: Van tdc ban dau cia 6 t6 1a: 60 (km/h)
b. Dang 2. Bai toan lién quan dén S4 hoc

+ Dua vao moi lién hé gitra cac hang (don vi) trong mot sb.
Biéu dién sb c6 hai chit s6: ab=10a+bvdi (0<a<9; 0<b<%abeN)

Biéu dién sb co ba chir sé: abc =100a +10b+¢ véi
0<a<9;, 0<b,c<%a,b,ceN)

+Tong haiso x, yla:x+y

+ Téng binh phuong hai sé x, y 1a : x* +y*
; .z 2
+ Binh phuong cua tong hai so x, y 1a : ( X+ y)

+ Téng nghich dao hai O x, yla: l i l
Xy

Vi du minh hoa 3: Tim sb tu nhién ¢6 hai chir s6 biét rang hai 1an chir sé hang
don vi 16n hon chit sb hang chuc mét don vi, va néu biét hai chir s6 éy theo thir

tu nguoc lai thi duge mot s6 moi (co hai chir 56) bé hon sb cii 27 don vi.
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Huéng ddn gidi :

Bang phan tich tom tat:

Hang chuc Pon vi S6 can tim
Sé ban dau X v 10x+y
S6 méi y " 10y +x
Quan hé 2y—x=1 (10x+y)—(10y+x) =27
Giai:

Goi x la chit s6 hang chyc ciia s6 ban dau (xe N;0 < x<9)
Goi y la chir s6 hang don vi ctia s6 ban dau (ye N; 0<y <9)
S6 ban dau ¢ dang 1a: xy=10x+y

Khi ddi chd hai chir s6, ta c6 sé méi : yx =10y +x

e " » " 2v_x=1 7‘,_‘:1
Theo bai ra, ta c6 hé phuong trinh: { /- 2y—x
. “E st {(10x+)7)—(10)7+x)=27© {9)(_9}.:27

Giai hé phuong trinh ta dugc nghiém la {x fZ (thoa man diéu kién)

KL: Vay sb can tim ban dau la: 74.

Vi du minh hoa 4: Tim hai s6 tu nhién, biét rdng tong cuia chiing bang 1006

va néu léy s6 1on chia sd nhé thi duoc thuong la 2 va so du 1a 124,
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Huong ddn gidi :
Phén tich dé: Trong dé nay, cac em can ndm duoc cach biéu dién hai s thong
qua phép chia cé du: %: C duDsuyra A=B.C+D
Giai:
Goi x 1a s6 ty nhién thir nhat (x € N;x >124)
Goi y la s tu nhién thtrhai (ye N3y > 0;y > x)
Tong cua hai s6 bang 1006, ta ¢o phuong trinh: x+ y=1006 (1)
Va y chia x dugc thuong la 2 va du 124, ta c6 phuong trinh: y =2x +124 (2)
Tu (1) va (2), ta ¢6 hé phuong trinh:
{x+)' =1006 _, {x+y =1006
y=2x+124 2x—y=-124

x=294

y=712 (thoa man diéu kién)

Giat hé phuong trinh ta dugce nghiém la {

KL: Sélénla:712
SH bé la - 294

BAI TAP TU LUYEN

Dang so ¢6 hai chir so

Bai 1: Cho mot s ¢6 hai chit s6. Néu do1 chd 2 chiy sO cua no thi duge mot sod
16n hon chir s6 da cho 1a 63. Tong ctia s6 dd cho va s6 mai 1a 99. Tim so da
cho.

Bai 2: Cho mot soO tu nhién ¢o hai chir s6. Néu do1 cho hai chir so cua no thi
duoc mot sd 16n hon sb di cho 1a 36. Téng cua s6 da cho va sd mai tao thanh
12 110. Tim sb da cho.

Bai 3: Tim mot s6 ¢o hai chir s6, biét rang tong cac chir so6 la 16. Néu doi cho

hai chir s6 cho nhau ta dugc mot s6 mai, 16n hon s6 ban dau 18 don vi.
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Dang hai so6

Bai 4: Tim hai s6 ty nhién, biét ring tong cta ching bang 1006 va néu lay s6

16m chia cho sé bé thi duoc thuong la 2 va so du la 124,

Bai 5: Tong cua hai s6 bang 59. Hai lan cua so nay bé hon 3 lan cua s6 kia la

7. Tim hai sé do.

Bai 6: Tim hai s6 tu nhién, biét ring hiéu cua chung bang 1275 va néu lay s6

1¢n chia cho sé nho thi dugc thuong 1a 3 va sé du 1a 125.

Dang ty so tudi

Bai 7: S6 tien mua 9 qua cam va 8 qua tao rung la 107 nghin. S6 tién mua 7
qua cam va 7 qua tao rimg la 91 nghin. Hoé1 gia moé1 qua cam va moi qua tao
rung la bao nhiéu?

Bai 8: Bay nam trudce tuéi me bang 5 lan tuéi con cong thém 4. Nam nay tudi

me vura dung gap 3 lan tudi con. Ho1 ndm nay moi nguoi bao nhiéu tuoi?

Bai 9: Hom qua me ctia Hang di cho mua 5 qua trimg ga va 5 qua trimg vit hét
37.500d. Hom nay di cho, me ciia Hing mua 3 qua trimg ga va 7 qua tring vit
hét 36.500d. Hoi gia mdi qua trimg mdi loai bao nhiéu tién, biét gia tring hém

qua va hdm nay chua thay doi.
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HUONG DAN GIAI

Dang s6 ¢6 hai chiv s6

Bai 1: Cich 1.

Do khi d6i chd 2 chit s6 ctia sé cin tim ta duoc s& mdi Ién hon, nén:

Goi s6 can tim 1a ab ; s6 m&i khi déi chd hai chix sb 1a ba voi (0<a<b<9)

Khi do: ab=10a+b va ba=10b+a

S6 mai 1on hon s6 ban dau 1a 63 don vi nén ta co phuong trinh:

(106+a)—(10a+b) =63 <= —-9a+9b=63 (1)

Tong cia sd dd cho va s mai la 99:

(106+a)+(10a+b)=99 < 11a+116=99 (2)

—9a+9b =63

Suy ra, ta ¢6 hé phuong trinh: {1 la+11b=99

Giai hé phuong trinh ta co nghiém: {g f é

Vay s ban dau can tim 13 - 18.
Cach 2:

Go1 s0 can tim la x, va y la s6 mait sau khi do1 cho (x;y>0 va x; y khong chira

chir s6 0)
S6 mai 1on hon s6 ban dau 63 don vi: y=x+63 (1)
Téng cia hai 61499 : x+y=99 (2)

Ta c6 hé phuong trinh : {y:x+63c>{xy:63®{x:18

X+ y=99 x+y=99 y =81

Vay, s6 can tim 13 18.
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Bai 2: Cach 1.

Do khi d6i chd 2 chir s6 cua s6 can tim ta duoc s6 méi 1on hon, nén:

Goi s6 cn tim 1a ab ; 6 mai khi ddi chd hai chir sb 1a ba voi (0<a<b<9)

Khi do: ab=10a+b va ba=10b+a

S6 m&i 16n hon sé ban du 1a 36 don vi nén ta c6 phuong trinh:
(10b+a)—(10a+b) =36 < -9a+9b=36 (1)

Tdng cua s6 da cho va sé maéi 1a 110:
(10b+a)+(10a+h)=110 = 11a+115=110 (2)

—Qa+9b =36

Suy ra, ta c6 hé phuong trinh: {1 la+116 =110

_ : =3
Giai hé phuong trinh ta ¢6 nghiém: {g B :},
Vay s6 ban dau cén tim 1a ; 37.

Cach 2:

Goi s6 can tim 1a x, va y 1a s6 méi sau khi @61 chd (x;y>0 va x; y khong chura
chir s6 0)

S6 méi 1om hon s ban dau 36 don vi: ¥=x+36 (1)
Téng ciia hai s6 1499 : x+y=110 (2)

y=x+36 {x—y——36<:>{x—37

Ta c6 hé ph inh -
a cohe phuong trin {x+y:'l'l() x+y=110 7 \y=73

Vay, sb can tim 1a 37.
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Bai 3:

Do khi d6i chd 2 chir s6 cta sé can tim ta duge sé moi lon hon, nén:

Goi sb can tim 1a ab ; s6 méi khi ddi chd hai chir s6 1a ba voi (0<a<b<9)
Khi do: ab=10a+b va ba=10b+a

Tong cia hai chir s6 cua s6 ban dau bang 16: a+b=16 (1)

S6 mai 16n hon s6 ban dau la 18 don vi nén ta ¢ phuong trinh:
(10b+a)—(10a+b) =18<=-9a+9h=18 (2)

a+b=16

Suy ra, ta c6 hé phuong trinh: {—Qa +9h =18

a="17
b=9

Giai hé phuong trinh ta c6 nghiém: {
Vay s6 ban dau can tim Ia ; 79.
Dang hai sé

Bai 4:

Goi x, y 1a hai s6 tu nhién can tim (x> y>0)

Téng cia ching bang 1006: x+y=1006 (1)

S6 16n chia cho s6 bé thi duoc thuong 1a 2 va sé du la 124; x=2y+124 (2)

x+y=1006 x=712
=
x=2y+124 y=29

Ta co6 hé phuong trinh : {
Vay, hai s6 can tim 1a 712 va 294,

Bai S:

Goi x, y 1a hai s6 tu nhién can tim.

Tong cua chung bang 59: x+y=59 (1)

Hai lan ctia s6 nay bé hon 3 lan cua sd kia la 7: 2x=3y—7 (2)

x+y=59 x+y=59 x=34
< =
2x=3y-17 2x-3y=-17 y=25

Ta co6 hé phuong trinh : {
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Vay, hai sb can tim la 34 va 25

Bai 6:

Goi x, y 1a hai s6 tu nhién can tim (x> y>0)

Hiéu cua hai sb bang 1275: x—y=1275 (1)

S6 1on chia cho s bé thi dugc thuong 1a 3 va sé du 14 125: x=3y+125 (2)

x-y=1275 x—y=1275 x=1850
= =
x=3y+125 x-3y=125 y=3575

Ta co6 hé phuong trinh : {

Vay, hai s6 can tim la 1850 va 575.

Dang ty s6 tudi

Bai 7:

Goi x (nghin) la gia tién ctia mdt qua cam va y (nghin) 1a gia tién ciia mot qua
tao rung (X, >0).

Mua 9 qua cam va 8 qua tao rimg hét 107 nghin: 9x+8y =107 (1)

Mua 7 qua cam va 7 qua tao rimg la 91 nghin: 7x+7y=91 (2)

9x+8y =107 x=3 o
(thoa diéu kién)

Ta co hé phuong trinh :

- PRtong {7x+7y—91 y=10
Vay, gia ciia moi qua cam la 3 nghin mét qua, gia ciia moi qua tao rimg la 10
nghin mét qua.

Bai 8:
Goi x (tudi) 1a sb tudi ciia me trong nam nay, va y 1a sd tudi ctia con trong nam
nay (X,¥>7).

Nam nay tudi me gip 3 1an tudi con: X=3y (1)

7 nam trude tudi me gip 5 1an tudi con cong thém 4: x—=7=5(y-T7)+4 (2)

o a . x=3y x =36 v aiA 4 en
Ta co6 hé phuong trinh : ! = (thoa diéu kién)
x=-7=5(y-T)+4 y=12
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Vay, nam nay tud1 ciia me la 36 tudi, tudi cuia con la 12 tuoi.
Bai 9:
Vi gia tién trong hai lan di chg khong thay doi nén:

Goi x (vnd) 1a gia tién mot qua trimg ga, va y (vnd) 1a gia tién mot qua tring

vit (X, >0).
Mua 5 qua trimg ga va 5 qua trimg vit hét 37.500d: 5Sx+5y=37500 (1)

Mua 3 qua trimg ga va 7 qua tring vit hét 36.500d: 3x+7y =36500 (2)

(thoa diéu kién)

5x+5y=37500  [x=4000
=
3x+7y=36500 | y=3500

Ta c6 hé phuong trinh : {

Vay, gia mét qua tring ga 4.000d/qua, gia mot qua tring vit 3.500d/qua.

c. Dang 3. Bai toan vé Dan s6 — Lai suit ngan hang, ting trudong

+ Ti 1 phan tram: 1% =——
100

+ Ti 1é tang dan s6: Néu A 1a sé dan ban dau, ti 18 gia ting dan s6 1a x%.

- Sau 1 nam s6 dan la: A+A.x=A(l+x)

- Saun nam sb dan la : A(1+x)"

+ Lai suét ngan hang: Néu ban dau ban vay (hodc muon) sb tién A vai lai
suat x%.
- Sau 1 chu ky (thuong 1a nim/thang) sé tién ca gbe 1an 1ai 14 :
A+Ax=A(l+x)
- Sau n chu ky (thuong 1a ndm/thang) s6 tién ca gbc 1an 1ai Ia :

A(L+x)"

Vi du minh hoa §:
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Hai xi nghiép theo ké hoach phai 1am téng cdng 720 san pham. Tuy nhién xi
nghiép 1 da vuot mirc ké hoach 15%, xi nghiép Il da vuot murc ké hoach 12%
do do hai xi nghiép di lam téng cong 819 san pham. Tinh sé san pham mdi xi

nghiép phai lam theo ké hoach.

Huéng dan giai :
Goi x, y 1a s6 san pham lan luot ciia xi nghiép I va xi nghiép II phai lam theo

ké hoach (x>0, y > 0)
s B 15 12
Theo gia thiét: x + y =720 va 00"t To0” * 720 = 819 < Sx+4y =3300

x+y=720

Ta c6 hé phuong trinh:
Sx+4y=3300

x=420

Giai hé ta duge nghiém duy nhét: {
=300
Vay theo ké hoach, xi nghiép I phai lam 420 san phan, xi nghiép II phai lam

300 san pham.

BAI TAP TU LUYEN

Bai 1: Mot nguoi mua hai loai hang va phai tra tong cong 2,17 triéu dong, ké
ca thué gia tri gia ting (VAT) vdi muc 10% dbi voi loai hang thir nhat va 8%
d6i voi loai hang thir hai. Néu thué VAT la 9% d6i v&i ca hai loai hang thi
ngudi dé phai tra téng cong 2,18 tridu dong. Hoi néu khong ké thué VAT thi

nguot do phai tra bao nhiéu tién cho moi loai hang.

Bai 2: Nam ngoai, hai don vi san xuit néng nghiép thu hoach 720 tan thoc.
Nam nay, don vi tha nhat lam vuot mirc 15%, don vi thir hai lam vugt muec
12% so v&1 nam ngoai. Do d6 ca 2 don vi thu hoach dugc 819 tan thoc. Hoi

nim ngoai moi don vi thu hoach duoc bao nhiéu tan thoc.

Bai 3: Hai xi nghiép theo ké hoach phai lam tong cong 360 cong cu. Nho sip

xép hop Iy ddy chuyén san xuat nén xi nghiép I d3 vuot mic 12% ké hoach, xi
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nghiép II da vuot mac 10% ké hoach. Do d6 ca xi nghiép da lam duogc 400

cong cu. Tinh s0 cong cu mo1 xi nghiép phai lam theo ké hoach.

Bai 4: Dan sb cua thanh phé Ha No1 sau hai nam tir 2.000.000 thanh 2.048 288
nguoi. Tinh xem hing nim déan s6 trung binh ting bao nhiéu phan tram? Biét ti
1¢ gia ting dan s hang nam khong thay doi.

Bai 5: Bac An vay 10.000.000vnd cta ngan hang dé lam kinh té. Trong mot
nam dau bac chua tra duoc nén sd tién lai trong nam dau duoc chuyén thanh
von @ tinh 1ai nam sau. Sau 2 nam bac An phai tra la 11881000vnd. Hoi lai

suat cho vay mot nam la bao nhiéu phan tram ?

HUONG DAN GIAI

Bai 1:

Goi x, v la sd tién phai tra cho mdi loai hang khi chua tinh thué VAT
(x>0,y>0)

* Khi tinh thué 10% d6i vdi loai hang thtr nhéat va 8% ddi v&i loai hang thu hai
ngudi do phai tra 2,17 triéu dong;

+ Sé tién phai tra cho loai hang thir nhét la; x+0,Lx=1Lx

+ 86 tién phai tra cho loai hang thir hai la: y+0,08y=1,08y

+ Tong sb tién phai tra 1a 2,17 tridu dong: 1,1x+108y =217 (1)

* Khi tinh thué 1a 9% dbi v6i ca hai loai hang ngudi d6 phai tra 2,18 tridu
dong;

+ S6 tién phai tra cho loai hang thir nhat 1a; x+0,09x =1,09x

+ 86 tién phai tra cho loai hang thir hai la: y+0,09y =1,09y

+ Tdng s6 tién phai tra 1a 2,18 triéu dong: 1,09x+1,00y=2,18 (1)

Llx+1,08y=2,17

Ta co hé phuong trinh:
L09x+1,09y=2.18
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P . £ X = 0,5 ” ~ A “n
Giai hé ta duoc nghiém duy nhat: { Ls (thoa man diéu kién)
y=1

Vay khi chua tinh thém tién thué VAT thi gia cta loai hang thi nhat 14 0,5
trigu dong, va gia cua loai hang thir hai 14 1,5 triéu dong.

Bai 2:

Goi x (tén) 1a s6 thoc thu hoach duoc cua don vi thir nhat trong nam ngoait, va
y (tén) 1a sd thoc thu hoach duoc cua don vi thi hai trong nam ngoai
(x>0,y>0)

* Nam ngoai hai don vi san xuét ndng nghiép thu hoach 720 tan thoc, nén ta cé
phuong trinh: x+y =720 (1)

* Nam nay, don vi thu nhét 1am vuot mire 15%, don vi thi hai 1am vuot mire
12% so v&1 nam ngoai:

+ Sé thoe thu hoach duoc cua doi thir nhat 1a: x+0,15x=1,15x

+ 86 tién phai tra cho loai hang tha hai la: y+0,12y=1,12y

+ Téng sb thoc thu duoc 14 819; 1,15x +1,12y =819 (2)

x+y=720

Ta c6 hé phuong trinh:
L15x+1,12y =819

x=420

) —

Giai hé ta dugc nghiém duy nhét: { (thod méan diéu kién)

Vay, nam ngoai do1 thir nhét thu hoach duoc 420 tan thoc, do1 thir hai thu
hoach duoc 300 tan théc.

Bai 3:

Goi x la s6 cong cu ma xi nghiép I phai lam theo ké hoach, va y 1a s cong cu
xi nghiép II phai lam theo ké hoach (x >0,y > 0)

* Theo ké hoach phai lam tong cong 360 cong cy, nén ta co phuong trinh:
x+y=360 (1)

* Nho sép xép hop 1y day chuyén san xut nén xi nghiép I da vuot murc 12% ké
hoach, xi nghiép II d3 vuot mirc 10% ké hoach. Do d6 ca xi nghiép da lam

duoc 400 cong cu:
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+ 86 ¢ong cu xi nghiép I lam duge : x+0,12x=1,12x
+ 86 cong cu xi nghiém II lam duge: y+0,1y =11y
+ Téng $O cong cu lam duoc: 112x+11y =400 (2)

X+ =360

Ta c¢6 hé phuong trinh:
L12x+1.1y =400

x =200 A
(thoa man dieu kién)

Giat hé ta duge nghiém duy nhét: {
Vay, theo ké hoach xi nghiép I can phai lam 200 c¢dng cu, xi nghiép II can phai
lam 160 cdng cu.

Bai 4*(Chuong 4 — DS 9):

Cha y: Vi da biét s6 nguoi ciia nam dau va 2 ndm sau, nén hoc sinh dé nham
1an 14y s6 lidu sau roi trir di s6 lidu trudc do dé chia cho 2 1ay trung binh cong,
tir d6 tinh phan tram dan dén két qua sai. Do do, trong bai nay, cac em chu y

kién thic & phan “Lai suat ngan hang, gia tang dan so”.

Goi x (%) 1a s6 phan trim cua su gia ting dan sd thu d6 Ha Nai trong mi ndm

(x>0).

S6 dan ban dau cua Ha Noi 1a 2.000.000 ngudi.
Nén sau nam tha nhat dan so ting la:
2.000.000+2.000.000x =2.000.000(1+x)
Sau nam thir hai dan sé ting 1a :

2.000.000(1+x)+2.000.000(1+ x).x
=2.000.000(1+x)(1+x)

=2.000.000(1 +x)°

Theo dé, sau hai nam, dan s6 Ha Noi 1a 2.048.288 nguoi, nén ta cé phuong

trinh : 2.000.000(1+ x)* =2.048.288
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3

.xl = —
<:>)62+2x+1——2'048'288 =0 250
2.000.000 ~ =503
Xy =
250
. 3 : . —503
Nhan nghiém x; = ——=0,012 =1,2% va loai nghiém x, =——
250 - 250

Vay, ti 1é gia ting dan s6 hang nam cua Ha Noi 1a 1,2 %.

Bai 5%: Bac An vay 10.000.000vnd cua ngan hang dé lam kinh té. Trong mot
nam dau bac chua tra duoc nén sb tién 1ai trong nam dau duoc chuyén thanh
von dé tinh 131 nam sau. Sau 2 nim bac An phai tra [a 11881000vnd. Hoi 13

sudt cho vay mot ndm 1a bao nhiéu phan trim ?

Goi x (%) la s6 phan tram 1ai suat trong mdt nim (x > 0).
S6 tién ban ddu ma bac An di vay 1a 10.000.000vnd.
*Nén sau nam thir nhét :

S6 tién gdc bac An phai tra la 10.000.000vnd

S6 tién 1ai bac An phai tra la: 10.000.000x vnd

S tién bac An phai tra ca tién g va tién 1ai 1a;
10.000.000+10.000.000x =10.000.000(1+ x)

Do nam dau, bac chua co tién tra, nén so tién can tra trong nam déu tién (gdm
gdc va la1) chuyén thanh tién gdoc dé tinh 14i cho nam sau.
*Sau nam thir hat bac An phai tra :

S6 tién gbc bac An phai tra la 10.000.000(1 +x)

S tién 1ai bac An phai tra la: 10.000.000(1+x)x

So tién bac An phai tra ca tién goc va tién lai la:
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10.000.000(1 + x)+10.000.000 (1 + x) x
=10.000.000(1+x)(1+x)

=10.000.000(1+ x)*

Theo dé, sau hai nam, bac An phai tra 11881000vnd, nén ta c6 phuong trinh :

10.000.000(1+ x)* =11.881.000

9
00 M=
<:>x2+2x+1_11.881.0J( =0<:> 100
10.000.000 o = 209
27100
. 9 _ _ -209
Nhan nghiém x; = ——=10,09=9% va loai nghiém x, =——
100 - 100

Vay, 13i sudt cho vay ctia Ngan hang 1a 9 %.

d. Dang 4. Bai toan vé Cong viéc lam chung, lam riéng — Voi nwéc chay

chung chay riéng (quy vé don vi)

+ San luong = Nang suat x Thoi gian.
+ Xem toan b cong viéc la 1 = 100%.
+ Lam riéng trong x ngay thi xong viéc, suy ra: Nang suat mét ngay lam

r .
duoc — cong viéc.
X

+ Khi hai nguoi lam chung thi sau n ngay s& xong viéc, thi ning suat lam

: . A |
viéc mot ngay cua hai nguoi la: —
n

+ Khi hai nguoi nay lam riéng:
Nguoi thir nhat lam xong trong x ngay, nén nang suat lam viéc ciia nguoi
: 1
thur nhat trong mét ngay la: —.
X
Nguoi thtr hai lam xong trong y ngay, nén ning suat lam viéc ciia nguoi thir

hai trong mét ngay la: ~1-
}7

Do do, ta co: l-}-i:—
& X y n

3
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Vi du minh hoa 6: Hai doi1 cong nhan cung lam mét doan duong trong 24
ngay thi xong. Mdi ngay, phan viéc doi A lam duoe nhiéu gap rudi doi B. Hoi

néu lam mot minh thi mo1 dé1 lam xong doan duong d6 trong bao lau ?

Huréng dan giai :
Bang phan tich tom tit:
Thoi gian hoan thanh cong Ning suat lam viéc trong 1
viée (ngay) ngay

. et l
Hai do1 24 24
1

Po1 A X -
X

| 1
bo1 B y y

Giai:

Goi x (ngay) la sé ngay dé ddi A mot minh hoan thanh cong viée; v (ngay) la
sb ngay dé doi B mdt minh hoan thanh cong viéc. Diéu kién (x>24;y>24)
Khi hai dé1 lam riéng:

.. ) | .
Moingay .  Do1 A lam duge: — cong viée
X

Pd1 B lam duoe : 1 cong viéc
:}?

Do mdi ngay, phan viéc doi A lam dugc nhidu gip rudi ddi B nén ta co phuong

trinh: i:i.l,5<:>l:§.l (1)
X oy x 2y

Khi hai d6i lam chung: mdi ngay ca hai déi lam chung duoc: 1 + 1 cong viéc
Xy
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Hai ddi lam chung trong 24 ngay thi xong cong viéc, nén mdi ngay 2 d6i cung

1 .
lam thi dugc > cong viéc. Do do, ta ¢co phuong trinh: 1 +l = i (2)
Xy

R N (S )

== o] w
(“ul"

Il

o

1
3

g
N

Twr (1) va (2), ta co hé phuong trinh:

+

R
(W]
=

%= 48 (thoa man didu kién)

) —

Giai hé phuong trinh ta dugc nghiém la {

KL: Vay d61 A lam mot minh trong 40 ngay thi hoan thanh toan bo cong viée.

Dd1 B lam mdt minh trong 60 ngay thi hoan thanh toan bd cong viéc.

Vi du minh hoa 7: Hai do1 xay dung lam chung mot cong viée va du dinh
hoan thanh trong 12 ngay. Nhung lam chung duoc 8 ngay thi d6i I duoc diéu
dong di lam viéc khac. Tuy chi con mét minh do1 11 lam viée, do cai tién cach
lam tang nang suét cua doi 1én gap doi. Nén ho da lam xong phan viéc con lai
trong 3,5 ngay. Hoi voi nang suat ban dau, néu mdi doi lam mot minh thi phai

trong bao nhiéu ngay moi hoan thanh xong céng viéc.

Huromg ddn gidi :
Bang phan tich tom tit;
Thoi gian hoan thanh cong | Nang suat lam viéc trong 1
viéc (ngay) ngay
Hai do1 1
12 1
lam chung

1

Do 1 X ~

X

. 1

Po1 11 y y
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Giai:
Goi x (ngay) la s6 ngay dé doi I mot minh hoan thanh cong viée; y (ngay) 1a sé

ngay dé doi IT mdt minh hoan thanh cong viéce. Piéu kién (x >12;y >12)

X o ane s | T TR
Do do6, moi ngay déi I lam duge — cong viée, va moi ngay don 11 lam dugce 1
X y

cong viéc.
Sl a1y Ko s a1 . oaa: s 1 1 . .
Khi hat d61 lam chung, moi ngay ca hai doé1 lam duoc : — + — cong viéc
X y

Hai do1 lam chung trong 12 ngay thi xong cong viéc, nén mo1 ngay 2 do1 cung

1
lam duoc 7y cong viéc. Do do, ta co phuong trinh: —+— = — (1)
x oy

S en g8 2 :
Khi hai d61 lam chung trong 8 ngay duoc 3 cong vi€c suy ra:

1 1 2 e A . < A, o an- < A oaa: oa x.
g(+ ~ | =2, do cai tién cach lam nang suat cua do1 Il tang gap do1, nén moi
Xy

ngay do1 hai lam duoc 2 cong viée. Va ho lam xong phan viéc con lai trong

}J
1 A . . 1 1 27
35ngaynen—35_— Vay, ta c6 phuong trinh: 8| —+ — |+ = . 2 =1 (2)
y 3 x yv) y2
1 1 1 1 1 1
Yy 12
Tu (1) va (2), ta ¢o hé phuong trinh: "y S
1 2 7 2 7
_+_ _._:1 —F—=1
X y 2 3

Gia1 hé phuong trinh ta dugc nghiém la {x 28 (thoa man diéu kién)

KL: Vay voi ning suét ban dau, doi I 1am mdt minh trong 28 ngay thi hoan
thanh toan bd cong viéc. Po1 11 lam mdt minh trong 41 ngay thi hoan thanh

toan b cong viéc.
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BAI TAP TU LUYEN

Dang voi nuéc
\ . . . S np LA . X S PRPT S G
Bai 1: Hai voi nudc chdy vao mét bé nudce can thi sau 4— gio day bé. Neéu luc
5
dau chi mé voi thir nhat va 9 gio sau mé thém voi thir hai thi sau E 210 moi
5

day bé. Hoi néu mé riéng mdi voi thi thoi gian dé mdi voi chay day bé 1a bao
nhiéu.
Bai 2: Néu hai voi nudc cung chay vao mot bé can khong co nudc thi bé sé dﬁy
trong 1 gio 20 phat. Néu mé voi thir nhat trong 10 phut va voi thir hai trong 12

, . . 2 2 LA Yy n X e e I
phut thi chi duoc 5 bé. Hoi néu mo riéng moi voi thi thot gian dé moi voi
chay day bé la bao nhiéu.

Bai 3: Hai voi nudc cung chay vao mét bé can thi sau 1 gio 30 phat day bé.

Néu mé voi thir nhét trong 15 phat roi khoa lai va md voi thir hai cho chay tiép

trong 20 phut thi s€ duoc ébé. Hoi néu mdi voi chay mét minh thi bao lau s&
5

day bé.

Bai 4: Hai voi nude chay vao mot bé can thi bé s& day sau 1 gio 12 phut. Néu

17

voi thir nhat chay trong 30 phut va voi thir hai chay trong 45 phut thi day %

bé. Hoi néu chay mot minh thi mdi voi chay bao 1au méi day bé.

Dang cung lam chung cong viéc

Bai 5: Hai dé1 cong nhan cung lam mot doan duong trong 24 ngay thi xong.
Mai ngay, phéan viéc doi 1 1am gép rudi roi 2. Hoi néu lam mdt minh thi mdi
do1 lam xong doan duong do trong bao lau.

Bai 6: Hai nguoi tho cung lam chung mét cdng viée trong 16 gior thi xong. Néu

ngudi thir nhat lam 3 gio va nguoi thir hai lam 6 gio thi chi hoan thanh duoc
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25% cong viéc. Ho1 néu lam riéng thi mo1 ngudt hoan thanh cong viéc do trong

bao 1au?

Bai 7: Hai do1 xay dung lam chung mét cong viéc va du dinh hoan thanh trong
12 ngay. Nhung khi lam chung duoc 8 ngay thi déi I duoc diéu dong di lam
viéc khac. Tuy chi con modt minh do1 I lam viée, nhung do cai tién cach lam,
ning sudt cia doi I ting 1én gip doi nén ho da lam xong phan viée con lai
trong 3,5 ngay. Hoi v&i ning sudt ban dau thi mdi doi lam mot minh trong bao

lau deé xong cong viéc.

Bai 8: Hai nguoi tho cung xdy mét bue tuong trong 7 gio 12 phut thi xong.

Néu nguoi the nhat lam trong 5 gid va nguoi thi hai lam trong 6 gio thi hai
nguot lam duogce ibirc tuong. Hoi mdi nguoi lam mot minh trong bao lau thi
xdy xong burc tuong,

Bai 9: Hai cong nhén cung son ctra cho mot cong trinh trong 4 ngay thi xong
viéc. Néu nguot thu nhat [am mot minh trong 9 ngay, sau do co thém nguot thir
hai dén lam tiép trong | ngay nira thi xong viéc. Hoi mdi nguoi néu lam mot

minh thi mat bao lau dé xong viéc.

Bai 10: Hai can cau 16n boc v& mot 16 hang & Cang Chan May. Sau 3 gio thi
c6 thém 5 can cau bé (co cdng suat nho hon) cung lam viée. Ca 7 can cau cung
lam viéc 3 gio nira thi xong. Hot mdi cin ciu 1am viéc mdt minh thi bao lau s&
xong viéc? Biét rang néu ca 7 can cau cing lam viée tir dau thi trong 4 gior s&

xong viéc.

Bai 11: Hai t6 cong nhan cung lam chung mot cong viée va dy dinh hoan
thanh trong 6 gio. Nhung khi lam chung trong 5 gio thi t6 IT duoc diéu dong di
lam viéc khac. Do cai tién cach lam, ning sudt cia to I ting 1,5 1an. Nén t6 I da
hoan thanh phén cong viéc con lai trong 2 gio. Hoi vdi nang suat ban dau, néu

moi té lam moét minh thi sau bao nhiéu gio s& lam xong cong viéc?
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HUONG DAN GIAI

Dang voi nwéc
Bai 1:
. .- Y A 4 e 24 ‘s v gA A
Hai voi chay hét 4; gio = 5 g10 thi day bé
Vo1 1 chay 9 gio + ca hai voi1 chay trong ? gior thi day be.
5

Bang phan tich tom tit;

o Ning suét lam day bé trong
Thot gian chay day bé (gio) 1 gios (bd)
1
Voi 1 X ~
X
| 1
Vor 2 y y
5
P ae 24 il
Ca hai voi ? 24

Giai:

Goi x (gio) la thoi gian dé riéng voi 1 chay day bé, va y (gio) 1a thoi gian dé

: . VL E amed g 24 24
riéng voi 2 chay day bé. Diéu kién (x > ?;y > ?)
S X " oA - T \ - . |
Khi mo1 voi chay riéng, thi mo1 gio : Voi | chay dugc: — bé
X

Vo1 2 chay duoc: l bé
})

S e X g . 1
Khi hai voi chay chung, mo1 gio chung chay dugc: —+ — bé
Xy
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* Theo dé, khi hai voi cuing chay hét %5—4 gio thi day bé, nén 1 gio ca hai voi

5 .
chay duoc — be, ta co phuog trinh: 1 + 1.5 (1)
24 x y 24

| N

* Néu luc dau chi mé voi thir nhat va 9 gio sau m¢ thém voi thir hai thi sau
gio méi day bé:

be

= o

Trong 9 gidr dau voi thir nhit chay duoc :

Trong

| o

-k C A ‘- . 6(1 1 v A LA .
210 tiép theo ¢o thém vo1 2 chay duoc 5’[ + J thi day bé, nén ta co
X vy

phuong trinh: 2+§(i+l}:1 (2)

X X oy
1 1 5 1 1 5
xy PRIV
Tur (1) va (2), ta co hé phuong trinh: ; ; { 1 = ; ; 5‘
i =+= =1 T+ = =1
x Slx vy x 524
P . = o) Y .
Giai hé phuong trinh ta dugc nghiém la {;C B é“ (thoa man diéu kién)

KL: Vay voi 1 chay riéng sau 12 gid s& déy bé.
Voi 2 chay riéng sau 8 gitr s& day bé.

Bai 2:

Hai voi chay hét 1 gior 20 phat = % gitr thi diy bé

: | ‘ 1
Voi 1 chay trong 10 phut = 3 g10 va voi1 2 chay trong 12 phut = S 210 thi
D o
2 .
duoc — beé.
15
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Bang phan tich tom tt:

Ning suat lam day bé trong

Thoi gian chay day bé (gio ok

g y day bé (gi0) 1 gidr (bé)
. |
Voi 1 X T
1
Voi 2 y 3
L. 4 3
Ca hai voi 3 a4

Giai:

Goi x (gio) la thoi gian dé riéng voi 1 chay day bé, va y (gio) la thoi gian dé
A Y s A 1A VAL LA 4 4
riéng voi1 2 chay day bé. Diéu kién (x > ;;y > 5)
. ~. 4 ” “m \ . . s b " 1 K4
Khi mo1 voi chay riéng, thi moi gio - Voi 1 chay dugc: — bé
X
Voi 2 chy duge: - bé
S X . 1 1 .
Khi hai vo1 chay chung, mo1 gio chung chay duge: —+ — bé

LY

* Theo dé, khi hai voi cung chay hét § gio thi ddy bé, nén 1 gio ca hai voi

1 3
chay duoc 3 be, ta c6 phuog trinh: 1 + 1 =— (1)
4 x y 4

* Néu mé voi thir nhét trong 10 phut va voi thir hai trong 12 phut thi chi duoc

2 bé:
15

Trong 10 phut voi thir nhét chay duoc : é(lJ bé, trong 12 phut voi 2 chay
X

duoc l(

1 CaA 2 2 A . . 1{1 1{1 2
— |thiday = b€, nén ta co phuong trinh: —| — | —| = |= = (2

y X 5 ¥
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1 1 3
—_—t—==

Tu (1) va (2), ta co hé phuong trinh: -;C ly Li o
E(EJ EHZE

Giai hé phuong trinh ta duoc nghiém la {" fi (thoa man diéu kién)

KL: Vay voi 1 chay riéng sau 2 gio s& day bé.
Voi 2 chay riéng sau 4 gior s& day bé.

Bai 3:
- v - \ > + A Ag [ ’ 3 ca \ A A
Hai voi1 cung chay vao bé can hét 1 gio 30 phut = 5 210 thi day bé

gt 161 dong lai va md voi 2 chay trong 20 phut

. , 1
Voi 1 chay trong 15 phut = 2

. 1 .
= — ¢i0 thi duoc z bé.

L‘_)l,_.

Bang phan tich tom tit:

Ning suat lam day bé trong

Thoi gian chay day bé (gid) 1 gits (b&)
o

Voi 1 X -
X

. 1

Vo1 2 y y
oL 3 2

Ca hai voi 5 3

Giai:

Goi x (gio) la thoi gian dé riéng voi 1 chay diy bé, va y (gio) la thoi gian dé

: . Coan 3 3
riéng vo1 2 chay day bé. Piéu kién (x > E;y > E)
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T TH T T . . 1z
Khi mé1 voi chay riéng, thi moi gio : Vo1 I chay duoc: — bé
x
Vo1 2 chay duoc: 1 bé
e X , 1 1z
Khi hai voi chay chung, moi gio ching chay duge: —+ — be
Xy
* Theo dé, khi hai voi cung chay hét % it thi day bé, nén 1 gid ca hai voi
, 2 1z . ) |
chay duoc 3 bé, ta c6 phuog trinh: —+
: X
* Néu md voi 1 chay trong 15 phat = — gio rdi dong lai va md voi 2 chay
Lo | B
trong 20 phuat = 3 €10 thi duoc 3 bé:
1
4 4\ x

Vo1 1 chay trong 15 phut = — gio chay duoc : 1(1}; Vo1 2 chay trong 20

I
phut = 3 g10 thi duoc %{lJ , nén ta c6 phuong trinh: 1[1] + l[l} _! (2)
Yy

4\ x 3Ly _E
1 1 2
Tir (1) va (2), ta co hé phuong trinh: { ¥ 1«‘ ST
— —|+= —|=—
4[*’J 3[»J 5
1 4 15
_:E ) |
Giai hé phuong trinh ta dugce Jlr ) = 54 (thoa man diéu kién)
i

. . 15 . L
KL: Vaywvorl | chay riéng sau T =3 gi10 45 phut sé day bé.

. : 5 : C
Vo1 2 chay néng sau 5 =2 210 30 phut sé& day bé.
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Bai 4:
Hai voi cung chay vao bé can hét 1 gio 12 phat = 5 210 thi day bé .

3
Vo1 1 chay trong 30 phut = — gio va vor 2 chay trong 45 phat = 1 210 thi

M| =

duoc ﬂ bé.
36

Bang phan tich tom tit:

o Ning suat lam ddy bé trong
Thoi gian chay day bé (gi0) 1 i (b3)
1
Vo 1 X -
X
. 1
Vo1 2 y y
. 6 >
Ca hai voi - 6
5
Giai:

Goi x (gio) 1a thoi gian dé riéng voi 1 chay day bé, va y (gid) la thoi gian dé

. . o 6 6
riéng voi1 2 chay day bé. Piéu kién (x > E;y > E)

. . - N C A . . .y - " 1 2
Khi moi voi chay riéng, thi moi gio : Voai | chay duoc: — bé
x

Voi 2 chay duoc: - bé
-\)

Khi hai voi chay chung, mdi gio ching chay duoe: 1 - 1 bé
Xy
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. . 6 B
* Theo dé, khi hai vo1 cung chay hét 3 gi0 thi day bé, nén 1 gio ca hai voi chay

S 5
duoc — be, ta c6 phuog trinh: 1 +l == (1)
6 x y 6
PR \ , L . . \ e B g
* Néu Voi 1 chay trong 30 phut = ” 210 va voi 2 chay trong 45 phut = 1 g0

thi duoc 17 bé
36

, {1 ;
Voi 1 chay trong 30 phut = 2 g10 chay duoc : %[i] Vo1 2 chay trong 45

X

V)

phut = — gi¢ thi duoc 311 , nén ta c6 phuong trinh: 11 +3 1 :1_7
4 4

y 2 x 4 ; 36
(2)
1 1 5
—_t—=—
Tur (1) va (2), ta co hé phuong trinh: { ¥ ¥ E
1)L I
2lx) 4 ly) 36
I 11 18
Se . |
Gia1 hé phuong trinh ta duoc “1Y 5, = él (tho main didy kién)
y o "2

; : 18 . N

KL: Vayvoi 1 chay riéng sau 1 g10 s€ day be.
8 . Ea 9 5 v o A ALK
Voi 2 chay riéng sau 5 =4 210 30 phut sé day bé.

Dang cung lam chung cong viéc

Bai 5:

Goi x (ngay) la thoi gian dé doi thir nhat 1am riéng va lam xong cong viéc, va y
(ngay) la thoi gian dé doi thir hai lam riéng va lam xong cong viée. Diéu kién (

x>24;y>24)
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X amt e ea R e Al 1s I A
Khi moi1 dé1 lam riéng thi mo1 ngay dd1 mot lam duoe: — cong viée, doé1 hai
X

, I I
lam dugc: — cong viée.
}?

(1)

Theo dé, nang suat déi mot gép rudt do1 hat: l =15 l
X y

Ca hai do1 cung lam trong 24 ngay thi xong, nén moi ngay ca hai dé1 lam duoc:

Ll g
x y 24
LI
Tur (1) va (2), ta cd hé phuong trinh: ’1‘ 1 yl
Xy 24
Giai h¢ phuong trinh ta duoc nghiém la {"" :28 (thod mén didu kién)
y =

KL: Vay néu mdi doi 1am riéng thi doi 1 can 40 ngay dé lam xong cong viéc,

do6i hai can 60 ngay dé lam xong céng viéc.

Bai 6:

Go1 x (g10) 1a thot gian dé nguot thir nhat 1am riéng va lam xong cong viée, va
y (g10) la thot gian dé nguoi tha hat lam riéng va lam xong cong viéc. Diéu
kién (x >16;y>16)

: P A T T . ” e
Khi nguoi thir nhat lam riéng thi maén gio lam dugce: — cong viée, nguoi thir hai
X

\ ‘a I T T 1 . n
lam riéng thi mo1 gio lam dugce: — cong viéc.
y

Khi lam chung:
Hai nguot lam chung trong 16 gio thi xong cong viéc, nén ca hai nguoi lam

. 1 .
trong 1 gio dugc — gi0, ta co phuong trinh : L+ L (1)
16 x y 16

Khi lam riéng:
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Nguoi thir nhét lam trong 3 gio lam duoc : 3 [L} cong viéc
X

Nguot thir hai lam trong 6 gio lam duoc : 6 [L} cdng viéc
y

. . . 1 .
Khi do ca hai nguoi lam duge 25% = Z cong viéc: 3 {l} + 6{lj = % (2)
X

1

1
Tir (1) va (2), ta cé hé phuong trinh: { ]}’ 161 1
3[_} 6H 1

1

x=24

Giai hé phuong trinh ta dugc nghiém la { (thoa man diéu kién)

KL: Vay néu mdi nguoi 1am riéng thi ngudi thir nhat can 24 gio, va ngudi
thir hai can 48 gio dé hoan thanh céng viée.

Bai 7:

Goi x (ngay) la thoi gian dé dbi thir nhat lam riéng va lam xong céng viée theo

du dinh, va y (ngay) la thoi gian dé doi thir hai lam riéng va lam xong cong
viéc theo du dinh. Piéu kién (x >24:y>24)

Khi mo1 d61 lam riéng thi mo1 ngay do1 moét lam duoge: cong viéc, do1 hai

= | —

. 1 . n
lam dugc: — cong viéc.
}?

Theo dé, hai ddi lam chung trong 12 ngay thi xong viéc, nén mdi ngay ca hai

doi lam duge: L+ 1= L (1)
x y 12
Thue té:
Trong 8 ngay dau ca hai d6i lam duoc : 3_(l+ l} cong viéc
X v

Trong 3,5 ngay tiép theo, ddi 2 cai tién ki thudt nang cao nang suét tang gip

. | 1 :
do1 2[—} nén lam duoc : 3,5 XZ[—J cong viéc.
Y Y
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Ta c6 phuong trinh : 8_(l+l]+3,5 Xg(lj =1
4

XY
[N L1
;12 T w 12
Tur (1) va (2), ta o hé phuong trinh: < * , * s i ® ¥ 12
1 1 1 8 15
8. —+—|4+3,5x2| —|=1 ——=1
x y x oy

S0l fon \ ip A =2 2 o SR A
Giai hé phuong trinh ta dugc nghiém la {x ;? (thoa man dieu kién)
V=2

KL: Vay néu moi1 do1 lam riéng (nang suat khong do1) thi do1 1 can 28 ngay
de lam xong cong viéc, dd1 hai can 21 ngay dé lam xong cong viéc.

Bai 8:

Goi x (g10) la thot gian dé nguoi thir nhat lam riéng va lam xong cong viéc, va
y (g10) la thot gian dé nguot thu hai lam riéng va lam xong cong viéc. Piéu

: 36 36
kién (x > ?);y > ?))

. N\t ’ A \ ‘A N R: o N 1 A ‘A e . .
Khi nguot thtr nhat lam riéng thi moi gio lam duoc: — cong viéc, nguoi thar hai
%

R ‘A R es1s 1 . -
lam riéng thi mo1 gio lam duoc: — cong viéce.
}I

Khi lam chung:

Hai nguot lam chung trong 7 gio 12 phut = g10 thi xong cong viéc, nén

5
X e el 3 By & N U | 5
moi gio ca hai nguoi lam dugc — cong viéc: —+—=— (1)
36 x y 36
Khi lam riéng:

Ngudi thir nhat lam trong 5 gior lam duoc : 5 ( lj cong viéc
X

Nguoi thir hai lam trong 6 gio lam duoc : 6 (L] cong viéc
y

. . . 3 .
Khi d6 ca hai nguoi lam dugc Z cong viéc: 5 (lj +6 (_] == ()
X
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L
Tir (1) va (2), ta ¢o hé phuong trinh: {*, X 36
1 1 3
5| — |+6|—|==
[JJ {\J 4

ey A . a . =12 e m ArA 1A
Giai hé phuong trinh ta dugce nghiém la {x 18 (thoa man diéu kién)
y =
KL: Viy néu mdi ngudi 1am riéng thi ngudi thi nhat can 12 gio, va ngudi

thir hai can 18 gior dé hoan thanh cong viéc.

Bai 9:

Goi x (ngay) la thoi gian dé& nguoi thir nhat lam riéng va lam xong cong viéc,
va y (ngay) la thoi gian dé nguoi thtr hai lam riéng va lam xong cdng viée,
Diéu kién (x > 4;y>4)

. o LA Tae A Cox | I - o
Khi nguot thir nhat [am riéng thi mo1 ngay lam duge: — cong viée, nguoi thir
X

e en N T 1. .
hai lam riéng thi mo1 ngay lam duge: — cong viéc.
}l
Khi lam chung:
Hai nguoi lam chung trong 4 ngay thi xong cong viéc, nén mdi ngay ca hai

. 1 :
nguo1 lam duge — cong viéc: i+l -1 (1)
4 x y 4

Khi lam riéng:

Nguoi thir nhat 1am trong 9 + 1 = 10 ngay lam duoc : 10 [1] cong viée
X

Nguoi thir hai [am trong 1 ngay lam duogc : 1 cong viéc

)
Khi d6 ca hai nguoi lam xong cong viée nén: 10 [ 1 ] oo
X y
1 1
Tir (1) va (2), ta co hé phuong trinh: {* 7 1
10 —] +—=1
X y
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* =12 (thoa man diéu kién)
y= 6

Giai hé phuong trinh ta dugc nghiém la {
KL: Vay néu moi ngudt lam riéng thi nguot th nhat can 12 ngay, va nguot
thir hai can 6 ngay dé hoan thanh cong viéc.

Bai 10:

Goi x (gio) 1a thoi gian dé mot can cau 16n lam riéng va lam xong cdng viée, va
y (g10) la thot gian dé€ mét can cau bé lam riéng va lam xong cong viéc. Diéu

kién (x >4;y>4)

. ~ A A - ‘ c A N * ~ 12 ] n c A
Khi mot can cau lon lam riéng thi trong 1 g10 € lam dugc: — cong viéc
X

C Al A R4ty a X S s I . n
Khi mét can cau bé lam riéng thi trong 1 gio s€ lam dugc: — cong viée.
y

Truong hop 1: C6 2 ¢an cau 16n lam trong 3 gid, sau d6 ¢6 thém S can cau bé

lam trong 3 gi¢ nira thi xong viéc.

Trong 3 gid dau ¢ 2 can cau 16n 1am viéc : 3(2.11 cong vige
X

Y L N, " 1 1
Trong 3 g10 tiép theo ¢6 2 can cau 16n va 5 can cau bé lam viée: 3[2.—+5.—J
Xy

1 1 1
Ta c6 phuong trinh: 3[2.—]+3[2.—+5.—j:1 (1)
X X y
Truong hop 2: ca 7 ¢an cau cung lam viée tir dau thi trong 4 gid sé xong viée.
, X 1 1
Ta c6 phuong trinh: 4| 2. —+5.— |=1 (2)
X y
Tu (1) va (2), ta co hé phuong trinh:
3[2.lj+3[2.l+5.l]:1 12(1_J+15[1J=1
T 1 e 1)& 1y
4(2._+5._J1 g[_] 20(—]1
Y X Y

Giai hé phuong trinh ta duoc nghiém Ia {x = gg (thod man diu kién)
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KL: Vay néu mot can cau lon lam mét minh trong 24 gio s€ xong viéc. Mot

can cau bé lam mot minh trong 30 gio s& xong viée.

Bai 11:

Goi x (gio) la thoi gian dé t6 thir nhat lam riéng va lam xong cdng viéc, va y
(gi0) 1a thoi gian dé t6 thir hai lam riéng va lam xong cong viéc.

Piéu kién (x> 6;y>6)

- A - ‘A " A - A - * - 1 n ‘A - A
Ning suat lam viéc cua to thu nhat mor gio lam duge: — cong viée, nang suat
X

s s Ry X .y | I
lam viéc cua té thir hai mor gio lam dugc: — cong viéc.
}!
Theo du dinh: Hai d6i lam chung trong 6 gid thi xong cdng viée, nén moi gid

. . 1 .
ca hai nguot lam dugce — cong viéc: 1 + 1 = 1 (1)
6 x y 6

Thuec té; Ca hai té 1am chung trong 5 gio lam duge : 5 (l+ lj cong viéc
Ky

Khi chi con t6 thr nhét (ning suét ting 1,5 lan) lam trong 2 gio lam duoc:
2 [1,5 X 1] cong viéc.
y
Khi do ta ¢6 phuong trinh: 5(L+ l] + 2{1,5 X l} =1(2)
! _x }? }J
T (1) va (2), ta ¢6 hé phuong trinh:
I 1 1 1 1 1
+ +

11 1y < 1y 1
s| St |eof 15|21 s[4 |e8[ L=
Xy v x ¥

Giat hé phuong trinh ta dugce nghiém la {x f ;8 (thoa man diéu kién)

KL: Vay néu mdi to lam riéng theo ning sut ban dau thi to thir nhét cén 18 gid

dé hoan thanh cong viéc, to thir hai can 9 gio dé hoan thanh cong viée.
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e. Dang 5. Bai toan c6 lién quan dén ndi dung hinh hoc

: : 1
+ Dién tich tam giac: S = Ex\ (x la canh day, y la duong cao).

+ Dién tich tam giac vuong: S= Exy vo1 x va y la do dar hai canh goc
vudng. D6 dai canh huyén: 2> = x> + y* (z 1a do dai canh huyén)

+ Dién tich hinh chir nhat: S =xy (x la chiéu rong, y la chiéu dai)
+ Dién tich hinh vuéng: S =" (x 1a d6 dai canh hinh vudng)
: 1 ‘ .
+ Dién tich hinh thang: S = ~2-h.(x+ y) (x la do dai day bé, y la do dai day

16m, h 1a chiéu cao hinh thang).

n(n-3)

+ Pa giac ¢o n dinh thi co6 s6 duong chéo la:

Vi du minh hoa 8: M6t manh dat hinh chir nhat ¢6 chu vi 80 m, néu ting
chiéu dai thém 3m, tang chiéu rong thém Sm thi dién tich cia manh dat ting

~ 2 P CA \ \ CA A " o A
thém 195 cm”. Tinh chiéu dai va chiéu rong ciia manh dat.

Hiréng dan giai :
Bang phan tich tom tit:
Thuec té Khi ¢o thay doi
Chiéu dai X x+3
Chiéu rong y yv+5
Chu vi 2(x+y)=80
Dién tich X.y (x+3)(y+5)=x.y+195
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Giai:

Goi x (mét) 1a chiéu dai ciia manh dat; y (mét) la chiéu rong manh dat. Diéu
kién (x>y=>0)

Thuyec té: Chu vi manh dat bing 80 m, ta ¢c6 phuong trinh : 2(x +y) =80 (1)
Dién tich manh dat: xy (m?)

Khi kich thirc thay ddi: chiéu dai tang thém 3m, chiéu rong tang thém 5m.

Dién tich manh dat méi tang thém 195 m” so véi kich thude ban dau la:

(x+3)(y+5)=xy+195 (2).

2{x+y)=80
T (1) va (2), ta ¢6 hé phuong trinh: (x -‘)
x+3)(}’+5)=xy+195
Xy +5x+3y+15=xy+195 Sx+3y=180

*=30"thoa man diéu kién)

Giai hé phuong trinh ta dugc nghiém la {

KL: Vay chiéu dai manh dét hinh chix nhét 12 30m.
Chiéu rong manh dat hinh chix nhat 1a 10m.

BAI TAP TU LUYEN

Dang thém bét chiéu dai canh ciia cac hinh hinh hoc

Bai 1: Tinh do dai hai canh goc vudng ciia mot tam vudng. Biét néu tang mdi
canh lén 3cm thi dién tich tam giac do sé tang 1én 36cm2, va néu mét canh

giam di 2em, canh kia giam 4cm thi dién tich cua tam giac do giam di 26cm?.

Bai 2: Nha ban Pao ¢6 moét manh vuon tréng ca chua. Vuon dugc lam thanh
nhiéu ludng dé trong ca chua, biét s6 cdy trong mdi ludng bing nhau. Pao tinh
rang: néu tang thém 8 ludng rau nhung mdi ludng trong it di 3 cay thi tong sb
cdy trong vuon giam di 54 cay. Néu giam di 4 lubng, nhung mdi ludng trong
tang thém 2 cdy thi tong s6 cdy trong vuon s& ting thém 32 cdy. Hoi vuon nha

Dao trong bao nhiéu cay ca chua.
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Bai 3: San truong cua trudng Tran Phu 1a hinh chit nhét c6 chu vi 340m. Biét 3
lan chiéu dai Ién hon 4 lan chiéu rong la 20 mét. Tinh chiéu dai va chiéu rong

cua san truong.

Bai 4: Mot manh dat hinh chit nhét c6 chu vi 80m. Néu tang chiéu dai thém
3m, va tang chiéu rong thém 5m thi dién tich cua manh dat ting thém 195m”.

Tinh chiéu dai va chiéu rong ciia manh dat.

Bai 5: M6t thira rudng hinh chir nhat. Néu tang chiéu dai thém 2m va chiéu
rong thém 3m thi dién tich tang 100m*. Néu chiéu dai va chiéu rong cing giam

2m thi dién tich giam di 68m?. Tinh dién tich thira rudng do.

Bai 6: Tinh chu vi cia mét hinh chit nhat, biét ré'mg néu tang chiéu dai va chiéu
rong 1én 5Sm thi dién tich hinh chir nhét ting 225m? Néu ting chiéu rong 1én

2m va giam chiéu dai Sm thi dién tich hinh chir nhat khéng thay d6i.

HUONG DAN GIAI

Dang thém bét chiéu dai canh cia cac hinh hinh hoc
Bai 1:
Goi x vay (cm) 1a do dai hai canh goc vudng. Piéu kién (x > 4;y >4)
_ o] 2
Dién tich tam giac: Exy (cm”)
Khi kich thirc thay doi:
. 1
+ Tang mdi canh thém 3cm, dién tich tam giac moi la: §(x+3)( y+3)
Dién tich manh dit méi tang thém 36 cm? so voi kich thude ban dau la:
l(x+3)(y+3) :ixy+36 (1).
2 ’ 2

+ Néu mdt canh giam di 2em, canh kia giam 4em, dién tich tam giac mon la:

~(x=2)(y-4)
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Dién tich cta tam giac khi do giam di 26em? so vai kich thudc ban dau:
1 1
5(x—2)(y—4) =526 ()

Twr (1) va (2), ta co hé phuong trinh:

1 1
S(x3)(3+3)=Jv+36 o {3x+3y:63
L(xz)(y4)=%xyza 2x+y=30

2

x=12

y=9 (thoa man diéu kién)

Giai hé phuong trinh ta dugce nghiém la {

KL: Vay kich thuéc ban déu cua hai canh cta tam giac vudng la 12cm va 9cm.

Bai 2:

Goi x 1a sb ludng trong cdy, va y la sé cdy trén mdi ludng. Pidu kién (
x>4;y>54)

S6 cdy co thé trong trén manh vuon hién tai 1a; xy (cay)

Khi ¢6 sur thay doi:

Truong hop 1:

Néu tang thém 8 ludng rau : x +8 (ludng)

Moi ludng trong it di 3 cay: y—3 (ciy)

Téng sb cay trong vuon: (x+8)(y—3) giam 54 cdy so vdi sO cay ban dau, nén
ta c6 phuong trinh : (x+8)(y—3) =xv-54 (1)

Truong hop 2:

Néu giam 4 luéng rau : x -4 (lubng)

MObi ludng trong tang thém 2 cdy: y+2 (cdy)

Téng sb cay trong vudn: (x—4) (y+2) tang 32 cdy so vdi sd cdy ban dau, nén
ta ¢6 phuong trinh : (x —4)(y +2) =xy+32  (2)

Tur (1) va (2), ta ¢6 hé phuong trinh:

(x+8).(y—3)=xy—54 -3x+8y=-30
=
(x—4).(y+2)=xy+32 2x—4y =40
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Giai hé phuong trinh ta duoc nghiém 1a {j = (thoa man diéu kién)

KL: Téng s6 cdy ca chua ban dau trén manh vuon 1a 50 x 15 = 750 cdy.

Bai 3:

Goi x (m) la kich thude chiéu dai va y (m) la kich thudc chidu rong cia sén
trurdng hinh chir nhat. Piéu kién (x> 0;y > 0)

Chu vi cua san truong 1a 340m nén ta co6 phuong trinh: Z(x +y) =340 (1)

Ba lan chiéu dai 16n hon bon lan chiéu rong 1a20m: 3x -4y =20  (2)

Tu (1) va (2), ta co hé phuong trinh:

2(x+y)=340 (x+y=170
e
3x -4y =20 3x-4y =20

.. ) X
Giai hé phuong trinh ta dugc nghiém la {v _7

0 (thoa man diéu kién)

KL: San truong hinh chir nhat ¢o chiéu dai 100m va chiéu rong 1a 70m.

Bai 4:

Goi x (m) la kich thude chiéu dai va y (m) la kich thude chiéu rong ciia manh
dét hinh chit nhat. Diéu kién (x > 0;y>0)

Chu vi ciia manh dat 1a 80m nén ta c¢6 phuong trinh: 2(x+y) =80 (1)

Dién tich ban dau cia manh dat la xy (m*).

Tang chiéu dai thém 3m: (x +3), va ting chiéu rong thém Sm: (y+5) thi dién

tich cia manh dat (x+3)(y+5) tang thém 195m” so v&i ban dau, nén ta co

phuong trinh: (x+3)(y+5) =xy+195 (2)

Tir (1) va (2), ta 06 hé phuong trinh: 127 =5

U (1) va(2), ta co hé phuong trinh: (5+3)(145) = 195
x+y=40 x+y=40

= d e Y
xy+35x+3y+15=xy+195 S5x+3y =180
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Giai hé phuong trinh ta dugc nghiém la {\/’ —10 (thoa man diéu kién)

KL: Manh dét hinh chit nhét ¢ chiéu dai 30m va chiéu rong la 10m.

Bai 5:

Goi x (m) la kich thude chiéu dai va y (m) la kich thude chiéu rong cua thira
rudng hinh chit nhat. Piéu kién (x >2;y>2)

Dién tich ban dau cta thira ruéng 1a xy (m?).

Tang chiéu dai thém 2m: (x+2), va ting chidu rong thém 3m: (y+3) thi dién
tich cta thira rudng la (x+2)( y+3) tang thém 100m? so v6i ban dau, nén ta
¢6 phuong trinh: (x+2)(y+3) =xy+100 (1)

Giam chiéu dai di 2m: (X—Q), va giam chiéu rong di 2m: (y—2) thi dién tich
cua thira ruéng la (x—2)(y—2) giam di 68m* so vdi ban dau, nén ta co
phuong trinh: (x—2)(y—2)=xy—68 (2)

(x+2)(y+3)=xy+100

Tu (1) va (2), ta co hé phuong trinh:
()va(@) prions {(x—Z)(y—2):xy—68

{xy+3x+2y+6:xy+100@{3x+2y:94

xy—=2x-2y+4=xy—-068 —2x=-2y=-72

=22 .
Giai hé phuong trinh ta dugc nghiém la {; 14 (thoa man diéu kién)

KL: Thua rudng hinh chir nhat ¢ chiéu dai 22m va chiéu rong la 14m.

Bai 6:

Chit ¥: Trong bai nay, dé yéu cdu tinh chu vi hinh chir nhdt, dé tinh chu vi ta
cdn biét chiéu dai va chiéu réng ciia né. Hon nita, ndi dung bai todan cho biét

suw thay doi cua kich thirc hai canh cua hinh chiv nhdt nén ta phai dat an la kich

thiroc hai canh ciia hinh chir nhdt.
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Goi x (m) la kich thude chiéu dai va y (m) la kich thudc chiéu rong cia hinh
chit nhat. Piéu kién (x > 5;y>0)

Dién tich ban dau cua hinh chit nhét la: xy (mz)

Tang chiéu dai thém Sm: (X+5), va tang chiéu rong thém Sm: (y+5) thi dién
tich cua hinh chit nhat 1a (x+5)( y+5) tang thém 225m? so voi ban dau, nén
ta c6 phuong trinh: (x+5)(y+5)=xy+225 (1)

Tang chiéu rong 1én 2m: (y+2), va giam chiéu dai Sm: (x—5) thi dién tich
hinh chir nhat khong thay d6i, nén ta c6 phuong trinh: (x—S) (y+2) =xy (2)
Tu (1) va (2), ta ¢c6 hé phuong trinh:

(x+5)(y+5):xy+225C> 5x+5y =200
(x=5)(y+2)=2xy 2x-5y=10

=3 ;
Giai hé phuong trinh ta dugc nghiém la {i ~10 (thoa man diéu kién)

KL: San truong hinh chit nhat c¢6 chiéu dai 30m va chiéu rong la 10m.
f. Dang 6. Bai toan c6 lién quan dén ngi dung vt Iy, hoa hoc

m
+ Cong thic : V =B (V 1a thé tich dung dich, m 1a khéi luong dich, D 1a khéi luong

riéng cua dung dich.
Khoi lugng chat tan

Khéi luong dung méi (m téng)

+ Khoi luong nong do dung dich =

Vi du minh hoa 9: Mot dung dich loai 1 chira 30% axit nitoric (tinh theo thé
tich ) va mot dung dich khac loai 2 chira 55% axit nitoric Cén phai tron thém
bao nhiéu lit dung dich loai 1 va loai 2 dé duoc 100 lit dung dich 50% axit

nitoric?
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Huéng dan giai :
Bang phan tich tom tit:
. Luong chat tan Noéng do phéan
Thé tich (lit) b ]

(axit nitoric) tram

Dung dich loai 1 X 30 30%
100

Dung dich loai 2 y 35 55%
100

Dung dich mé1 100 50 50%

‘ 100 30 1 50
Phuong trinh X+y= 100 100 y=.

Giai:
Goi x 1a sd lit dung dich loai 1, vayla sd lit dung dich loai 2 cin dé tao ra dung

dich mai o ti 1€ 50% axit nitoric. (x;y >0)

o . . 30
Luong axit nitoric chira trong x lit dung dich loai 1 1a : ﬁx

o , ) . ... 55
Luong axit nitoric chira trong y lit dung dich loai 2 1a : T00 y

Dung dich méi ¢6 thé tich 100 lit, véi ndng do 50% nén ta c6 cac phuong trinh
sau:

Tong thé tich hai loai dung dich dung dé pha ché: x+y =100 (1)
30 55

Luong axit nitoric trong dung dich mé1: —x+—y =50 (2)
100 100
x+y =100
Tur (1) va (2), ta ¢6 hé phuong trinh: { 30 55 50
— X+ ——vy ="
100 100 ?

x=20

Giai hé phuong trinh ta dugc nghiém la { (thoa man diéu kién)
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KL: Vay can léy 20 lit dung dich loai 1 va 80 lit dung dich loai 2 dé pha ché
dugce 100 lit dung dich ma1 co néng do 50%.
g. Dang 7. Bai toan khac

Ngoai cac dang toan da néu & trén, ching ta co thé gip cac dang toan
khac nhu: toan vé d6 tuoi, toan 131 suat ngan hang, 1a1 vay ngan hang, hoac
loai toan phan chia hang hoa, phéan chia déu, ...

Véi mdi dang do, ta nén lap bang phan tich hodc lap so do (trong toan
chuyén dong) dé dé dang nam bat va dua ra cac phuong trinh hop ly, chinh
xac giup cho viéc gia toan dé dang, trinh bay mach lac hon.

Vi du minh hoa 10: C6 12 chiéc banh Ién cho 12 nguoi an. Biét ring mdi
. . . L x. ) |
nguoi dan 6ng ¢o thé an hét 2 chiéc banh, phu nir mo1 nguot an ) chiéc banh,
N . A 1 A . . , Cn \ - R n A
tré em moi nguo1 an 1 chiéc banh. Hoi ¢6 bao nhiéu nguot dan 6ng, bao nhiéu

nguoi phu nir va bao nhiéu tré em?

Huéng ddn giai :
Bang phan tich tom tat:
S6 luong S6 banh mor Tong s6 banh n
. nguoi an duoc d
(nguot) _ uoc
(chiéc)
Dan 6ng X 2 2x
T 1 l }!
Phu ni¢ y > >
q 1 1.
Tré em z Z 17
1 1
Phuong trinh | x+y+z=12 2x+5}’+zz:12
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Giai:
Goi x, v, z lan luot 1a sb dan dng, phy ni¥, va tré em (x;y;2€ N3 x,y,2>0)

S6 banh ma x nguoi dan 6ng an hétla : 2 x

, ) , 1
S6 banh ma y nguoi phu nit an hét la Ey

. : 1
So banh ma z tré em an hét 1a Z?
Do tong so nguoi la 12 ngudi nén ta co phuong trinh: x+y+z=12 (1)

. . . . 1 1
Tong s6 banh ma 12 nguodi an 1a 12 chiéc banh nén: 2x + Ey + Zz =12 (2)

x+y+z=12

X+y+z=12
{8x+2y+z=48

Tu (1) va (2), ta ¢6 hé phuong trinh:
ir (1) va (2), ta ¢6 hé phuong trin {2x+l}’+lzl2

x+y+z=12 x+y+z=12 x+y+z=12
P = P
{8x+2y+z:48 {7x+y:36 y=36-"7x

Vix, vy, zlacac s tunhién, va y=36—7x phai la s nguyén duong nén :

24 " — )= 7 =
1<36-Tx<12 & -35<Tx<-24 > —<yc5m|¥=I2Y=1=2=6

7 x=4=y=8=z=0
Loai truong hop z= 0, nhdan nghiém la x=5;y=1;z=

KL: Vay ¢o6 5 nguot dan 6ng, 1 phu nir va 6 tré em.

BAI TAP TU LUYEN

Dang diy ban — ghé

Bai 1: Trong phong hoc co mét s6 day ban ghé dai. Néu xép mdi day 3 hoc
sinh thi 6 hoc sinh khong c6 chd ngdi. Néu xép mdi day 4 hoc sinh thi thira mét
day. Hoi 16p c6 bao nhiéu ddy ban ghé va bao nhiéu hoc sinh.

Bai 2: Pé sira mot ngdi nha can mét sb tho 1am viée trong thoi gian quy dinh.

Néu giam 3 ngudi thi mat thém 6 ngay dé hoan thanh, néu ting thém 2 ngudi

s& hoan thanh sém hon 2 ngay. Hoi theo quy dinh thi can bao nhiéu tho va lam
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trong bao nhiéu ngay? Biét ring kha ning lao dong ctia mdi ¢ong nhan déu nhu

nhau.

Bai 3: Trong mot phong hop c6 mét s6 ghé dai. Néu xép mdi ghé 5 nguoi thi
¢6 9 nguoi khong co chd ngdi. Néu xép mdi ghé 6 nguoi thi thira 1 ghé. Hoi

phong hop co bao nhiéu ghé va bao nhiéu ngudi du hop?

HUGONG DAN GIAI

Dang day ban — ghé
Bai 1:
Goi x la sé day ghé va y 1a s6 hoc sinh co trong phong hoc. Diéu kién (
x>2.y>0)
Xép mdi day 3 hoc sinh thi 6 hoc sinh khéng c6 chd ngbi:
+ S6 day ghé duoc sir dung: x
+ 86 hoc sinh ngdi trong mdi day: 3
+ S6 hoc sinh ¢6 chd ngdi : 3x
+ 86 hoc sinh khong co chd ngdi : 6
Do do6 tong s6 hoc sinh ¢6 chd ngdi cong véi 6 hoc sinh khong ¢6 chd ngdi
bang s6 hoc sinh ¢ trong phong hoc, nén ta c6 phuong trinh: 3x+6=1y (1)
Xép mdi diy 4 hoc sinh thi thira mot day.
+ S6 day ghé duoc sir dung: x — 1
+ S6 hoc sinh ngdi trong mdi day: 4
+ 86 hoc sinh ¢6 chd ngdi : 4(x—1)
+ S6 hoc sinh khong co chd ngéi -0
Do do tat ca hoc sinh déu ¢6 chd ngdi, nén ta co phuong trinh: 4(x —1) =y (2)
Tu (1) va (2), ta co hé phuong trinh:
{3“6 o {hy s {x =10 thoa man diéu kién)

4x-1)=y 4x—-y=4 y=36

KL: Vay phong hoc ¢6 10 day ghé va 36 hoc sinh.
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Bai 2:
Goi x la s6 tho can thiét va y 1a sé ngay dé hoan thanh cong viée theo quy dinh.
Piéu kién (x>3;y>2)

Bang phan tich s6 liéu:

S6 tho lao dong S6 ngay lam Tong s cong lao dong
X y Xy
3 y+6 (x—3)(y+6)
x+2 y=2 (x+2)(y—2)

Do kha ning lao dong cia mdi nguoi tho déu nhu nhau nén: tong s6 cong lao
dong (ning suat lao dong mot ngay cua 1 ngudi tho) dé hoan thanh cong viée
la bang nhau trong cac truong hop.

+ Tong s6 cong lao dong ban dau v&i x nguoi tho va y ngay lam: xy

+ Tdng s cong lao dong khi giam 3 tho va sé ngay lao dong ting 6 ngay la:
(x —3)(y + 6), nén ta c6 phuong trinh: (X—3)(y+6) =xy (1)

+ Tong s6 cong lao dong khi ting 2 tho va so ngay lao dong giam 2 ngay la:

(x +2)(y —2) , nén ta co phuong trinh: (x +2)(y—2) =xy (2)

(x=3)v+6)=xy

Tur (1) va (2), ta co hé phuong trinh: {(x L (r—2) =3

{xy+6x3y18:xy {6x3y:18
<

x=8 o .
= (thod man diéu kién)
—2x+2y=4 0

xy—-2x+2y—-4=xy y=1

KL: Theo quy dinh can 8 nguoi tho 1lam trong 10 ngay dé lam xong cong viéc.
Bai 3:

Goi x 1a sb ghé va y la sé nguoi du hop c6 mat trong phong. Piéu kién (
x>1y>9)

Xép mdi ghé 5 ngudi thi ¢6 9 ngudi khdng c¢6 chd ngdi:

+ 86 day ghé duoc sir dung: x
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+ S6 ngudi ngdi trong mdi day: 5
+ 86 nguoi co chd ngdi : 5x
+ Sb nguoi khong ¢ chd ngdi : 9
Do do6 tong sb nguoi ¢o chd ngdi cong véi 9 ngudi khong co chd ngdi biang
tdng sd ngudi ¢o mat trong phong hop, nén ta ¢o phuong trinh: 5x+9=y (1)
Xép mdi ghé 6 ngudi thi thira 1 ghé.
+ S6 day ghé duoc sir dung: x — 1
+ S6 nguoi ngdi trong mdi day: 6
+ S6 ngudi ¢o chd ngdi 6()6—1)
+ S6 ngudi khong co chd ngdi : 0
Do tét ca moi ngudi déu c¢o chd ngdi, nén ta co phuong trinh: 6(x—1) =y (2)
Tu (1) va (2), ta co hé phuong trinh:
5x+9=y S5x-y=-9 x=15 L
{6(3( 1) _y & {61’ =6 & {y g4 (thoa man diéu kién)

KL: Vay trong phong hop ¢ 15 day ghé va co 84 ngudi du hop.
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V. ON TAP CHUONG 3

SO PO TUDUY CHUONG 3
/ Phuong trinh (1) ¢6 dé thi la duong thing d; : \
N
( G 1. .8 ..
p=l L x+ L vGi(h 20
3 | b A-rb] v (b, ) -~
‘ Phwong trinh (2) ¢6 dé thi 13 duong thing ds : '
’_/ az'\ .+C",_ 4 (h 0
J_i_b_ x+-=véi(h,#0) Sb nghiém
\ 2

A 2 - A 1x A
\ / cna hé 14 so0

giao diém cia

trinh (1) va (2) thang di va d»

\\ T

Nghiém cta hé la nghiém chung cta ca hai phuong ]_ oA hai dwimg

4 AN )
Néu M(x,:Yy,,) la nghiém cta hé N .
\ - <[ ax, +hy, =¢ ﬂ\l'hin nhanh s6 nghiém \
t ax, + bz.)"u = cua hé
.

*Vé nghigm &

Buée 1: Chon PT dZ nhit a_b,c
ciia hé (thudmg 13 pt co hé a v«
s6 don gian) — Biéu dién *Mbt nghiém duy nhat
- in nay theo in kia. Réi a b
thé vao phwong trinh con < o # 5

lai.

HE I‘PHU'O’NG *V6 s6 nghiém &

TRINH BAC a4 b e

NHAT HAI AN Gidi hé \f:f:f J

ax+by=c bing “
Phwong ( Budc 2: Hé phuong trinh méi trong dwong gom phuong trinh

ax+ bzy =G d3 thay 4n, va 1 phuong trinh don gidn ctia hé ban dau). Giai

L hé phuong trinh.

J

Buée 1: Xac dinh 4n (x hoic Y,...) ban mubn khir (loai bé).

Xem xét hé s6 dimg trwde An dé & ca hai phwong trinh ciia hé.

Réi nhéin thém hé s6 sao cho hé s6 ciia chiing bing nhau

(khéng quan tim diu).

L J
\

Giai hé

bing Bude 2: Cong vé theo vé néu hé s6 ciia in muén khir & hai
1 Phwong phuong trinh trai ddu, va trir vé theo vé néu hé s6 cia 4n mudn
phap cong khtr & hai phwone trinh cing diu.
dai sb \ <
- )
Buéce 3: Hé gdbm phwong trinh méi va mét phuong trinh don
gian cia h¢ ban diu. Giai hé phwong trinh.
\. /
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Buoe 1: Lip Dit an (don vi va diéu kién
phuong trinh, hé
phwong trinh m— \
Bidu dién céc dai lvong
N chua biét qua an
PHUONG Budce 2 : Giai P
PHAP phwong trinh, hé
CHUNG phuong trinh )
) Duya vao moi lién hé gitra
\ cdc dai lwgng dé lap ra
Bude 3 : i phwong trinh, h¢ phuong
GIAI BAI chiéu diéu kién trinh
CACH LAP \ J
PHUONG :
TRINH, HE Dang toan chuyén dong ]
PHUONG
TRINH Dang toan vé ning suat lao dong
-
Dang todn lam chung, lam riéng —
vo1 nude chay chung, chay riéng
/

Dang toan sip xép, chia déu san pham (hang hod,...) ]

Dang toan tim so ]

"

Dang todn lién quan ti s6 phan tram %

Dang toan ¢6 n1 dung hinh hoc
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Dua vao cac dai lwong: quang dudng (s), van toc (v),

va tho1 gian (t) cua vat trong cong thirc: s =11

Dang toan
/Dua vao nguyén 1y ¢ong van téc: \

Vi du khi giai bai toan chuyén dong cia thuyén trén

chuyén

dong

song ta co:
v.tuoidong = vzhu_ren + va'ongm.‘or
G!AI B:AI va vnguaca'ong = v[hu)'en - vdongnuoc
TOAN BANG K )
CACH LAP
PHUONG ~N
Tl}uNg’N HGE Dang toan Dua vao quan h¢ cua cac dai lugng: nang suat lao
. veé ning dong N, thoi gian d& hoan thanh cong viée t, lugng
TRINH £
) suat lao 5
dong cong viécdalams. Thitaco N =—
t
J
TR TIT
Néu x gio (ngay) lam xong cong viéc thi moi gio
1 o
(ngay) lam dugc — cong viée do.
X
J
f A [y K- S 1 Lis \
Néu trong 1 gi¢ doi twong A lam duwoe —, doi twong
X
1 ; ;
B lam dugc — cong viée thi lwgng cong viée ma ca
),'
5 T TR i
D ; hai lam dwgc trong 1 gio la —+ — cong viéc.
ang toan Xy
lam chung \
lam riéng
1 —voinudce
cha Lo i | s R T
v Néu moi gio lam duge — cong viée, thi n gid s€ lam
chung X
chay riéng 1 2
;/ duoc n.[ — ) =— cong viée.
\ X X
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Dang toan
sdp xép, chia

déu san pham

Dang toan tim

Dang toan
lién quan ti s0
phan tram %

Dang toan c6
ndi dung hinh
hoc

A 4

n la s6 lwong hang hoa phan phéi cho mdi xe, x 1a s6 xe
chd hang, N la tong s6 hang hoa trong kho (hodc téng
lwpng hang hoa cdn cho).

\Ta co: N=nx >

J

,
Dua vao moi lién hé gitra cac hang (don vi) trong mét so.

Vi du: ab=10a+b; abc=100a+10b+c¢
.

\,

/

'
Chu ¥ céc két qua sau: n% ctia A nghia la (&.A ).

Vi du 15% ctia 900 la: 11.%0.900 =134

J
S5 A bing n% s6 B nghia la: 4= M B hay A = L\
100 B 100

Vi du: téng san phim cua cdng ty thir hai bing 80%
tong san pham clia cong ty thir nhat. Biét tong san
pham ciia cong ty thir nhat la 4500sp. Ta suy ra, cong
ty thir hai lam dwgc s6 san pham la:

80

Téng san pham cty 2 = ﬁ.4500 =3600 (sp)

ﬁ}ié tri dai lvgng A tang 1&€n n% thi duoc gia tri moi 151:\
A+ % .4 . Vi du: Thang giéng céng ty may duge

5000 san pham. Thang hai tong san pham ting 20% so
vi thang trude. Vay sd san phdm cong ty san xuét

duogc trong thang hai la: 5000+ %.5 000 =6000(sp).

D01 voi loai nay cac em can nam vimg cac cong thire
tinh chu vi, dién tich ctia cac hinh da giac dic biét, dinh

ly phytago va céc hé thire lwong trong tam giac, ...
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BAI TAP ON TAP CHUONG III

Bai 1. Giai cac hé phuong trinh sau, va minh hoa hinh hoc két qua tim dugc

. 3x-2y=6 b J2x+5y=1
2x-y=-2 2x+y=—4
I 133
12 4127 42
o3 ' .
’C—E}’*—Z —x+—y=’%

Bai 2. Giai cac hé phuong trinh sau, rdi tim nghiém géan dung chinh xac dén

hai chir s6 thap phén:

2 N 4 _ 3x 7i:\6

a x—-1 3y+1 b x-1 vy+1

' 5 B 8 _s ’ x 3y _
x—1 3y+1 x—1 y+1
\/§x+(\/5—1)y:2 J ﬁx_z).:ls_zﬁ

€7 ) 2 2
(l—ﬁ)x—\/g}«'=2 5x+ 4Ty =9

. ) i 3x—y=—-m
Bai 3. Cho hé phuong trinh: 5
Ox—m~y = 33

a. Vo1 gia tr1 nao cia m thi hé phuong trinh vé nghiém ?

b. Véi gia tri nao ciia m thi hé phuong trinh ¢6 vo sé nghiém ? Khi d6 hay tim

dang tong quat nghiém ciia hé phuong trinh.
c. V6i gia tri nao ciia m thi hé phuong trinh ¢6 nghiém duy nhét ?

Bai 4. Mot ngudi di tir A dén C, trén dudng phai di qua B. Biét van tbc doan
AB la 6 km/h, va véan toc doan BC la 4 km/h. Sau mét thdi gian nghi tai C
ngudi do quay trd vé A bang duong cii va du dinh phai di sao cho thoi gian di
tir C vé A bing thoi gian di tir A dén C. Mudn vy ngudi do phai di trén quéng
duong CA véi van toc 5 km/h. Nhung do su ¢b, nguoi d6 phai & lai B trong 24
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phut nén muén vé dung gid nén phai tang téc thanh 6 km/h trén quing duong

BA. Tinh chiéu dai quing duong AB, BC?

Bai 5. Co6 hai loai thép vun, loai I chira 5% niken, loai I chira 40% niken. Hoi
can phai c¢6 bao nhiéu thép vun mdi loai dé luyén duoc 140 tan thép chira 30%

niken.

HUONG DAN GIAI BAI TAP ON CHUONG I1I

Bai 1. Giai cac hé phuong trinh sau, va minh hoa hinh hoc két qua tim duogc :

2 10 [3x-2y=6
' Ex—y:—Z 3x-2y=-4

Hé phuong trinh v6 nghiém vi a_h L Hoc sinh tu v€ hinh.

) O

5
2x+5y =1 4y =5 y=1

b. {2x+y=—4<:>{2x+)‘=—4<:> L

8

Vay nghiém cua hé phuong trinh la : (“—;‘—j, Hoc sinh tu vé& hinh.

)C+%J':i 2y=3 x=0
.1 2 4 ol 3 9o 3
3,2 EegyE—g S
X 2}'* 4 2 4 2

1 3 3
d El_zy__g 2x-3y=-6
' 3 —2x+3y=6
—x+5y=3
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Vay hé phuong trinh co vo sé nghiém vi il h R
a b o
xel/ vell
Nghiém tong quat ctia hé phuong trinh la: 2 hodc 3
y=—x+2 yzix—3

Hoc sinh tu vé hinh.
Bai 2. Giai cac hé phuong trinh sau, rdi tim nghiém géan dung chinh xac dén
hai chir s6 thap phén:

1 1 b
x—1 3y+1

. 1
a. Pieu kién : x;tl;y;&—g . bat

2 4 1
+ = _ qa=—
x—1 3y+1 N 2c1+41b—71<:> 3
5 8 5a-8h=5 b
x-1 3y+l 12
1 1
. x=4
Suyra: X1 3 _ o 17
Sy+1 12 12

Vay nghiém gan ding ctia hé phuong trinh 1a x =4, y ~-1,33 .

3x 4y :\/g
b x—1 y+1
) x 3y _
x—-1 vy+1

Didukién: x#Ly#-1 . Dit —— =a—— =
x-1 y+1
Y 4+3\3
4y o
Hé phuong trinh /X1 ¥+l - 3a—4b:\/;<:> 5
D a=3b=-1 3+3
_3y -
x—1 y+1 S
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P 4+3f Jx 4433

Suv a 151 33 -1
uyra o f l){_3+\/_

y+l 5 2-43

Vay nghiém gan ding cia hé phuong trinh 1 x 2,19,y ~16,55 .

\Eer(\Efl)y

=)
N R -
(1—\/§)x—\/§y:2 2-V3-1

:ﬁ—:ﬁ—l

Vay nghiém gan ding cta hé phuong trinh 1a x = 1,57, y = 1,57 .

J3\/§ 15-247 szx/g

d. 2 2 ~ ﬁ
] Sx+447y =9 13’:7
Vay nghiém gan ding cta hé phuong trinh 1a x ~2,24;y ~1,32 .
Bai 3. Ha oh inh Ix—y=- 9x -3y =-3m
ai 3. Hé phuong trinh:
l P 8 Ox —m y——'%\/_ 9x—m2y:—3\/§

Trir vé theo vé ta duoc phuong trinh: mzy—3y =3J3-3m

= (n12 —3)y +3(m—\/§) =0 (1) day la dang phuong trinh bac nhat

ax+b=0 .
Vi a:mE—?); b:3(m—\/§) .

a. Hé phuong trinh v6 nghiém < (1) vo nghiém.
2 —
{a—O m-—-3=0 m* =3
< < o
b#07"|3(m=-\B)20" |m-B3%0

@{Zijﬁ/_@m_ﬁ

Facebook: https://www.facebook.com/thayphamnguven 125



Pham Nguyén — DT: 0935555826

Vay hé phuong trinh vé nghiém khi m= _\/57 .

b. Hé phuong trinh ¢6 vo s6 nghiém < (1) ¢6 vo sé nghiém.
2 _ ”
<j{ar:O@) m-—3=0 o m =3
b=0""13(m=\3)=0" |m-3=0

Q{Z:fff@m—ﬁ

Vay hé phuong trinh ¢6 v6 sb nghiém khi m= \/3

3x—y:—\/§

Khi do, ta co hé phuong trinh:
PREonE {9)5 —3y=-33

Hé co6 vo so nghiém. Dang tong quat nghiém cua hé la :

xell yel
hoa _
y=3x—\/§ oac x=2 ;/5

c. Hé phuong trinh ¢6 nghiém duy nhat< (1) ¢6 nghiém duy nhat.
Saz0om’ 320 #3om=+/3

Vay hé phuong trinh v6 nghiém khi m= —\/5 .

Bai 4.

Goi x (km) la chiéu dai quang duong AB va y (km) la chiéu dai quang duong
BC.

Diéu kién: x>0,y >0 .

* Khi di tir A qua B dé dén C:

. . . X .
+ Trén doan duong AB cé vén toc 6 km/h nén thoi gian dila 3 (g10)
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+n%mmmw@ch@m&4mmm@mmgm&w:f@w)
A LA e . XY

Nén tong thot gian khi di 1a : g+2

* Theo du dinh néu di trén ca quang duong tir C vé& A voi van tée 5 km/h s& vé
e XY e L e

vo1 thot gian 5 (g10) bang thot gian luc di.
- . . X y_x+y

Nén ta cé phuong trinh : g+1 ZT (D)

* Thye té -

+ Trén doan duong CB ¢o6 vén téc 5 km/h nén thoi gian di CB la : g 210)
+ Thot gian dung ¢ B 24 phat = 3 (g10)

. X
+ Trén doan duong BA c6 van toc 6 km/h nén thot gian di BA la - s (g10)

. o o 2 x Lo, . >
Nén tong thot gian khi vé 1a : §+§+E van bang thot gian du kién nén ta co

h trinh y+2+ Xy (2)
uong trinh © —+—+—=
pauong 556 5
X y_oxty 2=
A o )6 45 20 30 . )y=38
Vay, ta c6 hé phuong trinh Z+%+£7x+y<:> 2 x Q{x=12
5 5 6 5 5 30

KL : Vay, quang duong AB dai 12 km, quang duong BC dai 8 km.

Bai 5. Co hai loai thép vun, loai | chira 5% niken, loai I chira 40% niken. Hot
can phai ¢6 bao nhiéu thép vun méi loai dé luyén dugc 140 tan thép chira 30%

niken.
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Goi x 14 s6 tan thép vun loai I, va y 1a s6 tan thép vun loai IT (0 < x;y <140).

Ta co phuong trinh: x+y =140 (1)

: , 5 ,
Khoi luong niken c6 trong x tan thép vun loai I 1a: 5%xx = X X (tan)
100 20
. . 40 2 .
Khéi luong niken ¢6 trong y tan thép vun loai IT la: 40%x y = ﬁ = ?y (tan)

Khéi luong niken c6 trong 140 tan thép luyén 1a: 30% x 140 = 42 (tén)
Luong niken co trong thép luyén bing tong lugng niken co trong thanh phan

o o X 2y
cua hai loai thép vun, nén ta c6 phuong trinh : 20 + 3 =42 (2)

x=40

=100

x+y=140
{ (thoa diéu kién)

Ta c6 hé phuong trinh : § x +2_y 40 e
20 5

Viy, can 40 tan thép vun loai I va 100 tim thép vun loai 1.
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VI. DPE KIEM TRA CHUONG 3

KIEM TRA 1 I[ET CHUONG I11 Piém
Howvatén: ........... ... ... ... MQN: TOAN
Lép ... Ngay kiémtra: ..............
PE SO 01

I Tric nghiém: Hay khoanh tron vao céu tra 1oi dung nhat

Ciu 1:Trong cac phuong trinh sau, phuong trinh nao 1a phuong trinh bac nhat hai an:
A 4x*+5y=7 B. x+2y° =5

C. 2x° +3)° =1 D. 2x+5y=9

Cau 2: Cap sb nao sau day 1a mdt nghiém cua phuong trinh 2x+3y=12?

A. (0.3) B. (3:0) C. (—1;?) D. [1;?]

) . 4x+5y =3
Cau 3: Cap so nao sau day la nghiém cua hé PT ¥—3y=5
A (2:1) B. (2 -1) C. (2:-1) D.(3; 1)

Ciu 4: Vi gia tri ndao cia k thi phuong trinh x —ky = -1 nhan cap s6 (1; 2) lam
nghiém.

A k=2 B k=1 C k=-1 D k=0
1L Tw lugn:
Bai 1: (3 diém). Giar hé phuong trinh
{ny:3 {4x+3y:6
a. b.
x+2y=4 2x+y=4

Bai 2. (3,5 diém). Mot cira hang co tong cong 28 chiée Ti vi va Ta lanh. Gia mdi cai
Tu lanh 1a 15 triéu dong, mdi cai Ti vi 1a 30 triéu néu ban hét 28 cai Tivi va Tu lanh
nay chu ctra hang sé thu duoc 720 triéu. Hoi mdi loai ¢6 bao nhiéu cai ?
Bai 3: (1,5 diém)Cho hé phuong trinh {’“ my =4

x+y=1
a. Tim m dé hé phuong trinh trén co nghiém duy nhat, v6 s nghiém
b. Tim m dé hé phuong trinh trén cé6 nghiém x <0,y >0

HET
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Phén I: Triic nghiém (2d)

DAP AN- HUONG DAN CHAM - PE SO 01
Mo1 cdu chon dung, noi thich hop duoc 0,5 d

Cau

1 2 3 4

Dap an

D D C B

B T lufin: (8 diém)

Ciu | Y Noi dung dap an Biéu
diém
2x —y= 3 y= 2x-3
3 | \xs2p=4" |x+ 2(2x-3)=4
1,5 1,5d
d y=2x-3 y=2x-3 x=2
= = =
1 5x=10 x=2 yv=1
3d 4x+3y=6 - 4x+3y=6
b 2x+y=4 dx+2y=8
1,5 1,5d
: 4x+3.y=6 4x+3.(-2)=6 =3 ’
d | o RPN (-2) e
Goixla sé cai Tu lanh x>0, x nguyén duong 0.5d
Got y 1a s6 cai Ti vi y>0, y nguyén duong ’
Tong so Ti vi va Tu lanh 1a 28
Theo diéu kién bai toan ta c6 phuong trinh x+y=28 (1) | 0.5d
Gia moi chiée Ti vi 1a 30 triéu, moi chiéc Tua lanh 1a 15 triéu
Ban hét 28 cai Tivi va Tu lanh chu cira hang thu dugc 720 0,5d
2 tl"léu
35 d Theo diéu kién bai toan ta c6 phuong trinh:
’ Ta c6 phuong trinh: 15x + 30y =720 (2)
Keét hop (1) va (2) ta co hé phuong trinh:
{x+y:28 {sz 1,5d
<
15x+30y =720 y=20
Ta thiy x, y phu hop véi diéu kién bai toan
Viay cira hang ¢6 20 ti1 vi va 8 ti lanh 0.5d
Tim duge m # 3 thi hé c6 nghiém duy nhat
Khéng ¢6 m nao dé hé co v s6 nghiém 1d
3 Nghiém cta hé la (x <0,y> 0) :
1,5d - m—4 m—4 <0
T _ 0,5d
m-=3 = m-3 < 3<m<4
1 1
y= >0
m-3 m-3
Luu y: HS lam cich khdc ditng vin tinh diém toi da.
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KIEM TRA 1 :FIET CHUONG I Piém
Hovatén: ......... .. ... ... ... ... MQN: TOAN
Lop:........ Ngay kiem tra: ... ... ... ...
PE SO 02

I- TRAC NGHIEM: (3diém)
Bai 1: Chon chit cdi A, B, C, hodc D cho mbi khing dinh diing.

CAu 1: Phuong trinh nao sau ddy 1a phuong trinh béc nhat hai an ?

A 3xP+2y=-1 B.x-2y =1
C.3x—2y—z=0 D Liy=3
X

CAu 2: Néu phuong trinh mx + 3y = 5 ¢6 nghiém (1; -1) thi m béang;
A 2 B. -2
C. -8 D.8

Cau 3: Cap s6(1;-2) la mdt nghiém cia phuong trinh nao sau day?
A2x-y=0 B.2x+y =1
C.x-2y=5 D. x-2y=-3

Cau 4: Phuong trinh x -3y =0 c6 nghiém tong quat la:
A (xe R;y=3x) B.(x=3y;ye R)
C.(xe R;y=3) D.(x=0,ye R)

Céu 5: Cip sb (2;-3) la nghiém cua hé phuong trinh nao ?

3x
2 —v = 7 —_— =0
A.{xzj‘_ét B. 2+}
X +2y =— x—y=—1
C Ox-2y=6 D. 2x+y=17
2x+0y=1 X -y=5
,. - . Xx+2y=1 . . .
Cau 6: Hé phuong trinh : y ¢6 bao nhiéu nghiém?
2x -4y =5
A. V6 nghiém B. M6t nghiém duy nhat
C. Hai nghiém D.Vo s nghiém
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2x -3y =5 _ _
Ciau 7: Hé phuong trinh { A v6 nghiém khi :
4x+my =2
A m=-6 B m=1
C. m=-1 D m=6
2x+ty=1 .
Ciau 8: Hé phuong trinh { Y s c6 nghiém la:
X -y=
A (2;-3) B. (-2;3)
C. (-49) D. (-4;-9)
. = 0:6#0
Bai 2: Cho hé phuong trinh: | &~ ¥~ © (a#0,020)
ax +by=c (a'# 0.b' # 0)

Dién dau “x” vao o “Dang” hodc “Sai” cho cdc khdng dinh sau?

Cau | N§i dung Pung | Sai
1 Hé phuong trinh trén co nghiém duy nhét khi: 3‘ = %
a
2 A A ~ r - ‘A .. a b
Hé phuong trinh trén c6 hai nghiém khi: —# o
a
3 Hé phuong trinh trén ¢6 v6 s6 nghiém khi: 3. = % = i.
a c
4 n . A A < o ..a b ¢
H¢ phuong trinh trén v6 nghiém nghiém khi: = = o *—
a C
IL. TU LUAN: (7 diém)
Bai 3: Giai cac hé phuong trinh sau: (3 diém)
1/ {3x+y=3 2/ {x+2y=5
2x—y=17 3x+4y =5

. 3y=—4
Bai 4: (1 diém) Cho hé phuong trinh {mx+ )
x-2y=5
Xac dinh m dé hé phuong trinh ¢6 nghiém duy nhét?
Bai 5: (3 diém) Giai bai toan sau bang cach lap hé phuong trinh:

Tim hai s6 tu nhién biét ring: Tong cta ching bang 1012. Hai 1an s6 lén cong sb nho
bing 2014,
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DAP AN- HUONG DAN CHAM - BE SO 02

I Triic nghiém: (3 diém) Mdi cdu ding diroe 0,25 diém

Bai 1
Cau | 2 3 _ 5 6 7 1|2 A
Pap B| D | C|A|A | B |A| A|S|S b
an
II. Ty ludn (7 diém)
Ciu Noi dung trinh bay Diém
Bai 3 3x+y=3 5x=10 x=2 x=2
1/ = <=> <=>
(M6i buée bién doi twong dwong dwoc 0,5 diém)
{x+2y5 {2x+4y10 {X—S x=-5
2/ = = =
3x+4y =5 3x+4y =5 X+2y =5 v=>5
- C . 1,5
(Moi buoce bién doi twong dwong dwoc 0,5 diém)
Bai 4 | Hé phuong trinh da cho c6 nghiém khi:
0 | m, 3,03 10
1 -2 2
Bai 5 | Goi hai sO tu nhién can tim la x, y 0,5
3d) | (PK: x;y e ; 1012> x>y >0) 0,25
Tong cua ching bang 1012, nén ta ¢o pt:
x+y=1012 (1) 0,5
Hai lan s6 16n cong s6 nho bang 2014, nén ta ¢o pt:
2x +y=2014(2) 0,5
=1012
Tir (1) va (2), ta co hé phuong trinh.{ >
2X + y= 2014 O 5
. =1002 N
Giai hé pt ta duogce: {X thoa man diéu kién
y=10 0,5
Viy: Hai s tu nhién cén tim la: 1002 va 10. 0.25
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KIEM TRA 1 TIET CHUONG Il | Biem
Hovatén: .............................. MON: TOAN
Lop ... ... Ngay kiémtra: ... ... ...
PE SO 03
I. Phén triic nghiém: (3d) Luwa chon ddp dn ding
Ciu 1: Phuong trinh nao sau day la phuong trinh bac nhét hai an?
A xy+x=3 B.2x-y=0
C.x*+2y=1 D x+3=0
Ciu 2: Duong thing biéu dién tap nghiém cia phuong trinh —x+y=51a
Ay=x-5 B.x=y-5
Cy=x+5 D x=y+5
Cau 3: Cap sb ( 1; - 2) la nghiém cua phuong trinh nao?
A 3x+0y=3 B x=2y=7
C.Ox+2y=4 D x-y=0

i x=2y=5
Cau 4: Cho hé phuong trinh:
-x+2y=1
Két luan nao sau ddy vé tap nghiém ctia hé phuong trinh la dung ?
A. Hé phuong trinh co nghiém (x;y)=(3;-1)
B. Hé phuong trinh v6 nghiém

C. Hé phuong trinh ¢6 vo s6 nghiém ( xe R ; y=—x+3)

D. Hé phuong trinh ¢6 mét nghiém duy nhat.

. o o L ‘ xX+2y=3
Cau 5: Cap so nao sau day la nghiém cua hé phuong trinh |
y:
A(2;1) B.(2;-1)
C(1;-1) D(1;1)
. e, A . ax+y=1 .
Cau 6: Vo1 gia tr1 nao cua a thi hé phuong trinh ¢6 vO sO nghiém ?
xX+y=a
Aa=1 B.a=-1
C.a=1hodca=-1 D.a=2
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IL.Phan Ty ludn: (7d)
Bai 1: (3d) Giai cac hé phuong trinh

Tx+4y=18 Tx-3y=5
a) b)ix v _
3x—4y=2 5+§—2

Bai 2: (3d)

S6 tién mua 7 can cam va 7 can 1é hét 112 000 dong . S6 tién mua 3 can cam va 2 can
1& hét 41 000 dong . Hoi gia mdi can cam va mdi can 18 1a bao nhiéu dong ?

Bai 3: (1d)

Tim a va b biét d6 thi ham sé y = ax + b di qua cac diém (\/2_;4—\/5)

va(2:+/2).
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DAP AN- HUONG DAN CHAM - DE SO 03

I. Triic nghiém: (3d) Miy ding 0,5 d

Cau | 1 [2]3]4[5]6
Pépan B | C |A|[B|D|A

IL. Ty luan: (7d)

Cau | Y Néi dung dap an Diém
Tx+4y=18 10x =20
=
3x—4y=2 3x—4y=2 0.5
1 a
x=2 x=2 x=2
=3 = <
3d 1,5d 6-4y=2 4y =4 y=1
Vay hé PT do cho c¢6 nghiém la ( x;y) =(2; 1) 1
TX=3y=3 (75 -3y=5 [(l4x—6y=10 0,75d
x oy 2=
5+’§=2 3x+2y=12 9x + 6y =36
b
1,5d 23x =46 x =2 x =2
= < 2=
3x+2y=12 2y =6 y=3 0,754
Vay hé PT d6 cho co6 nghiém la ( x;y)= (2; 3).
Goi gia tién moi can cam 1a x (0 < x < 112000); gia tién 0,5d
mdi can 1é lay (0 <y < 112000);
S6 tién mua 7 can cam la: 7x ( nghin dong) S6 tién mua
7 can 1& 1a: 7y ( nghin dong). Theo bai ra ta co phuong 0,5d
trinh; 7x + 7y = 112000 (1)
3 S6 tién mua 3 can cam la : 3x ( nghin dong) .
o , 0,5d
3d SO tién mua 2can 1€ 1a : 2y ( nghin dong)
Theo bai ra ta c6 phuong trinh: 3x + 2y = 41000 (2)
Tx+7y=112000
Tu (1) va (2) ta co hé phuong trinh { ey
3x+2y=41000
- 0,5d
Giai hé phuong trinh trén tim duge x = 9000; y = 7000 d
Vay gia tién mdi can cam la 9000 nghin déng, gi tién
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mai can 1& 1a 7000 nghin dong.

Vi db thi ham sb y = ax + b di qua hai diém (\/5;4—\/5);
(Z;ﬁ)nén toa do cua hai diém (JE;4—\E);(2;\/§)

0,5d
) 2a+b=4-+/2
3 phai thoa méan hé PT V2a+ V2
2a+h :\E
1d
Giai hé phuong trinh trén tim dugc a=-2 ;b= 4 +\/5
Vayvdi a=-2 ;b:4+\/5 thi db thi ham s 0.5d

2

y =ax + b di qua hai diém (v2;4-V2):(2:42).

VII. MOT SO BAI TOAN HAM SO BAC NHAT TRiCH TU PE THI HQC
SINH GIOI, THI CHUYEN TOAN 9

Trong céac dé thi hoc sinh gioi, thi vao 10 chuyén. Dang bai tap dé thi ham sé
bac nhit it duoc ra, vi kha nang danh dd va phéan loai mirc d¢ cua hoc sinh gidi,
chuyén khong cao. Do d6 né it duge ra trong dé thi, dong thoi néu ra s& han
ché trong mét s6 cu hoi, chii dé nhé ma cac hoc sinh pho théng it khi duoc

hoc trén 16p nhu: toa dé diém c6 dinh ctia ho do thi ham s vai tham sd m...

Cau 1: Giai cac hé phuong trinh sau :

|x—l+y—2:2 |x|+y:4
N J[leiw:s' > x4 3]y|=6

Hiréng ddn giai :

J|x—1|+‘y—2|:2 (1)

a. H¢ phuong trinh: Hx ~ 1’+ y=3 2)

Xét phuong trinh (2): |x—1|+y =3 |x—l| =3-y

Thay vao phuong trinh (1), ta duoc: |x—1’+‘y—2|: 2e 3—y+|y—2‘ =2
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+Khi y22=|y-2|=y-2,taco: 3-y+|y-2|=2
<3-y+y-2=2<0y=1 vo nghiém.

+ Khi y<2:~|y—2|=2—y ,ta co: 3—y+|y—2‘:2

3 .
<:>3—y+2—y:2<:>—2y:—3<:>y=: (thoa diéu kién)

3 5
3 x—l:; )C:E
Suyra|x—1‘:5<:> s |
x—1=—— xX=——
2 2
. . , a . 13
KL: Vay hé phuong trinh ¢6 nghiém (x;y) la: [—'—} va [5,5]
b |ﬂ+y:4
' x+ﬂﬂ:6
Xét 4 truong hop:

TH1: x>0;y >0, khi d6 hé phuong trinh bién déi thanh:

x+y=4 2y=2 y=1 v ogrA 1A
o < thoa dicu kién
{x+3y—6 {x+y—4 x:3( ")

THI1: x>0;y <0 , khi d6 hé phuong trinh bién ddi thanh:
]

o e y=—— o
x+y=4 o 4y =2 o 2 (thoa diéu kién)
x-3y=6 x+y=4

oo

THI1: x<0;y>0 | khi d6 hé phuong trinh bién déi thanh:

5
2 ; (thoa diéu kién)

xX=—-—
2

—-x+y=4 4y =10
g p—
{x+3y:6 {x+y:4
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THI: x<0;y<0 | khi d6 hé phuong trinh bién déi thanh:

—x+y=4 -2y =10 y=-5 thod dibu kié
{x—3y:6 Q{—x+y:4<:>{x:—9( oa dieu kién)

KL: Vay hé phuong trinh ¢6 nghiém (x;y)la: (3;1);(%;_%} : (_§§] va
(—9;—5)_

Cau 2: Giai cac hé phuong trinh sau:

3x+yv—z=1 x+3y+2z=8
a 2x—y+2z=5 b. {2x+y+z=6
x—2y-3z=0 3x+y+z=06
Huwéng ddn giai
3x+y-z=1 ()

5 (2)
x=2y-3z=0 (3

Tu phuong trinh (1) : 3x+y—z=1<27=3x+y—1, thay vao hai phuong trinh

con lai cua hé ta duge hé phuong trinh méi hai an:

2x-y+2(3x+y-1)=5  [8xty=7 y=—1
< <
x_2y_3(3x+y—l):0 —8x—5y=-3 x=1

Suy ra: Z.=3.1+(—1)—l=1.

Vay nghiém cua hé phuong trinh la (l;—l;]).

x+3y+2z=8 (hH
b.12x+y+z=6 (2)
3x+y+z=06 (3)

Tur phuong trinh (3) : 3x+v+27=0<27=-3x—y+06, thay vao hai phuong

trinh con lai cia hé ta duoc hé phuong trinh méi hai an:
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x+3y+2(—3x—y+6):SQ{_stry:_A,Q{x:o
2x+y+(—3x—y+6):6 -x=0

Suyra: z=-3.0-(-4)+6=10.

Vay nghiém cha hé phuong trinh 1a (0;—4;10)_

Cau 3. Tim gia tri cua a dé ba dudng thing sau dong quy:

(d1)12x73y:8
(dz):";’foy:fS
(d3):y=(2+m)x—3m

Huomg ddn gidi :
Toa d6 giao diém cua (d;) va (d,) 1a nghiém cta hé phuong trinh:
2x-3y=8 o= -5
Tx—=5y=-5 y=—0
Vay toa do giao diém cia (d;) va (d;) 1a M(=5,-6) .

Pé ba duong thang dong quy thi M phai thudc duong thang (ds):
y=(2 +m)x—3m

Hay (—5;—6) la nghiém ciia phuong trinh duong thang ds:
6= (2 + m) (—5) —3m

< —-6=-10-5m—-3m
< 8m=-4

<S> m=-—

L9 | =

: 1 . .
Vay, vo1 m= > thi ba duong thang da cho dong quy.
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Cau 4: Tim cac gia tri cia m dé hé phuong trinh sau:

a. {'Hay:z c¢6 nghiém x>0,y >0,
ax—y=1

b. {g*;zi :i ¢o nghiém x>0,y <0,
X+ay=
Huwomg ddn gidi

a. {x+ay—2 co nghiém x >0;y>0.

ax—y=1
Taco: x+ay=2 < x=—ay+2 thay vao phuong trinh (2): a(—ay +2) -y=1

<:>_a2y+2a_y_l<:>(a2+1)y—2a—1.

Vi a® +1>0v6i moi anén = y= za-l thay vao phuong trinh (1)
a” +1
" 2 2
(-a—l] 2a*ta+2a*+2  a+2
Suyra x=—-a +2 = =
2 2 2
a +1 a +1 a +1
a+2
717" fas2s0 |92 |
Viy, dé x>0,y>0 19 +1 = l ©a>—
’ 2a-1 2a-1>0 a>— 2
—>0
a +1

‘ 1 :
KL: Vay voi a> Ethi hé phuong trinh c6 nghiém x>0;y >0.

b. {f;xlz}’—i co nghiém x>0,y <0.
3x+ay=
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_ -3
Ta co: ax—2y:3<:>y:axT3 thay vao phuong trinh (2): 3x+a[ax2 ]:4

<:>6x+a2x—3a:8c>(6+a2)x:3a+8.

3a+8

Y 2 o : A
Vi 6+a” >0véimoi anén = x = -

6+a

3a+8
a -3 5 _ N
ax—3 6+ a” ~ 3a” +8a—-18-3a" 8a—18

2 2(6+a2) 2(6+a2)
;a+§2§>0
. +a 3a+8>0
ay, dé¢ x>0,y <0
Vay, dé y<Ue _8a-18 0 {8a—18<0
2(6+a2)
8
a>——
P 3o -——<a<2
9 3
a<-—
4

.8 9 :
KL: Vay voi 3 <a< " thi hé phuong trinh ¢6 nghiém x>0,y <0.

mx +ny =10

trong d6 m, n la cac s6 nguyén
my+nx =10

Cau 5. Cho hé phuong trinh : {

duong va m > n > 0. Tim cac cip so (m; H) dé hé phuong trinh ¢6 nghiém 1a sb
nguyén duong,

Huwdnmg ddn giai

Hé phuong trinh: | 7%+ =10
my+nx =10 (2)

Trir vé theo vé ta co: mx+ny—my—nx=O<:>(m—n)x—(m—n)y=0
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@(m—n)(x—y)=()_

Matheo déra, m>n nén m—-n>0.

Do d6 phuong trinh: (m—n)(x—y)=0<:>x—y=0<:>x=y.

Thay x =y vao hé phuong trinh, ta ¢o: mx+nx:10<:>(m+n)x=10

10

m+n

Vims>n>0,nén x= . Suy ra m+n la uéc nguyén duong cua 10.

m+n=10(TM)

— m+n=>5(IM)
m+n=2(L)
m+n=1(L)

V&1 m +n =10, ta tim dugc cac cap s thoa man la:
m=9 fim=8 \m=7 {m==06
n=1n=2n=3"\n=4

L. . s e e e im=4 im =3
V61 m + n =5, ta tim dugc cac cép so thoa man la: {n 1 ;{n A

KL: Vay véi cac gia tri cua cap so6 m, n nhu sau thi hé phuong trinh da cho co

nghiém la s6 nguyén duong; m=4.Jm=3 m=9 m=8 |m=7 |m=6
ghs guy 8 ln=1"m=2"n=1"\n=2"n=3"n=4"

2x7 —3x :y2 -2

, LT
2y" —3y=x"-2

Cau 6: Giai cac hé phuong trinh sau: {

Hudng ddn giai

2x2—3x:y2—2
2y2 f3y:x2 -2

[l )2

2):2 —-3y= %% =2

H¢ phuong trinh :{
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{x—y—O (1)
— YV ] — = 2 y — 2_
®{3(§ })(x:) 1)—O<:> 2):r —3}—5 2
R ) — - r— 1 =
2y =3y=x"-2 2 , (1
2y" —3y=x"—
. x—=y=0 x=y
Giai hé phuong trinh (I1): . 5 :
7 phuong trinh (11) {2)-‘2—3y=x‘—2 {x2—3x+2=0
X=Yy x=1 . lx=2
Q{(x—l)(x—2)—0©{y_1 hoac {})—2
Giai hé phuong trinh (I11):
1=0 1 ey
x+y—1= y=1-x 2 . .
o = 3 vd nghiém.
{2y23y:x22 {x2x+']:() [xl Z: gh
KL: Vay, hé phuong trinh ¢6 hai nghiém {x‘i : {-":f
y=1"|y=2
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Chuong 4: HAM SO Y =Ax* (4=0)
VA PHUONG TRINH BAC HAI MOT AN

I. HAM SO Y = Ax* (A=0)

1. Kién thuc trong tam

* Tap xac dinh ciia ham sé:

+Ham sb y = ax* (a#0) xac dinh vo1 mo1 x € R.

* Tinh chét bién thién ciia ham sé:

+ Néu a> 0 thi ham s6 y = ax> (a # 0) nghich bién khi x < 0, va ddng bién
khi x> 0.

+ Néu a <0 thi ham s6 y = ax” (a #0) ddng bién khi x <0 va nghich bién
khi x > 0.

* Pd thi cia ham sb: v = ax? (a#0)

+ Db thi ctia ham sd y= ax’ (a # 0)]a mot duong cong di qua géc toa do va
nhan truc Oy lam truc déi ximg. Pudng cong do6 duoc goi 1a mot Parabol
(P) véi dinh O.

+Néua>0thi y>0 voimoi x#0, y=0 khi x=0. Do d6, d6 thi (P)
ndm phia trén truc hoanh (Ox), dinh O la diém thap nhét cta do thi.

+Néua<0thi v<O0 véimoi x#0 , y=0 khi x=0. Do do, dd thi (P)
nam phia dudi truc hoanh (Ox), dinh O 1a diém cao nhét cua do thi.

2 AR . 2 2 - A & 9 o 2
+ Vi do thi y=ax” (a#0) ludn di qua gdc toa dd va nhan truc Oy lam truc
dbi ximg nén dé vé d6 thi cia ham sd nay, ta chi can tim mét diém & bén
phai truc Oy ro1 lay cac diem doi ximg vai ching qua Oy.
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2. Cac dang toan

a. Dang 1. Xac dinh ham s6 bac hai

Chohamso v=f ( ‘c) duoc goi la ham so bac hat mét an néu phuong trinh
clia ham s6 ¢6

Vay, dé xac dinh mdt ham s6 1a ham s6 bac hat mot an phai thod mén diéu
kién sau :

+ Ham s0 chi chira mét an duy nhat, vé1 bac cao nhat cua an la bac hai.

+ Ham s6 ¢ dang ax’ + bx + ¢ =0 vdi (a#0).
+ Ham s6 c6 dang y=ax2+b cohésd a=0.

+ Ham sb y=ax20(’)hé sd6 a#0.

Vi du minh hoa 1:

Trong cac ham so6 sau, ham so nao la ham so bac hai mot an?

: 1

@ y-Lis b yots ¢ yoitad
x2 5 X
2 2 2

d y=—7+x" e y=l+x—x" f y=3(x—1)

v
Huromg ddn gidi :
2

. \ A 14 1a A1a © Al A 14 X \ 2
Cac ham s6 1a ham s6 bac hai mét an la: y:1+? va y=l+x—x

y=3(x—l)2 =3x° —6x+3.

Vi du minh hoa 2:

Tim m dé ham so sau la ham so bac hat mot an.

a. y :(m:+2)x2 b. y= (H’iz —2))C2

Huréng dan gidi :
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a. Dé ham sdy=(m+2)x> a ham s bac hai khi va chi khi:
m+2#0m#-2

Vay, voi m#—2 thi ham s6 da cho la ham s6 bac hai.

b. Dé ham s6y =(m> —2)x* la ham sb bac hai khi va chi khi:

m#2

R
m2—2¢0<:>m'¢2<:>
m#=-—2

Vay, voi m# 2 thi ham sb da cho la ham sd bac hai.

Dang 2. Diém thudc dd thi ham s6 - V& dd thi ham s

* Cho ham sb y = ax’ (a # 0) ¢6 do thi 1a Parabol (P).

+ Diém M c6 toa dd (xy:)) thude do thi parabol (P) khi va chi khi

Yo = axy’

+ Diém M ¢b toa do (xo;yo) khong thude db thi parabol (P) & v, # axol.

* V& d6 thi ham s6 y=ax” (a=0)
+ Xac dinh dinh cua Parabol 1a géc toa d6 O (0;0).

+ Xac dinh cac diém thudc do thi ham so:

-2 -1 0 1 2

4da a 0 a 4a

+ Hinh dang parabol:
a>0 a<0
0
- [0} h

Parabol nhan truc tung lam truc doi xung.
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Vi du minh hoa 1: Cho hamsé y = %xz .

a. V& db thi (P) cia ham $0.

i b = o 9 5 ;
b. Cac diém sau c6 thudc do thi hay khong: A[B;E),B[—S;;j,C(—IO; 1)?

Huéng dan gidi -
Ham s6 y = %xz c6 do thi 1a parabol (P).

a. D6 thi (P) co dinh 1a O (0;0), ndm phia trén truc hoanh, nhan truc Oy lam
truc dbi xtmg va db thi di qua cac diém sau:

-10 -5 0

W

10

10 10

N | L
N | L

— e - ) - —— —

e e — ———— -

Llfe o o o o o ———

3
s

.2 9 ]
b. Thay toa d¢ diem A(S;Bj vao phuong trinh parabol (P) : y = %x"
9

Ta co: L L(3)2 == 9 (dung). Vay diém A thudc dd thi ham sb.
10 10 10 10

2 5
Thay toa d¢ diém B(—S;;j vao phuong trinh parabol (P) : y = %xz

5 1,2 5 25 5.5
TaCO. E—E(—S) @E—EQE—E (dung)
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Vay diém B thudc d6 thi ham sé.

Thay toa do diém C(—10;1) vao phuong trinh parabol (P) : y = %xz

1 2 100
Taco: 1=—(-10) 1l=—<=1=10 (v0 Iy).
10( ) 10 ( y)

Vay diém B khong thudc do thi ham sb.

b. Dang 3. Sy déng bién — nghich bién ctia d6 thi ham s.

Cho ham s6 y = ax* (¢ #0) xac dinh v&i moi x € R.

+Néu a>0: Ham sé y =ax” (a #0)nghich bién khi x <0, va dong bién
khi x >0,

X -0

0 +00
_}-’=CUC2 (a=0) \ /
0

+ Néu a<0: Ham sé y = ax? (a # 0) déng bién khi x < 0 va nghich bién
khi x > 0.

X -

o) 0 +00
0
y:axz (@=0) / \

Vi du minh hoa 1: Cho ham sé y =(n12 fm) x>, Tim gia tri cia m dé :

a. Ham s6 dong bién voi moi x>0

b. Ham s6 nghich bién véi moi x>0,
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Hudng ddn gidi -
Ham s6 y :(m2 —m) X2,

a Ham s6 déng bién véi moi x>0&>a>0&m” —m>0 < m(m—-1)>0

m>0 {m>0
om>1

Khi {m—1>0 >1

. im<0 m<0
Hoic s o m<0
m—1<0 m <1

Vay voi m <0 hodc m>1 thi ham s6 da cho déng bién véi moi x >0.
. e S 2
b. Ham s6 nghich bién voi moi x>0<=a<0om - m<0 < m(m—l) <0

m>0 {m>()<:>0<m<1

Khi {m—1<0 m<1

Hoac m<0 P m<0 <> Khong co6 gia tr1 nao ciia m thoa man diéu kién
m-1>0 m>1

nay.

Vay voi 0 <m <1 thi ham sb di cho nghich bién voi moi x>0.

c. Dang 4. Gia tri 16n nhit, gia tri nhé nhat cia ham sé

* Ham s6 y=ax” (a #0)
+ Néu a>0 ham s6 c6 gia trj nho nhat bang 0 khi x = 0.

+ Néu a<0 ham s6 ¢o gia tri 1on nhét bang 0 khi x = 0.
* Ham s6 y=ax2+bx+c(a¢0)
+Néu @>0 ham s y =ax® +bx+c (a#0)

. b
¢o gia tr1 nhé nhat khi x =——
2a

+Néu a<0 ham sé y=ax’ +bx+c (a #0)

co gia tri 1on nhat khi x =——
Der

150

Facebook: hitps://www.facebook. com/thayphamnguyen



Pham Nguyeén — PT: 0935555826

d. Dang 5. Viét phwong trinh parabol y=ax’ (a;tO) (tim hé s6 a)

Khi biét toa do ciia mot diém thude do thi ham séy=ax’ (a#0), ta di tim hé

s6 a ciia nd bang cach thay toa do diém do vao phuong trinh ham so.

Vi du minh hoa 1: Cho ham sb y z(m2 —m) x*. Tim gia tri cia m dé do thi

ciia ham s6 di qua diém A4(1;2).
Huéng ddn gidi -
D6 thi ham s6 v =(m? —m)+*di qua diém A(1;2)

<::>2:(m2 —m)(l)2 om*-m=2cm’-m-2=0

_ m=-1
<:>(m+l)(m—2)—0<:{m: 5
Vay, véi m=—1 hoac m =2 thi do thi ham s6 da cho di qua diém A(1;2).

Vi du minh hoa 2: Viét phuong trinh parabol y = ax” . Biét d6 thi cua no di
qua diém M(—Z;S).
Huromg ddn gidi -

Phuong trinh parabol y = ax” di qua diém M (—2;8)
o-8=a(-2) @a=-2

Vay, ham sb céan tim la: y = —2x7.
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e. Dang 6. Twong giao giira Parabol voi dwong thing

Cho parabol y = ax® (a#0) va duong thing y = kx+b.

+ Lap phuong trinh hoanh do giao diém: @ =kx+b (1)

S6 nghiém ctia phuong trinh (1) chinh 14 s6 giao diém ciia parabol véi duong
thang.

+ Toa d6 giao diém (xo; yo) vura la nghiém cua phuong trinh y = axz ,vuala

nghiém cua phuong trinh y =kx+b.

Vi du minh hoa 1: Cho ham sé y =mx” ¢ db thi 1a parabol (P). Tim gi4 tri
ctia m biét rdng dd thi ciia ham sé y = mx? cat duong thing (d) : y =x-3 tai

diém co6 hoanh dd bang 5.

Huréng ddn gidi -

Goi M (x4;)) 1a toa dd giao diém cua (P) va (d).
Theo dé, X =5va M thude (d) nén ta co: Wo=X%—-3)y=5-3),=2

Vay M(5;2). Diém M (5;2) thudc db thi ham sb y = mx

2 2 Los
¢32=mﬁ)c:m=§§_V@Jmn%c®ﬁmm:ygif.

BAI TAP
Bai 1. Cho ham s6 y = -3x°

a. Lap bang tinh gia tr1 ctia ham s0 tai cac diém co hoanh do (x) sau:
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b. V&i gia tri nao cua x thi ham sé (y) nhan cac gia tri sau:

0; 27; - 27, 5;—%; -81; -3

. \ J4 2 \ Soo . A
Bai 2. Choham s6 y = (m - 4) x~ . Tim gia tr; cia m dé:
a. Ham sb déng bién voi moi x >0.

b. Ham s6 nghich bién véi moi x>0,

Bai 3. Cho ham sb ¥ = (k3 —2k+3)x2

a. Xét su bién thién cia ham so trén tap xac dinh cua no?

b. Tim k biét d6 thi ham s6 di qua diém (1,6) ?

~

. 1
Bai 4. Cho ham s6 y =Ex‘

a. V& do thi ciia ham so;

b. Cho céac diém sau: 4(0;1); B(2;2); C[—?};%J- D[—ﬁ;%) diém nao

thude do thi ham sd, diém nao khong thude dd thi ham s&?
Bai 5. Cho ham s6 y = (m + 1))62 . Xac dinh hé sb a trong mdi truong hop sau:

a. D6 thi ctia ham s di qua diém A(I;Q)

b. D thi ciia ham s6 di qua diém B(—4;32).
\ e \ A 1 2
Bai 6. Cho ham s6 y =—§x .

a. Biét diém A(-3;m) thudc do thi ham s6, tim m? Hoi diém A'(3;m) co
thude dd thi ham sb khong? Vi sao?
b. Biét diém M (k;—9) thudc dd thi ham sé, tim k? Hoi diém M'(k;9) co

thude dd thi ham sb khong? Vi sao?

Facebook: hitps://www.facebook.com/thayphamnguyen 153



Pham Nguyén — DT: 0935555826

Bai 7. Cho hamsb y = ax”.

a. X4c dinh ham sé biét dd thi ciia né di qua diém A(x/§;2).
Vé d6 thi ham s voi gia tri tim dugc cua a.
b. Biét B(—x/i ;2) 12 mot didm thudc db thi ham sb trong cdu a, O 1a gbc toa

d6. Tam giac OAB la tam giac gi? Tinh dién tich tam giac OAB.
x o < A 1 2 \

Bai 8. Cho ham so y =5x P)va y=2x-2.

a. V& hai d6 thi ham s nay trén cing mot mit phang toa do.

b. Tim toa d6 giao diém cua hai dd thi trén.

Bai 9. Cho hams6 y = —3x2.

a. Tim cac diém thudc do thi ham so6 ¢6 tung do bang — 9,

b. Tim céc diém thudc dd thi ham sb cach déu hai truc toa do

c. Tim cac diém thudc db thi ham s co tung d gap 9 lan hoanh do.
Bii 10. Cho ham s6 y = kx°.

a. Xac dinh k biét d6 thi ham s6 c6 db thi cat duong thing y=-3x+4 tai diém
cohoanh d6 x = -2.
b. V&i gia tri k tim duge & cau a, hay vé d thi ham sé y = kx® va y=-3x+4

trén cung mot mat phéng toa do.

c. Bé'mg dd thi hay xac dinh toa do giao diém cta dd thi ham s = Joi va

y=-3x+4.
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HUONG DAN GIAI
Bai 1. Cho ham sb y = —3x°

a. Bang tinh gia tr1 cua ham so tai cac diém c6 hoanh d6 (x) sau:

| 1
X -2 -1 | —= 0 — 1 2
2 2
3 3
— 33?2 12| -3 — 0| -1 =31 -12
Y= 4 4

b Véi ¥=0, taco 3% =0=x>=0<x=0;
Voi y=27, tacod 3= =x>=-9 khong co gia tri cia x thoa man;

Vi y=-27 taco 3 =27 x> =9 x=143;

| =

& X=

1
V('riy=—§,tacé —3x2:—é<:>x2: ; i%;

[ge]

Voi y=-3, taco 3x°=-3 <:>x2:1<:>x:4_r1;
Bai 2. Cho ham sb y=(m—4)x2 .

a. Ham s6 dong bién vai moi x>0
S m-4>0 m>4
Vay voi m > 4 thi ham sé da cho dong bién véi moi x>0,

b. Ham s6 nghich bién véi moi x>0
om-4<0o m<4

Vay voi m > 4 thi ham sé da cho nghich bién véi moi x>0,
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Bai 3. Cho ham sé ¥ = (k3 —2k+3)x2

a Hamsb y=(k" ~2k+3)x et he sb a=k> =2k +3=(k=1)’ +2>0 voi

moi gia tri cua k.

Do do, ham sb da cho nghich bién khi x < 0 ; va dong bién khi x > 0.

b. D4 thi ham 56 di qua diém (1:6) 6= (k> =2k +3)(1)’

Sk —2k+3=6<k> —2k-3=0

k=-1
<:>(k+1)(k—3)—0<:>[k_3
Vay, v&i k=—1 hoac k=3 thi dd thi ham sé di qua diém (1;6).

2

Bai 4. Cho ham s6 y = Ex‘

a. V& dd thi ctia ham so:
\ .1
D6 thi ham sé y = Exz la parabol (P) ¢6

dinh la O (0;0), nhan truc Oy lam truc

do1 xtmg, va di qua cac diém sau :

X -2 0 2

b. Ta co:
, 1
Thay hoanh dé diém A(0;1) vao ham s - 5(0)2 —0=y, =1,

Vay diém A(0;1) khong thude do thi ham sb.
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Thay hoanh d6 diém B(2;2) vao ham s6 : %(2)2 =2=yp.

Vay diém B(2;2) thudc d6 thi ham sb.

. | 9 5
Thay hoanh d¢ diém C[—3; %} vao ham so : 5(—3)2 =5 Vo :5-

5
a2

t

Vay diém C (—3; j khong thude dd thi ham sb.

q o 2 5
Thay hoanh dé diém D [_\E %) vao ham sb - 5(—6) =>=.

Vay diém D(—\E : ;j thudc db thi ham sé.

KL: Vay diém B va diém D thudc db thi ham sd.
Bai 5. Cho ham sb y= (m + l)xz. Xac dinh hé s a trong moi truong hop sau:

a. Db thi ciia ham sé y = (m+1)x” di qua diém A(L9)
<:>9=(m+1)(l)2 om+l=9om=38

Vay, voi m =8 thi do thi ham s6 di qua diém A(L9).

b. D thi cuaham s6 y = (m+1)x” di qua diém B(—4;32)
&32=(m+1)(-4)” < 16(m+1)=32
om+l=2om=1

Vay, v6i m =1 thi 6 thi ham s6 di qua diém B(—4:32).

. I 5
Bai 6. Cho ham so y =—§X'.

: ‘ , 1 5
a. Vi diém A(—3;m) thudc db thi ham s6 y = 3%, nén:
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m=—l(—3)2 ®m=—2<:>m=—3.
3 3

Suy ra toa do diém A(—3;-3) va 4'(3;-3) 1a hai diém dbi ximg nhau qua truc
Oy (tinh cht déi ximg cua ham sé y =ax” véi (a#0) ). Ma diém A(-3;-3)
thude db thi ham s6 nén diém A'(3;-3) ciing thude db thi ham sd.

, . , 1
b. Piém M(k;—9) thudc do thi ham so ¥ =—§x2, nén:

—9=—£(k)2 Skr=2Te k=133

Véi k= ﬁ\/g thay vao phuong trinh ham s ta duge

1 2
y=——(i3\/§) =9# )y

3
Do d6 diém M'(k;9) khong thude do thi ham sb.
Bai 7. Cho ham s6 y = ax”.

. . . 2
a. Do thi ham séy:afx2 di qua diém A(JE;Z)@Z:G(«/E) sa=1.

Vay, a=1 va ham s6 cin tim 1a y=x"
Db thi ham sé v =x" la parabol c6 dinh O
o H

(0;0), o6 truc doi xirng Oy. B b
D6 thi ham sb V= x> di qua cac diém sau: N\ ‘

X -1 0 1

2 h h 0 ? - 2
y=x’ 1 0 1

b. Piém A(\/E;Z) va B(—x/i;Z) thude db thi ham sé y = x>
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Vi {;A i;xB nén hai diém A va B déi ximg nhau qua truc Oy.
4= VB

Do do, Oy la dudng trung true ciia doan thang AB, suy ra O4=0B.

Vay tam giac OAB la tam giac céan ta1 O.

Ta co: OH=‘yA|=2 ; AB=212

1 1

Dién tich tam gide OAB: Sy =>OH AB :5.2.2\5 =22 (dvdt)
. : 1 »

Bai 8. Cho ham so y=5x (P)va y=2x-2.

. . 1
a. * Do ththamso V= EXZ la parabol (P)

¢6 dinh O (0;0), ¢6 truc dbi ximg Oy. -
Do thi ham s6 y = X% di qua cac diém sau: |
s y=2x-2
X -2 0 2 .
y=—x
y=x* 2 0 2
A
* Db thi ham s6 ¥ =2x—2 l1a duong thing °
Vi

(d) di qua hai diém (0;—2) va (1:0).
b. Tim toa do giao diém cta hai do thi trén.
Phuong trinh hoanh d¢ giao diém cua (P) va (d) la:

| 1 1
—Xx"=2x-2 <::>5x2—2x+2=0<:>5(x—2)2 =0= x=2

V]

V61 x=2= y=2.Viytoa do giao diém 1a (2;2).
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Bai 9. Cho ham s y =—3x% (P).

a. Goi M(xy;3),) 1a diém thude db thi ham sb va co ¥y =-9

Vi M thude (P) nén ta co: =9 = —3x,,> < x,,> =3 < x), =+/3 .

Vay diém thudc do thi ham sb va co tung d6 béng -91a: M, (—\6;—9) va
Mz(\ﬁ;—g) .

b. Goi N(xN;yN) la diém thude do thi ham sb va co khoang cach dén cac truc
toa dd bﬁng nhau.

N thudc d6 thi ham sé nén : y, =-3x,°

N ¢6 khoang cach dén hai truc toa do bang nhau nén:

B .},N = XN (l)
|yN| - |xN| < |:.yN =Xy (2)

‘g A . 2 .
Giat (1): yy =xy © 3xy~ =xy

.XN':O :>yN':O
C>.fo(1+3xN'):O<:> 1

1
Xy :—§:>yN :—5

Ta co diém (O;O);(—i;—i]

Glé.l (2) YN =Xy < —3.7(,']\72 =—Xy

Sxy(1-3xy)=0c 1 1
: - X =— 2 YPar=——
N T3 YN 3

Ta co diém (O;O);(%;l]

3

Vay, cac diém thudc do thi ham s6 cach déu hai truc toa do 1a:
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RIS

c. Tim cac diém thudc do thi ham sé co tung d6 gap 9 lan hoanh db.

Piém A(xA;yA)cc’) tung do gap 9 lan hoanh dé: ¥4 =9XA.

2

Diém A thudc dd thi ham sé nén: y, = —3x,> < 9x, = —3x,°

_ x;=0 =y,=0
<:>3x‘4(x‘4+3)_()<:>LA 3y, =27

Vay toa do cac diém thudc do thi ham sd ¢co tung do gép 9 lan hoanh dé la:
(0;0);(-3;-27).
Bai 10. Cho ham sé y = kx* (P).

a. D6 thi ham sb co6 d6 thi cat duong thang (d): ¥ =—3x+4 tai diém c6 hoanh
dé x==-2.

Goi M(xo;yo) la toa d6 giao diém cia (P) va (d). Theo dé ta co Xp =2

M thudc duong thing (d) nén: }y =—3x +4 <)y =-32+4=-2

SuyraM (—2;—2) . Thay vao phuong \
trinh (P), ta co:
2 1 ’ y==-3x+4
2=k(-2) <:>k:—5 o ‘
Vay, dd thi ham s can tim la: 4
I »

V= —Ex y= _2—1)(2

X1 1n A I » \ "
b. D6 thi ham so y=—§x (P) va

e — :B

duong thang (d): y=-3x+4
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. . 1 5 .
Do th1 hamso y = —Ex‘ (P) 1a parabol ¢6 dinh O(0;0), ¢6 truc dd1 xing 1a Oy

va di qua cac diém :

X -2 0

2

* Do thi ham s6 y=—-3x+4 la duong thang (d) di qua hai diém (0;4) va (1;1)

. _ . , |
c¢. Dua vao do thi ta thay toa do giao diém cua do6 ththamsd y=——x" (P) va

duong thang (d): y=-3x+4 la; A(2; —2);B(4; —8) :
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II. PHUONG TRINH BAC HAI MQT AN

1. Kién thiec tron g tdm

a. Phuwong trinh bic hai mot 4n 6 dang: ax® + by +c =0 (¥)
trong do x 1a n ; a, b, ¢ 1a cac hé sd cho trude véi (a = 0).

Cach giai:
+ Néu ¢ = 0, ta co phuong trinh:

axz-}-bx=0¢:'>x(ax+b)=0<:> ___fi
a

2 2 C
+ Neéu b =0, ta ¢c6 phuong trinh: ax” +¢c=0< X =-=

a
. C . c
Khi =——>0 thi x=+, /-—
a \

Khi —=<0 thi phuong trinh vé nghiém.
a

+Néu h#0;c#0 , bién doi phuong trinh vé dang :

(74

a(x—a)(x-ﬁ)zo"‘:{izﬁ

b. Cong thirc nghiém cua phwong trinh bac hai

Pé giai phuong trinh bac hai: ax® +hx+c=0 (a+0)

* Biét thirc Delta: A = 5" — 4ac

-Néu 4 > 0 thi phuong trinh ¢ hai nghiém phan biét:

X, =

e
2a 2a

X, =

-Néu A = o thi phuong trinh ¢6 nghiém kép: X, =X, = —z

e o
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* Luuy: néu a.c <0 (a, ¢ trai dau) thi phuong trinh ludn ¢ hai nghiém
phéan biét trai dau.

c. Cong thirc nghiém thu gon

Phuong trinh béc hai ax* +bx+c=0 (a#0) va b=2b'
Tinh biét thirc: A =57 —ac

Néu A’ > 0 thi phuong trinh c6 2 nghiém phan biét

_haNA b4
- )
2]

Xi =
a

: b
Néu A" = 0 thi phuong trinh c6 nghiém kép x; = x, = —

Néu A’ < 0 thi phuong trinh v6 nghiém.

d. Hé thirc Viet va wng dung

+ Pinh Iy Viet: néu x,;x, 1a hai nghiém cia phuong trinh: ax® + bx+ ¢ =0
S=x+x, =——

(a=0)thi tng va tich cta hai nghiém la: .
P=xx, =~
a

+ Néu hai s6 co tong bang S va tich bang P thi hai s6 d6 la hai nghiém cta
phuong trinh: X* —SX + P =0. (Didu kién dé c6 hai s do 1a: $7—4P>0).

e. Cach nhim nghiém ciia phwong trinh:

. _ c
+Neéu a+b+c¢ =0 thi phuong trinh c¢6 nghiém x; =1, x, =—
a

, _ ©
+ Néu a—b+c =0 thi phuong trinh ¢4 nghiém X, =-1, x, = —

+ Néu nham duoc: ¥, + X, =m+n; x,x, =mn thi phuong trinh c6 nghiém

Xy =m, X, =01,
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f. Phwong trinh bic hai ax” +bx+c=0(a=0)

. =b=0 0
1. Phuong trinh v6 nghiém < ¢ hoac ar
c#0 A<0

az0

2. Phuong trinh ¢6 nghiém kép < { h—i
s , n . A az=0
3. Phuong trinh ¢6 2 nghiém phan biét <> {A X
>
4. Phuong trinh ¢ 2 nghiém trai dau = a.c < 0

a#0
5. Phuong trinh ¢6 2 nghiém cing ddu< {A 20

P>0
a+0
2 . n Az0
6. Phuong trinh co 2 nghiém duong <
P>0
S>0
a+0
; . n . 1 ea A>0
7. Phuong trinh ¢6 2 nghiém phan biét duong < Fett
>
§>0
a#0
. ; A Az0
8. Phuong trinh ¢c6 2 nghiém am <
P=>0
S<0
a#0
2 . n . 4 ns A A>0
9. Phuong trinh ¢6 2 nghiém phan biét am < P
>
S<0
a0
g ; o e A=20
10. Phuong trinh ¢6 2 nghiém do1 nhau < P
<
§S=0
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11. Phuong trinh ¢6 2 nghiém phan biét thoa x; <a<x,<J A>0

12. Phuong trinh ¢ 2 nghiém phan biét thoa o <x; <x, ©qa.f(a)>0

az0
A>0
13. Phuong trinh ¢6 2 nghiém phan biét thoa x; <x, <a < qa.f(a)>0

S
—<a
2

g. Cac biéu thirc thwdng giip trong viéc giai toan phwong trinh bic hai

chira tham s6 (A=0):

2. .2 0 2 2
X Hx =(x+x) —2xx, =85 -2p

2

. (x]*xz)zz(xl'*"XQ) “4)('1)(2 =S2 —4p

o X4 =(x+%) “3x0(x +x) =57 -3

¢ Xi4x'= (xl2 +x,’ )z ~2x’x" = (Sz = 2p)z -2p°
S

1 1 x+x

® — 4 — = —

X X XX, p

2 2 2
Sale s
XY X X5 p

Pay 1a mot s6 biéu thue can ban nhat, thudng xuét hién trong cac bai toan
phuong trinh bac hai c6 thirc tham s6, nim trong c4u truc dé thi vao 10. Do
do, cac em can ndm viing nhirng kién thirc nay, dé co thé van dung thuan
thuc, giup bién ddi cac loai biéu thirc khac dé giai quyét bai toan mot cach
don gian hon.
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2. Cac dang toan

a. Dang 1. Phwong trinh béc hai khéng c6 tham sb

1. Phuong trinh bac hai (a # 0) dang khuyét hang tir bac nhét (b = 0), ta

. : 2 2_ ¢
¢6 phuong trinh: ax”™ +¢=0 X" =——

d
Khi —=>0 thi x=i/—~c~
d a

¢
Khi —— <0 thi phuong trinh v nghiém.
d

2. Phuong trinh bac hai dang khuyét hang tir tu do (¢ = 0), ta ¢6 phuong

x=0
trinh: ax2+bx=0<:>x(czx+b)=0<:> b

a

3. Phuong trinh bc hai ¢6 day du cac hang tir (b= 0;c #0):

Ta bién dbi phuong trinh vé dang : a(x—a)(x-f)=0 B =p

Vi du minh hoa 1: Chira cac hé so0 a, b, ¢ trong moi1 phuong trinh, sau do giai

phuong trinh:

a. 3¥ +5x=0 b. ¥ —16=0
c. X —5x+4=0 d X +2x-8=0
Huromg ddn gidi :

a. Phuong trinh 3x° +5x=0, co hé sé a=3;b=5; vac = 0.

x=0 x=0

2 _ —
3x +5x_0<:>x(3x+5)—0<:‘>{3x+5:0<:> x=%

Vay, phuong trinh ¢6 hai nghiém: x =0;x = ~3
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b. Phuong trinh x2—16=0, cohésd a=1:b=0;vac=-16.

¥ —16=0x =16 x=14

Vay, phuong trinh ¢6 hai nghiém: x=—4;x=4

¢. Phuong trinh x3—5x+4=0, cohésba=1b=-5vac=4.
N -1
P Sx+4=0o(x-1)(x-4)=0|"

P =sied=0 (1) (x-4) 06| 17

Vay, phuong trinh c6 hai nghiém: x=1;x=4 .

d. Phuong trinh x* +2x—8=0, c6 hé s a=1;6=2; va ¢ = -3 .
2 x=2

2x-8=0(x-2)(x+4)=0c

242 (x-2)(x+4) L:%

Vay, phuong trinh ¢6 hai nghiém: x=2;x=-4 .

BAI TAP TU LUYEN

Bai 1. Dua cac phuong trinh sau vé dang ax® +bx+c=0 (a#0). Rbi chira

cac héso a, b, ¢?

a 3x°+3x+5=5x+1 b. %x2—4x—3—3x+%

. —J5x2 +x-1=+/5x+3 d 2 -3(k-2)x-8=1-k’
Bai 2. Giai cac phuong trinh sau :

a x> —5x=0 b. 2x>-32=0

c. 3x>+4=0 d 252 +42x=0

ca. \ M . 2 A 2 -
Bai 3. Giai cac phuong trinh sau bang cach chuyén vé dang: f (x) =m vé1m

la hang sd:
a x> —10x+9=0 b, x> 4+2x-3=0
c. X 42x+7=0 d. 4x> —7x+3=0
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Bai 4. Giai cac phuong trinh sau bang cach bién doi vé trai vé dang tich cia

cac biéu thue:

a. x2—5x+4:0 b. x2+x—6:0
¢. 3x° +2x+5=0 d. 4x° +24x+9=0
HUONG DAN GIAI

Bai 1. Dua cac phuong trinh sau vé dang ax® +bx+c=0 (a#0). Rdichira
cac hésd a, b, ¢?

a. Phuong trinh 3x° +3x+5=5x+1<3x> —2x+4=0

cohésd:a=3, b=-2, c=4.

2

(
b. Phuong trinh zx2 —4x—3:3x+i<:>§x2—7x—2:0
4 3 4 3
. 3 10
cohéso:a=—, b=-T, c=——.
4 3

¢. Phuong trinh —\Ex2+x—l =\Ex+3<:>—\gx2+(l—\g)x—4:0
cohésd: a=—/5;: b=1-/5: c=—4

d. Phuong trinh x” —3(k-2)x-8=1-k & x> —3(k-2)x+k> -9 =0
c=k*-9.

cohésd:a=1, b=k-2;

2

Bai 2. Giai cac phuong trinh sau :
a. Phuong trinh x* -5x =0 < x(x-5)=0< [

Vay, phuong trinh ¢6 hai nghiém: x=0,x=35.

b. Phuong trinh 2x* —32=0 < 2x(x-16)=0 < | * ~
x=16

Vay, phuong trinh ¢6 hai nghiém: x=0,x=16.
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¢. Phuong trinh 3 +4=037 =4

. . r a3 ” ~
VI'=3x> 20 véi moix, VP = —4 < 0. Do do, phuong trinh 3x” =—4 vo

nghiém,
d. Phuong trinh 2x> +\2x=0c \/'__’x(\/’__’x+l) =0 ‘o 1

. ‘ 1
Vay, phuong trinh ¢6 hai nghiém: x=0,x=——.

NG

ca- \ M . 2 A . 2 -
Bai 3. Giai cac phuong trinh sau bang cach chuyén vé dang: f (x) =m vé1m

la hang s6:
a. Phuong trinh x> —10x+9=0 < x> —10x+25-16=0
o 2 —10x+25 =16<:>(x—5)2 =16<:>(x—5)2 _42
x—=5=4 X
< Lr—S =-4 < Lr

Vay, nghiém cta phuong trinh la x=1,x=9.

9
1

b. Phuong trinh X +2x-3=0 x> +2x+1-4=0
<:>x2+2x+1—4=0<:>(x+1)2=4<:>(x+1)2 =22
Q{x+l—2 <:{x—l

x+1=-2 x=-3
Vay, nghiém cta phuong trinh la x =1,x=-3.
¢. Phuong trinh x° +2x+7 =0 x> +2x+1+6=0

2]
o +2x+l=—b6& (x+ 1)— =—0 khong c6 gia tri x thoa man.
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Vay, phuong trinh vo nghiém.

d. Phuong trinh 4x* —Tx+3=04x7 —7x+%_%20

2 2
<:>4x2—7x+£:L<:> 2x—1 =L<:> 2Jc—1 = 1
16 16 4 16 4 4

. _ 3
Vay, nghiém cia phuong trinh la x =L x = rR

Bai 4. Giai cac phuong trinh sau bang cach bién doi vé trai vé dang tich cua

cac biéu thire:

a. Phuong trinh x° —5x+4:0<:>(x—1)(x—4)20

Vay, phuong trinh c6 nghiém la x =1, x=4.
b. Phuong trinh X 4x-6=0c (x—2)(x+3) =0
©|:x2=0<:>|:x=2
x+3=0 x=-3
Vay, phuong trinh ¢6 nghiém la x=2,x=-3.

c¢. Phuong trinh B’ +2x+5=0 (f3x+ 5)(x+ 1) =0

W |

—3x+5:0<:> X =
x+1=0
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| W

Viay, phuong trinh ¢6 nghiém la x =-1,x =

d. Phuong trinh 4x2 +(8—J§)x—2J§=0c> (4x—\/§)(x+2)= 0

Vay, phuong trinh c6 nghiém la x = =2.

J3
_,x
4
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b. Dang 2. Giai phwong trinh biing cong thirc nghiém

1. Giai phuong trinh béc hai bang cong thirc nghiém :
Dé giai phuong trinh bac hai: ax” +bx+c¢=0 (a#0)

* Biét thirc Delta: A=h* —4ac

-Néu 4 > 0 thi phuong trinh c6 hai nghiém phén biét:

_—bedA bR

Ay

X 2
2a 2a

. b
- Néu A = 0 thi phuong trinh ¢6 nghiém kép: X; =X, = BEVE
-Néu a <0 thi phuong trinh vé nghiém

* Luuv: néu a.c<0 (a, ¢ trai ddu) thi phuong trinh ludn c6 hai nghiém
phan biét trai dau.

2. Giai phuong trinh bang cong thirc nghiém thu gon

Phuong trinh bac hai ax” +bx+c=0 (a#0) va b=2p

Tinh biét thire: 4 =F> —ac

Néu A’ > 0 thi phuong trinh ¢6 2 nghiém phan biét
A I ]
a

a

4|

. b’
Néu A’ = 0 thi phuong trinh co nghiém kép X} = X, =——.
a

Néu A’ <0 thi phuong trinh vé nghiém.

Vi du minh hoa 1: Khong giai phuong trinh, hiy xac dinh cac hé sé a, b, c,

rbi tinh biét thire delta (4 ) va xac dinh sb nghiém ciia mdi phuong trinh sau:

a. 3r +5x+2=0 b. X’ =5x+9=0
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C. 2x2—6x+%=0 d. x2+(\/5+l)x—\/5=0

Huéng dan giai :
a. Phuong trinh 3x° +5x+2=0, co hé sb a=3;b=5; va c = 2.

A=b"—4ac=5"-432=25-24=1>0
Vay, phuong trinh ¢6 hai nghiém phan biét.

b. Phuong trinh x2—5x+9=0, cohésdb a=Lhb=-5vac=9.
A=b*—dac=(-5)"-4.19=25-36=-11<0

Vay, phuong trinh vo nghiém.
‘ p 9 A 4 .9
¢. Phuong trinh 2x —6x+5:0, cohésdo a=2;b=-0; va c=§.

A=b —4ac=(-6)’ —4.2.%:36—36:0

Vay, phuong trinh c6 nghiém kép.

d. Phuong trinh x2+(\/5+l)x—\/520,cé hé s6 a=l;b=\/§+l; va C=—\/§

A=b? 4ac=(\/§+1)2 4.1.(&):(«/51)2 >0

Vay, phuong trinh ¢ hai nghiém phan biét.

Vi du minh hoa 2: Giai cac phuong trinh sau bang cong thirc nghiém.

a 3x°—5x+8=0 b. 5x>-3x-2=0
C. x> —4x+1=0 d 3x2+7x+2=0
Huong dan gidi :

a. Phuong trinh 3x* =5x+8=0, co hé s6 a=3hb=-5,vic=8.
A= —4ac =(-5) —4.3.8=25-96 = 71 <0

Vay, phuong trinh vo nghiém.
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b. Phuong trinh 5x> —3x-2=0, co hé s6 a=5,b=-3 vac=-2.
A=b3—4ac:(—3)2—4.5.(—2)=9+40=49>0:>JZ=7

Phuong trinh ¢6 hai nghiém phéan biét:

_ b4 _—(3)-7_ 2 » _ b4 _—(3)+7 .

2a 25 5 - 2a 25

X1
5 . s A o 4a 2
Vay, phuong trinh ¢6 hai nghiém phan biét: x; = —g;x2 =1.

c. Phuong trinh x> —4x+1=0, co hé sb a=2;b=—4: vac = 1.

A=b —dac=(~4) —4.1.1=16-4=1250=1=23

Phuong trinh c6 hai nghiém phan biét:

b4 —(-4)-243 :4—2\/522_\/5 |

2a 2.1

X1

. :fb+\/Z: 7(74)+2\/§:4+2\/§ 24 f3

)

- 2a 2.1 2

Vay, phuong trinh ¢6 hai nghiém phan biét: x; =2— NE) Xy =2+ N
d. Phuong trinh 3x° +7x+2=0, co hé sé a=3:;b=7 va c=2.

A:bz—4ar:(7)2—4.3.2:49—24:25>0:>\/Z:5

Phuong trinh ¢é hai nghiém phan biét:

boJA 75 bedA 745
2a 23 a 23 3
A . L n 4 1
Vay, phuong trinh ¢6 hai nghiém phan biét: x; =-2;x, = 3

Vi du minh hoa 3: V&1 gia tri nao cia m thi :

a. Phuong trinh 3x° +(m+ l)x +5=0 c6 nghiém x=1.

b. Phuong trinh mx” —4x-3=0 co nghiém kép? Tim nghiém do.

¢. Phuong trinh —x> +2mx —1=0¢6 hai nghiém phan biét?
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Huéng dan giai :
a. Phuong trinh 3x2 +(m + 1)x +5=0 conghiém x=1
Thay x =1 vao phuong trinh da cho :
3.4 (m+1).1+5=003+m+1+5=0m+9=0<m=-9
Vay, véi m = -9 thi phuong trinh ¢6 nghiém x=1.
b. Phuong trinh mx” —4x—-3=0.
A=(—4)’ —4m(-3)=16+12m.

Vo1 hésdo a=m

2

bé phuong trinh ¢6 nghiém kép < j‘f(())
el < miO4C>m_i
16+12m =0 M=t =3

3 :

4
Vo1 m= 3 thi phuong trinh c6 nghiém kép, va

b H_H 3
., .

2a  2m 2[_} 2
3

¢. Phuong trinh —x” +2mx —1 =0¢6 hai nghiém phan biét?

V6ihésd a= -1, A=b*—4ac=(2m) -4.(=1).(~1)=4m* -4

az0

Pé phuong trinh c6 2 nghiém phan biét < {A -0

-1#0 -1#0 m>1
< R = X <>
dm -4 >0 m->1 m<—1
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Vay, vo1 m >1 hodc m <—1 thi phuong trinh c6 hai nghiém phan biét.

Vi du minh hoa 4: Chimg minh phuong trinh ax® +bx+c =0 (a#0) luén co

hai nghiém phén biét néu a, c trai dau.

Ap dung: Khong giai phuong trinh, hiy cho biét mdi phuong trinh sau ¢ may

nghiém:

a. (1+x/5)x2 —2x—\/§=0

b. 5x° —3mx—1—m? =0.

Hiréng dan giai :
a. Phuong trinh ax” +bx+¢ =0 (a#0) co A= b —4ac.
Khi a, ¢ trai dau thi ac <0, suyra —ac >0, do d6 —4ac > 0.
Mit khac: B >0 voi moi b.
Vi vy, A=b*>—4dac>0.
Vay, phuong trinh luén c6 hai nghiém phén biét néu a, ¢ trai dau.
Piéu nay ciing ding khi chimg minh vai (4').
Ap dung:
a. Phuong trinh (1 +\/5)x3 —2x—3=0cohd sb a=1+2 >0,
hé sé ¢ :ﬂ@ <0,
Do do, a va ¢ trai ddu nén phuong trinh c6 hai nghiém phan biét.
b. Phuong trinh 56 =3mx—1-m" =0 cohésba=5>0,
hé s c=—1-m> <0 voi moi m.

Do d6, a va ¢ trai dau nén phuong trinh ¢6 hai nghiém phéan biét.
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Vi du minh hoa 5: Giai cac phuong trinh sau bing cong thirc nghiém thu gon.

a. 3x¥° —5x+8=0 b. 55> =3x—2=0
c. x> —4x+1=0 d.3x" +7x+2=0
Huéng dan giai :

. 5
a. Phuong trinh 3x2—5x+8=0, co hésd a=3;b=—5:>b'=—5; vac=8.

2
- 2
A=) acz[%} 3‘8:‘7524:%<0

Vay, phuong trinh v6 nghiém.

. 3
b. Phuong trinh 5x° —3x—2=0, co hé sé a="5;h=-3 :>b'=—5; vac=-2.

2
A':(b')z—acz[_g} —5_(—2)=Z+1024f>0:’\/zzz

Phuong trinh ¢6 hai nghiém phan biét:

(3.7 23,7
—h'—JA 27) 2 2 b+ A 2) 2
XJ_: = = —— ,x_: = =1
a 5 5 a 5

L : 2
Vay, phuong trinh c6 hai nghiém phan biét: x; = —g;xz =1

c. Phuong trinh x> —4x+1=0, co6 hé sé a=1b=—4=b'=—2;vic=1.

A=(p) —ac=(-2)~11=3>0=a =3

Phuong trinh ¢6 hai nghiém phan biét:

_fbu\/A'_f(fz)f\/’E_zfﬁ_,, _
nET T 1 T =2-43;
b+ A —(-2)+3 2+

Xy = . = n = —2+\/§
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Vay, phuong trinh ¢6 hai nghiém phan biét: x; =2 — N&] Xy =2+ V3.

, 7
d. Phuong trinh 3x> +7x+2=0, ¢6 hé sb a=3;b=7:>b'=5; vac=2.

2
5
A=(pY —ac=| = T 302® 6B oudnl
2 4 4 2
Phuong trinh c6 hai nghiém phan biét:
7 5 7 5
b-NA T57 5 b+NA TS5
a 3 a 3 3

Vay, phuong trinh ¢6 hai nghiém phan biét: x; =-2;x, =—

o | =

BAI TAP TU LUYEN

Bai 1. Khong giai phuong trinh, hiy xac dinh cac hé sé a, b, ¢ ciia phuong
trinh. Tinh biét thire delta A4 va cho biét sé nghiém cua phwong trinh

a. x> —5x+1=0 b. 2x>—9x+10=0

¢ 2¢° +7x+3=0 d —x>+6x-9=0

Bai 2. Giai cac phuong trinh sau bing cong thire nghiém:.

a x> —8x+17=0 b. %xz—Sx—B—O

c. —x> +5x-1=0 d 52 +3x-2=0

Bai 3. Giai cac phuong trinh sau bing cong thirc nghiém:

a. 3x2+\/5x—3+\/£=0 b. 5x25\/5x+§:0
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C. xz—(l—\g)x—\g—o d. xz—(\g—ﬁ)x—\g—()

Bai 4. Vo1 gia tr1 nao cia k thi cac phuong trinh sau c6 nghiém kép? Tinh

nghiém kép do.

a x> —10x+k+2=0 b. X% +kx—3=0

c. X +2kx+7-k=0 d. 2% —(k+1)x-1=0
Bai 5. V61 gia tri nao cia m thi cac phuong trinh sau vo nghiém?
a. 3x° +2mx+4=0 b. x* +2x+m=0
c. 3x% +mx+2=0 d. —x2+(m—2).x+9:0

Bai 6. V&1 gia tri nao ctiia m thi cac phuong trinh sau ¢6 hai nghiém phan biét?

Tinh nghiém cua phuong trinh theo m.
a. 4x> —mx—15=0 b. x> —8x+4m> =0
c. 42 +3x+m—1=0 d. 3x% =2(m-1)x+3=0

Bai 7. Xac dinh a, b’, ¢ 101 dung cong thirc nghiém thu gon dé giai phuong

trinh:

2 2
a x —6x+8=0 b. 2x~—9x—-5=0
c. X>+5x—14=0 d —x”+4x+12=0

Bai 8. Giai cac phuong trinh sau, nghiém gan ding chinh xac dén chir s6 thap

phan thr hai:

a. ¥ —4x+2=0 b. xz—(l+\/§)x+\/§—0
2 2

c. X +7x-2=0 d —x"+7x-5=0
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Bai 9. V&1 gia tr1 nao cua m thi cac phuong trinh sau:

a. Phuong trinh 28% +mx—6=0 co nghiém x =-2.

b. Phuong trinh (m —S)x2 —x+2=0 conghiém x =2 .

Bai 10. V&i gid tri nao cia x hai ham s6 sau ¢ gid tri bang nhau :

1 L _ .2 o
a.y=-2x% +1va y=2x b. y=x"-2va y=3x+2
Bai 11. Tim m dé cac phuong trinh sau co nghiém kép :

2 2
a. X" —4x+m=0 b. 2x"+mx+1=0
C. 2x2—2(mf4)x+m2+m+3:0 d. mx” —4x+4m=0
Bai 12. Va1 gia tri nao cua m thi cac phuong trinh sau ¢6 hai nghiém phan biét ?

a. x3—2(m+l)x+m2+2:0 b. ¥ —mx+m+3=0

c. x> +2mx+3=0 d. —xX> +9x+12m=0
HUONG DAN GIAI

Bai 1. Khong giai phuong trinh, hay xac dinh cac hé sé a, b, ¢ clia phuong

trinh. Tinh biét thire delta A va cho biét sé nghiém ciia phuong trinh:
a. Phuong trinh x° —5x+1=0, cohésé a=1;p==5 va c=1
2
A=(-5)"-4.1.1=25-4=21>0
Vay, phuong trinh ¢6 hai nghiém phan biét.

b. Phuong trinh 2x° —9x+10=0, co hé sé a=2;b=-9 va ¢=10
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A=(-9) ~4.210=81-80=1>0

Vay, phuong trinh ¢ hai nghiém phan biét.

¢. Phuong trinh 2x° +7x+3 =0,c6héséb a=2:b=7 vac=3
A=(7) ~4.2.3=49-24=25>0

Vay, phuong trinh ¢6 hai nghiém phéan biét.

d. Phuong trinh —x” +6x-9 =0,cohésd a=-Lb=6 va c=-9
A=(6)"-4.(-1).(-9)=36-36=0

Vay, phuong trinh cé nghiém kép.

Bai 2. Giai cac phuong trinh sau bang cong thire nghiém:

a. Phuong trinh x* —8x+17=0, co hé sé a=1;6=-8 va c=17
A=(-8)" ~4.1.17=64-68 =4 <0

Vay, phuong trinh vé nghiém.

1

1 .
b. Phuong trinh Exszx—_?:O, co hé so a=5;b=—5 va c=-3.

A:(—5)2—4_%.(—3):25+6:31>0:>\/Z:\/3_1

-

Phuong trinh ¢o hai nghiém phan biét:

5- 5
Bl BT e =SB A

2 2.—
2

X

1
2

§

Vay, phuong trinh c6 hai nghiém phan biét: x; =5 —\/ﬁ; X, =5+ V31,

¢. Phuong trinh —x2+\/§x—1=0,céhésé a=—l;b:\/§ vac=-—1.
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A:(\/E)2 ~4.(-1).(-1)=5-4=1>0=a=1
Phuong trinh ¢6 hai nghiém phan biét:

A5 s () 5o

1T 2 T 2

541 \5—1.

s X2
o) o o)

“~

Vay, phuong trinh c6 hai nghiém phan biét: x; =

d. Phuong trinh 5x° +\/§x—2=0, co hé sb a=5;b=\/§ vac=-2.

2
A:(\/§) ~45.(-2)=3+40=43>0=>4=43
Phuong trinh ¢ hai nghiém phan biét:

B () SR S V) L CERN R/

Xi= = s 5 =
! » 72 25 10

2.5 10

Vay, phuong trinh ¢6 hai nghiém phan biét:

[N N R PO

" =

X1 2
10 10

Bai 3. Giai cac phuong trinh sau bang cong thirc nghiém:

a. Phuong trinh 3x° +\/5x—3+\/5 =0co
A:(ﬁ)z—4.3.(—3+J5)=é+36—12\/:=(6—\/5)2 >0
:\/Zi=6—\/§

Phuong trinh ¢6 hai nghiém phan biét:

Facebook: https://'www.facebook.com/thayphamnguyen 183



Pham Nguyén — DT: 0935555826

—(\/5)4—(6—\/5) :6—2\5 _ 3-2

23 6 3

X2:

3

&

Vay, nghiém cta phuong trinh la: . - _| va x, =

> 5
b. Phuong trinh 5x~ —Sﬁx + 5= 0 co:

2
A:(—S\/E) —4.5.%:50—50:0

(52) &

Phuong trinh ¢6 nghiém kép : x; = x, = BETE = - :

w‘&

Vay, nghiém cta phuong trinh 1a: x; = x, =
¢. Phuong trinh x? —(1—\/5)36—\/5 =0 ¢o:

A:[—(l—ﬁ)}z—4.1.(—J3_)=4—2J§+4J§=4+2J§>0

>JA=\4+23 ,}(1+\/§)2 —1+43

Phuong trinh ¢6 hai nghiém phén biét:

TR0 25,

e 2.1 T2
L0 (45)
X, = =Z=1
- 2.1 2
Viay, nghiém cta phuong trinh [a: x; =—v3 va . _ .
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d. Phuong trinh x° —(ﬁ—ﬁ)x—ﬁzo co

A:[—(\E—ﬁ)]z—m.(—\/o_'):s-z 6+4v6 =5+26 >0

=Aa=5+246 = (\/§+\/5)~ =3+2
Phuong trinh ¢6 hai nghiém phan biét:

a8 s

21 2

. z—[—(ﬁ—ﬁﬂ+(\/§+\5)=3\/§=\/§

- 2.1 2

Vay, nghiém cua phuong trinh la: x; =—v2 va x, = 3.
Bai 4. Tim m dé phuong trinh c¢6 nghiém kép

a. Phuong trinh x* —10x+k+2=0co:
A=(—1O)2—4.1.(k+2)=100—4k—8 =92 -4k

Phuong trinh co nghiémkép © 4=0< 92-4k=0o k=23

Vay, v61 k =23 thi phuong trinh co nghiémkép . - ., - 5.

2
b. Phuong trinh x~+kx—3=0 ¢o :
A=k*-4.1.(-3)=k>+12>0 véi moi k . Do do, phuong trinh ludn co hai
nghiém phan biét.
Vay, khong c6 gia tri k thoa man diéu kién bai toan.
2
c¢. Phuong trinh x™ +2kx+7—-k=0 ¢c6 :

A=(2k) - 4.1.(T-k)=4k> +4k-28 .
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Phuong trinh ¢6 nghiém kép < A=0<4k” +4k-28=0 (*)

_1_@1‘:—_“@
" 2 ‘

2 2

Giai phuong trinh 4k> + 4k —28 =0 (*)ta dugc k =

Vay, vl k =

11"
17\/5 thi phuong trinh c6 nghiém kép x; = x, = 1+:)/2_9 '

—

~1++29 I—J2_9.

vol k= — thi phuong trinh ¢6 nghiém kép x; = x, = 5

d. Phuong trinh x* —(k+1)x-1=0 ¢6

A:[f(kﬂ)f —41.(~1)=(k+1)" +4>0 véi moi k

Do do, phuong trinh luén ¢6 hai nghiém phéan biét vé1 morn k.
Vay, khong c6 gia tri k thoa man yéu cau bai toan.

Bai 5. Tim m dé phuong trinh vo nghiém.
a. Phuong trinh 307 +2mx+4=0 ¢6 :

2 2
A=(2m) -4.1.4=4m>-16

Pé phuong trinh vo nghiém
S A<0 4P —16<0 n <42 <m<?

Vay, vo1 -2 < m < 2 thi phuong trinh da cho vo nghiém.
b. Phuong trinh K 42x+m=0 co :
A=2>—4.1.m=4—4m

Dé phuong trinh vo nghiém © A<0 o d4-d4m <0 dm>4 < m > 1

Vay, vo1 m > 1 thi phuong trinh da cho v6 nghiém.
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¢. Phuong trinh 3B +me+2=0 co -

)

A=(m) -4.(-3).2=m" +24>0 véi moi m.

Do d6, phuong trinh ludn ¢6 hai nghiém phéan biét.

Vay, khong ¢6 gia tri m thoa man dé phuong trinh vo nghiém.
d. Phuong trinh —x* + (m —=2)x+9 =0 co:

2

2
A=(m-2)" -4.(-1).9=(m-2)" +36>0 voi moi m.
Do @6, phuong trinh luén c6 hai nghiém phan biét.
Vay, khong c6 gia tri m thoa man dé phuong trinh vo nghiém.
Bai 6.
a. Phuong trinh 4x> —mx—15=0 ¢6 :

A=(-m) =4.1.(~15) = m* +60 > 0vsi moi m

Do d6, phuong trinh luén ¢6 hai nghiém phan biét vo1 mo1 m, voi :

m—~\nt"* +60 _m+\jm2 +60

s Xy = .

E

8 - 8

X =

b. Phuong trinh 2 =8x+4m* =0 co -
4=(-8) ~4.1.(4m*) = 64 - 16m>
Dé phuong trinh ¢ hai nghiém phén biét

SA>064-16m" >0 16m° <64 om’ <42 <m<?
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Vay, vo1 -2 < m < 2 thi phuong trinh da cho c6 hai nghiém phan biét

2
x1=8 642 16m —44—n

=8+\f64—16m3

X, =4+2V4—nr" .
2

¢. Phuong trinh 4x° +3x+m-1=0 c6 :
A :32—4.4.(m—1):25—16m

Pé phuong trinh c6 hai nghiém phan biét

<:>A>0<:>25—16m>0<:>]6m<25<:>m<§

: 25 : . :
Vay, vé1 m < 16 thi phuong trinh da cho co hai nghiém phan biét

L _3-N25-16m  -3+425-16m
1= ; B2 = :
8 8

d. Phuong trinh 352 — 2(m - l)x +3=0¢o:
A:[—z(m—l)]2 ~433=4(m-1) =36
Pé phuong trinh ¢6 hai nghiém phan biét

& A>04(m-1) =36 >0 (m—-1) >?

12 m—1>3 m>4
em-1y>9e 1239 meos

Vay, vo1 m > 4 hodc m < -2 thi phuong trinh da cho ¢6 hai nghiém phan

biétx, = 2(m—1)fJ4(mf1)2 -36 _ milfm

6 3
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2(m-1)+4(m=1)" =36 _m—1+(m-1)" -9
6 3 '

Bai 7. Xac dinh a, b’, ¢ roi dung cong thire nghiém thu gon dé giai phuong

Xs

trinh:
o] ,
a. Phuong trinh x™ —6x+8=0cocachésd 4 = 1.p'= -3:¢c = 8.

A'=(-3)-1.8=1>0

Phuong trinh ¢6 hai nghiém phan biét : x; :T =2, x =T =4
b. Phuong trinh 2x° —9x—5=0 ¢b cac hésd a=2;b'=—=;c=-5.
9y 81 121
A'=[] ~2.(-5)=""+10="">0
2 4
9 11 9 11
2 21 272
Phuong trinh céhainghiémphénbiét:X1:%=—5;x3= > =35.
\ 2 e an A ' 5
¢. Phuong trinh x~ +5x—14=0 c6 cachésdo a=1;b 25;6':—]4.
5 ? 25 81
A :{—} —1(-14)==+14="">0
59 59
- __+_
Phuong trinh ¢é hai nghiém phan biét : x :%:_7 s X = 21 2 =2,

d. Phuong trinh —x® +4x+12=0 ¢6 cac hé$6 4 — —1:5' = 2:c  12.

A =(2) ~(-1).12=4+12=16>0
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2-4 2+4
= X

Phuong trinh ¢6 hai nghiém phan biét ; x; =
Bai 8. Hoc sinh tu xac dinh cac hé sb a, b’, ¢, va s dung cong thirc nghiém thu
gon dé tinh nghiém cta phuong trinh.

a. Phuong trinh x> —4x+2=0 c6 hai nghiém :

X =2-+2~0,59; va x, =2+~/2 ~3,41
b. Phuong trinh x° (] +\E)x+ﬁ:0 ¢6 hai nghiém :
X ="3~173; va,, -

2
¢. Phuong trinh x™ +7x—2=0 ¢6 hai nghiém :

_—7+457 7457
2 2

X ~0,27; va x, ~—7,27

d. Phuong trinh —x° +7x—5=0 ¢o hai nghiém -

7+\/E 7—@

~6,19; va x, =
2 2

X, = ~0,81
Bai 9.

a. Phuong trinh 2% +mx—6=0 co nghiém x = -2.

=2(=2) +m(-2)-6=0=2-2m=0m=1

Khi m =1, ta c6 phuong trinh 2% +x—6=0 c6 hai nghiém x=—;x=-2.

M| W

b. Phuong trinh (m - 5);52 —x+2=0 conghiém x=2.

<:>(m75)2272+2=0®4n1720=0<3m=5
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Khi m =5, ta c6 phuong trinh —x + 2 = 0 c6 mét nghiém x =2.
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Bai 10.
S a A 1 2 N YRR P ) ; .
a. Hai ham so y :—Ex +1 va y = 2x ¢6 gia tr1 bang nhau khi va chi khi x 1a
A . 1 5 1 »
nghiém cua phuong trinh: —Ex‘ +1=2x& —Ex‘ —2x+1=0
Giai phuong trinh ta dugc nghiém x =-2 —\/g;x =2 +\/6,

Viay, voi x =—2—\/6;x =—2++/6 thi hai ham s6 da cho ¢6 gia trj bing nhau.

b. Hai ham so y = x? -2 va vy = 3x + 2 €O glatr bang nhau khi va chi khi x

la nghiém cia phuong trinh: X =2=3x+2 x> =3x-4=0

Giai phuong trinh ta dugc nghiém , - — 1. 4 = 4.
Vay, vO1 y = 1. x = 4 thihai ham s da cho co gla tri bﬁng nhau.
Baill.

a=0

a. Phuong trinh ¥ —4x+m=0 co nghiém kép < { A= 0

VéiA‘:(—2)2—']_m:4—m.Suyra{aio {“0 -4

A=0V4-m=0""
Vay, v&1 m = 4 thi phuong trinh d3 cho ¢6 nghiém kép.

az0

b. Phuong trinh 2x° +mx+1=0 ¢6 nghiém kép < {A 0

Véi A=nf —421=n"-8.

220
Suyra{ji(g)@{ 2 g 0<:>mz:8<:>m:i2\f2
= m- — —

Vay, voi m= +2/2 thi phuong trinh da cho cé nghiém kép.

a+0

c. Phuong trinh 2 x? _2(m_4)x+m2 +m+3=0 conghiém kép <:>{A,_0
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Vor A'= [—(m—él)]2 —2.(7712 + m+3) =m” —8m+16-2m> —2m—6

A'=—n —10m+10

a#0 {2¢0 [m=—5—x/§

S \ &
uyra{A:O —m—10m+10=0" | m=—-5++35

Vay, véi m=-5 —\/375 hodc m=-5 +\/:%thi phuong trinh da cho ¢6 nghiém
kép.

a#0

d. Phuong trinh mx” —4x+4m=0 ¢6 nghiém kép < {A' _0

Vo1 A'= (72)2 ~m4m=4—4m* .

0 m#0 =1
Suv ra a+0 m# m
Y {A'=O® 4-am?=0" |m*=1""

Vay, vO1 m = 1;m = —1 thi phuong trinh da cho ¢6 nghiém kép.

Bai 12. V&1 gia tri nao cua m thi cac phuong trinh sau ¢6 hai nghiém phan biét
?

a. Phuong trinh x* —2(m +1)x+m? +2 =0 c6 hai nghiém phan biét

ax0
A'>0

Voi A’:(m+1)2 —1.(m3 +2):m2 2m+l—n? =2 =2m—1 ,

a+0 FiO

1
Suy ra {A’>O© 2m_1>0<:>m>§

1
Vay, vor m > Ethi phuong trinh da cho c¢6 hai nghiém phan biét.

b. Phuong trinh X —mx+m+3=0 co hai nghiém phan biét <> {Zi%
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Vo A:(—m)2 —4.1.(.!?1-&-3):1'112 —4m—12:(m—6)(m+2).

a=0 1#0 Ay s -
Piéu k Tdp 1 — Ch 1
Suy ra {A>O<:>{(m—6)(m+2)>0 (Piéu kien A.B > 0 Tdp wong 1)

{m—6>0 {m>6

- m+2>0<:> m>—2<:> m>6
m—6<0 m<6 m< =2
m+2<0 m< =2

Vay, vo1 m > 6 hoac m < —2 thi phuong trinh da cho c6 hai nghiém phéan
biét.

az0
A'>0

¢. Phuong trinh % +2mx+3=0 ¢o hai nghiém phan biét < {
Véi A'=m? 7(71).3:m2+3>0 véimoi gid tri clam vahésd a = -1+ 0.

Vay, phuong trinh da cho luén ¢6 hai nghiém phan biét véi1 moi gia tri m.

a#()

d. Phuong trinh > +9x+12m=0 co hai nghiém phan biét < {A -0

Voi A=9 —4.(-1).12m =81+ 48m .

a=0 —1=0 - 31
81+48m >0 ‘

Suyra{A>O<:> m>a

Vay, vor m > % thi phuong trinh da cho c¢6 hai nghiém phan biét.
c. Dang 3. U'ng dung hé thirc Viét
1. Khéng giai phuong trinh, tinh tong va tich cac nghiém sé
+ Pinh Iy Viet: néu x,: x, lahai nghiém ciia phuong trinh
ax® + bx + ¢ =0 (a=0) thi tong va tich cua hai nghiém la:
S=x+x, = —g;

c
P=)c1)c2 =—
a



Pham Nguyén — PT: 0935555826

2. Giai phuong trinh bang phuong phap tinh nham nghiém
Phuong trinh ax2 +bx+c=0 ¢6 cac hé sd thoa man:

. c
+ Truong hop: a + b+ ¢ = 0 thi phuong trinh c6 nghiém x; =1, x, =—,
a

c
+ Trudng hop: a - b+ ¢ = 0 thi phuong trinh ¢6 nghiém x; =—1 x, = .

3. Tinh gia tr1 biéu thirc d61 xmg giira cac nghiém x;; x, cua phuong trinh

Dé lam dang toan nay cac em can nhd mét so biéu thire sau:

% b i
X % Xy, P
2 2 2
° fl_+f:3_:———————x‘ Rl =—S =y
X, X XX p

4. Lap phuong trinh bac hai khi biét tdng va tich cua hai nghiém phuong
trinh:

A \ N A A  ju+v=>_§
Neéu u va v 1a hai s6 can tim co {z i

thi hai s6 d6 1a hai nghiém cta phuong trinh: X>—SX+P=0,

(Diéu kién dé co hai s6 d6 la: §* —4P>0).
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Vi du minh hoa 1: Khéng giai phuong trinh, dung hé thirc Vi-ét hiy tinh tong

va tich cac nghiém ctiia moi1 phuong trinh sau :

a 3¢ —11x+4=0 b, 22 —3J7x+2J3=0
c. 2x° —8x+8=0 d. 7% —4x+1=0
Huwomg ddn gidi :

a. Phuong trinh 3x° —11x+4=0 ¢6
2
A=(—11) —434=121-48=73>0

Suy ra phuong trinh da cho c¢6 hai nghiém phan biét X.%,.

, 1 4
Theo hé thirc vi ét ta co: X; +X5 :g; XXy 25'

b. Phuong trinh X —3\Ex+2\6 =0 ¢co

41:(73\/?)2 ~4.1.2J3=63-83>0.

Suy ra phuong trinh da cho ¢6 hai nghiém phan biét Xj.X>.
Theo hé thire vi ét ta cd: x; +x, = 37, X)Xy = 243

¢. Phuong trinh 2x° —8x+8=0 co

A'=(~4)" -28=16-16=0,

Suy ra phuong trinh da cho co nghiém kép X =%

Theo hé thire vi ét ta co: X +X, =4, XX, =4,

d. Phuong trinh 7x° —4x+1=0 c6

A =(2) ~7.1=4-7=-3<0,

Suy ra phuong trinh da cho vo nghiém.
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Vi du minh hoa 2:

a. Ching to ring phuong trinh 7% =3x—=54=0 c6 mot nghiém [a 3. Tim

nghiém con lai.

b. Cho phuong trinh 4x° +3x+m" —5=0. Biét phuong trinh ¢6 nghiém x = -1
, hdy dung hé thirc Vi ét dé tim nghiém con lai ciia phuong trinh, tir d6 tinh gia

tri cua m.

Hiréng dan giai :
a. Thay X| =3 vao phuong trinh 7x% —3x—54=0 duoc:

2

76)

—3(3) —54=63-9-54=0 nén X; =3 la mot nghiém cia phuong trinh.

: : 3 3 3 18
Theo dinh ly Vi ét, ta co: X; +X, =7<:>3+x3 =7 S Xy =7—3=—7‘

b. Phuong trinh 4% +3x+m" =5=0 ¢6 nghiém Xx; =—1.

) ‘ 3
Ap dung hé thirc Vi ét ta co: Xy +x, = _Z

3 3. 1
o-l+n="-cx ="—+1=-
-4 4 4

m* -5

Ciing theo h¢ thire Vi ét : xyx, = 1

1 .5
<:>Z.(—l):mdr S-ol=m-5cm =4 m=12

Vay, vo1 m = 2 hodc m = -2 thi phuong trinh da cho co nghiém x = —1.
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Vi du minh hoa 3: Cho phuong trinh : 347 +5x—6=0 cb nghiém X, X,.
Khéng tinh gia tr1 cua Xj.X>, hay lap phuong trinh bac hai co6 hai nghiém la u
vav.

A I . 1
Biétu=x+— vav=x,+—.
) X

Huromg ddn gidi :
Phuong trinh: 3% +5x-6=0 ¢6 hé s6 a=3>0;c=-6<0 . Do dé tich

a.c < 0 nén phuong trinh luén ¢6 hai nghiém phan biét.

5
Theo Pinh Iy vi ét, ta co: X; +x, = -3 va X% =—2. Khi do:

2 x2 xl
1 1
=(x ;)| —+— = XX +——+2
%) va XX
:(x1+xz)+[x1+x2} 2+—+2
XXy -
_ 5,55 _ 1
36 6 2
. o . . ) 1
Vay, u va v la nghiém cta phuong trinh : X~ +gX 3 =0,
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BAI TAP TU LUYEN

Bai 1. Khong giai phuong trinh, hiay dung hé thirc Vi ét, tinh tong va tich cac

nghiém cua cac phuong trinh sau :
a. 2% +5x+3=0 b. 3x> —11x+4=0

C. x2+2(1+\6)x+\6—0 d. (\E—\@)x3+2x+ﬁ+\@—o

Bai 2. Dung diéu kién a+b+c¢=0 , hoic a—b+c¢ =0 dé nham nghiém cia

moi phuong trinh sau ;
a 3x”—4x+1=0 b. —4x" —3x+7=0

C. x2+(1+\/§)x+\/§_0 d. 3x2—(3+\/§)x+\/§:0

e. (\/52)x2+2\/§x+\/§+2:0 f (S—ﬁ)x2—10x+5+\5:0
Bai 3.

a. Cho phuong trinh 2x +5x+2=0. Biét phuong trinh ¢6 mét nghiém

x = —2. Strdung dinh Iy Vi ét dé tim nghiém con lai.

b. Cho phuong trinh 3x> +5x+12=0. Churng t6 phuong trinh ¢6 mot

nghiém x = 3. Su dung dinh ly Vi ét dé tim nghiém con lai.

Bai 4. Hay sir dung hé thire Vi ét dé tim nghiém con lai va tham s6 m trong

moi phuong trinh sau:

. 2 Tk . . . 7
a. Phuong trinh 3x~ —10x+3m +1=0, biét phuong trinh ¢6 nghiém x; = 3
b. Phuong trinh 4x° =2x+m-3=0 , biét phuong trinh ¢6 nghiém x; =3 .

c¢. Phuong trinh x—8x+2m° +7= 0, biét phuong trinh c6 nghiém x, =5 .
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Bai 5. Tim hai s6 u, v trong mdi trudng hop sau
a. Uu+v=29 va uv =198 b. u+v=3\5 vauy=4

C. U—V=—2vauv=80 d. u2+v2=13 vauyv==6
Bai 6. Lap cac phuong trinh bac hai ¢6 cac nghiém la cac cip so sau:

a.Sva2 b.7vao9

| —

c.3va— d -5 va
4

e. V5-1va £ﬁ+ﬁva«ﬁf\@

\/_,

Bai 7. Cho phuong trinh x> =5x+6=0 co hai nghiém x;;x, . Khong giai

phuong trinh, hdy tinh gia tri cac biéu thuc sau:

s s
a A=x; +x; b.B=xf+x§
22
1 1 X X
cc=Lil 4 D=1
xl x2 2 1‘

Bai 8. Cho phuong trinh 2x> =Tx+6=0 co hai nghiém x;;x, . Khong giai
phuong trinh, hay lap phuong trinh ¢6 hai nghiém 1a hai sé duoc cho trong mdi

truong hop sau:

A u=—v=— b. u=l+xpv=1+x,

Bai 9. Cho phuong trinh X" —12x+m=0. Tim m dé phuong trinh ¢6 hai

nghiém x;;x, thoda man diéu kién sau:

=" _ 2
A X| =Xy =—2 b.xl— X,
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HUONG DAN GIAI
Bai 1.

a. Phuong trinh 2x” +5x+3=0 c6 A=52-423=25-24=1>0 . Phuong

o . 5 3
trinh ¢o6 hat nghiém phan biét : x; +x, = —5; XXy = >

b. Phuong trinh 30 —11x+4=0¢c6 A=112-434=121-48=73>0 .

N . 4
Phuong trinh c¢6 hai nghiém phan biét : x; +x, = ?; XXy = 3

c¢. Phuong trinh x2+2(1+\/§)x+\/§=0 co
2
A=(1443) —B=4+23-3=4+3>0.

Phuong trinh ¢6 hai nghi¢ém phan biét : x; + x, = —2(1 + \/5), XXy = NEY

d. Phuong trinh (\ﬁ—\/g)xz+2x+ 7+\/§=0 co

A=2 -4 (J7-B) (VT +\3)=4-4(7-3)=-12<0 .

Phuong trinh v6 nghiém.

Bai 2. Dung diéu kién a+b+¢ =0, hodc a—b+c=0 dé nham nghiém cia

moi phuong trinh sau :

a. Phuong trinh 3x° —4x+1=0 ¢6 a+b+c=3+(—4)+1=0.
Nén c6 nghiém x=1; va x=;.
b. Phuong trinh —4x* —3x+7=0 c6 a+b+c=(—4)+(-3)+7=0.

A n . 7
Nén c6 nghiém x=1; va x=—z.
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¢. Phuong trinh x2+(1+\g)x+\6—0 co a—b+c:3—(1+\/§)+\/§:0.
Nén ¢o nghiém x=-1; va x = J5.
d. Phuong trinh 3x? —(3+\/§)x+\/§:0 co a+b+c:3—(3+\/§)+\/§=0.

J5

Nén ¢o nghiém x=1; va x :T.

e. Phuong trinh (\E —Z)x2 +2\Ex+ \5+2 =0 co
a-b+c=-3-2-23+3+2=0.

_\/§+2
V3-2

Nén ¢o nghiém x=-1; va x

f. Phuong trinh (Sfx/g)xzfl()erSJr\/::O co
a+b+c=5-2+(-10)+5+2=0.

5+2
5-42

Nén cé nghiém x=1; va x =

Bai 3.
a. Cho phuong trinh 2x% +5x42=0. Phuong trinh c6 nghiém x = -2.

. : , 5 5 1
Ap dung dinh ly Vi ét ta co: x| +x, =—§<:>—2+x2 =—5<:>x2 =5

b. Cho phuong trinh 3x7 +5x+12=0. Phuong trinh co nghiém x = 3.

‘ : : 5 5 1
Ap dung dinh Iy Viéttaco: x; +x, = 3 & 24x, = 3 & Xy ==5
Bai 4.

. 2 . , o 1
a. Phuong trinh 3x™ —10x+3m +1=0 . Phuong trinh ¢6 nghiém x; = 3
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. : 1 7 0
Ap dung dlnh l}” Vi1 ét ta co: x1+x»_) =?®;+XQ =?®X2 =1,

3m+1

7
Khi do, x;x, = @;: S3m+l=Tom=2.

: . . , n T A
Vay, vo1 m = 2 thi phuong trinh c¢6 nghiém x; =3 V8 nghiém con lat x, =1 .

b. Phuong trinh 4x> —2x+m-3=0 , biét phuong trinh ¢6 nghiém x; =3 .

‘ : : 1 1 5
Ap dung dinh ly Vi ét ta co: x-l+x2:5<:>3+x2 =5<:>x2=—§.

-3 5 —
Khi do, xpn =12 D M3 3 30 m=—27

Vay, vo1 m = -27 thi phuong trinh ¢6 nghiém x; =3 va nghiém con lai

Xy =—— |

- 2
¢. Phuong trinh x° —8x+2m° +7 = 0, biét phuong trinh ¢6 nghiém x; =5
Ap dung dinh ly Viéttaco: x;+x, =8 5+x, =8 x, =3.

om*+7

Khi do, xx, = & 15=2m*+7

o2m’-8=0om’ =4 m=12.

Vay, vo1 m = +2 thi phuong trinh co6 nghiém x; =5 va nghiém con lai x, =3
Bai 5. Tim hai sb u, v trong mdi trudng hop sau

a.-Taco: u+v=29 vauyv=198.

Nén u, v 1a hai nghiém ciia phuong trinh : X* 29X +198 = 0

Giai phuong trinh ta duoc nghiém X' =18, X =11,
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R iAo =18, _ fu=11
Vay, hai s6 can tim la {v:ll hodc {v:IS‘

b. Ta co : L£+V=3\X§ vauv=4.
Nén u, v la hai nghiém cua phuong trinh ; X 232X +4=0
Giai phuong trinh ta duoc nghiém X =242;X =2

u:2\/§ - u:\,/z
hodc )
y=+2 y=242

Vay, hai s6 can tim la {
c. U—v=—2va uy=280.
Pit v'= —v ,taco u+v'=-2 va u(-')=80 ur'=-80.

Nén u, v’ 1a hai nghiém cua phuong trinh : X>+2X —80 =0

Giai phuong trinh ta duge nghiém X =8, X =-10.

Suyra: {v'z—lo hoac {v’:g
Do d6, hai s6 can tim 1a ¥~ 8 hodc ¥ =-10
v=10 v=-8

d. u2+v2=13 vauv==6.
b} 2 2
Ta co: u2+v“=l3<:>(u+v) —2uv=]3<:>(u+v) —-12=13

u+v=>5

<i::>(u+v)2 =25<:>L+V=_5
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Truong hop 1: u +v =5 va uv = 6, thi u, v1ahat nghiém cua phuong trinh:

X?-5X+6=0 . Giai phuong trinh ta dugc nghiém X =3, X =2.
Suy ra hai s6 can tim la {i[ =3 hoiic {” =2

Truong hop 2: u +v =-5 va uv = 6, thi u, v Ia hai nghiém cta phuong trinh:

X2 +5X +6 =0 . Giai phuong trinh ta duge nghiém X =-3; X =-2.

v=-3

i

A A Cju=-3 . ju=-2
Suy ra hai s6 can tim la{ 5 hoac{

[

-~
I
98]
=
Q
E=Te
o
e,
=
I

Két luan : Vay, hai sb can tim la {

{u =-2

yv=-3"

Bai 6. Lap cac phuong trinh bac hai ¢6 cac nghiém la cac cap so sau:

a. Hai s 5va2cotongla s+2 =7 vatichla 52 =10 nénné la nghiém cua
phuong trinh sau: x* —7x+10=0;

b.Haisé 7 va9cotongla 7+9 =16 vatichla 79 = 63 nén no la nghiém
ctia phuong trinh sau: x* —16x+63=0;

1

g 1 . 1 .
c. Hai s0 3 va 2 co tong la 3+Z =7 va tich la 3.—=— nén no la nghiém

N
W

ctia phuong trinh sau: x* —16x+63=0;

L 1 . I =
d. Hai s6 -5 va S o tong la _5+§=T va tich la =5.

=—1 nénnola

h | —

' 24
nghiém cua phuong trinh sau: X+ ?x—l =0;
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1

J5 -1

e. Haisd /5 -1 va o

ﬁ+1
5o o))

Tong 514 ——

_\/_—l IJFI 5\/54_3.Tichlél(\/§—l) ! =1 nén no la nghiém cua

V51

x+1=0;

>

phuong trinh sau: x~ —

5 5J5-3
4

f. Hai s6 \E+\6 va \/5—\@ co !

Téng \/§+\/§+\/§—\/§:2\/§

Tich la (\/5 + ﬁ)(\/i - ﬁ) =—1 nénno la nghiém caa phuong trinh sau:
x*=22x-1=0;

Bai 7.

Phuong trinh X =5x+6=0 c6 A= (—5)2 —4.1.6=1>0 nén phuong trinh c6
hat nghiém phén biét x;x,.

Ap dung hé thirc Vi ét ta co:
b cung he {xlxzz()

2
a. Biéu the A= x -l—x1 —x +x +2x,%, =2x,X ( 1+x2) —2x,x,
2
A=(S) —2.6=25-12=13
b. B= xf +x.§ = xf +x§ +3x12x2 + 3x1x22 —3x12x2 —3x1x22
3
B :(x1 +x2) —3x,X, (x1 +x2)

B=(5) -3.6(5)=125-90=35
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)

(s 20| () [(57-26] 2(6)
(xlx2 )2 (6)2

Bai 8. Cho phuong trinh 2x° =Tx+6=0 c6 hai nghiém x;;x, . Khong giai
phuong trinh, hdy 1ap phuong trinh ¢6 hai nghiém 14 hai s6 duoc cho trong mdi

truong hop sau:

Phuong trinh 2x°—Tx+6=0c6 A=7>-426=1>0 nén phuong trinh co

hai nghiém phan biét x;;x, .

2| 2

Ap dung hé thuc Vi ét ta co:
XXy =3

.z 1 | S I xy+x, 7
a. Haisd u=—;v=— cotongla u+v=—+—="1"2-— vyatichla
X X S T B B

1 1 1 |
Uy =—,— = =—
X Xy o XXy 3

. 7
nén u, v la nghiém cua phuong trinh sau: X —gx+§ =0;
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b. Hai sb u=l+x;v=1+x, co

Té)ng u+v=(1+x1)+(1+x2):2+(x1 +x,_,):2+%:_

Tich uv:(1+x1)(1+x2)=1+(x1+x,_,)+x1x2 =1+%+3:%

. , » 11 15
nén u, v la nghiém ctia phuong trinh sau: x~ —?x +? =0;
Bai 9.

Phuong trinh X =12x+m=0coé A'=6>—m=36—-m.

Dé phuong trinh c6 hai nghiém phan biét & 4’>0 < 36 -m > 0 < m <36

.Xl +X2 =12 (l)

Khi do, ap dung hé thace Vi ét ta co: {x1x2 m )

a. Két hop gia thiét X, — X, =—2, ta co h¢ phuong trinh :

{x1+xq:12 {XI:S
- =
X| =Xy =—2 X, =1

Thay cac gia tri x; =5;x, =7 vao (2)taco: m=57=35.

Vay, v6i m = 35 thi phuong trinh thoa diéu kién bai toan.

. et 3 n .
b. Két hop gia thiét x; :Exz, ta c6 hé phuong trinh :

3 = N
Jclfgx2 xzz%

Thav céc o4 tri 36 24 ) ta co: m 36 24 864
1 T1 = —" - : = —=—
ay cac gla iri xl 5 ,xz 5 vao d CO 5 5 25

Viy, véi m = 35 thi phuong trinh thoa diéu kién bai toan.
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d. Dang 4. Giai va bién luin phwong trinh bic hai ¢é chira tham s

Cho phuong trinh bac hai c6 chira tham sd, thuong la tham s6 m ¢6 dang;

_f'(x,m) =0.

1. Giai phuong trinh khi biét gia tri ciia tham s6
Phuong phéap: Thay gia tri m vao phuong trinh dé tim nghiém.

2. Tim tham s khi biét nghiém x, ctia phuong trinh
+ Thay x; vao phuong trinh, ta tim duoc gia trt m.
+ Kiém tra xem gia tri m c¢6 thoa man diéu kién bai toan khong. Néu
thoa man, ta két luan do la glatri m cén tim.

3. Tim tham s6 m dé phuong trinh bac hai
+ Trong bai toan tim tham s6 m dé phuong trinh bac hai thoa mén
diéu kién vé sd nghiém, méi quan hé giira cac nghiém,. ..
Ta céan phan tich yéu ciu bai toan dé xac dinh dung cac diéu kién can
thiét. Néu tham sd m co mit & hé sd a, ta can phai chuy diéu kién

tuong rng cua no.

Céc dang toan thuong gdp khi co tham s la tim m dé phuong trinh:

Phuong trinh v6 nghiém Phuong trinh ¢6 nghiém kép
a=b=0_ _ |a#0 a+0
= hoac =
¢#0 A<O A=0
Phuong trinh co Phuong trinh ¢6 2 nghiém trai dau
0 < ac<0
. : a+
2 nghiém phan biét <>
A>0
Phuong trinh (*) co Phuong trinh ¢o
a+0 a#0
2 nghiém cung di Az0 . A>0
nghiém cung dau <> 2 nghiém duong <
P>0 P>0

S>>0
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Phuong trinh ¢6 2 nghiém

Phuong trinh ¢6 2 nghiém

a#0 a0
o A>0 e A>0
phan biét duong < phén biét duong <
P>0 P>0
§>0 S>>0
Phuong trinh co Phuong trinh ¢6 2 nghiém
az0 a=0
. Az0 . A=>0
2 nghiém am < phan biét am <
P>0 P>0
S<0 §<0

Phuong trinh c6 2 nghiém

a#0
A=0
P<0

S=0

do1 nhau <

Phuong trinh ¢6 2 nghiém doi nhau

Phuong trinh ¢6 2 nghiém phan biét

J' a#0
thoa xy <@ <X, <! A>0

la.f(a) <0

a=0
Az0
<
P<0
$=0
Phuong trinh ¢6 2 nghiém phan biét
az0
A>0
thoa & < X <Xy & af(af)){)
—>a
2

Phuong trinh ¢6 2 nghiém phan biét
[ a#0
A>0

af(a)>0

— =
2

thod x; <x, <o <

Phuong trinh ¢6 1 nghiém: ¢6 2 TH
+ Phuong trinh ¢6 mot nghiém duy

, a=0
nhat <
{biO

a#0

+ PT co6 nghiém kép <
co nghiém kép {A:O

4. Tim hé thirc lién hé gira hai nghiém khéng phu thude tham so.

Phuong phép: Biéu thirc 1ién hé khong phu thude m 1a biéu thic khong co

chtra tham s6 m. Ap dung hé thie Vi ét gdm tong va tich cta hai nghiém.

Biéu dién tham s6 m theo cac nghiém (rat m).
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Vi du minh hoa 1: Cho phuong trinh: x* —(2m+3)x+m =0
a. Giai phuong trinh véim =2
b. Chung minh phuong trinh luén ¢é hai nghiém phan biét vé1 moi m

c. Viét hé thuce lién hé gilra x;; x, ma khong phu thuéc vao m.

Huréng dén giai :

Phuong trinh : x* —(2m+3)x+m=0 (1)
a. V&i m = 2, phuong trinh (1); x* =7x+2=0
A= (—7’)2 —412 =41> 0, nén phuong trinh ¢6 hai nghiém phan biét

_7+\/ﬁ_x _7—\/5
= PXy = ‘

2 2

X1
b. Phuong trinh : x> —(2m+3)x+m =0 (1) co
A=(2m+3) —4lm =4m* +12m+9—4m

=4m”> +8m+9 =4m’ +8m+4+5
=(2m +2)2 +5 >0 v&i moi m.
Vay, phuong trinh (1) ludn c6 hai nghiém phan biét vo1 moi m.
c¢. Theo cau b. Phuong trinh (1) luén co6 hai nghiém phan biét vo1 moi m.

X +X, =2m+3

Nén ap dung hé thuc Vi ét ta co:

Viy, biéu thirc lién hé giita x;, X, khong phu thuée m 1a x; + x5 =2xx, +3 (¥).

Vi du minh hoa 2: Cho phuong trinh : mx* —2(m+1)x+m—-5=0
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a. Xac dinh m dé phuong trinh c6 mét nghiém duy nhat.
b. Xac dinh m dé phuong trinh ¢ mot nghiém,

¢. Xac dinh m dé phuong trinh ¢6 hai nghiém thoa man hé thirc

(x, +1)(x, +1) =3

Huéng dan gidi :

Phuong trinh : mx* —2(m+1)x+m—-5=0

a bé phuong trinh c6 mot nghiém duy nhat

a=0 m=0 m=0
<& < _ & om=0
b=0 —2(m+1)=0 m#—1
Vay, v6i m = 0 thi phuong trinh da cho c6 mdt nghiém duy nhét.

b. Pé phuong trinh c6 mot nghiém

a=0 m=0 m=0
Hl1: <= = “m=0
b#0 -2(m+1) =0 m=—1

az0 m#0 m=0
TH2: & 5 = .
A'=0 (m+1) —m(m—-5)=0 m +2m+1—-m +5m=0
m=0
m#=0 1
= 1&=m=——
Tm+1=0 m:—7 7

Vay, khi m = 0 hodc m = _% thi phuong trinh ¢6 mét nghiém.

c. Xac dinh m dé phuong trinh c6 hai nghiém thoa man hé thirc

(x, +1)(x, +1) =3

x . . " )  ja#0
bé phuong trinh c6 nghiém x;, x, thi {A’ >0
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a#0 m#0 m#0
oy o , ol )
A'=20 (m+1) —m(m-5)=0 m+2m+l—-m" +5m=0

{m#O miOl

<
Tm+120 mz—?

Khi do, phuong trinh ¢6 hai nghiém x;; x,:

2m+1
’ xl +.X2 =
Ap dung hé thirc Vi ét ta co: " ;’1
XXy = ——

Theo dé ra: (x, +1)(x, +1) =3 > xx, +(x, +x,)+1=3 & xx, +(x +x,) =2

~5 2m+l 3m—4 S
@m_+ m :2<:>Jm =2<3m—-4=2m< m=4 (thoa diéu kién)
m m m

Két luan: Vay v6i m = 4 thi phuong trinh ¢6 hai nghiém thoa diéu kién bai

toan.

I

Luu y:
O cdu nay, hoc sinh chii ¥, do mikc @0 phong phii ciia Tiéng Viét nén gdp dé véu cdu
phirong trinh co MOT NGHIEM (hodic MOT NGHIEM DUY NHAT) thi cac em cdn
phdn biét chinh xac.

Néu dé yéu cdu phwong trinh c6 1 nghiém thi sé co hai truomg hop thoa man la:

a=0

b=0 hodic phwong trinh co nghiém kép

Phuong trinh ¢o 1 nghiém duy nhdt {

a=0
A=0"

; \ \ : ad = O
Néu dé yéu cdu phuong trinh co 1 nghiém duy nhat thi chi co truong hop {b 20 ler

ding. Néu dé yéu cau phuwong trinh ¢o nghiém kép thi {2 ;i %
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BAI TAP TU LUYEN

Bai 1. Cho phuong trinh: x* —2mx+4m—4=0.

: . . , x,+1 x,+1 13
a. Tim m dé phuong trinh c6 hai nghiém théa man ——+——= "
X, X,

b. Viét hé thirc lién hé gilra x;, X, ma khong phu thudc vao tham s6 m.
Bai 2. Cho phuong trinh : x* —5x+2m—1=0
a. Vo1 gia tr1 nao cta m thi phuong trinh ¢é hai nghiém phan biét

X, 19

" X.
b. Timmde L+2=—
X, X

Bai 3. Cho phuong trinh: x* —2(m+1)x+2m+10=0

a. Tim m dé phuong trinh ¢6 2 nghiém phén biét

b. Tim GTNN ciia biéu thire 4 =10x,.x, +x° + x,°

Bai 4. Cho phuong trinh: (m—4)x* —2mx+m—-2=0

a. Giai phuong trinh véim =3

b. Tim m dé phuong trinh c¢6 nghiém x = 2, tim nghiém con lai
c. Tim m dé phuong trinh c6 hai nghiém phan biét.

Bai 5. Cho phuong trinh: x* —dx+m—-1=0.

Tim m dé phuong trinh c6 2 nghiém thda man: X =2.x,.

Bai 6. Cho phuong trinh: mx® -2(m+3)x+m—-2=0

a. Vo1 gia tri nao cua m thi phuong trinh ¢6 hai nghiém phan biét
b. Tim m théa man hé thire 3xx, —2(x, +x,)+7=0

c. Viét hé thire lién hé giira x;; X, ma khong phu thuéc vao m.
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Bai 7. Cho phuong trinh: x* —(m—3)x—m=0
a. Vo1 gia tri nao cua m thi phuong trinh c6 hai nghiém phan biét
b. Tim m dé phuong trinh ¢6 nghiém bing -2. Tim nghiém con lai.

c. Tim m dé phuong trinh ¢ hai nghiém x,; x, thda méan hé thirc:

3(x, +x,)—xx, =5,
Bai 8. Cho phuong trinh: x* —2x+m-3=0
a. Tim m dé phuong trinh ¢ hai nghiém

b. Vo1 gia tr1 nao cia m thi phuong trinh ¢ hai nghiém thoa man hé thic

x’+x=-20.

Bai 9. Cho phuong trinh: x* —2(m+3)x+m” +8m+6=0

a. Tim m dé phuong trinh ¢o 2 nghiém x,; x, thoa man hé thire: x> + x> = 34

b. Vi gia tri m ca cdu a. Khong giai phuong trinh hay tinh gia tri biéu thue:
X, X,

A=—+—=
X

XN
Bai 10. Cho phuong trinh: x* - 2(m+1)x+m—4=0
a. Ching minh phuong trinh luén ¢6 hai nghiém phan biét vo1 mor m

b. Tim m dé phuong trinh c6 hai nghiém x;; x, thoa man hé thire: x,” +x,> = 40.

c. Viét hé thire lién hé giira x;; x, ma khong phu thude vao m.
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HUONG DAN GIAI

Bai 1. Phuong trinh: x* —2mx+4m—4=0.

Co A'=(-m) ~1(4m—4)=m* —4m+4=(m-2)" >0 véi moi m nén phuong

trinh luén c6 hai nghiém x;; x,.

X +Xy=2m

Ap dung hé thirc Vi ét ta co: {xﬁz “Am—4

. . x+1 x,+1 13
a. Phuong trinh ¢6 hai nghiém théa man —+—=2—=—
X, X,

.7C12 + X, +X22 +X, fEC) (xl +x2)2 _2x1x2+(x1 +X2) fE

XX, 4 XX,

- (Zm) —2(4m—4)+(2m) :E@ dm” —6m+8 _
4m—4 4 m—1

13

4m* —6}1»1-&-8_13:()@> 4m“—6m+8—13(m—1) 0
m—1 m—1

4m* —19m+21 {4m2—19m+21—0
o =0

m—1 m—1=0

m=3
m=3
7
Silm=—— 7
4 m=——
4
m =1

. 7 . .
Vay, vé1 m =3 hodc m= _Z thi phuong trinh da cho c6 hai nghiém x;, x,

x1+1+x2+1713

thoa man
X, X, 4

Z
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X +Xy=2m

b. Phuong trinh luén ¢6 hai nghiém x;,x, v41 moi m, ta co:
- XX, =4m—4

ot
Ty X tXy XX, +4 B
. ; = S2(x +x,)=xx, +4 (*
XX, +4 Suy ra 7 4 (3 +x3) =x3%, +4 (%)
m—T

Vay, biéu thire lién hé gitra hai nghiém khong phu thude m 1a:
2()51 +)C2) - xlx: +4 (*)

Bai 2. Phuong trinh : x* -5x+2m—-1=0

az=0

a. Phuong trinh cé hai nghiém phan biét < {A -0

10 29
< 2 oS -8m+29 >0 m<—
(-5) -41.(2m-1)>0 8

. 29 . : :
Vay, vor m < ry thi phuong trinh ¢6 hai nghiém phéan biét.

19
5,5 _19

x, x 3

b. Phuong trinh c6 hai nghiém

az0

. : . 29 .
bé phuong trinh c¢6 hai nghiém < {A Lgm < rE kh1 do:

xl+X2:5

A g dinh 1y Vi é 5:
p dung dinh 1y Vi ét ta ¢ {x1x2—2m—1

: 2,2 X 2
Ta co: i+&:E©x1 + X, =BC>(-11+X:) —lex,_, _Q:O

x, x 3 XX, 3 XX, 3

- (5)-2(2m-1) 19 75-12m+6-38m+19 _

==
2m-1 3 3(2m-1)
75-12m+6-38m+19 =50m+100 A
=0 ———=0<>m=2 (thoa diéu kién)
3(2m-1) 3(2m-1)

Vay, v6i m = 2 thi phuong trinh d3 cho c6 hai nghiém thoa diéu kién.
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Bai 3. Cho phuong trinh: x* —2(m+1)x+2m+10=0

a. Dé phuong trinh ¢ 2 nghiém phan biét <> {Z ’;t>00
a=0 1+£0 >

< & Sm +2m+1-2m—-10>0
{A’ >0 {(m A1) —(@m+10)>0 7 " T

m>3

<:>mz—9>0<:>m2>9<:>[
m<-3

Vay, vO1 m < -3 hoac m > 3 thi phuong trinh da cho co hai nghiém phan biét.

b. Tim GTNN ctia biéu thirc 4 =10x,.x, +x° +x,°

. ) a+0 m=3
Ph inh ¢6 hai nghié
uvong trinh co hai nghiem Q{Afz()@[mé—3

X+ Xy =2(m+1)

thay vao biéu thirc A.
XX, =2m+10 vy "

Khi do, ta co: {

A=10x.x, +x7+x," = (x, +x,)" +8xx,
A=4(m+1)2 +8(2m+10)=4m* +8m+4 +16m +80

A=4m* +24m+84

>3
A=4(m+3) +48> 48 v&i moi gid tri o | 7=
(m ) véi moi gia tri m thude [m <3
Vay, gi tri nho nhat ciabiéuthrc Ala A =48 <> m=-3.

Bai 4. Cho phuong trinh: (m—4)x* —2mx+m—-2=0
a.Khim=3,taco —x"—6x+1=0.
Giai phuong trinh ta duoc nghiém x=-3 —\@; x==3+410 .

b. Tim m dé phuong trinh ¢6 nghiém x = 2, tim nghiém con lai.
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Taco: A'=m’ —(m—4)(m—2)=6m—8

m—-4=0 PN 4
6m-8=0 ng

a#0

] m=4
bé phuong trinh c6 hai nghiém < {A >0 <:>{

Phuong trinh ¢6 nghiém x = 2, suyra: 4m—4)—4m+m—-2=0
& m-18=0< m =18 (thoa diéu kién).

4

m 36
S2+x,=—Sx, ==

m—4 14 7

Khi do, x, +x, =

: . : . 4
Vay, vo1 m =18 thi phuong trinh ¢6 nghiém x = 2, va nghiém con lai la x = 7

m=#4
. s n A n a=+0 m—4+=0
¢. Phuong trinh ¢6 hai nghiém phan biét Q{A>0©{6m—8>0© " >§

m#4
Vay, voi . 4 thi phuong trinh ¢6 hai nghiém phan biét.

Bai 5. Cho phuong trinh: x* —4x+m—-1=0.

Dé phuong trinh ¢6 hai nghiém < { SOmsS

a#0 1#0
A'>0 7 4-(m=-1)=0

Khi do ta ¢o: {xlxz “m-1 Q)

Phuong trinh c6 nghiém x; =2.x,, suy ra (1):

W | oo
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48 41 .
Thay vao (2): xjx, =m—1<m=xx, +1 =;.§+1 =3 (thoa diéu kién)
41
Vay, m=—.
ay 9

Bai 6. Cho phuong trinh: mx* —2(m+3)x+m—-2=0

a=0

a. Dé phuong trinh ¢6 hai nghiém phén biét < { A5 0

m#0 m=0
< (m+3)2—m(m—2)>0<:> m>+6m+9—m?+2m>0

m=0 9

m=0
{8m+9>0<:> m>—§

. 9 N .
Vay, vor m >—§ va m = 0 thi phuong trinh ¢6 hai nghiém phan biét.

020 m#0
b. Phuong trinh ¢6 hai nghiém x,;x, Q{A'EOQ mz—g
8
2(m+3
X+ Xy = ( ) (1)
Khi 6, ap dung hé thirc Vi ét ta co: m

\ — 2(m+3
Theo de: 3x1x2—2(x]+x3)+7:0<:>3(m 2]—2[ ( )]+7:0
m

3m—6—4m—-12+7m om—18
= =0
m m

=0<>m=3 (thoa diéu kién)

Vay, voi m = 3 phuong trinh ¢6 hai nghiém thoa diéu kién bai toan.

¢. Viét hé thure lién hé gifra x;; X, ma khong phu thudéc vao m.
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Ta c6 voi mZ—g va m # 0 thi phuong trinh c6 hai nghiém x;;x,.

2(m+3)
X +X, =——= (1)
Voi - m
XXy = (2
m

. m—2
Tu (2): XXy =——=>nx, =m—2
m

)
< m(xx, —1)=-2 < m=———, thay vao (1).
X%, —
) -
o T2 43 = 6

X)X, —1 XXy —1
(e x+x= ~= X FXy ==

X%, —1 XjX5 —1

—4+6xx, -6

Sxtx, = & X +Xy =5+6x%,

-2

. 9 N _
Vay, khi mZ—g va m = 0 thi phuong trinh c¢6 hai nghiém x;;x, véi1 biéu thirc
lién hé x; + x, =5+ 6x,x, khong phu thudc m.
Bai 7. Cho phuong trinh: x* —(m—3)x-m =0

a. Dé phuong trinh c6 hai nghiém phan biét < {Zi%

1#0
@{(’:_%)2_4(_nz)>0<:>mz —6m+9+4m>0

o m -2m+9>0& (m-1) +8>0 véi moim.

Vay, vd1 moi m phuong trinh luén ¢6 hai nghiém phan biét.
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b. Phuong trinh luén c¢6 hai nghiém vé1 moi m.

Thay nghiém x = -2 vao phuong trinh ta co:

4+2(m-3)-m=0m-2=0<m=2

Theo hé thuc Viét: x; +x, =m-3 & -2+x, =2-3 & x, =1.
Vay, vo1 m = 2 thi phuong trinh c6 nghiém x; =-2va x, =1.
c¢. Phuong trinh ludn ¢6 hai nghiém x;;x, v&1 mo1 m.

X +Xy =m—3

Ap dung hé thirc Vi ét ta co: {

Thay vao hé thire: 3(x, +x,)—xx, =5<3(m-3)—(-m) =5

<:>3m9+m25<:>4m214<:>m2%

Vay vo1 m > ; thi phuong trinh ¢6 hai nghiém thoa man diéu kién bai toan.

Bai 8. Cho phuong trinh: x* - 2x+m—-3=0

a=0

a. Dé phuong trinh ¢ hai nghiém phan biét < A0

10
- 4>0 4
@{]Q](nz3)>0<:> m+4>0m<

Vay, vO1 m < 4 phuong trinh ¢6 hai nghiém phén biét.
b. Phuong trinh c6 hat nghiém x;;x, © 4’'>0o m<4

Ap dung hé thuc Vi ét; {xl X =2
XX, =m—3
Theo dé: x,’ +x,° =-20 & (x, +x,)’ =3xx, (x, +x,) =20

< (2)' -3(m-3)(2)=-20 < 8—6m+18=-20
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<:>—6m=—46<:>m=?

, 23 : : .
Vay, vo1 m= 3 thi phuong trinh ¢6 hai nghiém théa man hé thac

x}+x,>=-20.

Bai 9. Cho phuong trinh: x* —2(m+3)x+m” +8m+6=0

2

Co A'=(m+3) —1(m’ +8m+6)=m’ +6m+9—m’ —8m—6
A'=-2m+3

3
a. Phuong trinh ¢6 2 nghiém x;;x, © 4’20 2m+320&m< 5

" 5 i % 5 & .3 X1+Xf):2(m+3)
Khi do, ap dung hé thirc Vi ét: -,
X| X, =m~ +8m+6

Theo dé ta co: x,” +x,2 =34 & (x, +x,)" —2xx, =34
& 4(m+3) —2(m* +8m+6) =34

& A’ +24m+36-2m* —16m—12 =34

5 m=1 e
< 2m +8m—-10=0& { s (thoa diéu kién)
m=—

Vay, v61 m =1 va m = -5 phuong trinh ¢6 nghiém x* + x,* =34

b. V&i gia tri m cta cdu a. Khong giai phuong trinh hay tinh gia tri biéu thuc:
X %

A=—+-—=%
% W

TH1: V&i m =1, ta c6 phuong trinh x* —8x+15=0 c6 hai nghiém x;;x, .

Véi {xl”zzg.
XX, =15
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2 2
Suy ra A:ﬁ+X_2:xl2+x22 :(x1+x2) —2X,X, :(8) -215 34
XK XX, X, X, 15 15

TH2: V&i m = -5, ta ¢ phuong trinh x* +4x—9=0 c6 hai nghiém x,.x,.

X+ x, =4
Voi <7172 .
XXy =9

X

— x12 + xzz _ (‘xl +x2)2 _lexz _ (_4)2 _2'(_9) _ ﬁ
X, - XX, - XX, - -9 -9

x
Suyra A=-"1+
x2

Bai 10.

a. Phuong trinh x*> —2(m+Dx+m—4=0

Co A'=(m+])2—1(1/)1—4):11'12 +2m+l-m+d=m" +m+5
IR .

A':[me—} +—9>0 va1 Mol m.
2 4

Vay, phuong trinh luén ¢6 hai nghiém phan biét vé1 moi m.

b. Phuong trinh luén c6 hai nghiém x;; x, v&1 mo1 m.

X+ =2(m+1)

Ap dung hé thirc Vi ét, ta co: {xlxz 4

Theo d&: x +x,” =40 < (x, +x,)" —2x,.x, =40
& dm+1)’ =2(m—4)=40 & dm’ +6m-28=0
m=2

< 7 .Vay, voi m=—§ hoac m = 2 thi phuong trinh s&€ ¢6 hai nghiém
m=——
2

thoa diéu kién bai toan.
¢. Phuong trinh ludn ¢6 hat nghiém x,; x, vd1 moi m.

X +x=2(m+1) (1)

Ap dung hé thire Vi ét, ta co: {Xﬁz =m—4 (2)

T (2): xpx; =m-4=>m=x;x, +4.
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Vay, biéu thire lién hé gitra hai nghiém khong phu thuée mla :
xl + xl = 2.‘C1.‘C2 + 10 .

e. Dang 5. Mot s6 dang toan khéc lién quan phwong trinh béc hai

1. Bai toan tim gia tri lon nhét, gia tr1 nho nhét ctia biéu thirc ham sé bac
hai: M =ax® + bx+c voi(a=0 ).

b : 2
+ Ta tinh duoc: x; = ~5a va f(xg)=axy” +bxp+c

+ Bién doi: M =a(x—x0)2+f(xe)

: _ _ b
+Néua>0 :>Mmm:f(x0) ,xéyrakh1vachikh1x=x0=——-im.
a
; n o b
+Neu a<0 = M, =f(x0) , xay ra khi va chi kh1 x =X, =—2—.
a

2. Bai toan dd thi ham sd bac hai (Parabol)

D6 thi ham s6 y = ax® +bx +c voi (a = 0 ) la parabol (P).

D6 thi ham s6 y = mx + » la dudng thang (d).

+ Bién luan sy twong giao cua hai d6 thi 1a bién luan s6 nghiém ciia phuong
trinh hoanh do giao diém cua (P) va (d) :

ax> +bx+c=mx+n (1)

+ Néu phuong trinh (1) c6 hai nghiém phan biét thi (d) cat (P) tai hai diém
phén biét.

+ Néu phuong trinh (1) ¢6 nghiém kép thi (d) tiép xuc véi (P). Khi do, ta
goi (d) 1a tiép tuyén cua do thi (P), va hoanh do tiép diém chinh la nghiém
kép cua phuong trinh.

+ Néu phuong trinh (1) v6 nghiém thi (d) khéng cét (P).
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Vi du minh hoa 1: Xéc dinh toa d6 giao diém cta (P): y = %xz va (d): y=x+3bing

phuong phap dai s6 va d6 thi.

Huéng dan giai :

a. Do thi cua parabol (P) va dudng thing

(d) duge biéu dién nhu hinh vé.

Dua vao do thi ta thdy, duong thing (d)

cat (P) tai hai diém c6 toa d6 (3;06) va

33 J
2°2) (-t

b. Tim giao diém bang phuong phap dai / % 0

,
A

SO

Phuong trinh hoanh d6 giao diém cua (P) va (d) la:

x=3
%xz =x+3& %xz —x—3=0, giai phuong trinh ta duoc nghiém la v 3

2

Voi x = 3, thay vao (d) suy ra y=6. Ta co giao diém (3;6).

. 3 3 . .~ 33
Vo1 x=——thayvao (d)suyra y=—.Tacod giao diém | — ;= |.
5 - thay (d)suyra y > 8 [ 5 2}

Vi du minh hoa 2: Cho (P): y=—x* va duong thing (d): y=—x+3
a. Xac dinh giao diém cua (P) va (d)

b. Viét phuong trinh duong thing (d°) vudng goc véi (d) va tiép xtc véi (P).

Huong ddn gidi :

226 Facebook: https://www.facebook.convthayphamnguyen



Pham Nguyeén — PT: 0935555826

a. Phuong trinh hoanh d6 giao diém cua (P) va (d) la:

X' =—x+3 X -x+3=0¢0 A=1-413=-11<0 = phuong trinh vd
nghiém.

Vay, duong thing (d) khong cat parabol (P).

b. Viét phuong trinh dudng thing (d’) vudng goc véi (d) va tiép xic véi (P).
Puong thing (d’) co dang: y=ax+b

+ (d”) vuéng goc véi (d) suy ra: a.(—1)=—-1=a=1=(d"): y=x+b |

+ Phuong trinh hoanh do giao diém cua (d’) va (P):
—x'=x+h=xX+x+h=0 (D)

4 . . 1
(d”) tiép xac voi (P) nén (1) co nghiém kép © A=01-4b=0b= 7
A 5 3 - 4 1
Vay, phuong trinh duong thang (d ) ry= x+Z.

BAI TAP TU LUYEN

Bai1. Cho (P): y=ax’ (@#0) va(d): y = mx+n
a. Tim m, n biét (d) di qua hai diém A (0; -1) va B(3; 2)
b. Tinh a biét (d) tiép xtc véi (P).
Bai 2. Cho (P): y=12* va(d): y=-x+6.
J
a. Hay v& d6 thi cta (P) va (d) trén cung mot hé truc toa do.

b. Xac dinh toa d6 giao diém cua chung b%,mg dd thi.
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Bai 3. Chung minh (d): y=x +% va(P): y= —%xz tiép xuc nhau. Tim toa do
tiép diém ctia chung.
Bai 4. Cho (P): y= %xz va (d): y=ax+b. Tim a, b biét (d) cat (P) tai hai diém

cO hoanh do la -2 va 4.
Bai 5. Cho (P): y = %xz va (d): y=x—m

a. V6i gia tri nao ciia m thi (d) khong cat (P)
b. Viét phuong trinh duong thing (d°)/(d) va tiép xtc voi (P) va tinh toa do
tiép diém.

Bai 6. Trén cung mdt hé truc toa do cho (P): y = %x va (d): y= éx+2

a. Vé (P) va(d)
b. Tim toa do giao diém cua (P) va (d).

c. Viét phuong trinh duong thang (d”)/(d) va tiép xuc voi (P). Tinh toa do tiép

diém.
Bai 7. Cho ham s6: y=-3x* (P)
a. V& do thi (P)

b. Viét phuong trinh duong thing (d) biét (d) cét (P) tai hai diém c6 hoanh dd

x=—-1lvax=2.

228 Facebook: hitps://www.facebook. com/thayphamnguyen



Pham Nguyén — DT: 0935555826

HUONG DAN GIAI

Bﬁi 1. ChO (P) y:ax2 (a?&O) va (d) y=mx+n
a. Puong théng (d) y=mx+n di quaA0;-1)= -1=mo0+ne m=-1

DPuong thang (d): y = mx+n» di quaB(3;2)

=2=3m+n<2=3(-1)+non=>5

Vay, dudmg thing (d): y=-x+5

b. Phuong trinh hoanh d6 giao diém cua (d) va (P): ax® =—x+5
Sax’+x-5=0 (*) voi (a=0)

Puong thang (d) tiép xtc voi (P) < ax® +x-5=0 (*) co nghiém kép.

@avﬁO@ a=0 <:>ast0 @a——i
A=0 1-4.a.(-5)=0 " 1+20a=0 T 9

_ 1 g . [
Vay, voi a=—% thi (d) y=-x+5 tiép xuc voi (P) y:_ﬁx :

Bai 2. Cho (P): y= %x: va (d):
y=—x+6.
a. Ham s y= %xz co dd thi la parabol

(P). Co dinh O(0;0), ¢o truc dbi xing la

Oy, va di qua cac diém sau :

X -3 0 3
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Ham sb y=-x+6 ¢ dd thi la duong thang (d) di qua cac diém (0;6) va
(6,0).

b. Dua vio do thi ta thiy duong thing (d) cat parabol (P) tai cac diém (3;3) va
(-6,12).

Bai 3.

Phuong trinh hoanh d6 giao diém cua (d) va (P) la;

11

——=0
22

e oty o a=1r-4
2 2 2 2

Do d6, phuong trinh hoanh d6 giao diém co nghiém kép, hay duong thang (d)

tiép xuc vai parabol (P).

Khi do, phuong trinh co nghiém la: x, =x, = ———

=-lsuyra y=——.
2 2

1
2

Vay, toa do tiép diém la [—l; — %] )

pa

Bai 4. Cho (P): y= %xz va (d); y=ax+b. Tim a, b biét (d) cit (P) tai hai diém
cO hoanh do la -2 va 4.

Toa do giao diém thudc (P) nén:

Voi x=-2=y==.(-2) =2 tacé diém A(-2;2)

b | =

Voi x=4=y =%.(4)2 =8 ta co diém B(4;8)

DPuodng thing (d): y=ax+b di qua A va B nén ta c6 hé phuong trinh:

2:—2a+b® a=1
8=4a+b b=4
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Vay, a=1 vab =4, nén phuong trinh duong théng (d): y=x+4.
Bai 5. Cho (P): y:%xz va(d): y=x—m

a. Phuong trinh hoanh d6 giao diém cua (d) va (P) la:

2 1
%xz cremele xim=0 (*)co A=1° —4.5.m=1—2m,

Pé (d) khéng cit (P) thi phuong trinh (*) v6 nghiém

<:>A<O<:>]—2m<0<:>m>%

: 1 :
Vay, vo1 m > 5 thi phuong trinh da cho v6 nghiém.

b. Puong thang (d’) song song voi dudng thing (d) nén suy ra phuong trinh
duong thang (d”) c6 dang: y=x+n (n#m).
Phuong trinh hoanh d¢ giao diém cua (d’) va (P) la;

2 1
%xz =x+n<:>%x2—x—n=0 (**) o A=1‘—4.5.(—n)=1+2n.

Dé (d”) tiép xtc (P) thi phuong trinh (¥*) co nghiém kép

<:>A=0<:>1+2n=0<:>n=—% (thoa vi m>%),
N ’ . A 1 A . A R J_
Suy ra phuong trinh ¢6 nghiém x=1:>y=5. Toa do tiép diem 1;5 :

Vay, phuong trinh duong thang (d°): » =x*5 tiép xtc voi (P) tai diém (l;%} :
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Bai 6. a. V& (P) va (d)

1
Parabol (P) y = 5x2 ¢6 dinh 12 O

(0;0), co truc doi xtng 1a Oy, va di

qua cac diém sau:

. 1 .
Puong thing (d) y=——x+2 di qua hai diém (0,2) va (4;0).

b. Phuong trinh hoanh do giao diém cia (d) va (P) la:

L1717

lx2 =——x+2<:>lx2+lx—2=0 co nghiém x =
2 2 2 2

2 2

Va1 x

“1+17 9-J17

ta co diém
2

—1+\/ﬁ_9—\/ﬁ]
2 7 '

4

-7 9+V17 ., . {—1—\/5 9+\/ﬁ]
ta co diem 5 ; .

Voi x=— Yy
1 2 YTy 4

c. Viét phuong trinh duong thang (d”)/(d) va tiép xtc véi (P). Tinh toa do tiép

diem.

Goi (d°): y=ax+b la duong thang can tim.

, 1 1
Puong thiang (d”) song song vdi (d) suy ra: a= 3 =" y= _§x+ b

232
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, L 1 1 1 1
Puong thang (d”) tiep xac (P) nén: Exz = —5x+b = Exz +5x—b =0 (*) co

nghiém kép < 4,,,, =0 @(%j —4.%.(—[)):0 <:>5+2b:0<:>b :—%

. 1 1
Vay, phuong trinh duong thang (d”): y = —Ex -
Bai 7. Cho ham s6: y =-3x* (P)
a. Ham s6 y =—3x* ¢ dd thi 1a parabol (P), ¢6 dinh 1a O (0 ;0), c6 truc ddi xing

la Oy va di qua cac diém:

b. Piém A thudc db thi (P) co

hoanh d6 x=-1= y=-3 cd toa

do (-1;-3).

-
=36

Diém B thudc db thi (P) c6 hoanh
do x=2=>y=-12 coétoadd

(2;—12).
y= =3-x2

Goi duong thang (d) y=ax+b la

duong thang can tim.

e = = = -

(d) di qua hai diém A, B nén ta

. |-3=-a+b
0 V12 =2a+b

144

Giai hé phuong trinh ta co

=-3
b=—6
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Vay, phuong trinh duong thang (d): y = -3x—6

I1I. PHUONG TRINH QUY VE PHUONG TRINH BAC HAI

1. Kién thuc trong tdm

b. Dang 1. Phuong trinh tring phuong: ax* +bx* +¢=0 (1) véi (a = 0) :

Phuong phap giai;

+Dit 1=x7 (120).
+ Pua phuong trinh vé dang phuong trinh bac hai an () la;
at* +bt+c=0 (a=0), (120) (2)

+ Giai phuong trinh (2) tim (t), loai cac gia tri 7 <0, chi lay cac gia tri 1 = 0
+V&i 120, t=x* = x=+r 1anghiém ciia phuong trinh (1).
Vi du 1: Giai phuong trinh: 4x* —x* -18=0

Giai:

Pt 1= x> v&i diéu kién >0,

Phuong trinh <> 47° =1 —18=0 (12 0) (*)

A=1+44.18=289=+A =17

tt:%:—2<0 (loar); 7, :1+817:§>0 (nhén)

N 9 2 9 Q 3
Vai L=—ox =—ox=% |—=+=
-4 4 Va4 2

Vay nghiém cua phuong trinh la x = ig—.

¢. Dang 2. Phuong trinh chira 4n & mau thirc

Thuc hién cac bude sau:

+ Tim diéu kién xac dinh cta phuong trinh

+ Quy déng mau thure hai vé réi khir mau

+ Giai phuong trinh vira nhan duoc

+ Loai cac gia tri khong thoa man diéu kién. Cac gia tri thoa man diéu kién
la nghiém cua phuong trinh.

+ Két luan |
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x*=3x+1 1
Vi du 2: Giai ph trinh: - =
1du a1 phuong trin 24 P

Giai:
X —4#0 jx:t 2
e

Piéu kién:
x+2#0

Xz -2

x'=3x+1 x-2
(x=2)(x+2) (x+2)(x-2)

Khir mau ta duoc: x* —3x+1=x-2<>x" —4x+3=0

Quy dong mau ta dugc; PT <

o {: ) ;(thc’)a didu kién)
Vay nghiém ctua phuong trinh la x=1,x=3.
d. Dang 3. Phuong trinh tich
Phuong trinh tich la phuong trinh c6 dang A.B=0.

A=0

Cach giai: A-B=0<:{Bm0

Vi du 3: Giai phuong trinh: (3x* —5x-2)(x* -8)=0

Gidi:

Taco: 3x° =5x-2)(x* -8)=0 & {lr' -5x-2=0 (1)

x-8=0 (2)
x=2
Giai phuong trinh (1): 3x* - 5x - 2=0< 1
¥=—=
3

x:Z\E
x=m2\/§

Giai phuong trinh (2): x* -8=0< x* =8 @[

Vay phuong trinh da cho ¢6 4 nghiém: x, =2; x, = ~%;

X, =2./2; X, =22,
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d. Dang 4. Phuong phap dit an phu dé quy vé giai phuong trinh bac hai
Vi du 4: Giai phuong trinh: 3(x* —3x)" —4(x’ —3x+1)+5=0

Giai:

Phuong trinh :3(x° =3x)" —4(x* =3x+1)+5=0

& 3(x =3x) —4(x* -3x)+1=0

bit 1= (x* -3x), ta 6 phuong trinh: 377 ~47+1=0 <

Voit=lex’-3x=1x*-3x-1=0.

3+\/E.x 3-413

g : 2

Co nghiém la: x, =

Vo +, :ic>x3~3x:l<:> x3_3_\«_l:0‘
3 3 3

9493 _9-V93
6 6

4

Co nghiém la: x, =

Vay phuong trinh da cho ¢6 4 nghiém la: x =

L _9+V93 9493
X, = X, =

6 ! 6
e. Dang 5. Phuong trinh chira cén thirc

X, =
- 2

>

34413 3-413
2 b

/(x)> 0
Dang : 4/ f(x) = g(x) < {g(X) 2
f(x)=[g(x)]

Dang: a.f(x)+b.ﬂ!f(x)+czg©{f"\/f(.t), t=0

at* +bt+c=0

Vi du 5: Giai phuong trinh: x° +4x~7++/x" +4x~1=0

Giai:
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Phuong trinh : x* +4x—7++/x" +4x—-1=0

& X +Ax—1+x* +4x-1-6=0

Pat 1=+ x +4x~1 (r e 0) , ta ¢6 phuong trinh:

i =2 o L
F+1-6=0 < L’ = loai nghiém ¢, =-3 vi khong thoa diéu kién,

Vo ¢, =2’ +4x—1=2=x +4x-1=4,
x=1

<:>x"+4x—5x0<:>{
F==5

Vay phuong trinh da cho ¢6 2 nghiém la: x, =1; x, =-5.

f Dang 6. Phuong trinh dang A% + B> =0

A=0

Phuong phap: A’ +B = OQ{B—O

Vi du 6: Giai phuong trinh: (x* —x)" +(x* -=3x+2)" =0

Giai:
5 2 3 2 2 xz'"x:O
Phuong trinh : (x* —x)" +(x" =3x+2) =0 <
X =3x+2=0
x=0
[xz—x:() x=1
= Ll <> x=1
1x2—3x+2:0 x=1
x=2

Vay phuong trinh da cho la: x=1.
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BAI TAP TU LUYEN

Bai 1. Giai cac phuong trinh sau:

a. x(x—l)(x—Z)—x3+1=0 b. (x+6)2—4x+7=2(x+3)2
. x+3_3:(x+5)(x—2) | (x+5)2_£:(x—3)2
4 3 2 3 3

Bai 2. Giai cac phuong trinh sau:

a X —6x"-7=0 b, xT=5x°+4=0
9 2 1 ] 2

o —xt4ax’——=0 d. 4x'—29+—5:0
2 2 2

Bai 3. Giai cac phuong trinh sau bang cach dua vé dang tich:

3 2 _ 3_2.2 _
a x —=5x"-2x+10=0 b. x”=3x"-3x+1=0
c. X' —6x> +6x—1=0 d.

(2x2—5x+l)-—(x2—5x+6) =0

Bai 4. Giai cac phuong trinh sau:

N x—2+ X —E:O b, x+5 _1—2x_2:0
X x—1 6 2x—-1 x+5
1 3 1 30 13 18x+7
C. + == =1 d. — =—
3x2-27 4 x-3 2ol xTex+l X1

Bai 5. Giai cac phuong trinh sau bang cach dit an phu:

2

a. (6x2—7x) —2(6x2—7x)—3=0 b. (xz—x+'l)(x2—x+3)—15

2
c. x—24x-2=10 d. [x+l} _%[Hl}szo

X X
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HUONG DAN GIAI

Bai 1. Giai cac phuong trinh sau:

a. Phuong trinh x(x —1)(x— 2)—x3 +1=0

<:>Jr(;vc2—3x+2)—xs+1—O<:::>)c3—3.)c2 2x—x +1=0

o 321 2x+1=0

: 1
Vay, nghiém cua phuong trinh la: x =1 va x= -3

b. Phuong trinh (x + 6)2 —4x+71= 2(x + 3)2

<:>x2+12x+36—4x+7=2(x2+6x+9)
<:>x2+12x+36—4x+7=2(x2+6x+9)

& x° +8x+43=2x"+12x+18

@—xﬁ—4,\:+25_0<:{x:2+ V29

xX=-2- \/2_9
Vay, nghiém cua phuong trinh la: x = -2 — \/279 va x=-2+ \/279 .

+3 2:(x+5)(x—2)

c¢. Phuong trinh T2
4 3

X+3-12 X =2x+5x=10 x-9 x>+3x-10
= = = =
4 3 4 3
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3x— 5 — >
P T 0 e U RO RSO SO

12 12
N =1
S 4x°+9x-13=0 13
Xx=——
4
. A s . 13
Vay, nghiém cua phuong trinh la: x=1 va x = 2

2

2 2
d. Phuong trinh M s _(x _3)
2 3 3

22 +10x+25 x 3 x> —6x+9

2 3 3

X2 +10x+25 «x 3 x> —6x+9

2 3 3

o

3x° +30x+75-2x _2x* -12x+18

6 6

S3x7 +30x4+75-2x=2x"—12x+18

o x°+40x+57=0 x=-20+747
x=-20-77

Vay, nghiém cuia phuong trinh 1a:x = 20— 747 va x =20+ 7/7.
Bai 2. Giai cac phuong trinh sau:

a. Phuong trinh x-6x*-7=0

Dat r=x? voi diéukién 1> 0 .

Phuong trinh < 1 —61-7=0 .

Tathay a—b+c=1-(-6)+(-7)=0
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Nén phuong trinh c6 nghiém ¢ = —1 (loai); r = 7 (thoa)
Vi 1=T=x" =T o x=4/7

Vay, nghiém cta phuong trinh 1a; x = +/7 .

b. Phuong trinh K =5x2+4=0

Pat r=x> véi diéukién 1 > 0.

Phuong trinh < *—51+4=0.

Tathiy a+b+c=1+(-5)+4=0

Nén phuong trinh ¢6 nghiém ¢ =1(thoa); r = —7 (loai) .
Voit=1=x* =1 x=+1

Vay, nghiém cua phuong trinh la: x = +1.

1
c. Phuong trinh §x4 +4x7 - 3 0

Pat r=x" voidieukién ¢ > 0.

9 |
Phuong trinh —1° +4f —==0.
2 2
Ta thay a_b+022_4+[_lj:0
2 2

Nén phuong trinh ¢ nghiém ¢ = —1 (loai); ¢ :é (thoa)

S x ==

W=

Voi 1=+ =2 =t
9 9

Vay, nghiém cua phuong trinh la: x = +

| =
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. 25 . 4A 1 ca ,
d. Phuong trinh 4x* —29 + — = 0 co diéu kién: x = 0, ta co:
X

— =0 2

X X

25 4x* —29x% 425
< =

4x> —29 + 0 4x*—29x° +25=0

Dit 1=x* v&i didukién 1 > 0 .
Phuong trinh < 417 -291+25=0.
Tathay a+b+c=4+(-29)+25=0
n . , o , 25 .
Nén phuong trinh ¢6 nghiém ¢ =1(thoa); 7 = v (thoa)
Voir=1=x>=1 x=+1
5
2

. 5 A
Vo1 l=?:>x =— & x=%

: 5
Vay, phuong trinh ¢6 4 nghiém la: x = +1; x=%*—.

W)

Bai 3. Giai cac phuong trinh sau bang cach dua vé dang tich:

a. Phuong trinh x> =557 —2x+10=0<:>x2(x—5)—2(x—5) =0

Phuong trinh ¢6 ba nghiém x = iﬁ ox=5.

b. Phuong trinh x° —3x% —3x+1 =0<:>(x3 +l)—(3x2 +3x) =0

<:>(x+l)(x2 fx+1)f3x(x+'l):O

2 +1=0
<:>(x+1)(x‘—4x+1):()c> X
x—4x+1=0
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x=-1
< x=2+\/§
x=2—\/§

Vay, phuong trinh c6 banghiémla x = -1;x :2—\6;x =2+ \E

¢. Phuong trinh X —6x7 +6x-1=0 <:>(x3 —1) —(6)62 —6x) =0

@(x—l)(xﬁ +x+l)76x(x%l):()

<:>(x—'l)(x’2 5x+'l):()<:> x:l
x“=5x+1=0

1
5+x/23

2

=l x=

Vay, phuong trinh ¢6 banghiémla x =1, x=

5V s+
2, |

D)

2

" 2
d. Phuong trinh (2x- —5x+1) —(x2 —5x+6) =0
<:>(2x2 CSxt1-x2 +5x—6)(2x'2 CSx+14x —5x+6)—0

o (x3 —5)(3x2 —10x+7) ~0

2* = —
o x25—() PN x=1
3x°—10x+7=0 7T

. : 7
Vay, phuong trinh ¢6 bon nghiém la: x =—V/5; «x _l;x=\/§;x=§.
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Bai 4. Giai cac phuong trinh sau:

a. Didu kién: {x;to,khi do:
x#1
Phuong trinh X—Q+L_E:0©6(x—2)(X—l)+x.6x—llx(x—1):0
8 X x=1 6 6x(x—1)

6x7 —18x+12+6x% —11x +11x o
6x(x—l)

2o 7x+12 5 - ek g
<:>xx+—0<:>x'—7x+l2—0<:>{x 3 (thoa didu kién)
6x(x71) x=4

Vay, nghiém cia phuong trinh la: x =3;x =4 .

1
b. Diéu kién: 1* 775, khi do:
x#=-5
5 1-2
Phuong trinh Y t_2=0
2x—1 x+5

(x+5) = (1-2x)(2x=1)-2(2x~1)(x+5) iy
(3x f'l)(erS)

> +10x+25+(4x2 —4x+1)—2(2x2 +9x—5)

(2.x —1)(x+5)

X2 +10x+25+4x7 —4x+1-4x —18x+10 _

(2x 71)(x +5)

2_ 5] . )
o X128 436 2 10443620 x =6 (thoa didu kién)
(2x-1)(x+5)

Vay, phuong trinh ¢6 nghiém kép la: x = 6.

L

=

=0

244 Facebook: hitps://www.facebook. com/thayphamnguyen



Pham Nguyeén — PT: 0935555826

c. Diéu kién: X #5 , khi do:
X#-5

3
Phuong trinh ! +=— ! =1

3x2-27 4 x-3

1 1 1

T3 (xe3) 13 4

@4—12(x+3)—3(x—3)(x+3)=o

12(x—3)(x+3)

x> +10x+25+4x% —4x+1-4x> —18x+10

(2x— l)(x+5)

=0

x> —12x4+36

T o) (x+9)

Vay, phuong trinh ¢6 nghiém kép la: x = 6.

=0 x> —12x+36=0 < x =6 (thoa diéu kién)

d. Didu kién: {"‘ 1 i do:
x=-1

’%
Phuong trinh SAUN & = 18x+7
-1 x*+x+l -1

30(x1+x+1)13(x1)(x+1) I8esT

(x—l)()wrl)(x +.x+l) B X -1

30x7 +30x+30-13x7 +13  18x+7

(x+1)(x3—1) B -1

1732 +30x+43 _ (18x+7)(x+1)

< (x+1)(x3—1) R x+1 (,\ —1)
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& 17x" +30x+43=18x" +25x+7

-1 +5x+36=0 = {x - ;4 (thoa diéu kién)
L

Vay, phuong trinh ¢6 nghiém kép la: x=—4;x=9.

Bai 5. Giai cac phuong trinh sau bang cach dit an phu:
2 2 2
a. Phuong trinh (Gx - 7x) —2(6x —7x) -3=0.

Pit 1 = 6x* — 7x. Phuong trinh o1 -2t-3=0.
Tathdy a—b+c=1-(-2)-3=0

Nén phuong trinh co nghiém r= -1 va r=3.

1
Voit=-1=6x" —Tx=-16x" —Tx+1=0< 1
6

3
Vi 1=3=6x2-Tx=36x*-Tx-3=0 2

. 1
Vay, phuong trinh ¢6 4 nghiém la: x = —5; X =
b. Phuong trinh (x2 —x+ 1)(x2 x+3) =15

<::>(x2 —x+l)(x2 —x+l+2)=15. Ditr=x>—x+1.

Phuong trinh & 1(1+2) =151 +21-15=0 & [f:

Nén phuong trinh ¢6 nghiém (= -5 va r=3.

Véir=-5=x>—x+1=-5 x* —x+6 =0 phuong trinh vd nghiém.

246 Facebook: hitps://www.facebook. com/thayphamnguyen



Pham Nguyeén — PT: 0935555826

x=-1

Vi t:33x2—x+1:3<:>x2—x—2:0c>L_2

Vay, phuong trinh ¢6 4 nghiémla; x = -1;x=2.

c. Piéu kién: x> 2.

Phuong trinh x —2vx—2 =10<:>(x—2)—2\/x—3 ~8=0
Dat 1 =/x -2 vai (120).

Phuong trinh < °-21-8=0 [i i 42 (loat g1a tr1 + = —2 vi khong thoa
diéu kién).
Voi r=4=+x-2=4 x—2=16 < x =18 (thoa diéu kién).

Vay, phuong trinh ¢6 4 nghiém la: x =18.

A 1 )
d. Dieukién: x z0. Pat f =x+— vo (120).

X
2 5
Phuong trinh )c+l 2 x+l +5=O<:>t2—2r+5=0© t_f
X 2 X 2 {=2
x=2
Voir=2mxti=2 oo sxi2=00| 1
2 x 2 X=—
2
g 1 2 _
Veit=2=x+—=2cx -2x+1=0x=1
X
] A 1
Vay, phuong trinh ¢c6 nghiémla: x=—;x=1;x=2.

E:
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IV. GIAI TOAN BANG CACH LAP PHUONG TRINH

1. Kién thic tron g tdm

Viéc giai toan theo dang nay nhin chung cé phirong phap giong voi
phirong phap giai toan biang cach Idp hé phwong trinh. Piém khac nhau &
day la dwa vao gia thiét bai toan cac em sé ldp dwoc moi lién hé giira cac

dai lwong bdng cach Idp phirong trinh bdc hai phit hop.

1. Cac buoce thuc hién nhu sau:

Budc 1: Lap phuong trinh

a) Chon an sd va néu diéu kién thich hop cua an sb.

b) Biéu thi cac dir kién chua biét qua an so.

¢) Lap phuong trinh biéu thi twong quan giita an s6 va cac dir kién da biét.
Budac 2: Giai phuong trinh

Budc 3: Do1 chiéu nghiém cua phuong trinh (néu ¢6) voi diéu kién cua an

so dé tra loi.

[\

. Cac dang toan

. Dang 1. Toan vé quan hé giira cac so

o ®

. Dang 2. Lam chung cong viéc

. Dang 3. Toan chuyén dong

(@]

o

. Dang 4. C6 ndi dung hinh hoc
e. Dang 5. Cac dang khac

Vi du minh hoa 1: M6t nguoi di xe dap tir dia diém A dén dia diém B dai 36
km. Luc vé nguoi do ting van toc thém 3 km/h, do do thoi gian vé it hon thoi

gian di la 36 phut. Tinh van tdc cua nguoi do luc di?
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Hiréng ddn gidi :

Goi x (km/h) la van tdc cua nguoi di xe dap lue ditor A dén B.

Goi x +3 (km/h) 1a van toc ctia nguoi di xe dap luc vé tir B dén A.

. o . 36
Thot gian nguoi di xe dap tur A dén B la: — gio.
x

Thot gian nguoi di xe dap tir B dén A la: gio.

X+
A \ - \ - . A, . - . . , 3 .y
Theo dé bai, thot gian vé it hon thot gian di la 36 phut = 3 gio.

) .. 36 36 3
Ta ¢6 phuong trinh: —— =—
x x+3 5

36(x+3)-36x 3 108

x(x+3) 5 x> +3x

_3
5
Suy ra: <:>540=3(x2 +3x)<:>3x2 +9x—540=0

Giai phuong trinh ta dugc nghiém la {x - 1215 (loai nghiém x = -15).
X=-

Vay, vén toc luc di cia nguoi do 1a 12 km/h.
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BAI TAP TU LUYEN

Bai 1: Tim hai sd, biét rang s6 16n hon s bé 3 don vi va tong cac binh phuong
ctia chiing bing 369.

Bai 2: Mot doan xe tai can chd 30 tan hang tir dia diém A dén dia diém B. Khi
sép bat dau khoi hanh thi ¢6 thém 2 xe nira, nén mdi xe chd it hon 0,5 tan so
v&i du dinh. Hoi lue ddu doan xe ¢6 bao nhiéu chiée?

Bai 3: Mot cand xudi dong mdt khic séng dai 50 km, rdi nguoc dong khuc
song 4y 32 km thi hét 4 gio 30 phuat. Tinh véan téc cua dong nudc, biét van tde
cua cand la 18 km/h.

Bai 4: Mot cand xudi dong song tir A dén B dai 48 km 1di nguoc dong song tir
B vé A hét 5 g10. Tinh van tdc cua cand, biét van tdc cua dong nudce la 4 km/h.
Bai 5: Hai canh clia mdt manh dit hinh chit nhat hon kém nhau 10 m. Tinh chu
vi cia manh dét 4y, biét dién tich ctia no 1a 1200 m.

Bai 6: Trong mdt phong hop ¢6 70 ngudi du hop duoc sip xép ngdi vao cac
day ghé voi sb luong ngudi trén mdi ghé la nhu nhau. Néu trong phong bt di
2 day ghé thi mdi ddy ghé con lai phai xép thém 4 ngudi méi du chd ngdi. Hoi
luc dau trong phong hop cé bao nhiéu diy ghé, va mdi ghé ngdi bao nhiéu
nguoi ?

Bai 7: Mbt hinh tam giac c6 dién tich 180 cm® Tinh canh day cta tam giéc,
biét rang néu ting canh day thém 4 cm va giam chiéu cao tuong tng di 1 e¢m
thi dién tich ctia né khong doi.

Bai 8: Mot tam giac vudng c6 chu vi bang 30 cm, canh huyén 1a 13 cm. Tinh
cac canh goc vuong cua tam giac do?

Bai 9: Ngudi ta tron 4 kg chat 1ong loai 1 véi 3 kg chat long loai 2 thi duoc
mot hdn hop ¢6 khdi lwong riéng 1a 700 kg/m’. Biét ring khéi luong riéng cia
chat long loai 1 16n hon khdi luong riéng cua chét long loai 2 1a 200 kg/m’.
Tinh khéi luong riéng ciia mdi chat 1ong?

Bai 10: Lic 6h 30 phut mot ngudi di xe may di tir A dén B c6 d6 dai 75 km
voi van te dinh trudc. Dén B nguoi do nghi lai 20 phut 161 quay vé A véi van
tdc 1on hon van tbe luc di 1a 5 km/h. Nguoi do vé dén A luc 12 gio 20 phut.

Tinh van toc du dinh cia nguoi do.
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HUONG DAN GIAI

Bai 1: Goiso bé la x(xe//) thisblonla x+ 3.
Theo dé, tong cac binh phuong cia hai s6 1a 369, ta cd phuong trinh;
¥ +(x+3)” =369 & 2x% +6x-360=0

x=12

15 (thoa diéu kién).

Giai phuong trinh ta dugc nghiém la: [

Voi x=12,suyrasdlonla x+3=15.
Voi x=—15,suyrasdlonla x+3=—-12.
Vay hai s6 can tim la {12;15} hoac {—]5;—]2}.

Bai 2: Goi x(x eN *) la 0 xe tai lac dau, suy ra s6 xe tai luc sau la x + 2 .

A

Y ... 30
Luc dau moi xe phai chd : — tan
X

x ... 30
Luc sau mo1 xe phai chd : —— tan
x+2

Theo dé, luc sau mdi xe chd it hon luc dau 0,5 tin nén ta ¢ phuong trinh:

@—£=0,5 & 30(x+2)-30x=0,5x(x)
X x+2

& 0,5x° +x-60=0 B - l_(i , (loai nghiém x = —12 vi khong thoa diéu

kién).

Vay, lac déu co 10 chiée xe tai.

Bai 3:

Goi van tdc cua dong nudce la x (km/h). Pidukién 0 < x <18 .
Van téc cua cand khi xudi dong 1a: 18 + x» (km/h).

Van tdc ciia cand khi nguoc dong 1a: 18 — x (km/h).

Thot gian cand xudi dong 50 km la: T

(2i0)
+ X
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Thot gian cand nguoc dong 32 km la: I3 (glo)
-X

Theo dé, tong thoi gian cand xudi dong 50 km va nguoc dong 32 km hét 4 gio
50 32

30 phat = 4,5 gio nén ta ¢6 phuong trinh: + =45
P s P 8 18+x 18-x

< 50(18-x)+32(18+x)=4,5(18+x)(18—x)
& 900—50x +576+32x = 1458 —4,5x°

& 4,5x% —18x+18 =0. Phuong trinh c6 nghiém kép x =2 .
Vay, van toc dong nude 1a 2 (km/h).

Bai 4: Goi van tdc cha cand 1a x (km/h). Piéu kién x > 4 .
Van téc ctia cand khi xudi dong 1a: x + 4 (km/h).

Van tc cia cand khi nguoc dong 1a: x — 4 (km/h).

o . 48
Thot gian cand xuoi1 dong 48 km la: —— (g10)
x+4

. 48 .
Thot gian cand nguoc dong 48 km la: 4 (g10)
x —

Theo dé, tong thoi gian cand xudi dong 48 km va nguoc dong 48 km hét 5 gio

48 48
nén ta c6 phuong trinh; ——+——=5
x+4 x-4

& 48(x—4)+48(x+4) =5(x—4)(x+4)

< 48x—192 +48x +192 =5x% —80

& 5x7—96x-80=0 < F i %?1 (loai nghiém x = -4 vi khéng thoa diéu
kién).

Vay, van toc cand la 20 (km/h).

Bai 5:

Go1 x (m) la chiéu rdng cuia manh dat hinh chit nhat (x > 0).
Goi x +10 (m) la chiéu dai ciia manh dét hinh chit nhat (x> 0).

Dién tich manh dit 1a: x(x+10) m”
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Theo d¢, dién tich manh dat bang 1200 m® nén ta c6 phuong trinh:
x(x+10)=1200 < x* +x-1200=0

Giai phuong trinh ta duge x =30;x =—40 (loai nghiém x = —40 vi khéng thoa
man diéu kién).

Vay, chiéu rong ctia manh dét 1a 30 m, va chiéu dai manh dat 1a 40 m.

Bai 6:

Goi x la sb day ghé luc dau (x el ,x >2).

S6 day ghé luc sau la x - 2 .

S6 nguo1 ngo1 trén mot day ghé luc dau la: - (nguon)

S6 nguoi ngdi trén moi day ghé luc sau 1a: (nguon)

Theo d&, s6 ngudi trén moi diy ghé luc sau nhiéu hon lac trudc 4 ngudi nén ta

¢6 phuong trinh: 702 _10 =4 < 70x-70x+140 = 4x(x—2)
X— X

©4x* -8x-140=0& B fzﬁ (loai nghiém x = -5 vi khong thoa diéu

kién).

Vay, luc dau phong hop co 7 ghé dai.

Bai 7:

Goi x (cm) la chiéu dai canh day cia hinh tam giac (x > O).

. . . o1 2S
Dién tich tam giac dugc tinh boi céng thire sau: S = Ex.h > h=—
X

fA L qia o o1 2 A ‘A .
Luc dau: dién tich tam giac bang 180 cm” nén suy ra chiéu cao la:

2.180 _ 360
X X

Khi ¢o sur thay ddi : chidu dai canh day la x + 4 .Do dién tich khong ddi bang

2.180 360
x+4 x+4

2 A CA SRR
180 cm” nén suy ra chiéu cao mai la:
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Theo d¢, chiéu cao ma1 giam di 1 cm so vo1 lue dau nén ta c6 phuong trinh:

360 360 2
————=1hay x"+4x-1440=0 <
x x+4

x =36
x=-40

(loai nghiém x = —40).
Vay, chiéu dai canh day cua hinh tam giac 1a 36 cm.

Bai 8:

Goi x (cm) la chiéu dai canh goc vudng thir nhat (x> 0).

Chu vi ctia tam giac bang 30 cm, va canh huyén 1a 13 cm, nén suy ra chiéu dai
canh goc vuéngconlaila: 30 -13-x =17 - x (cm).

Ap dung dinh Iy pytago binh phuong canh huyén bing tdng binh phuong cua

hai canh géc vudng nén ta co phuong trinh : X+ (17 - x)2 =13°

~12
-5

& x? 4289+ 34x+ x> =169 < 2x +34x+120—0<:{j
V61 x=12,suyradddaicanh kiala17-x=5.

Vo1 x=5,suyradddaicanhkiala17-x=12.

Vay, dé dai hai canh cua tam giac vuéng la 5 cm va 12 cm.
Bai 9:

Goi x (kg/m’) la khdi luong riéng cua chét 16ng loai 1 (x > 200).

Khéi lwong riéng cua chat 16ng loai 2 1a x — 200 (kg/m?).

) , _ 4
Thé tich ctia chat 1ong loai 1 1a; — (m?).
X

> n (m’).

Thé tich cta chét long loai 2 la:

. ~ 7
Thé tich cua hdn hop la: — (m?).
700

4 3 7 _
Ta co phuong trinh: —+ =—— hay x> —900x + 80000 =0
x x-200 700

Giai phuong trinh ta duoc x =800;x =100 loai gia tri x =100 vi khong thoa
diéu kién.
Vay, khéi luong riéng ctia chat 1ong loai 1 1a 800 kg/m’. Khéi luong riéng cta

chat long loai 2 1a 600 kg/m’.
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Bai 10:

Goi x (km/h) la van téc du dinh ciia nguai do (x >0).

. . . 5 .
Thot gian nguot di xe may tor A dén B la; — gio
X

Thoi gian ngudi di xe may tir B dén A la; 210

x+5
Thoi gian nguoi di xe may di tir A dén B roi trd vé A (ké ca thoi gian nghi) 1a

. : 35 .
12h 20 phat — 6h 30 phut gio =5 gi1o 50 phut = r 210, ta co phuong trinh:

=25
75 75 1 35 X

4 ——+—=""hay 1 1x* -245x-750=0 & 30
x x+5 3 6 x:*ﬁ

30 . Y 4l 4 em
Loai giatri x= _ﬁ vi khong thoa diéu kién, x = 25 thoa dicu kién.

Vay, vén téc du dinh cta nguoi do 1a 25 km/h.
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V. ON TAP CHUONG 4

Cong thire nghiém
A=b"-4ac

Z

SO PO TU DUY CHUONG 4

—b+A )

* A>0= Phuong wrinh c6 2nghi€¢m phén bi€t: x, =

(ép dung khi phwong |
trinh ¢6 2 nghiém
S A20)

PHUONG TRINH BAC HAI

Mbi quan hé

gilra cac nghiém cua
phwong trinh bac 2

hoiic A'=(b')3 —ac \

b
Hé thire Viét J% g = )

s =§ )

/ Nhitng hé thiec lién quan:

s Xp=
2a - 2a

—b

* A=0=Phudngtrinh c6nghiém kép: x; =x, = =

- Za
* A< 0= Phuong uinh vonghi¢m

. . [utv=S

1.Cho 2 s0 u, v biét {” ' thiu, via
Ung dung pe=

nghiém cua PT: x* —Sx+ P =0
2.Néu PT (*) ¢6: a+b+c =0 thi né c6 nghiém x=1

Viét
; AT c
vanghiém con laila x=—
a

3.Néu PT (*) ¢6: a—b+c=0 thi né ¢6 nghiém x=-1

5 % s -c
vanghiém con laila x=—
a

PT (*) c6 nghiém kép o J‘”“:) \
A=

laz0
PT (*) c6 2 nghiém trai dau ., [ 5. ¢

PT (*) ¢6 nghiém « {u #0
A>0

PT (*) 06 2 nghiém phan biét «1%7°
A>0 !
(P<0
. Ja #0
PT (*) ¢6 2 nghiém cing dau ., ) 5
P>0
: fa+0
PT (*) ¢6 2 nghiém phén bié¢t cung dau _, |, 4

[P>0

ax0
A>0
P>0
S>>0

PT (*) ¢6 2 nghiém duong phan biét .,

a#0
PT (*) ¢6 2 nghiém am phan biét _, A>0
P>0
S<0

a=0
A>0
P<0
S=0

PT (*) ¢6 2 nghiém dbi nhau_

1. X%+ % = (xat x2)” = 2xix2 =57 = 2p

2. (X1 —%2)? = (X1 +X2)? —dx1x, = S” — 4p

3. xiP 4 %27 = (x1 + %)’ = 3xxa(xa +x2) = 7 = 3Sp
4. )(14 + XzA = (xlz + XZZ]2 = 2)(12)(22

1+L_x,+x2_5

I
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Dit: 7 =" véi didu kién 720 ]

Phuong trinh
trung phuong
ax' + byt +c=0

(a#0) (1)

Khi &6 PT (1) tré thanh: at” +bt +¢=0
(az0,r=0) (2)

|

Néu 720 :>'\'=i‘\/; w

phiomg
trinh (2)

Néu 7 < 0(loai do khong
thoa didu kién 7> 0)

g . Y
Tim diéu kién xac dinh
(cho mau khac 0) )
4 N < < N
Quy dong mau 2 vé -
Khir mau
(. S
N . . "y .
Giai phwong trinh vira Loai cic gia tri
nhan duoc. khong thoa min

AN

Két luan

7~
A=0

Dang: AS=0<
B=0

Dang: (x+a)(x=b)(x+c)(x+d)=m
voi a+d=b+c

\.
~
Phuong phap:
[(x+ a)(x+d)][(x+ b)(x+c)1 =m
/
\
Dit t =x" +(a+d)x+ad
=x' +(h+)x+be=1+ch—ad
Thay t vao phueong trinh ta dugce
phuong trinh bac 2 theo t.
J
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Phuong trinh

trung phurong

(1)

Dit: 7 = x” véi didukién 12 0.
Khi @6 PT (1) tré thanh PT (2): ar® +bt~c =0 véi (a=0:1>0).
Voi A=b" —4ac

S6 nghiém cia phwong

PT (2) PT (2)
o c6 nghiém A=0
A<0 < 0 n
\ ) nghiém kép d“(mog { $0
=1, >
ot pry | TR0
JA =0 PT(1) ;}?? > hoac
5 nghiém
T i PT (2)
1 ¢6 nghiém nghiém phan 2 nehism trai
P=0 e L2ntim oo |
hodc
N\ (,=1,>0)
A>0
S<0 PO
) 6 2
P>0 nghiém
./ PT (1) PT (2) A>0
00.3 €0 2 n'gh1e;fn s 1550
nghiém  phan biét gom P=0
phan  (;,=0,7,>0)
biét
. PT (2)
¢6 nghiém kép
am (7, =17,=0) COPT(D)
Tl
hoge nghiém PT (1) PT (2) A>0
A>Q PT (2) nghi¢m nghiém P50
Is<o ¢6 2 nghiém phan phan
B phan biét gdm biét biét
{P =0 1 nghiém am, 1 duong
LJ(@=0 | nghiém bing 0
o (1,<01,=0)
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/Néu a > 0 thi ham s6
/ , \ dat gid tri nho nhat la
Cho ham s6: —A .
g V... =—— khi
v=f(x)=ax” +bhx+c Smn g
(a#0). Détim gia tri __ b
16n nhat va gia trj nho 2a

X
nhét ciia ham s, ta bién \ S/
déi vé dang: ) )
b \3 /Néu a < 0 thi ham sé\
y=1(x)=4 (x+_; dat gia tri 16n nhét 1a
2a} —A
Vs =, khi
\ / 4a
b
XxX=- 2—
a
. v

Dung bat diing thitc Cauchy (Cosi): voi hai

s6 khéng am x, y bat ky ta luén co:

x+ v 22,/xy. Diu bing xay ra khi va chi

khi x=v.
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V& d6 thi ham
s
y=ax* (P)

—_  /
V& d6 thi ham

SO

y=lke+b (d)

/.

Néu A>0
SPT (1)
¢6 hai
nghiém

Phwong trinh .
hoanh dg giao Tinh Reo A<l (P) va (d) khong
diém: A <PT .(Al) Vo ¢6 diém chung
ax® =kx+b clia nghi¢m

Sax—kx-b=0

Néu A=0

<PT (1)
¢ nghiém

D3 thi 1a parabol (P).
C6 dinh la O(0;0), co truc ddi xung la Oy.

Di qua cic diém : ké bang gia tri

bl

D34 thi 1a duong thing (d).

Di qua 2 diém (co thé cho 2 diém tuy y khdc
nhaw la dwoe chir khdng nhdt thiét phai cdt

R
Ox, Oy): A(0 ;b) va B(——;O!

k)

Thay -y
T’{ k7 =]Q‘1 +h J > [ Giao diém J
Th: -

Xy 2 d

o
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BAI TAP ON CHUONG IV
Bai 1. Cho cac ham s6 y =x (P) vaham sb y =5x—6 (d).
a. V& parabol (P) va duong thiang (d) trén cung mot hé truc toa do Oxy.
b. Xac dinh toa do giao diém cua (P)va(d).
Bai 2. Giai phuong trinh:

2

a. 5(x—2)2+4:(x+8)

2 2
. (x+3) +1_(3x—1) =x(2x—3)
5 5 2
L, 2 3
¢ 2_9 x-3 x+3
L axm1 2(x+7) xenn

x+1  x—1 2

Bai 3. Giai phuong trinh

a x —x"—4x+4=0 b. 2x° —5x” +5x-2=0
c. X’ +8—-4x—2x=0 d ¥ 4% +x+6=0
Bai 4. Giai phuong trinh:

a X +2x°-3=0 b. x*—25x° +144 =0

¢ Oxt 4557 —4=0 d x*—48x°—49=0
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Bai 5. Giai cac phuong trinh sau bing cach dit 4n phu:

a. (x+11)2 +(x+11)—42 =0 b. (x2 —3x+5)2 —(x2 —3x+5)=2

2 2
C. [x—l] —S(x—l]+6=0 d. 2[x+lJ —(x+l]+3=0
X X x x

Bai 6. Tim hai s u , v trong cac trudng hop sau:
a ut+tv=I13vauv=42

b.u—v=15vauv=-56

C. u2 -|-V2 =130 va uv = -63
.. , \ A 3 2 v 1 A 1
Bai 7. Cho cac ham so y=—5x (P) va ham so y=—2x+§ (d).

a. Xac dinh toa do giao diém cua (P) va (d).

b. Tim toa d6 nhimg diém thudc do thi (P) thoa tinh chat tong hoanh do va tung
do cua diém do bang 4.

Bai 8. Cho phuong trinh : x* —(2k—1)x+2k -2 =0 (1)

a. Giai phuong trinh (1) khi £ =-2

b. Tim gia tri cua k dé phuong trinh (1) c6 mot nghiémx, =-2.

Tim nghiém x, .

¢. Chimg minh rang phuong trinh (1) ludn ¢6 2 nghiém phan biét.

d. Goi x|, X, la 2 nghiém cua phuong trinh (1). Tim hé thirc lién hé gitra

Xy, X» khong phu thuéc vao k.

Bai 9. Mot phan xudng theo ké hoach phai dét 3000 tim tham trong thoi gian
nhat dinh. Trong 8 ngay dau ho da thyuc hién ding ké hoach dé ra, nhilng ngay
con lai ho da dét vurot mirc modi ngay 10 tam tham, nén da hoan thanh ké hoach
trude 2 ngay. Hoéi theo ké hoach mdi ngay phan xudng phai dét bao nhiéu tim

tham?

262

Facebook: hitps://www.facebook. com/thayphamnguyen



Pham Nguyén — DT: 0935555826

Bai 10. Luc 7 gio 30 phit mét 6 to khoi hanh tir A dén B, tai B nguoi d6 nghi
lai 30 phut roi tiép tuc lén duong dé dén C luc 10 gio 15 phut. Biét quang
dudong AB dai 30 km, quang duong BC dai 50 km, vén tc cia 6 to trén quang
dudong AB lén hon vén tée cia né trén quang duong BC 1a 10 km/h. Tinh van

toc clia 6 to trén quang duong AB, BC.

HUONG DAN GIAI BAI TAP ON CHUONG 1V

Bai 1. Cho cac ham s y = x> (P) va ham sb

v =5x—-6 (d) ‘.‘I‘ 10 J
a. Dd thi ham sé y = x> 1a parabol (P) ¢o “",‘ : /
dinh 1a O (0;0), ¢6 truc dbi xtmg la Oy va di E §
qua cac diém sau: y= 2 /

s
|
—_
o
—

D6 thi ham sé y =5x -6 la dudong thang (d) -2

di qua hai diém (0;—-6) va (1;-1) .

b. Xac dinh toa d6 giao diém cta (P) va (d) .
Phuong trinh hoanh d¢ giao diém cua (P) va (d) la:
X =5x—6x—5x+6=0

Giai phuong trinh ta dugc nghiém: x=2;x=3.
Voi x=2=>y=4 Taco giao diém (2;4).

Voi x=3=y=9. Taco giao diém (3;9).
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Vay, duong théng (d) va dd thi (P) cat nhau tai hai diém c6 toa do (2;4) va
(3;9) .

Bai 2. Giai phuong trinh:
2 2
a. Phuong trinh S(x - 2) +4 = (x + 8)

<:>5(x2 —4x+4)+4=x’3+16x+64

2 :—l
2 _9x-10=0|"
N

Vay, nghiém cta phuong trinh la: x =-1;x=10.

x+3) +1_(3x—])2 _x(24-3)

5 5 2

b. Phuong trinh
& 2(x+3) +10-2(3x-1) =5x(2x +3)
&26x° -39x-26=0< 1

. ) 1
Vay, nghiém cia phuong trinh la: x =2;x = 5

c. Piéu kién: x # +3

| 2 3

Phuong trinh + + =
¥-9 x=3 x+3

142(x+3)+3(x-3)

<
x> -9

:1:>1+2(x+3)+3(x—3):x2—9
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x=5+\/§

<:>x2—5x—7=0<:> 2
J53

o 5453 553
Vay, nghiém cua phuong trinh la: x= > (X = o

d. Didu kién: x = +1

-1 2lx+7 11
Phuong trinh 4-1 ( )—x+
x+1  x—-1 2

<:>4()221)_(x1)2 :2(x+7)(X+1)_x+11
x~—1 x~ -1 A

:>4(x’~’ —1)—(x—1)2 =2(x+7)(x+1)-x-11

S 4x? -4 x> 12x-1=2x"+15x+3

13++/201
X=—0
ox’-13x-8=0& 2
13-+/201
X=—— —
2
. A L 13++201 13-+/201
Vay, nghiém cua phuong trinh la: x = 3 (X = ) .

Bai 3. Giai phuong trinh

a. Phuong trinh x* —x” —4x+4=0 & x* (x—1)-4(x-1)=0

x—1=

<:>(x2—4)(x_1)_0<:{x2—460©{x_—4®[x—i2

Vay, nghiém cia phuong trinh la; x=-2;x=1,x=2.
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b. Phuong trinh 2x° —5x% +5x-2=0 <:>2(x3 —1)—5x(x—1) ~0
<:>2(x—1)(x2+x+1)—5x(x—1):O
@(x—l)[Z(xz-kx-kl)—Sx}:O <:>(x—1)(2x2—3x+2)=()
Fl:()
Andl )
2x°—-3x+2=0
Gial  x—1=0< x =1

Giai: 2x° —3x+2=0,c6 A=3"-422=9-16 = -7 < 0 = phuong trinh vo

nghiém.

Vay, nghiém cia phuong trinh la: x = 1.

¢. Phuong trinh x> +8—4x% —2x=0 @(ﬁ —2x)—(4x3 +8) ~0

& x(x?-2)-4(x*-2)=0

—-4=0 x=4 x=4
=(x—4 (xf—z)—0<:> x,, < et
(x=4) L-—z_o =2 |x=t2
Vay, nghiém cta phuong trinh la: x=i\f;x =4.
d. Phuong trinh -4 +x+6=0 > —2x7 2% +4x-3x+6=0

& x(x-2)-2x(x-2)-3(x-2)=0

5 x-2=0 x=2
& (x-2)(¥ —2x-3) =0 | 7, o x=-1
x*—2x-3=0 x=3

Vay, nghiém cta phuong trinh la: x = -1,x=2,x=3.
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Bai 4. Giai phuong trinh:
a. Dat ¢ = x° ,diéukién t>0.

Phuong trinh x* +2x° —3=0 <1 +21—3=0@{if1_3

nhan nghiém r =1,
loai nghiém ¢ = —3 vi khéng thoa diéu kién.

Voir=1=>x" =1 x==1.

Vay, nghiém cua phuong trinh la: x=-1;x=1.

b. Pit 1 = x° ,diéukiéntzo.

Phuong trinh X257 4144 =07 251 +144 =0 [i 2196 thoa diéu
kién.

V6i (=16 = x> =16 & x = +4.,

Voi1=9=>x* =9 x=13.

Vay, tdp nghiém cua phuong trinh la: S = {—4; —3;3;4},

c. Pat 1 = x? ,diéukién t=0.

r=—1
Phuong trinh 9x* +5x> —~4=0 97 +51-4=0 & .4 loai nghiém

9

¢ = —1 vi khong thoa diéu kién.

Véiz‘:g:x2=

Nog N
S
I
I+
(SSH

Vay, tap nghiém cua phuong trinh la: S = {—

W |2

[SSHR
H_/‘
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d. Patr = x> ,diéukién s> 0.

loai nghiém

Phuong trinh x* —48x> —49 =0 1° —48: 49 =0 < [; - 4

t = —1 vi khong thoa diéu kién.

V6i 1=49 = x* =49 & x = +7.

Vay, tap nghiém cua phuong trinh la: § = {—7; 7} .

Bai 5. Giai cac phuong trinh sau bang cach dat an phu:

abatr=x+11.

o) —
Phuong trinh (.x+11)‘+(x+11)—42=0<:>r3+r—42=0<:>["6
1=-7
Vol r=6= x+11l=6< x=-5.

Volt=-T= x+11=-7T< x=-18.

Vay, tap nghiém cua phuong trinh la: S ={—18; —5} .
b. Pt r= x> -3x+5.

t=-1

2 2 2 2
Phuong trinh (x* ~3x-+3) —(x‘—3x+5)=2<:>t‘—t—2=0<:>L_2

Voit=—1=x>-3x+5=-1¢<> x> 3x+6=0¢c0 A=3"-416=-15<0

nén phuong trinh vé nghiém.

Voit=2=x> -3x+5=2<x"-3x+3=0¢c6 4=3%>-413=-3<0 nén

phuong trinh v6 nghiém.

Vay, phuong trinh da cho vo nghiém.
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c. Diéukién: x=0. Pat r=x——.
X

Il
NI ]

Phuong trinh (x—l} —S(x—l}+6:0 &P -51+6=0 <:{
x x

~—

: 1 . N
Voi 1=2 = x-—=2=x>-2x-1=0. Giai phuong trinh ta ¢6 hai nghiém la
x

x:1+\/§;x:1—\/5.

: 1 . L
Véi t=3=x—==3=x"-3x-1=0. Giai phuong trinh ta co hai nghiém la
X

3+413 3-13
xX= (X = .

2 2

. 3 13 3—-4/13
Vay, tap nghiém cua phuong trinh la § —{ +£/_; ;/_;1 + \/5;1 —\/’E}

A g 1
d. bDiéukién: x 0. Dat r=x+—.
x

2
Phuong trinh 2[x+%} —(x+%]+3 =02 —1+3=0 ¢6
A=1*-4.2.3=-23 <0 nén phuong trinh v nghiém.

Vay, phuong trinh da cho v6 nghiém.

Bai 6. Tim hai s6 u , v trong cac truomg hop sau:

a u+v=13vauv=42

Suy ra u, v 1a nghiém cua phuong trinh: X2 13X +42=0
Phuong trinh ¢c6 nghiém: X =7, X =6

u=06

u="7 .
hodc {v_'!'

~ h CA A “ 1\
Vay, hai s6 can tim a{v_6
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b.u—v=15vauy=-56

Tacod: u—v=15u +(—v) =15 va uv=-56= u.(—v) =56

Suy ra u, - v la nghiém ctia phuong trinh: X> —15X +56 =0
Phuong trinh ¢6 nghiém: X =8 X =7.

Suv r =8 <:)14:8 hos u=7 PN =7
uy ra 7 v 7 odc g v 8

. r N U=
Vay, hai s6 can tim la: hoa
day, nhat so can um la {v -7 oac {V -8

C. u2+v2 =130 va uy = -63

Tacod: 1> +1° =130<:>(u+v)2—2uv=130

& (e -2(-63) <1306 o) =4[

THL: V&t u+v=2va uv=-63
Suy ra u, v 1a nghiém cta phuong trinh: X2 —-2X —63 =0
u=-7

Phuong trinh ¢6 nghiém: X =9, X =-7 = {t " ?7 hodc {v _9

TH2: Vo1 u+v=-2va uv=-63

Suy ra u, v la nghiém cta phuong trinh: X>+2X -63=0

Phuong trinh ¢o nghiém: X =7, X =-9 = {v——9 hodc {::;9
A Coxoa o U= c Nu=-1 fu=171 . ju=-9
Vay, hai s0 can tim la: {v——'l' hoac {‘;_9 ; {‘;__9 hodc {‘,_7 :
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. 35 . 1
Bai 7. Cho cac ham s6 y = —Ex‘ (P)vahamso y= —2x+5 (d).

a. Xéc dinh toa do giao diém cua (P) va (d).
Phuong trinh hoanh d¢ giao diém cua (d) va (P) la:

X =
—Ex2 :—2x+l<:>—§x2+2x—l:0<:>
2 2 2 2 X =

W= =

. 3 ) o - 3
Vo x=1=y= 5 ta c6 toa do giao diem (1;—;}.

. 1 1 . e
Vo1 x=—= y=—— ta co toa do giao di€m l;—l .
3 6 376

Vay, (d) cfit (P) tei hai diém cé toa d6 13: [1;-;1} G-éj

" $ o . . 13
b. Goi diém M(xo;yo) thudc do thi (P) c¢6 tong hoanh d6 va tung do bang 7 .
. 3 2
M thuéc (P) suyra: )y = —Exo :
LR X ) \ A x A 13 A 2 5 13
M c6 tong binh phuong ctia hoanh d¢ va tung d6 bang 4, nén: x5~ + Yy~ = T

37)213 9 4 o 13

2
<:>x0"+[—;x0" =—& =Xy +X5° ——=0.

4 -+ -+
2 CA o
bat 1=xy" ,dieukién r> 0.

13 13
Phuong trinh 2x04+x02——=0c)212+t——=0<:> 13
4 4 4 4

3 s
Nhan nghiém ¢ = 1, va loai nghiém 7 = —3 do khong thoa diéu kién.
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| ) ¥=l1=>y=-7 . 3 3
Vort=1=x"=1< T4t co dieém [1;—;] va (—l;——j
x:—lzy:—‘g - 2

Vay, cac diém thudc (P) thoa man diéu kién bai toan la [1;—%) va (—1;—%} i

Bai 8. Cho phuong trinh : x* —(2k —1)x+2k -2 =0 (1)

x=1
x=-6

a. Khi £k =-2  ta c6 phuong trinh: X2 +5x+-6=0 [
Vay, phuong trinh ¢6 hai nghiém la x=1;x=-06.
b. Tim gia tri ciia k dé phuong trinh (1) c6 mét nghiém x, = -2 . Tim nghiém

X5 .

Phuong trinh x° 7(2k - ])x+2k -2=0 (1) co nghiém x; =2, thay vao
phuong trinh ta ¢o: (—2)2 —(2k—l)(—2)+2k -2=0
<4+4k-24+2k-2=0=k=0.

Ap dung hé thire Vi ét, ta co: x| +x, =—1<2+x, =—1<x, =1

Vay, v&1 k=0 thi phuong trinh ¢6 nghiém x; = -2, va nghiém con lai la
X, =1.

c. Phuong trinh x* —(2k-1)x+2k-2=0 (1) co:

A= (2!{—1)’2 —4.1.(2!{—2):4!{2 -4k +1-8k+8

A=4k> ~12k +9 = (2k —9)’ > 0 v6i moi k. Do d6, phuong trinh (1) ludn co
nghiém v&1 moi gia tri k.

d. Goi x;, x, la 2 nghiém cua phuong trinh (1). Tim hé thuc lién hé giira

X;, X, khong phu thudc vao k.
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Bai 9.

Goi x (x eN *) la s6 tdm tham phéan xudng lam duoge theo ké hoach.

Thoi gian hoanh thanh cong viéc theo ké hoach 1a; (ngay)

Trong 8 ngay dau phan xudng dét duge: 8x (tim tham)Trong nhitng ngay con
lai, mdi ngay phan xudng dét duoc: x +10 (tdm tham), va can hoanh thanh
3000 — 8x sO tam tham con lai. Nén sb ngay can thiét dé phan xudng dét hét so
3000 —-8x

tim tham con lai la: nea
. 10 (ngay)

3 _
3000=8+‘000 8x+2.

X x+10

Theo dé, ta c6 phuong trinh sau:

x =100

= —150 loai nghiém x = —150 vi khong thoa

Hay x> +50x—15000 =0 <> {
diéu kién.

Vay, theo ké hoach mdi ngay phan xuéng can dét 100 tim tham.

Bai 10.

Goi x (km/ h) 1a van toc ctia 6 t6 trén quing dudng AB, va van tde cia 6 to

trén quang duong BC la x+10 (km/ h).

. : 30
Thot gian 6 t6 di trén quang duong AB la: — (gi0)
X

Thot gian 6 t6 di trén quang duong BC la: (g10)
X

+10
Téng thoi gian 6 6 di tir A dén B, nghi tai B va tir B dén C 1a; 10 gio 15 phat —

. A 11 , .
7 g16 30 phut 1a 2 gio 45 phut = 7 210, nén ta c6 phuong trinh:
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=30
30 1 50 11 5 ¥
— -+ =—>=9" -230x-1200=0 40 loai nghiém
x 2 x+10 4 X= —?
40 :
X= Y vi khong thoa diéu kién.

Vay, van toc cta 6 to di trén doan duong AB 1a 30 km/h, va van toc ctia 6 to di

trén doan duong BC la 50 km/h.
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VI. PE KIEM TRA CHUONG 4

KIEM TRA IAT[ET CHUONG IV | Biém
Howvatén: ........... ... ... ... MQN: TOAN
Lop:........ Ngay kiém tra: ... ... ...
PE SO 01

I. TRAC NGHIEM (4 diém ) Khoanh tron chit cii dirng truée két qiia ditng:
Cau 1.Tong va tich cac nghiém ciia phuong trinh 4x*+2x—-5=0 la

| | 5
Axitx=—; X1.%=2 B.xj+tx,= — = X1.X,=—- =
1T X TS XX T X -2 XX T
1 5 1 5
C. x1tx= - = x1.X;== D.x;tx= —; X1.X=— =
117Xz 5 X = T XX T
Cau 2. Phuong trinh x*- 2x + m = 0 ¢6 nghiém khi
A m=-1 B.m>1
Cm<l D.om<-1
Céu 3. Phuong trinh 2x* - 5x + 3 = 0 ¢6 nghiém la:
3 3
A xi=1; x,= = B.x;=-1; x,= =
1 27 3 1 27 3
C.x3=-1; xz:-i D x=1
2
Chu 4. Ham séy=-§x2. Khi do f(-2) bang :
A3 B.-3
c? D.6
4

Chu 5. Tong hai s6 bang 7,tich hai s6 bang 12.Hai s6 d6 la nghiém cta phuong
trinh.

A x*-12x+7=0 B. x>+ 12x-7=0
C.x*-7x-12=0 D.x*-7x+12=0

CAu 6. Phuong trinh 3x”+ 5x—1=0 ¢o A bing
A 37 B.-37
C.37 D. 13

Chu 7. Phuong trinh 5x°+8x—-3=0
A. C6 nghiém kép B. C6 hai nghiém trai du
C. Co hai nghiém cung déu D. V6 nghiém

Chu 8. Ham s6 y = - 2x°
A. Ham s6 luon dong bién
B. Ham s6 ludn déng bién
C. Ham sb dong bién khi x>0, nghich bién khi x<0
D. Ham sb ddng bién khi x<0, nghich bién khi x>0

II. TU LUAN (6diém)
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Bai 1: (2 diém).
Cho hai ham s6: y =x* (P) va y=-2x+3 (D).

a/ V& hai dd thi (P) Vé} (D) trén cung mét hé truc toa do.

b/ Tim toa d6 giao diém cua (P) va (D) biang phuong phap dai s6.
Bai 2: (2 diém) Giai phuong trinh:

a) 3x°-8x+5 =0 b) 2x - 1)(x - 3) =-2x+2

Bai 3: (2 diém).
Cho phuong trinh : 2x*- 7x - 1 =0 (goi x1; x; | hai nghiém cta phuong trinh)
a) Khong giai phuong trinh, hay tinh:  x;+ x5 X%,
b) Tinh gia trj biéu thire; A = 12 — 10x,%; + x> + X,°
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, PAP AN- HUONG DAN CHAM - DE SO 01
L. Trac nghiém (2d) Moi cau chon diung, no1 thich hop dugce 0,5 @

Cau 1 2 3 4 5 6 7 8
Dap an B C A B D C B D
IL Ty luan: (8 diém)
Bai 1 (2 diém ) : Moi phan 1 diém .
*) Ham so y= X%
Bang mot s6 gia tr1 tuong ing (x,y):
X -3 -2 -1 0 1 2 3
y=x 9 4 1 0 1 4 9

*) Ham s6 y = -2x + 3:

- Giao diém cua do thi vo1 Oy: A(O; 3).

Giao diém cta d thi véi Ox: B(%; 0)

- Puong thing AB la d6 thi ham s0 y = -2x + 3

b) Tim dung 2 toa do giqo diém ]
bang phuong phap dai so : (1; ) va(-3;9) (1 diém)

Bai 2: (2 diém). Mdi cau 1 diém
a) 3x°-8x+5 =0

Taco A'=16-35=1>0 (0,5 diém)
Phuong trinh ¢6 hai nghiém phan biét la

3 3773
b) (2x - 1)(x-3)=-2x+ 2 2x —6x—x +3=-2x 2« 2x* = 5x + 3 =0 (0,5 diém)

A=(-5-421=17>0
5+\/ﬁ ) _S—Jﬁ

Phuong trinh ¢6 hat nghiém phén biét la x, = EEE X, p (0,5 diém)
Bai 3: (2 diém). Mdi céu 1 diém y
a) Ta cd: ac = - 2 < 0 nén phuong trinh ludn c6 hat nghiém phan biét (0,5 diém)
Theo dinh li Vi-ét, ta tinh duoc: x, + x, = % vi xpo= (0,5 diém)
b) A= 12—10x1x2 +x12 +x22 =12 - 10x1x; + (Xl + X2)2 -2 X1X2
(0,25 diém)
=12 12x%0 + (x) + X0 (0,25

diém)

—12-12. ‘21+G} —12+6+ %9 ~30,25 (0,5 diém)

Luwu y: HS lam cdch khdc ding vin tinh diém toi da.
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KIEM TRA 1 TIET CHUONG IV DPiém
Hovatén: .............. .. ... ...... MQN: TOAN
LA o Ngay kiém ra; < v s
PE SO 02

I- TRAC NGHIEM: (3diém) Khoanh tron chir ci ding trude két qua ding cua
cac cau sau:

Cau 1: D6 thi ham sé y = x* di qua diém:
A. (0;1) B. (-1;1) C. (1;-1) D. (1;0)

Céu 2: D6 thi ham s y = ax® di qua diém A(3; 12). Khi do a bing

4 3 1
A — B. — C. 4 D. —
3 4 4
Céu 3: Phuong trinh (m + 1)x* — 2mx + 1 = 0 la phuong trinh bac hai khi:
A m =1, B.m=#-1. C.m=0. D. moi gia tri cia m.

Céu 4: Phuong trinh x* — 3x + 7 = 0 ¢6 biét thirc A bing
A. 2. B. -19. C.-37. D. 16.
Cau 5: Cho phuong trinh 0,1x*— 0,6x — 0,8 = 0. Khi do:
A. X1 +X%X,=0,6; X1.X,=8. B. xq+Xx,=6; x1.X=0,8.
C. Xy+X%X=6; X;.X,=8. D. Xx;+%x,=6; X1.X;=-38.
CAu 6: Phuong trinh x* + 5x — 6 = 0 ¢6 hai nghiém la:

A.Fy=l; Xp=uif B xy=lgxm=0 Cx=-lgx=06 D.x==I1x==
6

II. TU LUAN: (7diém)

Cau 1 (3d). Giai cac phuong trinh sau:
a) x>+ 6x+8=0 b)3x*-15x*+12=0
Céu 2. (2d). Chohai ham sd y =x* vay=x +2

a) V@ dd thi hai ham s nay trén cung mot mat phfmg toa do.
b) Tim toa do giao diém cua hai do thi do.

Cau 3. (2d). Cho phuong trinh x* + 2x +m- 1= 0
Tim m d€ phuong trinh ¢6 hai nghiém x , x, thoa man diéu kién x, —x, = 4.
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' PAP AN- HUONG DAN CHAM - PE SO 02
I. Trac nghiém: (3 diém) Méi cdu diing dwoce 0,25 diém

Cau 1 2 3 4 5 6

Dép an B A B B D A

II. Ty luan:

Cau Noi dung biém
| AX*+6x+8=0
A=32-8=1;\/Z=1 0.5
X,=-2; x,=-4 1.0
b) 3x* - 15x*+12=0 (1)
pit y=x> (y = 0) 0.25
. 2 s 2 . 0.25
Phuong trinh tré thanh: 3y - 15y +12=0 (2)
Via+b+c=3 -15+12 = 0nén phuong trinh (2) ¢ hai nghiém: 0.25
) 0.25
yi=lyy,=4
Suyra:x’=1=>x=%1; x’=4 =>x=+2 0.25
Vay phuong trinh (1) ¢é 4 nghiém: x, =-1;x,=1; X;=-2; X, = 0.25
2.
2 |a)vVéddthihaihamsdy=x"vay=x+2
X 20-110 |1 ]2 X 0 -2 0.5
y=x |4 1]0]|1]4 y=x+2 2 0
\ y s
H\ -] / ///
4 ; //
\ 5 / //
\ 7/ 0.5
A / /
X
A
b) Toa d¢ giao diém cta hai do thi
1.0
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A(-1; 1), B(2;4)

3 Tinhdugc: 4 =2-m 0.5
Phuong trinh ¢c6 nghiém < 4 202 —m>20om<2 0.5
. X, +x,=-2 (1)
Tinh dudgc:
x,.x,=m-1 (2) 0.25
X, +X,=-2 X, =1
Tuw (1) vax, —x,=4tacd : = 0.5
X, —x,=4 X,=-3
Thay gid tri cla x,, X, vao (2) = m = -2 (thoa di€u kién).
V&y véi m = - 2 thi phuong trinh di cho ¢6 hai nghiém x , x, thoa 0.25
min diéu kién X, —x,=4.
280
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VII. PE THI HQC Ki 2 - MON TOAN LOP 9

PE KIEM TRA HOC KI 11 TOAN 9 DPiém
Hovatén: ......... .. ... ... ... ... MQN: TOAN
Lop:........ Ngay kiém tra: .............
PE SO 01

Bai 1(1,5d) ’ 7
a) V& do thi cta cac ham so sau trén cung mot mat phang toa do :
(P):y=x"; (d): y=2x+3
b) Tim toa do giao diém (néu co) cua (d) va (P).

Bai 2(2,0d)

a) Giai phuong trinh x* —5x+3=0
b) Giai hé phuong trinh fx tiy=4

|2x+5y=7

Bai 3 (2,5d)

a) Cho phwong trinh x>+ 7x -4 =0

Khong giai phuong trinh hay tinh x; + x5 va x;.x;.

b) Mot nguoi du dinh di xe gin may tir dia diém A dén dia diém B cach nhau
90km. Vi c6 viée gap phai dén B trude gio du dinh la 45 phut nén ngudi iy phai ting
van toc 1én mdi gio 10 km . Hay tinh van tbc ma ngudi do du dinh di .

Bai 4 (4,0d)

Tur mot diém M & bén ngoai duong tron (O ; 6cm); ké hai tiép tuyén MN; MP
véi duong tron (N 3 P € (0)) va cat tuyén MAB cua (O) sao cho AB =6 cm.

a) Chung minh: OPMN la tir giac no1 tiép

b) Tinh d6 dai doan thang MN biét MO = 10 ¢m

¢) Goi H 1a trung diém doan thing AB. So sanh goc MON vdi goc MON

d) Tinh dién tich hinh vién phan gié1 han b1 cung nho AB va day AB cua hinh
tron tdm O da cho.

--------Hét

Facebook: https://www.facebook.com/thayphamnguven 281




Pham Nguyén — DT: 0935555826

PAP AN- HUONG DAN CHAM - PE SO 01

DAP AN BIEU
DIEM
Bai 1: (1,5diém)
a)Vé do thi
Toa do diém cua dd thi (P): y = x°
X -2 -1 0 1 2 0,25
y=x’ 4 1 0 1 4
Toa d6 diém cua d6 thi (d): y=2x+3
0.25
X 0 -3
y=2x+3 3 0
' 0.5
2
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b)Phuong trinh hoanh d6 giao diém cua (P) va (d)
¥ =2x+3
Sy -2x-3=0
Céodanga—b+c=1-(-2)+(-3)=0 0,25
x=-1 b
= - tur (P '
xZ:_C:3 ():b{%:g
a
Vay : Toa do giao diém cua (P) va (d) 1a A(-1L1); B(1,9)
0.25
Bai 2: (2,0diém)
a) X’ —5x+3=0
A=(-5-43=25-12=13 >0 0,5
Vi A > 0 nén phuong trinh ¢6 2 nghiém phan bié
ri—b+\/375+\/ﬁ 0,25
- 2a 2
b-NJA 513
== 0,25
x+3y=4 o f2x+6y:8
2x4+5y=7  |2x+5y=7 L0
= y:l faY y:1 @J’y:]
2+5y=7" [2x+51=7  |x=1
Bai 3: (2,5diém)
a) + Phuong trinh coac=1.(4)=-4<0 0,25
=> Phuong trinh c6 hai nghiém phéan biét x;, x, 0,25
. -b
+Theo viet: x; +x; = a2 -7
0.25
c
X1.X2 = a = -4
0.25
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b) Goi x (km/h) 1a van toc dy dinh di (dk: x>0) 0,25
x + 10 (km/h) la van toc thuc té di
Thoi gian du dinh di 1a - 22 (h) 025
X
o £ o412, 90
Thot gian thuc te dila: (h)
x+10
o 3 0.25
Vi thuce té dén trude gio du dinh 1a 45’(=Z h), nén ta co phuong trinh:
%0__% _3
x x+10 4
=x* +10x-1200=0
A'=b"—ac=25+1200=1225=JA =35 0,25
Vi A’ > 0 nén phuong trinh ¢6 2 nghiém phan biét
—b+~JA' —5+35
X, = A 5+35_ (TMPK)
a 1
—b+~JA' —5-35 .
X, = VA = =-40(Loat)
a 1 0,25
Vay van toc dy dinh di la 30km/h
0,25
Bai 4: (4,0diém)
V& hinh dung 0,5
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a) Tir giac PMNO 6 P=90° va N'=90° (Tinh chit tiép tuyén) 0,5
— P+ N=180° = Tu gidc PMNO néi tiép 0,5
b) Tinh d6 dai doan MN:
Ap dung dinh 1i Py-Ta —go vao tam gidc vudéng MON ta ¢o
MN = VMO* —ON* = J10° =6 = 8 cm 0.5
¢) Vi: H 14 trung diém cia AB, nén: OH | AB 0,25
— BHM= ONM = 90°

0,25
OHM va EINM cung nhin doan OM mét goce 90°
— Tu giac MNHO ndi tiép

0,25
— WHN = WON ( vi ciing chin cungMN) 0.25
d) Goi dién tich can tinh la Svp
Svp= SqAOB - SMUB 0,25
+ Ta co: 0A = 0B = AB = 6¢cm
=> AMOBdéu=> S, . =93 ~1559

0,25

R’ .6°60 ,
+8,, = DT T 67 ~18,84(cm”)
360 360

=>Syp =8 —S,=67 -943 =327 -343)

0,25
~ - ~ 2
~ 18,84 - 15,59 ~ 325 (cm?) 0.5

* Hoc sinh co thé gidi cach khdc, néu ding van cho diém toi da
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DPE KIEM TRA HOC I§I II TOAN 9 | Diém
Howvatén: ... ... ... ... .. ... ......... MQN: TOAN
Lop ... ... Ngay kiémtra: ... ... ...
DE SO 02
Bai 1(1,5d)

a) Vé dd thi cia cac ham sd sau trén cung mot mat phéng toa do :
(P):y=x";(d):y=2x+3
b) Tim toa do giao diém (néu co) cua (d) va (P).

Bai 2(2,0d)
a) Giai phuong trinh x* —5x+3=0

e . x+3y=4
¢) Giail hé phuong trinh Y
2x+5y =17

Bai 3 (2,5d) Cho phuong trinh: x*~mx—4 =0 (m la tham sd) (1)
a) Chung minh phuong trinh (1) ludn ¢é hai nghiém phan biét x;, x; vé1 mo1
gia tr1 cia m.
b) Tim gia tri cia m dé phuong trinh (1) c6 hai nghiém x,, x, thoa méan diéu
kién: )Cl2 + x,f =5

¢) Tim hé thie Lién hé gitra x,, x, khong phu thudc gia tri cia m.

Bai 4 (4,0d) )

Tir mét diém M & bén ngoai duong tron (O ; 6¢m); ké hai tiép tuyén MN; MP
voi duong tron (N, P € (0)) va cat tuyén MAB ciia (O) sao cho AB =6 cm.

a) Chimg minh: OPMN la ttr giac ndi tiép

b) Tinh d¢ dai doan thang MN biét MO = 10 cm

¢) Goi H 1a trung diém doan thing AB. So sanh goc MON v6i goc MHN

d) Tinh dién tich hinh vién phan gidi han boi cung nho AB va ddy AB cua hinh
tron tam O da cho.

Hét --
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PAP AN- HUONG DAN CHAM - PE SO 02

DAP AN BIEU
PIEM

Bai 1: (1,5diém)
a)Vé do thi

Toa do diém cta do thi (P): y = x°

X ) -1 0 1 2 0,25

Toa d6 diém cua d6 thi (d): y=2x+3

0,25
X 0 -3

y=2x+3 3 0

0 0,5
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b)Phuong trinh hoanh do giao diém cua (P) va (d)

¥'=2x+3

Syt -2x-3=0

Codanga—b+c=1-(-2)+(-3)=0 0,25
x =-1 ol

= —c tur b
x::_f«:3 CP)Z>{J’2=9

Vay : Toa do giao diém cua (P) va (d) la A(-L1); B(1;9)

0,25

Bai 2: (2,0diém)

a) x’—5x+3=0

A=(-5-43=25-12=13 >0 0,5

. —b+JA 5+13
X, = =
. - . . A A i 2a 2 0,25
Vi A > 0 nén phuong trinh ¢6 2 nghiém phan biét ’
_b-JA 5413
: 2a 2
0,25
b x+3y=4 <:>f2x-0-6y:8<:> y=1 o y=1 C}fyzl
2w+5y=7 |2x+5y=7  |2x+5y=7  |2x+51=7  |x=1 L0

Bai 3: Cho phuong trinh: X’ ~mx +m—1 =0 (m la tham sb) (1) (2,5diém)

a) C/m: Phuwong trinh (1) luén cé6 nghiém voi moi gid tri ciia m.

A=(-m) —4.1.(m-1) 0,25
=m" —4m+4 0,25
=(m-2)"=0 ;Vm

=> Phuong trinh (1) luén c6 nghiém vé1 moi gia tri cia m 0,25

0,25

b) Tim gid tri ciia m dé phwong trinh (1) ¢é hai nghiém x,, x, théa min

diéu kign: x; +x; =5 0,25

>
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: -b c
+ Theo Viet: x.+x2=z= m ; X1Xp =5 = m-—1
L XX =5
< (x +x,) =2x.x,=5
&S m - 2(m-1)=5
2
— 2m +2 =5
& m - 2m 0.25
& mP-2m -3 =0
Phuong trinh c6 dang:a—b+c=1-(-2)+(-3)=0 0.5
Nén:m; =-1; my;=3 0,25
Vay: m; = -1 hoac mj; =3 thi phuong trinh (1) c6 hai nghiém x;, x, thoa
man diéu kién: x7 + x5 =5
¢) Tim hé thire lién hé gita x;, x, khong phu thuéc gida tri ciia m.
Taco 1t x—-1=x1x X1t X2—X1.% = 1 0,25
Vay: Hé thurc lién hé giira x;, x, khong phu thudc gia tri ciam la: x; + x, — 0,25
X1.X2 = |
Bai 4: (4.0diém)
Vé hinh dung 0,5
a) Tir giac PMNO co P=90° va N =90° (Tinh chét tiép tuyén) 0,5
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— P+ N=180° = Tu gigc PMNO noi tiép 0,5
b) Tinh do dai doan MN:
Ap dung dinh li Py-Ta —go vao tam giac vuéng MON ta co
MN = VMO* —ON*> = 10° =6* =8 cm 0.5
¢) Vi: H Ia trung diém cta AB, nén: OH 1L AB 0,25
— BHM = BNM = 90°

0,25
OHM va ONM cung nhin doan OM mét goc 90°
— T giac MNHO ndi tiép

0,25
— WHN = WoN ( vi cung chin cungMN) 0.25
d) Goi dién tich can tinh 1a Svp
Svp = SqOAB - SAOAB 0,25
+Taco: 0A=0B=AB =6cm => AOBdéu=> S, . =93 ~15,59

2 0,25
TRn  71.6%60 =
+8 .. = = =67 ~18,84(cm’
360 360 (cm’)

=>Syp=8,-8,=67 -9V3 =327 -33) ~ 18,84 - 15,59 ~ 3,25 0,25
(cm”) 0,25

* Hoc sinh co thé gidai cdch khdc, néu ding vin cho diém toi da

Hét
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KEU GOI GOP VON TU CONG PONG HO TROQ VIET SACH

CHINH PHUC TOAN 9 TAP 3 - HINH HOC THEO SO PO TU DUY
Chao ca nha,

Téi 1a Nguyén, viét sach 1a niém dam mé véi téi! Di tir lau 1im rdi tir ngay cic cuén sach SO PO TU
DUY TOAN 9, CHINH PHUC TOAN 9 TAP 1 PAI SO, CHINH PHUC TOAN 9 TAP 2 DAI SO duoc
ra doi ciing d3 6 thang r6i. Dén hém nay, t6i lai diy 1én trong minh sy khao khat dwoc viét tiép, hoan
thién cuén CHINH PHUC TOAN 9 TAP 3 — HINH HOC THEO SG PO TU DUY.

Dé viét tiép Tap 3 HINH HOC, t6i sn sang chia s& tit ca cac file word ciia cic cudn trude danh cho cac
anh chi em ung hé t61. Bé1 1y do quan trong nhét cia mot cudn sach ra doi véi 161, 1a dén dwoc véi doc gia
va thuc sw ¢6 ich cho anh chi em. Va khi thuc hién dy an viét cudn 3 nay, sau moi chuwong khi hoan thién,
t61 s& giri mail dén tat ca cac anh chi em d3 Gng hé t6i.

Gid1i thigu cac tac pham trude:

1. Cuén 1: SO DO TU DUY TOAN 9 (31 so dd). Trinh bay cic néi dung chinh, cic néi dung kho
ctia Toan 9 duéi dang so d6 tir duy gitp cic em 6n tap sau moi chuong dé cac em dé nim bit va
nhé 1au hon, gido vién ciing c6 tai liéu dé phat cho cic em.

—T
PHAM NGUYEN J
(Gido vién chuyén luyén thi tai pne.edu.vn)

SO DO TU DUY

ho i

¢ ham khao danh cho giéo vién

Link tai liéu file PDF:
So d6 tw duy: https://www.facebook.com/chinhphuctoan9/

2. Cuén 2, 3: CHINH PHUC TOAN 9 — TAP 1 (207 trang), TAP 2 DAI SO (296 trang). Ap dung
cac so d6 1a viee khong d& véi cac em hoc sinh yéu, va yéu ciu can phai hiéu 18 cic ndi dung kién
thire, do d6 t6i da viét Tap 1 (Chwong 1, Chwong 2), Tap 2 (Chuong 3, Chwong 4 ) véi ndi dung
nim trong Dai s6 16p 9 véi cach phin dang rat chi tiét va trong tim cling cac huéng din cu thé
nhiét, dé cac em c6 thé TU HOC, VA LAM DPUGC. Thém vao d6 1a cic bai tap tw luyén, cac dé
kiém tra, dé thi dwoc gidi thiéu ngay sau mdi dang, mdi bai, va mdi chwong s& giap cic em rén
luyén va tw danh gia dwgce ban than.



'PHAM NGUYEN

§ (Gido vien chuyén luyén tfn‘ tipne.eduvn)
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Link tai lidu:
Tap 1: https://www.facebook.com/chinhphuctoan9/

3. DU AN viét sach: CHINH PHUC TOAN 9 — TAP 3 HINH HQC
Chao cac anh chi, nhu toi di timg chia &, dy 1a du 4n ¥ nghia va rit tim huyét véi riéng c4 nhan
t61, toi khao khat viét tiép va hoan thién tron bé sach nay vi né rat ¢6 ich cho cic em hoc sinh, céc
giao vién khi st dung sach. Truée hét, t6i mudn nodi su ung hg cliia moi ngwoi qua cac cubn sach
trwde 1a niém dong vien rat 16n danh cho t6i. Cac ban giao vién, cac anh chi phu huynh va cac em
hoc sinh d3 lu6n dong vién t6i ¢b ging hoan thién cubn hinh hoc. Tuy nhién, van dé chi phi 1a
moét van d& 16n véi o1, véi mot du an ca nhan. Téi cAn mot it von dé viét tiép.
Do d6 t6i mong dwoc moi ngudi ing hd dé t6i ¢6 thé thue hién dw an nay thanh cong.

4, Céc ban c6 thé ung hd t61, va nhan cac vu dai nhw sau:

a. Ungho 100.000 vnd dé nhén toan b file word SO PO TU DUY TOAN 9 va file pdf
sach TAP 3 HINH HOC khi t6i viét xong cac chuong.

b.  Ung ho 200.000 vnd dé nhan toan bé file word SG DO TU DUY TOAN 9, file word
CHINH PHUC TOAN 9 TAP 1 PAI SO va file pdf sich TAP 3 HINH HOC khi téi viét
xong cac chuong.

¢.  Ung ho 300.000 vnd dé nhén toan b file word SG DO TU DUY TOAN 9, file word
CHINH PHUC TOAN 9 TAP 1 PAI SO, file word CHINH PHUC TOAN 9 TAP 2 DAI
SO va file pdf sach TAP 3 HINH HOC khi téi viét xong cac chwong.

d. Du an s& bit dau trién khai khi s6 tién Ging ho dat dwoc 20.000.000vnd. Thoi gian thuc
hién dy an: 5 thang.

5. Cach thirc ting ho:
e Dé ang ho, cac ban vui 1ong chuyén khoan viao tai khoan véi noi dung: Ung ho Nguyén viét
sach + Ho tén + SDT
e Thong tin tai khoan:



Cha tai khoan: Nguyén Thuy Nhi Uyén (ba xi tac gii)

S tai khoan: 040036663040 ngin hing Sacombank, chi nhanh Tp Hué.

Sau d6 vui 1ong théng bao lai cho Nguyén biét vao sdt 0935555826 hodc nhin tin vao
Facebook: https://www.facebook.com/thayphamnguven

To61 s€ lién tyc cdp nhit danh sach Gng h§ cong khai gém ho tén, s6 tién ung h¢ cia anh chi
em trén trang fanpage: https://www.facebook.com/chinhphuctoan9/



