CHUONG L. CAN BAC HAI, CAN BAC BA.
BAI 1. CAN BAC HAL
LTOM TAT Li THUYET
1/ Can bac hai

- Can bac hai cta s0 thuc a khong am la sd thuc x sao cho x*= a.

- Chuy:

- S0 duong a c6 dung hai can bac hai, 1a hai s6 d6i nhau: s6 duwong ki hiéu la Ja , 80 am ki
hiéu la _‘/;.

- S6 0 ¢6 diing mot can bac hai la 0.

- S6 am khong c6 can bac hai.

2/ Can bac hai s6 hoc

- Vi s6 a khong am, s6 Ja dwoc goi 1a can bac hai sd hoc cua a.
x>0

a=x< {
- Chay:Tach v =
3/ So sanh cac can bac hai s6 hoc

Ta cb : \/Z<\/Z<:>0£a<b

II. BAI TAP VA CAC DANG TOAN
Dang 1: Tim cin bac hai va cin bac hai s6 hoc caa mdt s
Phuwong phap giai:
° Néu a > 0 thi cdc can bac

hai ctia a 1a £Va : can bac hai s8 hoc ctia a la Ja

° Néu a =0 thi can bac hai
cua a va can bac hai s6 hoc ctia a cung bang 0.
o Néu a <0 thi a khong c6

can bac hai va do d6 khong cé can bac hai hai s6 hoc
1A. Tim cac can bac hai va cin bac hai s6 hoc ctia cac sd sau:

9
a) 0 b) 64 c) 16 d) 0,04

1B. Cin bac hai va cin bac hai s6 hoc ctia cic s6 sau la bao nhiéu?
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120

a) -81 b) 0,25 c) 1,44 d) 8l
Dang 2: Tim s6 c6 cin bac hai s6 hoc 1a mét sé cho trude
Phuwong phap giai:
Véi s8 thue @20 cho truede ta c6 a2 chinh 12 s8 ¢4 cdn bac hai s8 hoc bgmg a.

2A. Moi 56 sau day 1a can bac hai s6 hoc ctia s6 nao?

2 0,2
2 =
a) 12 b) -0,36 o V7 d) V3
2B. S8 nao c6 cin bac hai s6 hoc 1a mbi s8 sau day?
3 1 ]2 0,12
a) 13 by 4 o 2Vs dq) V0.3

Dang 3: Tinh gi4 tri ctia biéu thirc chira can bac hai

Phuwong phap giai:

\/a—2=avé (x/g)2=a

Véisd 420 taco

3A. Tinh:

: i)
a) VO by V25 o V6 gl V4

3B. Tinh:

a) V121 b) \/% Q) <_\/§)2 d) (_%]2

4A. Tinh gia tri ctia cac biéu thic sau:

/—25 / -9
4= 45 |-Z
a) 0,54/0,04 +54/0,36 b) -16 ! 25

4B. Thuc hién phép tinh:

1[4 2 [25
NN LEzp
a) 3 2 b 2Vo 5\Vi6
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Dang 4: Tim gia tri ctia x théa min bi€u thixc cho trude

Phwong phap giai: Ta sit dung chu y:

® x’=a’<x=+a

A~ , _ )
* Voisd 220, taco Jx=aox=a

5A. Tim gia tri cua x biét :

a)Ix>-16=0

€)2x*+9=0

5B. Tim x, biét:

a)3x?=1
0) V2x+1+3=0

Dang 5: So sanh cac can bac hai s6 hoc
Phuong phap giai:
Ta c6 : \/;<\/E<:>0Sa<b

6A. So sanh:
a)3va 22
c)3va Vis-1
6B. Tim s6 16n hon trong cac cdp sO sau:
a)11 va 24/30
) 1vaV3-1
7A. Tim gia tri ctia X, biét:

2x<l
3

a)

7B. Tim x thda man:

b) 4x>=13
B 2x +1 r-0
d) 3

,f2x+l =3
b) 3

d) X’ —4x+13=3

b) 5 va J17+1

d) 1-v3 va V0.2

b)2vé1+\/5

d)-10 va —3V11

,f—3x+l >5
b) 2
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3
2x—-1<=
a) V-2x+1>7 b) * 2

Dang 6: Chitng minh mot s6 1a s6 vo ti:

8A’". Chting minh:

a) V3 1assvot b) V2+3 1356 vo ti

8B". Chirtng minh:

a) V3 1a 55 vo ti b) V3+V5 lassvot

III. BAI TAP VE NHA

9. Tim céc can bac hai va can bac hai s6 hoc ctia cac so sau:

49
a) 225 b) 289 ) 2,25

10. M0i s6 sau day la can bac hai s6 hoc ctia s6 nao?

(3} 3 ﬁ

a)7 by \ 4 ) 2V3
225 2 [

Vo by (-111) 0

12. Tinh gi4 tri cta cac biéu thirc sau:

11. Tinh:

a)5

2\/75——\/7+ 144 05 0,09 2\/025+\f

\E_é J@ 2 0 [
gV1e 2V 9 a V-16

13. Tim gia tri ctia x biét:

a) —x2 +324 =0 b) 16x2 -

5=0

c) Vx-3 d) Vax® —4x+1=3

14. So sanh cac cdp sO sau:
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a)4vé1+2\/5 b)4 va 26 -1
o V05 vy V3-2 d) 33 vy 27
15%. So sanh : V2015 ++/2018 3 v2016 ++/2017

16. tim x thoa man:

a)\/EZS b)‘/m>7
o Vx+9<31 d) V3x-1<2
17°. Tim x biét:
aﬂﬁz\/ﬁ b)@ﬁx/)?
18. Chtrtng minh:
a) VT 1a 8 vo ti b) V7 +3 1assvo i

19". Cho biéu thitc : P=x-2v2x-3

a) Dat t=V2X=3 Hay biéu thi P theo t
b) Tim gia tri nho nhdt cua P.
20". So sanh:

1 1 1

1
ettt ——
2) NITEN/NG V100 4310 b)\/4+\/4+\/4+ ..... +/4 Va3

P =1/X(29x+3y) + \/y(29y + 3X).
DAP AN

CHUONG I. CAN BAC HAI,CAN BAC BA
BAI1. CAN BAC HAI
1A. a) Can bac hai va can bac hai s hoc ctia 0 cung la 0.
b) Can bac hai ctia 64 1a +8; can bac hai s6 hoc cua 64 1a 8.
9
¢) Twong tu, cac can bac hai va can bac hai s6 hoc ctia 16 Tan lwot 1a
d) Céac can bac hai va can bac hai s6 hoc ctia 0.04 Ta lwot 1a +0,2 va 0,2
1B. Twong ty 1A
a) Khong ton tai b) +0,5va 0,5

t

AW
AW

va
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1 1 l 1
c) +x1,2valz2 d) 9 va 9
2A. a) SO c6 can bac hai s6 hoc béng 12 1a 144
b) Vi-0,36 < 0 nén khong ton tai sd nao c6 can bac hai s6 hoc béng
-036

2\? 8
¢) Twong tu, s6 cd can bac hai s6 hoc bgmg 7 147

0,2 0,04 004
d) S8 c6 cin bac hais6 hocbing Y3 va 3 3

2B. a) 169 b) Khong ton tai
1 0 144 0, 1-’-1:4
c) 10

JL/ 2 zjz_
3A.a)Taco V9 =3 =3 b)Taco V2 5 25

¢) Ta cé J(-6) =—J6* =6 d) Ta c6 [

3B. Tuong tu 3A

-lklw
~—
/_\
m
~—
-lklw

|
m|+

3 3
a) 11 b) Q)2 d)_55

4A.a) Taco 0-30,04+50,36 =0,5 0,2% +/0,6* =

—4 ﬁ+5 _—9:—424_52:_2
b) Tuong tw, ta cd N-16 V25 4 75

4B. Tuong tu 4A

1
a) 4 b) ©
2
9x2—16x=0c>x2:(ij <:>x:iri
5A. a) Ta c6 3 3
2
4x2:13<:>x2=(gJ @x:ig
b) Ta co
QVi ¥ 20=22x"+9>0=>xed
V2x+ e 24126 > x =
d) Ta cé 2
5B. Tuong tu 5A
13
X=*t— X =—
a) V3 by 3 c) x€< d)x=2
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2
2 _ N _ . .
6A. a) Ta co 3 =9va (2\/5) =8. ma 9>8 nén 3>242

b) Ta co 5=4+1=V16+1.ma 16 <17 (i 16<17) nén 5<v17 +1
¢) Tuong tu cau b, 3=4~1=V16-1. ma V16 >VI5 (4 16>15) nen 3> V151
d) Ta ¢ 13 =V1-/3<0. ma 0</0,2 nen 1-V3</0,2

6B. Twong tur 6A.

a) 2430 b) 1++2 c) \/5—1 d) 311

A 2x <l<:>\/2x <l<::>OS2x<l<:>OSX<L
7A. a) Ta c6 3 9 9 18

—3X+120<:>X31
b) PK : 6

‘/—3x+125<:>—3x+1225<:>xs—£
Ta c6 2 2 6 (TMDK)

7B. Twong ty 7A

xsl. Ta co -2x+ 1>49 < x<-24

aybk: 2 (TMDK)
1 1
x>—.Taco 2x—1£2<:>x£—3 leSE
bPK: 2 4 8 Két hop DK ta duoc 2 8
3_m

8A*. a) Gia stt N 1356 hitu tivéi MNEZNZ0 oy (4 n)=1

x/§=2:>m2=3n2:>m253:>m53:>m=3k
Tt n voi keZ

Thay m=3k vao m” =30’ ta dugc 1" =3k’ =n”:3=n:3
Nhu vay m,n c¢é wdc chung la 3, trai véi gia thiét (m,n)=1
Vay \/5 la sO vo ti.

2
5426 =a> =6 =2 =2

b) Gitra stt \/§+\/§=al‘a56h&uti.Tacé 2

Twong tu y a, ta cht'ng minh duoc V6 la s6 vo ti (2)
a’-5
Tuy nhién, vialasGhitutinén 2 ciinglas6 hitu ti (3)
Tt (1),(2), (3) dan dén diéu vo ly.
Vay \/§+ \/5 phai 1a s6 vo ti.
8B* Tuwong tw 8A
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7 7

+ -
9)a) £15va15 by 17 va 17
cf15vals d) £04va04
2 3 0,625
10. a) 49 b) 16 0) 2 4 2
15 U]
11.a) 3 b) -111 0)-400 g)3
B
12.a) 12 b) -0,35 -4 d)- 4
PRC N
13.a)x=* 18 b) <= 4 9 4 d)xe{—l;Z}

14. Twong tw 6A
24514242 as2de-1 N0S5>VB-2 g 33007
15+ Dat A =+2015++2018 3 B=+2016 ++/2017

Ta e A =2015+2018 +24/2015.2018 = 4033 +2+/2015.2018

Tuong tw B=4033+2+2016.2017
Mat khac 2015.2018= (2016-1)(2017+1)= 2016.2017- 2<2016.2017

= A’<B*= A<B
16.Twong ty 7A

lSXSE
a) X222 pyx<24 0) 0<x<484 d) 3 3

X 22—
17* a) DK: 2 Binh phuong hai vé ta tim duoc X 2 2 (TMDPK)

b) PK; X 20 Binh phuong hai vé ta ¢6

Dk < x2 X2
XX <x(x-2)20< B

K&t hop DK ta dwoc x=0 hogic X =2
18. a) Twong tw 8A

b) Gia s VT +3=2 1a 58 hitu t. Suy ra J7=a-3eQ

Ma V7 13 56 v6 6, tréi v6i gia thist = V743 lssvou

2
1
‘[=\/2x—3(‘[20):>x:t 3 P:—t2_2t+%

19* a) D4t 2 trdo
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p=tnp-_1 L
b)Tacé 2 2 T &6 im duwoc 2 2
IR SO S SRR S
20* a) Dt ViV2 3 100 T4 ¢4
L>L>L> >L:>a>100;—10
NI N N T "J100
V4 <3=\4+J4 <J4+3<3
:>\/4+\/4+\/Z<<\/4+3<3

b) Ta ¢6 :>\/4+\/4+\/4+....+\/Z <4+3<3
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BAI 2. CAN THUC BAC HAI VA HANG DANG THUC vA® =|A|

L TOM TAT Li THUYET
. : Akhi A>0
Hing dang thirc VA =|A|= '
~AkhiA<O
IL. BAI TAP VA CAC DANG TOAN

Dang 1: Tinh gi4 tri ctia bi€u thirc chita cin bac hai

Phuong phap giai: St dung hang dang thirc

\/E=|A|={ Akhi A>0

—-A khiA<O

1A. Thuc hién phép tinh:

—49 2 )
a) \/144"/_H"/0’01 b) (\/0,25—1/(—15) +\/2,25).J@
1B. Hay tinh:
a) (\/0,0 —J(-12)" + 121).\/5 b) 75: 43> +(—4)° =3y(=5)* - 3*

2A. Rat gon biéu thirc:

2 [(4-Vi5) V15 b) (2-V3) +(1-43)
2B. Thuc hién cic phép tinh sau:

a) (22-3) +242 b) J(m -3) +\/(\% ~4)
3A. Chitng minh:

a) 114642 =(3+2) b) V114642 +4/11-6v2 =6
3B. Chitng minh:

2) 8-247=(V7-1) b) V8—247 —8+247 =2

4A. Rat gon biéu thirc:

a) 49-125 —/49+12J5 b) V2941245 —29-125

4B. Thuc hién phép tinh:

1.Puwong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




a) V7+4V3 —\7-43 b) V41—1245 —\41+1245

Dang 2: Rt gon biéu thitc chira cin bac hai

Phuong phap giai: St dung hing ding thitc

\/P:|A|:{ Akhi A>0

—-A khiA<O

5A. Rt gon cic biéu thirc sau:

a) 5v252° ~25a v6ia <0 b) V16" +6a>
5B. Thuc hién phép tinh:

a) V49a’ +3a véia>0 b) 3\/9?—6a3 v6ia<0
6A. Rut gon biéu thirc:

(x+6vx +9)(vx-3)

a) A=4x - V6i0<x #9
X_
2
b) B:\/9x +12x+4 véix;t-%
3x+2 3

6B. Thuc hién cac phép tinh sau:

, Mzsf_(x—10\/§+25)(\/§+5)

voi0<x #25

X —25
2_
b) N:—W""“XJrl Véix¢l
2x —1 2

Dang 3: Tim diéu kién d€ bi€u thitc chtta cin bac hai c6 nghia
Phuwong phap giai:
Chu ¥ rang biéu thitc JA 6 nghia khi va chi khi A >0

7A. V@i cac gia tri nao caa x thi cac can thitc sau c6 nghia ?

-2 / 3x-2
a b) ,|———
) 3x—1 ) x? —2x +4

7B. Tim x d€ cac can thirc sau cé nghia:
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2x -3 3
a) [—— b)
2x% +1 1-5x

Chu y rang,véi a 1a s6 dwong, ta luén co:

9 2 X=a
° X" za &
x<-a
2 2
° x"<a"<&< —-a<sx<a

8A. Cac can thirc sau c6 nghia khi na?

a) Vx> —8x—9 b) 2x -4

5—-x

8B. Xac dinh gia tri cta x d€ cac cin thirc sau ¢4 nghia?

a) 226 b) V4—-9x>

Xx-2

Dang 4: Giai phwong trinh chita can thitc bac hai

Phuong phép giai: Ta cht y mot s6 phép bién doi twong dwong lién quan dén can thirc bac
hai sau day.

B>0
. &:s@{

A=PB’
. VA’ =B<|A|=B

B>0(hay A >
S

. JA =B < [A|=[B|< A=+B

9A. Giai cac phuwong trinh:

a) Vx*—2x+4 =2x-2 b) Vx+2vx—-1=2

9B. Giai cac phuwong trinh:

a) V2x* -2x+1=2x-1 b) Vx+4Vx—-4 =2

10A. Giadi cac phuwong trinh:

a) Vx?=3x+2 =+x-1 b) \/x2—4x+4=\/4x2—12x+9

10B. Giai cac phwong trinh:
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a) Vx?—5x+6 =+x-2 b) \/4X2—4X+1=\/X2—6X+9

1. BAI TAP VE NHA
11. Tinh:

a) V49144 +/256 : Jo4 b) 72:/2236.32 —/225

12. Tinh gia tri ctia biéu thirc:

a) A=\/(2—£)2+\/(2\5—\B)2 b) B:\/(\ﬁ—2«/§)2+\/(3—2\/§)2

13. Chitng minh: 6—2+/5 = (\/g —1)2 . Tt d6 rat gon bi€u thirc:

M =+/6+2y5 —yJ6-245

14. Thuyc hién cac phép tinh sau:

a) M=+9+445 —J9-45 b) N=+/8—27 /8427

15. Thuc hién cac phép tinh sau:

Q) P=y11+6v2 —A11-6v2 b)) Q=v1741242 —\17-1242

16. Rut gon cac bi€u thirc sau:

a) A=+64a> +2a b) B=3v/92° —6a’

17". Rut gon cac biéu thitc sau:

a) A=+a’+6a+9++ya>—6a+9 véi -3<a<3

b) B=va+2va—1+a—2va—1 véi 1<a<?

18. Vi gia tri nao cua x thi cdc can thitc sau c6 nghia?

a) V-5x-10 b) Vx* -3x+2
c) §+3 d) V-x*+4x-4
-X

19. Gidi cac phwong trinh sau:

a) VX —6x+9 =4—x b) V2x —2+242x -3 +4/2x +13+82x -3 =5 20",

Giai cac phwong trinh sau:
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) VXP-94Vx2—6x49=0  b) VxP-2x+1+Vx>—4x+4 =3

21". Tim gia tri nho nhat ctia cic bi€u thic sau:

a) P=+/4x2 —4x+1 +4x* —12x+9

b) Q =49x% —42x +9 +~/49x> + 42x + 9

22", Tim cac s6 thuc x, y, z thoa man dang thirc sau:

X+y+z+8=2vx—1+4y—2+6z-3

BAI 2. CAN THUC BAC HAI VA HANG PANG THUC VA® =|A|

1A. a) Ta 6 \/144.‘/—_6;29.\/0,01 - 122, /(9 O =1,05

b) Ta c6
(J0,15 = \/(—=15)* ++/2,25):/169
=(J0,52 15 +\/1,52):\/132 -1

1B. Twong ty 1A
a) 90 b) 3

2A. a) Ta c6 (4 —/15) +\/E=‘4—\/E‘+\/E=4; 4> /15)

b) Tuong te 23 +[1-+3) =[2=V3[+[1=]=1
Cht ¥: 2- /350 vi 2=v/4>+/3;1-4/3 <0 vi 1=4/1</3

2B. Tuong tu 2A
a)3 b) 1

3A.a)Taco 11+6\/5=9+2.3.\/§+2=(3+\/§)2 = dpcm

b) Ap dung cau a) ta cé:

JI1+42 +411-42 =‘\/§+3‘+‘J§—3‘=6 — dpem

3B. Twong tu 3A. HS ty lam

4A.2) Cht ¥ : ta 6 49 —12+/5 = (2= 3+/5)%; 49+12+/5 = (2 +3+/5)°
Ttr d6 rat gon duoc két qua bang -4

b) Cht ¥ : Ta c6 29 +124/5 = 3+ 24/5)%; 29-124/5 =(3-24/5)

Tir d6 rat gon duoc két qua bang 6

4B. Tuong tuy 4A.

a) Chuy: 74453 = (\/5 +2)2,
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Tt d6 rat gon duoc két qua bing 2+/3 .
b) Chu ¥: 41 -12+/5 = (6 -+/5 2 va 41 +12+/5 = (6 + /5 )2
Tl d6 rat gon dugc két qua bang -2 J5.
5A.a) Tacd 5+/25a -25a=5 |5al - 25a =-50a (vi a< 0).
b) Tuong tu, v/16a* + 6a2 = 10a2
Cha y V16a* =l4aI=4a2 vi a° > 0Va
5B. Tuong tu 5A.

a) 10a. b)15a°

(Vx+3) (Vx-3)
(\/;—3)(\/;+3)

6A.a) Tacd A =4+/x —

Tir d6 tinh dwoc A =3(Vx -1) v6i 0<x #9

) 2
|3X+2| B —1 khi X<—§

b) Tacd B=
3x+2

) 2
1 khi x>-—
3
6B. Twong tur 6A.
a) Tinh duoc M = 4~/x +5 véi 0 <x #25

—1 khi x<l

b) Tim dwoc N = | 2
1 khi x>—
2
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20<:>3x—1<0<:>x<%

7A. a) Ta co c6 nghia <
3x -1 3x—1
— 3x-2
b) Ta c6 23X—2Cénghia <:>2X—20
X —2x+4 X —2x+4

Mat khac X2—2X+4=(X—1)2+3>0 v&di moi x

-2 2
Do d6 23X—20<:>3X—220<:>x2—
X —=2x+4 3

7B. Twong ty 7A

3 1
a) x=>— b) x> —
a) a) 5 ) 5

8A.a) Cich 1. Ta c6 Vx> —8x =9 =~/(x = 1)(x = 9)

Tt d6 VX* —8x —9 cénghia < (x +1)(x — 9) > 0.

Tim duwoc x> 9 hoac x< 1.

Céich 2. Ta c6 Nx* —8x —9= \/(x—4)" =25
Tt d6 VX* —8x —9 cé nghia < (x - 4> > 52.

Tim duwoc x = 9 hoac x<- 1.

2x—4 . 2x—4
c6 nghia <> = 0.
5-x 5-x

Tim dwoc2 < x<5.

b) Ta c6

8B. Twong tur 8A.

a)x = 9hodcx<2. b) _ESXSE

7

9A. a) Ta cé \/X2—2x+4—2x—2<:>{

2x—-220
X’ —2x +4=(2x-2)
Giai ra ta dwoc x = 2.

b) Cdch 1. Ta c6
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VX4+2Ux—1 =2 x+2Ux-1=2°
4-x20
<:>2\/x—1=<:>{

Ax —1)=(4-x)

T d6 tim dwoc x=2

Céch 2. Ta c6 VX +2vx -1 =2<:>‘\/x—1+1‘:2

Twr d6 tim dwoc x=2

9B. Tuwong tu 9A
a)x=1 b)x=4
x—120

x> -3x+2=x-1

10A. a) Ta c6 \/x2—3x+2:\/x—1<:>{

Giai ra ta duwoc x=1 hoac x=3

b) Tacd Vx* —4x +4 =/4x* —12x +9 & |x —2|=[2x - 3

Giai ra ta duwoc x=1 hoac x=§

10B. Twong tir 10 A.
a)x=2hodacx=4 b)x=-2hoécx=§

11. Tuwong tu 1A.
a) 86. b)-13.

12.  Tuongtu?2 A.
a)A=22 -2 . b)B=3—/7 .

13. HStw cht'mgminh6—2\/§=(\/§—l)2.

Twong ty chiing minh duwoc 6 + 2\/§ = (\/g + 1)2

Tt d6 tinh duwoc M = 2.
14. Twong tue 4A.

8.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




a) M =4. b) N = -2.

15. Twong tue 4A.
a)P=2+2 . b) Q=6.
16. Tuong tu 5 A.

a) A=10anéua=> 0va A =-6a néu a<0.
b) B=-15a° néu a <0 va B=3a’ néu a>0
17*. Twong ty 6A.

a)Taco A=[a+3|+a—3=a+3+(3-a)=6

b) Chti y: a +2~/a—1 =(vJa—1+1)* Tim duoc B=2
18. a)x < -2. b) x=2hoac x<1
C)-3 <x<5. d) x=2.

19.a) Cich 1. Bién d6i Vx* —6x+9 =4-x < |x-3|=4-x

Tt d6 tim dwoc x=—

B=0 7
Ca’chZ.Apdung\/XzB@ AR tatimdu’ocx=5.

b) Phuong trinh < ‘sz “3+ 1‘ : ‘sz 3+ 4‘ =5,

Tt d6 tim duvoc x = 5
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Vx*=9=0
20* a) Pheong trinh < - Tt d6 tim duoc x =3
(x — 3) =0
b) Phuong trinh < |X — l| + |X — 2| =3 .Tu d6 tim duwgcx=0
hoac x =3.
21*. Chti y: Str dung ba't déng thrc | |a|+ [b[> |a + b| ( Dau "="xay ra <> ab>0.
a) Taco P=12x-11 +113 -2x| = [(2x -1)+(3 - 2x)| = 2.
Dau "=" xay ra (2x —1)(3 — 2x) = 0.

3
Twt d6 tim duwgc P =2 < SXSE

b) Tuong tw, tim duoc Q :6@-%3;;3%

22*. Cdch 1. Bién d6i dang thic vé dang:
2 2 2
( x—1—1) +( y—2—2) +( z—3—3) =0
Ttr d6 tim duoc x =2; y =6 va z=12.
Cich2. Tacd:x=(x-1)+1 > 24x -1
Twong tu: y+2=(y-2)+4> 4\/y-2

z2+6=(z3)+9> 6323

Tt d6 tim dugcx=2; y=6 vaz=12.
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BAI 3. LIEN HE PHEP NHAN, PHEP CHIA VA PHEP KHAI PHUONG

L TOM TAT Li THUYET
1. Khai phuwong mot tich:

V6i A>0,B>0, tacé: VAB =vAAA

Mo rong: Véi A, 20,A, 20,...,A, >0 taco:

AR, = A A AL

2. Khai phwong mot thwong;:
Vo6i A>0,B>0, taco: é —£
B B
1. BAI TAP VA CAC DANG TOAN

Dang 1: Thuc hién phép tinh

Phuong phap giai: Ap dung cac cong thitc khai phwong mét tich va khai phuong mot thwong

G tren.
1A. Tinh:

a) v25.144 b) V52413

1B. Thuyc hién phép tinh:

a) v/45.80 b) V728
2A. Tinh:
a) 1~ p) V123
16 0.5
2B. Tinh:
0 B Y220
64 2.3

3A. Thuc hién phép tinh:

2 (@ \/? —@J.% b) 3rd5A2

3B. Tinh gia tri biéu thic:
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a) {F— fj b) V3548

4A. Tinh gia tri biéu thirc:
a) L\/g—\/g+\ﬁJﬁ b) V36125 : /6

4B. Thuc hién cac phép tinh sau:

) {@—@+ﬁ]:ﬁ b) V3-5 :2

Dang 2: Rt gon biéu thirc

Phuwong phap giai: Ap dung cac cong thitc khai phwong mét tich va khai phuong mot thwong

0 trén.
5A. Rat gon:
2 Y1015 py V1535 5-245
NN NN
5B. Thuc hién phép tinh:
| Jo-dis b 55
Y s Jio+v2

6A. Rt gon cic biéu thirc sau:

a) ‘f%.,/—% véit<0 b) \/X—\/xz—l.\/x+\/x2—1 voi x > 1

6B. Rat gon biéu thitc:

\/28y°

7A. Rut gon bi€u thirc sau:

_ X Y"‘y\/;

X +24/Xy +y

3Ja—2a—-1

1
b) N=——— v6ia>0,a»—
4a—4Ja +1 4

v6iy <0 b)JJx*+4—x?JJx*+4+x2

a)

a M v6ix>0,y>0,xy#0
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7B. Rut gon bi€u thirc sau:

2 g Xy —yx.

v6ix>0,y>0,x#y
X —2,/Xy +y

a+dJa+4 4d-a

+
Ja+2 Va-2

Dang 3: Giai phuwong trinh

b) P= vGia>0,ax4

Phuong phép giai: Khi giai phwong trinh chita cin thitc luén can cha y dén cac diéu kién di
kém. Cu thé la:

B>0
A=B&
’ VA {A:B2
B>0(hay A>0
. x/sz/E@{ (‘hay )
A=B
8A. Giai cac phuwong trinh sau
a) Vx® —2x+4 =2x-2 b) Vx* —-2x =+2-3x
8B.Tim x biét:
a) V-x’+x+4=x-3 b) Vx-3-2vx*-9=0

9A. Gidi phwong trinh (dn y):

2,9y -27 —%\/25y—75 —%\/4931—147 =20

9B. Tim y biét:

\/4y—20+\/y—5—§\/9y—45 =4

1. BAI TAP VE NHA
10. Tinh:
a)/32.200 b) /54125
11. Lam tinh:
a) 2 b) 22
81 12,5
12. Lam tinh:
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a) J1,6.3250 ++/19,6 : /4,9 b) 1%.2%.5—

13. Thuc hién cac phép tinh sau:

a) M= (20\/300 _15J675 +575 )

b) N= (J325 _Ji7 +2J208) 13

14. Thuyc hién cac phép tinh:

2812 54427
~J18-48  J30+4162

34243 2442
5 ()

15. Rut gon cac biéu thirc sau:

v Al
N v

2u+\/E—3V
2u—5vuv +3v

a) P

b) Q=

a) A=

vGiu=>0,v=>0,vau=v

b) B=

voiu=0,v>0vau#v

16. Rut gon cac biéu thirc sau:

2_
a) M:% Véixii\/a

2
X" —

b) N:i v6i x # /5
X2+2X\/§+5

17. Gidi cac phwong trinh sau:

t—3
a) =2 b) V25t -9 =2/5t -3
N2t +1

18. Giai cac phwong trinh sau:

a) V-2x2+6=x-1 b) \/t—5+\/4t—20—%\/9t—45=3

4.Duong tuy gan khong di sé khong dén-Viéc tuy nhé khong 1am sé khong nén




BAI 3. LIEN HE PHEP NHAN, PHEP CHIA
VOI PHEP KHAI PHUONG

1A. a) Ta ¢6 /25.144 =~/25:/144 =5.12 =60
b) Ta c6 \/524/13 =/52.13 =/4.13.13 = /4 /13* =26
1B. a) Thuc hién bién d6i +/45.80 =+/5.9.5.16 =+/254/9.4/16 =60

b) Twong tw cau a) Ta co

JIN28 =728 =774 =J49 /4 =17

2A.a)Ta co 12: 2—5:@22
V'ie V16 Jie 4

b)Taco\/ \/125 =25=5
Jo,5 V05
2B. a) Ta c6 2—52@22
\/ Jo4 8
b) Ta c6 \/7 230— 100 =10

3A.a) Tacod ( \/; ] \/26 +\/5?0.6 —-24.6 =0

b) Taco V3+/5+2 =4/3.2+2./5 1/( ) ~J5+1

3B. Tuong tu 3A

a)7 b) 2(+/5-1)

([T 16 s [V1 A6 1
4A.a)TaCO(\/;_\/;—Fﬁ].ﬁ_(ﬁ_W-l_ﬁ}ﬁ
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. 4
Tt @6 tim dwoc két qua bang -

b) Ta c6 Y36 —12+/5 : /6 =4/6 —24/5 =+/5 -1
) 2
4B. a) Twong tur 4A. Tinh dwoc E

b) Ta c m;ﬁ:@m:z:@:ﬁ;

055 5253
NN RN N N

5A. a) Taco

. 5
Tt d6 tinh dugc két qua bang >

3V5
b) Tuong tuw cau a), tinh duoc két qua bang i

5 3 0
N N

6A. a)Taco,f_2 ‘/—— _2t( J \/\/;=—%do t<0

b) Nhan xét (x —vVx’ —D(x++Vx* -1)=x>—(Wx* =1)* =1

Thyc hién khai phuong mot tich ta duoc két qua bang 1.

5B. a)

6B.2) Chti y y> = Iyl =-y véiy < 0. K&t qua -2y.

b) Cha y (\/x“ +4 —XZ)(\/X‘* +4 +X2)=(x4 L) ()Y =4
Thuec hién phép khai phwong hai vé ta duwoc két qua bang 2.

7A. a) Bién d6i tir s§ = vVX.AJy (VX +4y) vamiusd= (Vx +4Jy)

Tt d6, chu y diéu kién, rat gon dwgc két qua M = \/_ \/7
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b) Biéh doi tir s6' = (2/a — (1 —/a) va méu s6 - (2va - 1)2

1-+a
2Va -1

Tt d6, chu y diéu kién, rat gon dugc két qua N =

A/ X
7B. a) Twong tir 7A. Rut gon dugc Q = _NAY

"7

b) a+4\/§+4=(\/§+2)2;4—a:(2—\/5)(\/§+2)
Ttr d6, chu y diéu kién, rut gon duwgc két qua P = 0.
2x =220

, (1
x2—2x+4=(2x—2) M

8A. Phuong trinh < {

Giai (1) thu dwoc x = 2, thdéa man 2x-2 = 0.

2-3x2>0 xsg
b) Phuong trinh &4 | & 3
X —2x=2-3x 5
X +x-2=0

Tuwong tw cau a) ta tim duogc x=-2

x—32>0

,(1
—x’ +x+4=(x-3) .

8B. a) Ta ¢ \/—x2+x+4:x—3<:>{

5
Giai (1) thu dwocx =1; x =E déu khong thoa man x —320 .

Vay x e J
b) Cich 1. V6ix> 3, ta phan tich Vx> —9 =vx —3./x +3
Dét nhan tr chung VX —3, ta thu duwoc phuong trinh tich vVx —3(1-2vx+3)=0.

—11
Giaira ta dwocx =3 (TM x=>3) va x = T (KTM x =3).
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x—32>0
(x-3=4(x*-9)

Cich 2. Dwa vé Vx —3 =2x" -9 <:>{

—11
Giai x-3 = 4(x2-9) ta duoc hai nghiém x =3 (TM) hoac X=T (loai do KTM).

9A. Bién d6i thu gon duoc Vé' trai= 44y =3 .
Giai phuong trinh 44/y —3 - 20 thu dwoc y = 28.

9B. Tuong tu 9A. Bién d6i thu gon duoc vé trdi = 44y —5

Giai 24y =5 =4 thu duoc y=9

10. a) 80 b) 25
13 1
11.a) — b) —
5 '3
12. a) 22 b)ﬂ
' 3
13.a) M =0 b) N=10
14a)2x/§—\/ﬁz «/— J5+27 f P_ﬁ
18 —48 " 30 +4162 2
3+243 2442
b) =3 +2; =2=
B3 V241

15.a) Chuy: \/E+\/?=u\/a+V\/;
W-vFu-vv) wu+vv

u—v u—v

Thuc hién quy dong A =

uv

Thu gon ta duwgc A =
-~

b) Tt 56 = (\/E—\/;)(Z\/E+3\/;)
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Mau 6= (Vu —v )(2vu - 3v)

2\/E+3\/;)
24u-3v)

mau 56=(X—\/§)(X+\/§)

Thu gon ta duwgc M =

— |

[§)

16. a) T s6=(x—x/5)

-2
2

Thu duwoc M =

1

X ++/5
17.a) Dua vé' dang vt -3 =2v2t+1 hay Vt-3=2,/4(2t+1)

Giai phuong trinh ta dwoc t € &

b) Mau s8 = (X - \/5)2 thu gon duoc N =

b) Pua vé dang V25t -9 = \/4(5‘[ - 3)

1 3
Giai phuong trinh ta dwoc t = g (loai) va g (TM)
18. a) Bua vé phuong trinh -2x> + 6 = (x -1)> voix = 1.

3
Giai ra duoc x=§ (TM x=1).

. 12
b) Thu gon dugc vé trai = ? t—5

105
Giai phuong trinh ta tim dwoc t=¥

9.Puwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




BAI 4. BIEN POI PON GIAN BI£U THUC CHUA CAN BAC HAI
LTOM TAT Li THUYET

1/ Pwa thira s6 ra ngoai diu can.
VA’B =|A[vVB V6iB>0

2/ Pua thira sd vao trong diu can.

AVE = VAB khi A>0
—A°B khi A<0

3/ Khtt miu caa biéu thitc dwdi dau cin bac hai.

\/E: IAB _ L JAB v6iB#0vaAB20
B VB |B

4/ Truc can thitc é mau.

A _AVB
JB B
m  m(VA-VB)
x/X+\/§= A-B
n (A
JA-JB~  A-B

II. BAI TAP VA CAC DANG TOAN

Dang 1: Dua thira s6 ra ngoai diu cin, hodc vao trong dau cin.

Phuong phap giai: St dung kién thirc sau:
. Cach dua thira s6 A? ra ngoai ddu can: VA’B = |A|\/B— Vé6i B>0
. Céch dua thira s6 vao trong dau can:

VvAB khiA>0
VA'B khi A <0

1A. Dua thira s ra ngoai dau cin:
a) \27x* v6ix =0 b) /8xy’ v6ix>0,y<0

1B. Duwa thira s6 ra ngoai dau cin:

-
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a) \25x° véix >0 b) \/48xy* v6ix>0,yeR

2A. Dua thira s6 vao trong diu can:

a) av13 vgia=>0 b) a‘/_—lsvc’jia<0
a

2B. Dua thira s6 vao trong ddu can:
12
a)%/—véia>0 b) a2 véi a < 0
a

Dang 2: So sanh can bac hai.
Phuong phép giai: DPwa thira s6 ra ngoai diu cin, hodc vao trong dau can r6i so sanh.

3A. So sanh cac cap s dudi diy:
N 5 . 33
a) 2@ va 3\/E b) Z\/E va 5 5

3B. Tim s6 bé hon trong cic cip so sau:

a) 52 va 43 b) é\/I va 6\/I
2V6 37

4A. Sap xép cac s 3./5: 246; \29: 442 theo thi tw ting dan.

4B. Sip x&p cc s6 7v/2; 24/8; V/28; 52 theo thit tw gidm dan.

Dang 3: Rat gon bi€u thita chita cin bic hai.
Phuong phép giai: DPwa thira s6 ra ngoai diu cin, hodc vao trong dau can roi riat gon.

5A. Rt gon cic biéu thic sau:

3
a) A=5V4x -3 /100" —f\/z véi x >0
9 x\V 4

b) B:%\/9+6V+V2 +4—;+5 véi v<-3

5B. Rat gon cac biéu thirc:

2
o M=aasu -2 [0 _2 IO 5 0
2V 9 u 4
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b) N=%+% 4—4t+t> =2 v6it<?2

Dang 4: Giai phuong trinh cin dua thira sd ra ngoai hodc vao trong dau can.
Phuong phép giai: DPwa thira s6 ra ngoai dau cin, hodc vao trong diu cin roi tinh toan.

6A. Giai phwong trinh:

a-3 4a—-12 > /9a2—81
25 =7 —7va -9 +18 =0
\/ 25 \/ 9 81

6B. Tim x thoa man:

VI8x+9 —/8x +4 +%\/2x+1 =4

Dang 5: Khtr mau cta biéu thirc dwéi dau can bic hai.

Phwong phép giai: Cach khit mau ctia biéu thirc dwéi dau cin bac hai.

\/E: 2B _ L /AB v6iB#0vaAB20
B VB> |B

7A. Khtt miu ctia moi biéu thitc dwdi dau cin bac hai sau:

3
a) X v6ix>0,y>0 b) 7xy —3V(’)‘ix<0,y>0
59y Xy

7B. Khit mau ctia moi biéu thirc dwdi dau cin bac hai sau day:

a) 5b3 véia>0,b > 0 b) —lab,/EVéia<0,b<O
49a 4 ab

Dang 6: Truc cin thitc @ mau.
Phuong phap giai: Cach truc can thirc 6 mau.

A A4B

JB B
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w  m(VA-JB)

JA+JB  A-B
o o3
) JA-VB  A-B

8A. Truc can thitc & mau va rat gon:

1 3-+/5
a —— b)
22 -33 3445
8B. Truc can thitc & mau va rat gon:
V8 2-3
a) —— b)
J5-43 2+43
9A. Truc can thitc va thuc hién phép tinh:
15 4
a) M= V6 +11
(J_ 6+1 Jo-2 3- I J( )
b) N=|1- 5++/5 ) 5- \/_
s )\ 15
9B. Truc can thitc va thuc hién phép tinh:
3+2 2
P32 2402 (5 )
V3 f 2+1
b) Qo[ 37295 L, )(5+3V5
2-+/5 3445
L BAI TAP VE NHA
10. Pwa thira s6 ra ngoai diu cin:
a) V5a’> v6ia<0 b) V18a® véia>0

c) V-9b’ v6ib<0 d) V24a'p® véia;beR
11. Pua thira s6 vao trong dau can:

a)xﬁvc’ﬁxZO b)x\/EV(’rixSO
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) l\/19y voiy >0 d) ly ’2—3 voiy <0
y 37Ny
12. Tim s6 16n hon trong cac cap s6 duwdi day:
a) 246 va 343 b) 246 va Z\E
5 4\3
13. Tim s6 bé hon trong cac cip s6 dudi day:
a) 2423 va 310 b) 2\/§ va %\/_1

14. Sap x&p cac s6:
a) 24/5; 3v2; 5; V23 theo thi tw ting dan.
b) 5v2; 2V13; 443; V47 theo thit ty giam dan.

15. Rt gon biéu thic:

a) A= 4‘/&——‘/9—)( 1/9ivor1x>0

b) B—%+%\/1 4y +4y° _5 V01y<5

16. Tim u, biét:

a) Vau—20+3, |2

;\/ u-45=4

) %\/9u—9—l\/l6u—16 +27 /“_‘1 —4
3 4 81

17". Tim x, y, z biét: \/X+1+\/y—3+\/z—1 =%(X+y+z)

18. Thuc hié phép tinh:

a)P:(er 3 +15j 1
i1 -2 3-3)3+5

\/—\/—\/—«/_]1
-2 1-43 ) 145

b o-|

19°. Chttng minh:
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! + ! + ! ++;=\/H—l
V442 V2443 B3+v4 T Vn-1+4n

BAI 4. BIEN POI PON GIAN BIEU THUC CHUA CAN BAC HAI

1A. a) Ta c6 N27x* =4/(3x)".3 =[3x[v/3 =3x+/3 vix 20
b) Ta ¢ /8xy” = \/(Zy)z.Zx = |2y|x/§ =2y~/2x viy<0

1B. a) Ta c6 ¥25x° =5x/x i x>0
b) Ta c6 /48xy* =4y>+/3x viy’ >0
2A.a)Via >0 nén av/13 =+/13a’

b) Vi a< (0 nén a,/ =—(—a )J 1{ —152 =—+/—15a

2B. Tuong tu 2A

a g /2 e by av2 = 22"

2429 =229 = /116 va 313 =117
Ma V116 <117 = 2429 <3/13.

3A. a)Tacob)TaCO_\/— \/7 \/7 \f \/7 \/7
w2 122 2

3B. a)Tacc’)S\/—zx/_‘4\/—2\/_:>S6béhon1é4\/§

b)Taco—,/ ,/ ,/ ,f
1 N
:>Sobehcmla6‘/ (V — )
37 24

4A. Thyre hién dua thira s6' vao trong can:
35 =/45;246 =~/24;442 =32
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Tir d6 ta 6 246 <~/29 <42 <35

4B. Cidch 1. Twong tu 4A.
Cich 2. Thuc hién dua thtra s6 ra ngoai ddu can: 2\/§ = 4\/5 va 28 = 2\/7
Tir d6 ta c6 7+/2>5+/2 >2+/8> /28

5 A. Thyec hién duwa thira s6' ra ngoai dau can:
3
a) Ta 6 5v4x = 10vx:3 /1090" —10vVx va i/% ~2Jx
X

Tt d6 rat gon duoc A=2Vx
b) Tacd VO+3v+v’ =|3+V|:—V—3 viv<-3

Tt d6 rat gon dugc B=v + 4.

5B, Tuong tu 5A.
a)  Tim duoc M =20u —10vu —13vu =-3u vé6iu>0

b)  Tim duoc N:%+%|2—t|—2:1—tvo’rit£2

6A. Bién d6i v€ trdi ctia phuwong trinh ta duoc:

Vé’tréi=%\/a—3 _Ja’-9

Cach 1. BPua phuong trinh vé dang:

a>3

\/a—3=3\/a2—9<:>{ 2
a—3=9(a*-9)

Giai ra dwoca =3

Cdch 2. Diéu kién: a> 3.

Ta ¢6 %\/a—3—\/a2—9:0©\/a—3.(

m)zo

1
3

26
Giai ra ta dwgca=3 (TM a= 3) hoac a= —? (KTMaz= 3)
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6B. Tuong tu 6A. Bién dodi va rut gon veé trai ta duoc

35
V& trai =—\/2X +1 . Tt d6 im duoc x= —

7A. a) Ta co X =z 5X2 —— /Xy = «/SX
\/ 49y \/ Wy 7 |Y|

) -3 =3xy _Ixy

b) Taco Txy, [— =Xy, |55 =177+ —3Xy = —74-3xy
Xy x’y? |xy]
7B. a) Ta c6: ‘/ 5b3 :L‘/S—b=i @:%VSab
92 7aVa T7a Ta
b) Ta co; ——ab‘/ =—ab 1 =-—ab =—/ab
ab

8A. a) Dua vé dang \/— B bang cach dua thira s8 vao d&u can.

1 B 1 _\/§+\/f_\/§+\/ﬁ
22-33 8-27 8-27  -19

b) Ta cb: /3'“J§ _ (3_“J§)(3_“J§)__ (3‘“J§)2__3—vJ§
35 (3—\/5)(3+\/§)_ 4 2

8 2\/—(\/—+\/—)\/—\/—

8B. a) Ta co

V543 5-3

9A. a) Thiee hién truc can thitc trong ngodc co

15(+/6 -1
b ( _ )=3(J€—1)
Jo+1  6-1
Tuwong ty (\/_ +2) 2 _46+3)
f— "3

Tt do rat gon M=-115
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5+5 5-+5
b) Tinh duoc =5 va =5
: 14+/5 1-+/5
Tt @6 tim dwoc N=4
9B. Twong tir 8A
a) P=2 b) Q=1
10.a) v/5a° = —a5 b) V18a* = 3a2
¢) -3b/—b d) 24a*b® =2a%b*/6
11. a) V7% b) /15x° 0) D d) /3
y
12. S6 16n hon la:
a) 33 A
4°\3
13. SO bé hon la:
a) 3/10 b)ng
14. Twong tw 4A.
a) 32 <245 <23 <5 b) 24/13 > 542 > 4/3 > /47
15. a) A:10\/§—4x/_—%x/_:%x/§
y 3 3 3
b) B==+—(1-2y)——=-y——
) 5 4( y) =Y,

16. a) Bién do6i dwoc V& trai= 2v/u—5 . Ttr d6 im dwocu =9.
b) Bién d6i dwoc vé trai =4+ u—1. Ttr &6 tim dwoc u = 2.
17*. Cdch 1. Bién d6i vé dang;:
2 2 2
(\/x+1—1) +( y-3 —1) +( z—1 —1) =0
Tt d6 tim dugcx=0,y =4, z=2.

Cich2. Tacodx+2=(x+1)+1 22vx+1 ;

y-2=(y-3)+1>22,/y-3;
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z=(z-1)+122vz—-1

Cong vé' voi vé ta duoc x+y +z 22(\/x+1 +\/y—3 +\/Z—1)

Dau'"="xayra<=>x=0,y=4,z=2

18. Twong tw 9A.

5+\/§ 1

) Ta cé P !
a a Co - . - —
2 3+5 2

b) Tacd Q=(— \/— \/_)

J_J_

19* Thuyc hién truc can thitc @ mau d6i voi ting thira so.

1 J1-V2
Ji+2 1-2 =2

Y~ ~
Nre oL LRl

Thuec hién rtt gon VT=~/n -1 =VP(DPCM)
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BAI 5. RUT GON BIEU THUC CHUA CAN BAC HAI
VA CAC BAI TOAN LIEN QUAN.
I. TOM TAT Li THUYET

1. D&’ rat gon bi€u thttc c6 chta cin thic bac hai, ta cin biét van dung linh
hoat va phu hop cdc phép bién ddi don gian nhu:
Duwa thtta s6' ra ngoai dau can;
Duwa thtta s6' vao trong dau can;
Truc cin thirc & mau;
Quy dong mau thic...
2. Cé4c bai toan lién quan dén bai toan rat gon biéu thitc chita can béc hai thuong la:
Tim gia tri ctia biéu thiee khi biét gia tri cua bién;
Tim gia tri ctia bién khi biét gid tri ctia biéu thic;
Tim gia tri nguyén cua bién dé’ biéu thirc nhan gia tri nguyén;
Tim gia tri thyce ctia bién d€ biéu thic nhan gia tri nguyén;
So sanh biéu thirc véi mot s6' hodc mot biéu thire khéc;

Tim gia tri 16n nhat hodc gia tri nho nhat cua biéu thiec...

II. BAI TAP VA CAC DANG TOAN

Dang 1. Rat gon biéu thitc chtia can bac hai va tim gia tri ctia biéu thuc khi biét gia tri ctia bién
Phwrong phdp gidi: Thuc hién theo hai budc:

Budc 1. D€ rat gon biéu thirc chita can bac hai da cho, ta st dung cac phép bién d6i nhuw dua
thtra s6' ra ngoai hoéc vao trong dau can, truc can thic 6 mau, quy dong mau thitc... mdt cach
linh hoat.

Budc 2. D& tim gia tri ctia biéu thire khi biét gia tri cua bién ta rat gon gia tri ctia bién (néu can)

sau d6 thay vao biéu thirc da duoc rat gon ¢ trén va tinh két qua.

CAC BAI TAP VA CAC DANG TOAN
Dang 1: Rat gon bi€u thic chita cin bac hai va tim gia tri ctia bi€u thitc khi biét gia tri cua
bién.

1.Puwong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




1A. Cho biéu thikc P:X_\/;+ LR véix>0vax#9
x=9  Jx+3 Vx-3

a) Rat gon P

b) Tinh gia tri caa P trong cac treong hop:

D) x =642 +6-42

1 1

-1 241

ii) x =

1B. Cho biéu thixc Qz( ! + J Vx - I véix>0vax =4
Jx+2 x-4)(Vx-2

a) Rut gon Q

b) Tinh gia tri caa Q trong cac truong hop:

. x =127 41042 /18482

) X:\/z—zﬁ_\/zfﬁ

Dang 2: Rat gon bi€u thitc chira can bic hai va tim gia tri cia bién khi biét gia tri ctia bi€u
thtre.

2A. Cho biéu thitc M = (

Vx| x 2-x
Tl x- J [__

jvéixZOvélx;él

X +X
a) Rat gon M
b) Timxdé’M:_?1
2B. Cho biéu thiic N:( xt2 1 J4\/;véix20
XVx +1 \/;+1 3
a) Rut gon N
b) Timxdé’Nzg

Dang 3: Rat gon bi€u thitc chra can bac hai va tim gia tri ctia bién d€ biéu thirc dat gia tri
nguyeén.

3A. Cho biéu thitc A :(

1+J§MJ—
Jx-1 x-1)(Vx-1

2.Puong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén
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a) Rat gon A
\/;+1 +x—\/;—5
2\/;+1 \/;+3

b) Tim x nguyén dé€ M = A.

co gia tri nguyén

3B. Cho biéu thitc A =

Jx +2 \B=(\/; 1 ]\/;+2

va + : voix>0vax#4
\/;—2 x—4 \/;—2 x—4

a) Rut gon B
b) Tim x nguyén dé€ C=A (B-2) c0 gia tri nguyén

4A. Cho biéu thirc P = (

1 1jf—2

+ : voix2>20vax#4
Jx+2 Jx-2

x
a) Rat gon P

b) Tim x thwc dé ? 6 gia tri nguyén

4B. Cho hai biéu thirc

B

A= 15_*/;+ 2 :\/;JFIVQB:l_ V6i x>0 vax =25
x=25 Jx+5) Jx-5 1++x
a) Rat gon A
b) Tim x thue d€ M= A - B ¢6 gid tri nguyén

Dang 4: Rat gon bi€u thitc chra can bac hai va so sanh biéu thirc v6i mot s6 (hodc mot bi€u
thirc khac).

Phuong phép giai: D€ so sanh mdt bi€u thitc M v6i mot s6 a, ta xét hiéu M-a va xét dau caa
hiéu nay, tir d6 di dén két qua ctia phép so sanh.

5A. Cho hai biéu thixc

\/;—l N \/;+3 5

4
A=— vaB= + + voi x>0, x #1,x #25
Jx =5 Jx+1 Jx-1 x-1
a) Rut gon B
b) So sanh C:[A.B: X=3 j.\/;_S v6i 3
Jx-5) Jx

5B. Cho cac biéu thitrc:
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2\/; x+9\/; . X+5\/;
— vaB

A voi x 20, x #9,x #25

“x-3 x-9 x-25
a) Rut gon cac biéu thirc A va B
b) Dat P :% .hay so sanh P voi 1

Dang 5: Rt gon bi€u thitc chita cin bac hai va tim gia tri 16n nhat( hoic gia tri nhé nhat) cua
biéu thtc.

Phuong phap giai: Chti  rang

- Biéu thirc P c6 gid tri l6n nhét la a, ki hiéu P, =anéuP<a vdimoi gid tri ctia bién

va ton tai it nhat mot gia tri cua bién d€ dau “=" xay ra.
- Biéu thirc P ¢6 gia tri nho nhat la b, ki hiéu P, =b néuP>b véi moi gia tri cua bién
va ton tai it nhat mot gia tri cua bién d€ dau “=" xay ra.
6A. Cho hai biéu thttc

=2VX + 2Vx — +3 2Vx+1 .

A:X—\/;SVQB: \/; 0 —\/; 3— \/; voi x>0, x#4,x#9

Jx -3 x-5Jx+6 Jx-2 3-+/x

a) Rat gon B
M A . cr e 1, e

b) bat P= B Tim gid tri nhoé nhat caa P

Vx| 20x  3x+9
Jx+3 Jx-3 x-9

a) Rat gon P.

6B. Cho biéu thitc P = véoix>0vax#9

b) Tim gia tri I6n nha't ctia P.
II. BAI TAP VE NHA

2x-9  Jx+3 2Jx+1
x—5Vx+6 x-2 3-+x

7. Cho biéu thitc: M =

voix2>0,x#4,x#9

a) Rat gon M.

b) Tinh gi4 tri cia M khi X =11 - 6~/2 .

c) Tim cac gid tri thwe cua x d€ M = 2.

d) Tim céc gia tri thuc cia x d&’ M < 1.

€) Tim cac gia tri X nguyén d€ M nguyén.

_3x+V9x-3 Vx+1 VX-2 ,
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3x+9x =3 Jx +1 +J§—2

8. Cho biéu thitc: Q = -
x+Vx =2 Nx+2 1-vx

voix>20vax#1

a) Rat gon Q.

b) Tinh gi4 tri ctia Q khi x = 4 +2+/3.
c) Tim céc gia tri cuia x d&” Q = 3.

d) Tim céc gia tri cua x d€ Q > %

e) Tim xeZ déQeZ .

9.Vé4i x>0vax =1 cho biéu thirc:

pf L 2 [oxedx 1
Jx =1 xx =x+vx=1) | xx +x+/x +1 x+1

a) Rat gon P.

b) Tim gid tri cia x d&’ P < % :
c) Tim gid tri cia x d€ P = %
d) Tim x nguyén dé P nguyén.
€) Tim gia tri nhé nhat cua P.

x+2j. Jx  Jx-4
x+1) | Wx+1 1-x

10. Cho biéu thitc: Pz(\/;— J voix>0vax#1x#4

a) Ruat gon P.

N\ 14 .7 . 2 2 ~ 1
b) Tim céc gid tri cua x thoa man P < >

¢) Tim gid tri nho nha't ctia P.
X —x  2x+4x 2x-1)

11* Cho biéu thttc N = - + vii x>0 vax =1
X+vVx +1 \/; \/;—1

a) Rut gon N.
b) Tim gia tri nho nhat cta N.

¢) Tim x d& biéu thiec M = % nhan gia tri nguyen.

5.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




12. Chitng minh cac dang thic sau:

214
) 2P APl v6iath>0vab£0
b a“+2ab+b

Vatvb  Ja-vb 20 2Vb
2WJa-2db 2Ja+2db b-a Ja—+b

BAI 5. RUT GON BIEU THUC CHUA CAN BAC HAI VA CAC BAI TOAN LIEN

b) véia>0,b>0vaa#b.

QUAN

1A. a) Rat gon ta duoc

\/;+2
\/;+3

b) i) Tacéx=‘2+\/§‘+‘2—\/§‘:4 (TMDK x>0, x #9)

P=

voi x>0, x#9

4
Thay x=4 vao P tinh dwoc P=§

ii) Tim duoc x=2 (TM DK x>0, x #9)

4++2
Thay x=2 vao P tinh duoc P= 7\/7
, Jx+5
1B.a)Ruthntadu’QcQ=\/_ 5 voix >0, x#4
X +

b) i)Tacéx=‘5+x/§‘—4‘2+x/§‘:l (TMDK x>0, x # 4)

Thay x=1 vao Q tinh dwoc Q=2

ii) Tim duwoc x=2 (TMDK x>0, x #4)

832
2

Thay x=2 vao Q tinh dwoc Q=

2A. a) Rut gon ta duwoc M = vor x>0, x #1

X
Jx -1
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b) Ta c6 M:l<:>2x+\/;—l<:>(\/;+1)(2\/;—l):0
2

Giai ra ta dwoc x=—

4x

2B. a) Rut gon ta duoc N = vol x>0

3(x—\/;+1)

b) Ta c6 NZEQ(\/;—2)(2&—1):O
Giai ra ta dwoc X € {4;1}
4

2Jx +1
\/;+1

b) Rut gon ta duoc M=\/;—3+

vorx >20,x =1

7

\/;+3

Dé& M nguyén, ta can c6 Jx e N,(\/; + 3) eU (7)

3A. a) Rat gon ta duoc A =

Tt @6 tim dwoc x=6

2Jx +2
\/;+2

2
Jx -2

ta 6 C nguyén, (\/; - 2) €U (2) Giaira ta duwoc X € {0,1,6,16}

3B. a) Rat gon ta duwgc B = voix >20,x #4

b) Rut gon ta duwgc C =

Ta cé c nguyén <=> (yfx —2) e u(2).

4A. a) Rut gon ta duwoc P = voix >20,x#4

2
\/;+2

DéthE .Taco M = 14
3 3Jx +6

voix >20,x =4

7.Duwong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




7
Céch 1. Tim durge 0<M < - M MeZ nén M e {1;2}

64

Tir do tim dwoc x =— ; X =

4B. a) Rat gon ta duwgc A = voi x > 0,x # 25

1
\/;+1

Jx

1+\/;

b) Taco M =

vol X > 0,x #25

Cich 1. Tim duwoc0 <M <1.MaMeZ = M=0.

T d6 tim duwge x =0 (TMPK v6i x > 0,x # 25).

X
Cach 2. Dat =n vdin nguyen.
1++/x

Ta cd \/_ZILZODOSn<1:>n:0
—-n

T d6 tim duwoce x =0 (TMBPK v6i x > 0,x # 25).

\/;+6

Jx -1

5A. a) Rut gon ta duoc B=

voi x>0,x =1

X+4VX +1

b) Rut gon ta duwgc C = \/_
X

)
NS

Ttr d6 ta c6 C> 3.

vol x>0,x =1

Xét hiéu C-3 = >0voix>20,x #25,x =1

\/; va B=—Xvé'ix20,x¢25,x;t9

Jx +3 Jx -5

b) Ta c6 Pzﬁvam= 8

\/;+3 \/§+3

8.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén
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\/;+1
Jx -3
x+2J;+5

J;+1

o 4 4
TacoP_(&+1)+m22\/(&+1),&+1_4

6A. a) Rat gon ta dwge B = voix2>20,x#4,x %9

b) Tim dugc B = voix>0,x#4,x#9

DAu'=" xay ra v/x +1= & x=1(TMPK v6i x>0,x £4,x £9 ).

4
Vx +1
Vay tim duwoc P =4 < x=0

6B.

a) Rut gon ta duoc P = voi x >0,x #9

3
J;+3

b) Timduwgc P =1<x=0

Jx +1
Jx -3

b) Tw x=11-6J2 = Vx =3-2 (TMDK v6i x >0,x #4,x #9).
Thay Jx =3-+/2 vao M tinh dwgc M=1-2+/2 .

¢) Tim duoc x = 49.

4
Jx -3
4
Jx -3

Tt diéu kién x va M nguyén ta tim duoc x = {I; 16; 25; 49}.

a) Rut gon ta duwoc M = voi x >0,x#4,x#9

d) Taco M<1 <

<0.Ttr d6 tim duwoc 0<x<9,x #4

e) Taco M=1+

voi x >20,x #4,x#9

8.2)Goiy: x—vVx +2=(x +2)/x +1)
J;+1

Rat gon ta duwge Q = voi x >0,x #1
Jx -1

b)Tacod Vx =+/3+1 (TMDPK).

34243

3

Thay \/;Z\/§+l vao Q tim duoc Q =
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c) Ta c6 Q =3 <=>x=4 (TMDbK).

\/§+3
2(x —1)

e) Tuong ty 3A. Taco Q=1+

d)TacéQ>%<:> >0<:>\/;—1>0<:>X>1

2
\/; +1
Tt d6 tim duwoc x € {0;4;9}.

X —_—
\/; +1
Jx -3
2(Vx +1)

9. a) Rat gon ta duwgc P = voli x>0,x =1

1
b)TacéP<5<:> <0 .Ttrdétimduwoc 0<x<9,x =1

Jx -1

1
c) Giai = 5 tim duwoc x =4 (TMDK).

\/;+1

2
d)Tacé P=1- N e Tr diéu kién P nguyén, tim duoc x =0
X+

e T P=1- tim dwQc Pmin = -1 <=>x =0.

2
\/;+1

Jx -1

\/;+2

10. a) Rut gon thu dugc P = voix>0,x #4,x #1

1
Ta cé P<E & \/; <4
Giai ra va két hop diéu kién ta dwoc 0<x <16,x #1,x 24

3

\/;+2

1
Tk d6 tim duwgc P = 3 <x=0

c) Twong tw 6A. Tacé) P=1-

11. a) Rut gon ta duoc N=X—\/;+1 voix>0vax#1.

1Y 3.3 1
b) Ta co N:(\/__Ej +ZZZ.Déf1”=”xéyra<:>X=Z
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1
Vay N__ :§<:>x=—
4 4

¢) Trwong hop 1. Xétx=0=>M=0¢€ Z.
Truwong hop 2. Xét X # 0
2 2
=2

Kha ning 1. Voi M =1, tim duwoc x=7+ 3 \/g (TM).

=0<M=

Kha nang 2. V6i M =2, tim duoc x = 1 (KTM).

Vay cac gia tri tim duwoclax=0hoacx=7+ 3\/§ .

12. a) Stt dung cong thirc: JA? = |A| = {A Khi A =0
—A Khi A<0O
2
Tacod VT = a+b.\/ a’b’ = a+b. |a||b | =|a|=VP(DPCM)
b> Va’+2ab+b> b [a+b|

Vatyb  Ja-vb o 2b

2a—o) 2(Ja+b) a-b

) (\/E+\/E) —(\/E—\/E) v4b 4fib-4b  2b
2a-vb)(Va+vb)  2(a-vb)(Va+ib) Va-b

VT =

VP(DPCM)
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BAI 6. CAN BAC BA

I. TOM TAT LY THUYET

1. Can bac ba

« Can bic ba ciia mot sO' thyee a 1a s6' thuee x sao cho x3 =g, to hiéu la Q/E .

« Chuy:

- Moi s0' thuc a déu c6 duy nhit mot can bac ba.

- Cén bac ba cua s6 duong la s6' duwong; cia mot sd am 1a s6 am; ctia s6' 014 0.

2. Cac cong thiec lién quan dén can bac ba

a) A<B < YA <iB b)JA=IB=A=B
¢) YAB=A /B d)@:ﬂw’ﬁmo
B B

II. BAI TAP VA CAC DANG TOAN
Dang 1. Thuc hién phép tinh c6 chtia can bac ba

- 3
Phirong phdp gidi: Ap dung cong thiec: Ya* = (3/5 ) =a

cac hang dang thic:
(a+b)’ = a° + 3a%b + 3ab? + b3;

(a-b)’? =a’ -3a2b + 3ab? -b’,
a3+ b3 = (a+b)(a*ab + b2);
a3-b3 =(a-b)(a? +ab+b?)

va nam vitng bang 1ap phwong ctia cac s6' don gian:
L r

5 7 4 5 6 1B 2 9
1A. Hay tinh:
a) 27 ; b) 3 — o) Y64a’ ;d) I-8a’b"
125
1B. Lam tinh:
a) J729; b) 3L; c) /343a° ; d) /-512a%b° .

216
2A. Thuc hién cac phép tinh sau:

3/ 3
2) 3108 (372 b) 2324 - 5381 +43/192
Y4 30,9

1.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




ﬁ3 o 2 s
\/_\/Ff d)%qﬁﬁ

2B. Thuc hién phép tinh:
384 -27
+33-54 +3/432 b) =+ Vo4 +—\/—o 064

w@%r 22 g L2 1

3
3A. Rt gon biéu thitc: 3 241

a) A=3125¢+75x> +15+1-5x b) B=xvx + 1¥xvx ~1-31-%

3B. Chiing minh cac biéu thirc sau ¢6 gia tri khong phu thudc vao bién x:

a) A = Yxvx +3x +3Vx +1-(Vx -2) b) B:(%/;H)S—(%/_—1)3+6(3/;—1)(%/;+1)

Dang 2. So sanh cdc can bac ba
Phurong phdp gidi: D& so sanh cac can bac ba, ta chu y:

%/K<€/§<:>A<B

4A. So sanh cap so sau:
a)2B3va23 b 15va 3126
4B. Tim s6 nho hon trong cac cdp so sau:

a) 7 va 2343 b) 536 va 63/5
5A. So sanh:

= 320+14v2 +320-1442 vaB =239

5B. So sanh: M = 37+ 5v2 +37—5v2 va Ne—t

3/5

6A. Tim x, biét:

a) 2x+1>-5 b) Ix* +3x> +6x+4 <x+1

6B. Tim x thoa man:

a) Y4-2x >4 b) Y—x* =3x2 +6x-10 <—x—1

Dang 3. Giai phwong trinh chta can bac ba
Phurong phip gidi: Ap dung YA =B« A =B’
7A. Gidi cac phuong trinh sau:

a) A2x+1=3; b) /5+x-x=5
7B. Tim x, biét:

a) JY2-3x =-2 b) Ix-1+1=x
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8A. Giai cac phwong trinh sau:

1
a) Ix’ +3x +3x+1-2x=3  b) Y27x ~216x +x3|— =
X

8B. Tim x thoa man:

a) d1-9x+27x> —27x* =3x-5  b) 8> +xiﬁ=27
X

III. BAI TAP VE NHA

9. Hay tinh:
_ 31.6
a) 12 b)i—L g 2D d) V642’0’
125 216
10. Thuc hién phép tinh:
—‘“;—J_f b) (Y25 -10+¥3)(5+32)

11. Rat gon biéu thic:
a)M:3x—3/27x3+27x2+9x+1 b)N:3/8)(3+12x2+6x+1—%/)(73
12. Thuc hién cac phép tinh sau:

a) g/(4—2%/§)(%/§—1) b) 3+3+310+643
13. So sanh cac cap so sau:
a) 6 va 2326 b) 236 va /a7
14. Tim s6'l6n hon:
a) 332 va 53 b) 22 va 33394
15. Giai cac phuwong trinh sau:
a) Y2x+1=1 b) /x*+2x> =x +2

BAI 6. CAN BAC BA

1A.a) Ta c6 27 =3 =3

3
b) Ta cé. 13/ ! =3 1 =—
125 5
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) Ta c6./64a’ =3 (421)3 =4a
d) Ta c6.3/-8a'b* = §(-2ab*) = -2ab’

1B. Tuong ty 1A.

a) . b) é : c) 7a. d)-8ab’

3 3
2A. a) Ta ¢6 Y108 +\/7’2 L (7)’3 =327 +38=5

Ja oo Vo4
b) Taco Y24 =383=3833=233
Tuong tu /81 =33/3; 3192 =433.

Thay vao dé bai tim duoc két qua bing 53
’ 3“ 50 3 3 3
¢)Tinh duoc % = \/5, J160.3/1,2 = 4\/5
Thay vao dé bai tim dwoc két qua bing —33/3 .
%/5 %/5 .(%/272 + %/5 +1) s 5
= =2+34+32
-1 RR-pR2 +2+1)
Thay vao dé bai thu duoc két qua bang 2.
2B. Tuong tu 2A.

3
a) Chii y ~ 324 =432; Y-54=-332, 432 =632

Tir d6 tim duoc két qua bing 32

d) Ta co

b) Bién d6i duoc ‘s/ ;f; = %3 364 = 4; =0.064 = 2

5
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. 1
Tt @6 tim dwoc két qua bang )

¢) Bién d6i duoc /=343 =—7; 81 =33/3; 24 =232
Tt &6 tim duoc két qua bang 0.
1 222+ Y42+

d) Bién ddi
L —1+2%2
Tir d6 tim duoc két qua bing 1423

3A. a) Chii ¥ 12553 + 75x2 + 15x +1 = (5x+1)°.
Tt d6 rut gon dwoc A=1.

b)Ta 6 (xv/x + D(xVx — D) =x* —1

Twr d6 it gon duoc B=23x* -1

3B.a) Chuy x\/;+3x+3\/§+1:(\/;+1)3
Rat gon duogc P = -1 (DPCM).

b) Cht y (%/§i1)3 =x+33x* +3Yx £1

Tt d6 rat gon duoc Q =8 (DPCM).

4A. a) Bién d6i 23/3 = /8.3 =324 . Tix d6 thu dwoc 23/3 > 323
b) Bién doi 15=3.5=3/125 . Tt d6 thu dwoc 15 < 3/126
4B. Tuong tu 4A.

a)S6nhohonla7.  fr)S6 nho hon la 56

5A.Chiy 2041442 =2 43224243242 +42 =(2442)

Twong tw 20 — 14\/5 = (2 — \/5)3 . Tt @6, rat gon duwoc A=4.Vi 4= 23/§ < 23/5 nén A<B

5B. Tuong tu 5A.
Bién doi dé duoc 7+5v2 =(1++/2); 7=5v2 =(1=+/2)’ Tir d6 tim duoc
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4 4 4

= > —
2 8

6A. a) Lap phuong hai vé& va bién do6i ta duoc x >63.

Vi 2 nén M > N.
b) Twong ty cau a), ta tim dwoc x < -1.

6B. Twong tir 6A.

a) x<-30. b)x<l.
7A. a) Lap phuong hai v€ va bién ddi ta tim duoc x = 13.

b)  Bién d6ive /5+x =5+, lap phuong hai v& va bién déi ta tim duoc x = -6;
x =-5hoac x =-4.
7B. Tuong tuy 7A.
_ 10
3
8A.a)Rut gon VT'=1 — X. Tt d6 tim dwoc x = -2.

a) X b) x=0; x=1hodcx=2.

b) Ratgon VT =—2{/; Ttr d6 tim dwoc x =- 8.
8B. Twong tur 8A.
a) Ratgon VT =1-3x. Tr 46 tim dwgc x = 1.

b)  Ruatgon VI =23/x" +/x*> =3/x* . Tt d6 tim dugc x = +27.

-1 -7
9. a)8. by — . —ab’ d) — 4a’b’
a) ) 5 c) p )

10. a) Thu gon dwoc két qua bang - 3.
b) Cdch 1. Nhan pha ngodc roi thu gon dwoc két qua bang 7.

Cich 2. Cht y (%/2_5—%/E+€/Z)(%/§+%/§):(€/§)3 +(2)3 =7

11. a)Chi y 27x* +27x* +9x +1=(3x +1)’

Tt @6 tim dwoc M =- 1.
b) Chu y 8x® + 12x2 + 6x+1 = (2x +1)°.

Tt @6 tim dwoc N = x+1.

12. a) Cach 1. Nhan phé ngodc duge (4 2+/3)(v/3-1)=6+/3-10
Valuuy 6+4/3-10= (V/3 -1y

Tt d6 thu duoc két qua bing ~/3-1
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Cach2. chuy (4-23)V3-D=(3-1*3-D) =B -1y

b) Ta c6 \3/10+3\/§=\/§+1

Tir d6 thu duoc két qua bing /3 +1
13.2) 6 =23/27 > 2326 b) 23/6 = /48 > /47

14. a) S316n 1a 432 =3/54 ¢) S8 16n 13 22
15.a)x=0 b) x=-1 hoac x=-2
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ON TAPCHUONG I

I. TOM TAT LY THUYET
Xem phan Tém tat ly thuyét tir Bai 1 dén Bai 6.
II. BAI TAP VA CAC DANG TOAN

1A. Vi x>0, cho cac biéu thitc:

1 W Jx A

A=—rt , B= vap="
\/; \/; +1 X+ \/—
a) Rut gon va tinh gia tri ctia P khi x = 4.
b) Tim céc gia tri thuc ctia x ¢’ A < 3B
¢) So sanh B véi 1.

d) Tim x thoa man P\/;+(2x/§—l)\/_:3x—2\/x—4 +3

V-1 13k
Vx o x+x

1B. Cho biéu thtic P = {\/2 —i} :
Jx

} voix>0vax =1

a) Ratgon P.

. 2
b) Tinh gia tri ctia P biét x =
) 8 243
¢) Chiing minh P>2 véimoix>0va x #1
a) Tim x thoa man: Pvx =6vx —3—-/x -4

2A. Cho biéu thirc:

M = {1 \/;}{J;Jﬂ x/5+2 \/§+2

} voia>0,a=4,a=9.

1+va | |Va—2 3-a a-5va+6
a) Rat gon M b) Tim a d&€ M<0
c) Tima d€ M > 1. d) Tinh gid tri nho nhat cuia M

2B.Véi a>0,a#1 chobiéu thitc.

e A ] b o]

a) Rut gon N b) Tim a d€ N=7

c) Tim a d& N > 6. d) Tinh gid tri nho nhat caa N- \/g
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3A.V6i x>0, va x #1 Cho biéu thirc

15Vx —11 3\/_ 2 24x+3

P=
x12¥x -3 1-vx  34x
a) Rat gon P b) Tinh gia tri cta P khi x=9
c) Tim x déP = E . d) Tim x dé P nhan gia tri nguyén

3B.V6i x>0, x#9 vax #1 Cho biéu thitc

P{Hzf flﬂl‘l}

Xx—9 3-Ux | [Vx+3 Jx-1

a) Rut gon P b) Tinh P khi x =4 —2+/3

c) Tim x dé P<1. d) Tim x nguyén dé P nguyén

Jx 1 { 1 2 }
4A. Cho biéu thirc E = — : +
{\/;—1 x—vx | [Vx+1 x-1

a) Tim diéu kién ctia x d€ E c6 nghia

b) Rat gon biéu thirc E.

c) Tim x dé€ E > 0.

d) Tim m d€ ¢ cac gia tri cua x thdoa man Evx =m—+/x .
x| sx || x-1 2

2 a-x||x-2x

a) Tim diéu kién cua x d€ F c6 nghia.

b) Rat gon biéu thic F.

¢) Tinh gid tri cua F biét x =4 — 243

d) Tirr} m dé’véi moi gia tri cua x > 9, ta co: m(\/; -3)F>x+1
III. BAI TAP VE NHA
5.Voi x 20, x #9 va x #25 Cho biéu thitc

A {x sVx H 25-x  Ax+3 Jx-5

4B.Cho biéu thttc F = |:

+
X —25 x+2Jx —15 Jx+5 Jx-3

a) Rat gon biéu thirc A.
b) Ching minh A<2 véimoi x>0, x#9 vax #25.
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¢) Tim x dé A<1

d) Tim x d€ A nguyén

I _1}{J5+1_\/5+2}
Va-1 Va|~a-2 +a-1

a) Tim a d&’biéu thirc B c6 nghia.
b) Rat gon biéu thirc B.

1
C)Timadé7B>g

6. Cho biéu thizc: B= [

d) Gia st a la s6' nguyén, tim gia tri nho nhat caa B.

Vx+2  Yx -2 Wx+l
x+2dx+1  x-1 | Jx

7.Véix>0va x #1, cho biéu thtc: Cz{

a) Ratgon C.

V7 V7

b) Khi x = - , tinh gia tri biéu thirc C.

1-V7 =1 1=+7 +1

¢) Timx d¢ C>1.
d) Tim x nguyén dé€ C nhan gia tri nguyén.

8.Vdia>0va a#1 Chobiéu thttc: M = {

1 1] Ja+l
a—/a +\/£—1}'a—26+1
a) Rut gon biéu thire M. b) Tima dé M =-1.
¢) So sanh M véi 1. d) Tima dé M <O.
9. Cho biéu thirc:

P:[ I x=3 }{ 2 \/;+\/§}
Vx—Jx—1 x-1-+2][2-Vx  V2x-x

a) Tim diéu kién ctia x d€ P c6 nghia.
b) Rat gon biéu thuc P.

9 Tinh gi4 tri ctia P biét x =3 +2+/2
d) Tim gia tri l6n nhat caa P

10. V6i x 20 va x #1, cho biéu thtec:

| 2x+1 \/; 1+x\/;
N_{x\/;—l_x+ X+1i|.|:1+\/; _\/;}

a) Rut gon N
b) Khi
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NE \/9—4\/§+\/9_4J§
3

Tinh gid tri caa N.
5 3
C) Tim gia tri ctia x d€ N=3
d) Tim gia tri nhé nhat cia N

11. Cho biéu thitc:

Jx+1  20x +2+5J§

AR a2 s
a) Tim diéu kién ctia x d€ bi€u thitc A ¢ nghia
b) Rat gon biéu thic A
C) Tim gia tri ctia x d€ A=2
d) Tim x d€ A nhan gia tri nguyén

12. Véi x >0 va x #1 cho biéu thirc

B:{&—z_ Jx +2 }.(1—x)z

x=1  x+2Jx+1] 2
a) Rat gon B
b) Tinh gia trj cia B khi x=\/\/§—\/3—\/29—12\/§
C) Tim gia tri ctia x d€ B>0
d) Tim gid tri l6n nhat cta B

13.Vdi a>0 vaa#1 cho biéu thitc

o[ 1| [Yaz1 Jaen
12 2a||Va+1 Va-1

a) Ruat gon Q

b) Tim a dé Q<0

C) Tim gia tri ctia a dé€ Q=-2

d) Pit T=Q+a . So sanh T véi 1

14. Cho biéu thic:

P_[ I _5\/2—4]_[%\/;_ \/Q]
A Wx-2 2dx-x VR Wx-2

a) Tim diéu kién ctia x d€ P c¢6 nghia
b) Rat gon P
Q) Tinh gia tri caa P khi
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d) Tim m d€ c6 x thdéa man: P= mx \/; -2mx+1

ON TAP CHUONG I

x+\/;+1 . x+\/;+1 B
- —— vda P=——— voix=0.
X +/x Jx

1A. a) Rat gon duwoc A =

7
Véi x =4, tinh dwoc P =5

Taco A<Be x—24x +1<0 < x =1 (TMPK),
b) Xét hiéu (B - 1) va chitng minh dwoc hiéu nay luén am.

Tie dd tacd B<1 voi moi x> 0.
c) Bién doi DK da cho vé dang: (\/; — \/3)2 +(Wx—-4-1°=0
Ttr d6 ta tim dwoc x =5 (TMDK).

(Vx+ 1)2
Jx
b)  Tabién d6i duoc. Vx =3 -1
Wi+3
2

1B. a) Rut gon duoc P = voix>0vax#1.

Tt d6 tim dwoc P =

c) Goiy: Xét hiéu (P- 2) va chitng minh hiéu nay luén duong véi moi x >0 va x# 1.
d)  Bién ddi dieu kién da cho vé dang (VX -2 =-+/x —4 . Tt d6 tim duoc
x =4 (TMDK).

Ja-2

\/£+1

2A. a) Rut gon duoc véi M = voia>0,a#4,a#9

b)Tact M<0<=a<4

Két hgp vdi diéu kién ta duoc 0 < a<4.

c)Tuong tu y b), tim duoc a € J
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3

d)Taco M=1- >-2 véimoi a=>0,a#4,a#9
\/;+1
Tk d6 tim dugc M. =-2<a=0
2a+2va+2 . .
2B. a) Rut gon duoc N = \/_ voia>0vaa=l

Ja

1
b) Tim dwoca = Z hoaca=4.
¢) Tim dwgca>0vaa#1

d) Ta c6 N—\/;=\/;+i+2

Va
Ap dung ba't dang thizc Cosi ta tim dugc:

(N—+/a)

22 +2=a=2

2-5Jx

min

3A. a) Rut gon duoc P = x>0,x#1
Jx +3
s , —-13
b) Véi x =9, tinh dwoc P:T
. 1
¢) V6i P=—, Ta tim duwoc X =——
2 121
17 17

d)Tacé P=-5+ .Taco PeZ < Y4

\/;+3

Cach1.ViO< 17 SH nén L S {1;2;3;4;5}

\/;+3 3 \/;+3

Ttr d6 tim duoc X € i;é;ﬁ;l—zl;l%
2516 9 4

\/;+3

neZ:>\/—:17_3n

17
\/;+3 n
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¥
o| R

25’1 "4

@)}

Ttr d6 tim dwoc XE{—' : 121;196}

=

-1

3B. a) Rat gon duoc P = a>0,a=1,a#9

=

(O8]

5-23

b) Ta bién d8i duoc vx =+/3 =1 , tinh duoc P = =

o)Tacot P<l< <0e=x<9

4
Jx -3
Két hop véi PK=> 0< x<9 vax# 1
2
Vx -3
b€ P nguyén thi Jx =3eU (2)

Két hgp voi DK ta duoc x € ef4; 16; 25}.
4A. a) BDK: x>0 va x#1.

d)Taco P=1+

voi a=>0,a#1,a=9

x—1
b) Ratgon duocE = \/— véi x>0 va x#1.
X

c) TacdE>0<=>x>1.

d)  Tugia thiét ta co m=x+vx -1
Te DK x>0 vax#1tatimdwocm>-1vam # 0.
4B.a) PK: x>0,x #4vax # 9.

4x

Jx -3

b) Ruatgonduoc F= voix>0,x # 4vax # 9.

16+/3 —40
¢) Tabiéhdé’iduoc:\/;:\/g—le:\/l_—3
+1
d)  Tugia thiét tacd m>——— voix>9.
4x
x+1_5 A
Ma <— vdi V x>9nén ta tim duoc m > —
4x 18

5. a) Rat gon duoc A = voimoi x>0,x#25 x#9

5
\/;+3
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a) Tuongtu 1B.

b)  Tim dwoc x >4, x#9 va x# 25.

¢)  Tuong tu 3A. Tim dugc x = 4.
6.a)Diéukién:a>0,a # 1vaa # 4.

Ja-2

3Ja

b) Rat gon dugc B =

voi x>0, x=#1, x#4

¢) Tim dwoc a > 16.

d) Chtiy a € Z va két hop véi didu kién =>a > 2. Tir d6 ta lap luan duoc

1-2

B>
3
1-~2
Kétluan B__ =T\/—<:>a=2
, 2 .. .
7.a) Rat gon dugc C= N voi x>0 va x# 1L
X_

b) Tim dwoc x =2, tinh duwgc C = 2.
)Taco C>1<=1<x<3

d) Tuong tw 3B. Tim duoc x € {2; 3}.

Ja-—1

8. a) Rut gon duoc M = \/_ voia>0vaa#l
a

b)Tacé M=-1<a =i (TMDK).

) Ta bién d6i dwoc \/; = \/5 +1 Tur @6 tim dwoc P=1-\/§
d) Danh gia duocP < —1+~/2 . Ddu" =" xay ra <= x= 1. Tird két luan
P ——1+2ox=1
10. a) Rut gon dwgc N =\/§—1 voix 20;x #1 .

b)Tim dwoc x = 4. Ttr d6 tinh dwoc N =1.
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¢) Ta ¢6 N =3 <=>x = 16 (TMPK).
d)Taco N =-1<x=0

11. a) biéu kién: x >0;x # 4

b) Rut gon duoc A =

vol X 20;x =1

Jx
\/; +2
¢) Tim duoc Vx=-deoxed

d) Twong te 3A. Tim dwoc x = 0.
12. a) Rut gon duwge B=—X++X vdoi x20;x #1

b) Tim duoc x =1 (Khong TMDK x = 0;x # 1) nén khong ton tai B.

¢) Te B >0 tim dwgcx < 1.

Két hop voi diéu kién ta duoc 0<x <1

1 I 1

d) Ta cé B=—(\/;——)2+—S—Véi x>0;x =1
2 4 4
, l-a
13. a) Rut gon dwgec Q =—= vdi x >0;x =1
Ja

b)Tac6 Q<0< a>1.
c)Ta c6 Q=—2<:>a=3+2\/5

d)Taco T-1=-a<0 véimoi a>0 vaa# 1=T<I.

14. a) Diéu kién: x >0 va x # 4.

2-3
b) Rat gon duogc PZT\/; voi x >0;x #1

¢) Bién déi duoc \/; P=

J5-1 7-3J5
:—:> -
2 4

d) Ta c6 P=mxv/x —2mx + 1 < 2m_3=(\/§—1)2
2m

. 3
Bang lap luédn, tim dwoc m 2 5 hodc m<0.
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DE KIEM TRA CHUONG I
PESO1
PHAN 1. TRAC NGHIEM
Cau 1. Can bac hai s6 hoc cua 25 la:
A.5 B.-5 C. 15 D. 625
Cau 2. Trong cac s6 \/ﬁ ; 3\/5; 2\/5; \/E; 2\/Z sO 16n nhat la:

A 23 B.3+/2 C.24 D. /10

Cau 3. Ham s6
=5 e C o
y= xac dinh khi va chi khi
3-4x

A.x<E B.x;«t—é C.x>é D. VxeR
4 4 4

Cau 4. Gia tri ctia /6 — 275 =5 bang:
A.2J5  B.1+245 C.1-245 D.-1

Cau 5. Gi4 tri ctia x d& \V4x —3 /3— ~2=0 la:

Al B.2 C.3 D. 4
Cau 6. Gid tri cuia \/(2\/7 ~72 )2 bing;:

A TN2-247 B. 247 -T2

C. i(zﬁ ~72 ) D. Khong xéc dinh.

b4 3\
Cau 7. Véia >0, biéu thic 2a°, /—2 bang:
a

1.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




A. 2b? B.2ab2C. 2[a|b®>  D. +2ab’
Cau 8. Mot hinh 1ap phurong c6 thé tich bang 27cm?, canh hinh 1ap phuong 1a:

A.27cm B. 9cmC. 3\/5 D. 3cm
PHAN IL TU LUAN

Bai 1: Tinh gia tri cta bi€u thic:

J1+3 J1-B > 4
VA= b) B=2v27 +,/(1-3) “A

Bai 2: Gidi cac phuong trinh sau:

a) §J25x+50—5Jx+2 +/9x+18+9=0

b) VX’ —4x+4 =Tx -1

3x+3 2Jx } 2Jx -2

'[&—3

— +
x—9 \/;+3 3—\/;

Bai 3: Cho biéu thitc: P = ( — 1] voix>0vax#9

a) Rat gon P
b) Tinh gié trj cia P khi x = 20— 6+/11
1
C) Tim x dé€ P > 5
S VRN RPNI) o' SRS
d) Tim gia tri nguyén cua x dé€ biéu thic Q = 3 nhan gia tri nguyén.

PE SO 2
PHAN I. TRAC NGHIEM
Khoanh vdo chir cdi ditng trudc ciau tra loi diing:
Cau 1. Can bac hai s0 hoc ctua 16 la:
A.4 B. ¥4 C.256 D. -4
Cau 2. Khang dinh nao sau day dung:

A 255502 B 245=5V2 . J20<5V2 D.2J5>4/50  Cau 3.

2
Hamso y= xac dinh khi va chi khi:
V3x+1
1 1 1 1
AX2—— B. x<—— C.X#—— D.Xx>——
3 3 3 3

1
J2-1

2.Puong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén

2
Cau 4. Gia tri ctia (1 - \/E) + bang:




A 22 +2 B.2 c.24d2  D.o

1 Ox +18
Cau 5. Gid trj cia x d& E\/4x +8-4 X16 -6 I
A1 B.7 C.5 D.-1
Cau 6. Biéu thitc v25x> —20x +4 bing;:
A.5x—2 B.2-5x  C.[5x-2] D. 5x +2
. .. - o a |b a .
Cau 7. Véia,b >0, biéu thitc —,[— +,[— bang;
bVa b
2 2~/ab
A2 B. =2 c |2 D.
b b b
Cau 8. Biéu thitc 4/64x°y*z’ bing:
A. 8x’y’ |Z| B. S‘XS‘.y2.|z| C.8x’y’z  D. -8x’y’z

PHAN IL TU LUAN
Bai 1. Tinh gia tri biéu thac:
3 2 Jio-v5 3J5+5 2
- b) B= - +
1+ x/§ 1- x/§

V2-1 5+3 2
Bai 2. Gidi cdc phuong trinh sau:

a) A=

a) /49 —28x +4x> —5=0

b) %\/x—2—4 /4"9_8 +J9% —18 -5=0

\/; ! va B:L vo1x >0, x#4

+
x—4 Jx-2 Jx -2

Bai 3. Cho cac biéu thiic A =

gia tri ctia B khi X =7-43

b) Rat gon biéu thie P =

> | =

¢) Tim cac gia tri chlax dé P = 3

3.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén

a) Tinh




d) Tim x théa man: (\/;+1)P—\/;—4\/x —1+26=—-6x+10/5x

PE KIEM TRA CHUONG I
PESO 1
PHAN I. TRAC NGHIEM (4 PIEM)

Caul. A Cau5.D
Cau2.B Caué6. A
Cau3.B Cau?7.B
Cau4.B Cau8.D

PHAN II. TU LUAN (6 DIEM)

(7+4) (1-43)

Bail.a) Tacd A =
7-3 7-3

Tt d6 tim dwoc A = 5.
b) Ta ¢ B=6\/§+\/§—1—@

Tir d6 tim duoc B=5+/3 + 1.

Bai 2. a) Phuong trinh <=> %\/25()( +2) =5 (x+2) +9(x +2) +9=0

Bién d6i dua vé dang /(X +2) =9.
Tt d6 tim duoc nghiém ctia phuwong trinh la x =79
b) Cidch 1. Phwong trinh <=> |x - 2| =7x -1.

Ttr d6 str dung phuong phap chia khoang hoéac bién ddi twong duong ta tim dugc

3
X ==
8

4.Puong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




7x—-120

Cdch 2. Phuong trinh <3 | 5
X —4x+4=(7x—1)

Gidi ra ta cling tim dugc X =—

3
Bai 3. a) Rat gon ta dugc P=\/_ 3 voi x >20;x #9
X +

11
b) Tim duoc \/;=\/ﬁ—3.ThayVéoP ta dwoc P=¥

¢) Giai ra ta duwoc0 < <x<9.

6

\/;+3

Tt diéu kién Q nguyén ta ta tim duoc X € {0;9}.

d)Taco Q=2- voi X 20;x #9

Tuy nhién chi c6 x =0 thoa man.

PHAN I. TRAC NGHIEM (4 PIEM)

Caul. A Cau5.B
Cau2.C Caué6.C
Cau3.D Cau?7.D
Cau4.C Cau 8.B

PHAN IL. TU LUAN (6 DIEM)

53

Bai 1.2) Tinh duge A== b) Tinh duoc B=+/2

Bai 2. a) Ta bién d6i dwoc 12x—71 =5. Ttr d6 tim dwoc X €{1; 6}.
b) Ta bién d6i vé dang VX —2 =6
Ttr d6 tim dwoc x = 38 (TMDK).

—2~/3
Bai 3. a) Ta bién do6i duoc \/; =2- \/5 . Tinh dwoc B =T\/_

5.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




Jx +2
Jx -1

¢) Ta c6 P=%<:>x/;=2<:>x=4

b) Rut gon duge P =

voi x2>20;x#4

Dai chiéu diéu kién thay khong thoa man = x € J
d) Ta bién ddi dugc vé dan
14+3x:2\/x——_1+5\/—5g; )
Cach 1: Ta ¢6 (1) (1) < (\/; - 2)2 4 (\/S_x - 5)2 ~0
2 s 3J
2+/x-1 Jx++/5

Cach2.Taco (1) < (5— X)[ =0

Tt &6 tim dwoc x=5.

6.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




CHUONG II. HAM SO BAC NHAT

BAI 1. NHAC LAI VA BO XUNG CAC KHAI NIEM VE HAM SO

L.TOM TAT Li THUYET
1. Khai niém ham s6

Néu dai lvong y phu thudc vao dai lwong x thay d6i sao cho véi moi gid tri ctia x, ta ludn
xac dinh duoc chi mét gia tri twong ting cua y thi y duoc goi la ham s6 ctia x( x goi la bién s0).
Ta viét: y = f(x), y = g(X), ..

Vi du: Ta co y = 2x + 3 la mot ham s6 cta y theo bién x.
Luu y: Khi x thay d6i ma y luén nhan gia tri khong doi thi ham sd y = f(x) goi la ham h?mg.
2.Gia tri caa ham s, diéu kién xac dinh ctia ham s6

Gia tri ctia ham s0 f(x) tai di€m xo ki hiéu 1a yo= f(xo).
biéu kién xac dinh ctia ham s6 y = f(x) la tat ca cac gia tri ctia x sao cho biéu thirc
f(x) cé nghia.
3. D6 thi cia ham s6

- Db thi ctia ham s6 y = f(x) 1a tip hop tat ca cac diém M(x;y) trong mat phang toa d6 Oxy sao
cho x, y thoa man hé thic y = f(x).

- Biém M(xo; yo) thudc d6 thi ham s6 y = f(x) <=> yo=f(xo)
4. Ham sd dong bién va ham s6 nghich bién
Cho ham s6 y = f(x) xac dinh v6i moi gia tri x thudc R.

Neéu gia tri ctia bién x tang lén ma gia tri y = f(x) twong tng cling tang lén thi ham sd
y = f(x) duoc goi la dong bién trén R
Neéu gia tri ctia bién x tdng 1én ma gia tri y = f(x) twong tng lai giam di thi ham s6 'y
= f(x)duoc goi la nghich bién trén R.
Noi cach khéc, vdi xi, x2bat ki thudc R:
+ Neéu xi< x2 ma f(x1) < f(x2) thi ham s6 y = f(x) dong bién

+ Neéu xi< x2 ma f(x1) > f(x2) thi ham s0 y = f(x) nghich bién.

Trong qua trinh giai toan ta cé thé sit dung kién thitc sau day dé xét tinh d6ng bién hodc
nghich bién cia ham so trén R:

f(x,)-f(x,)

X, —X

Cho x1, x2bat ki thuoc R va x, #x,.bat T = khi d6:

2 1

1.Puwong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




+Néu T > 0 thi ham s6 da cho dong bién trén R
+Néu T <0 thi ham s6 da cho nghich bién trén R.

L BAI TAP VA CAC DANG TOAN
Dang 1. Tinh gia tri ctia ham s6 tai mot diém

Phuwong phap giai: D€ tinh gia tri cia ham s6 y = f(x) tai xo, ta thay x = xo
vao y = f(x) duoc yo = f(xo)

1A. Tinh gia tri cia ham s6:
a) y =f(x) =x>x-2 tai X, =—
b) y = f(x)= 2B i =3
- \/ﬁ +2 tai:

X" +1

1B. Tinh gia tri chaham s6 y = f(x) =

a) onx/g b) X, =

A= N>

2A.Chohamsd y = f(x) =3Jx +1+4mx*-2x+3  v6im la tham s&

Tim m dé& £(3) = f(-1).

2B. Tim m d€ham s6 y =f(x)= (\/m2 + 4—m)x2-2mx+5 thoa mén diéu kién
£(0) = £(1).

Dang 2. Tim diéu kién xac dinh caa ham sé

Phuong phap giai: Cht ¥ rang :

Ham s6 dang can thiec y =, /A(X) xac dinh (hoac c6 nghia) < A(x) =0

N o AX) o
Ham s0 dang phan thiic y = xac dinh (hodc c6 nghia) < B(x) #0

3A. Tim diéu kién ctia x d& ham s0 sau xac dinh:

+3 b) y=v2x—1-3—2—+5

Xx+1 x—1

a)y=

2.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




Jx -4 Jx +1
d)y=
1-x X -3

y=

3B. Tim tdt ca cac gid tri cia x d€ ham s6 sau cd nghia:

a)y=5)§+3 b)y=x—3\/x+7+i
X" +1 X

C)y:x—zw; d)y:2+\/2—x
x—1 \V3x+4

Dang 3. Biéu dién toa do ctia mot diém trén mit phang toa d6 Oxy

Phuwong phdp gidi: D& biéu dién toa dd cua diém M(xo; yo) trén hé truc toa do Oxy, ta lam nhu sau:
1.Vé duong thang song song vdi truc Oy tai diém c6 hoanh dd x = xo
2. Vé duong thang song song véi truc Ox tai diém c6 tung d6 y = yo
3. Giao diém ctia hai duong thang trén chinh la diém M(x; yo)

4A. Trong hé truc toa do Oxy cho cac diém A(-2;1), B(0;-1) va C(-3/2;-2).

a) Biéu dién A, B, C trén Oxy

b) Trong cac diém A,B,C diém nao thudc d6 thi ham s6 y = f(x) = 2x-1?
4B. Cho cac diém M(1;-1), N(2;0), va P(-2;2) trén mat phéng toa do Oxy.

a) Biéu dién M, N, va P trén Oxy.

b) Trong cac diém M,N, va P diém nao thudc d6 thi ham s6 y = EXZ )

5A. Trén mat phang toa dd Oxy, cho tit giac ABCD véi A(-1;2), B(-3;0), C(2;0), D(2,2).

a) Vé tit gidc ABCD trén mgt phang toa dd.

b) Coi d6 dai mdi don vi trén cac truc Ox,0y la 1cm, tinh dién tich t¢ gidc ABCD.
5B. Cho tam giac ABC trén mat phang toa do Oxy véi A(3;0), B(-2;0) va C(0;4)

a) Vé tam giac ABC trén Oxy.

b) Tinh dién tich tam giac ABC biét mdi don vi trén cac truc Ox,0Oy la Im.

Dang 4: Xét sw dong bién va nghich bién ctia ham sd.
Phirong phdp gidi: ta thyce hién mot trong cac cach sau:
Cach 1: Véi moi xi, x2 thudc R, gia st x1< xz

. Néu hiéu H = f(x1) - f(x2) < 0 thi ham s6 dong bién.
. Néu hiéu H = f(x1) - f(x2) > 0 thi ham s nghich bién.

3.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




f(x,)-f(x,)

Céch 2: Véi moi xi1, xathudcRva X, #x,. Xéttiso T =

X, 7%

. Néu T > 0 thi ham s6 dong bién
. Néu T <0 thi ham s6 nghich bién
6A. Chiing minh:

o |
a) Ham s6 y =f(x) =3x —— dong bién trén R

4

o 1 A

b) Ham so y =f(x) = _EX + 3 nghich bién trén R.

6B. V6i a 1a hdng s8, cic ham s§ sau dong bién hay nghich bién trén R?
2 , 1
a)y:f(x):—§X+5a b) y=f(x)=5x+a 3
III. BAI TAP VE NHA

7. Tinh gia tri cia ham s&:

a) f(x):3x2—2x+1taix0:2

2 3
b) f(x)=—=x+5 tai x, ==
) £(x) 3 M X =

2X
0= 2 taix, =6
I e

d) f(x) =mx +(2m —1) tai x, =3 véi m la hing s.
8. Tim m dé ham s6 y =f(X) =vx —14+mx+2 (véim la tham s6) thoa man

£(5-23)=£(2)

9. Tim diéu kién ctia x dé ham sd sau xac dinh:

1 3x 4

=—- b) y=—+x+1-5x*+
VY= T 015 ) Y=5 2x -3
\y X+2 )y \/; 1
C [ S — —

2Jx -1 5-2x 3-x

10. Cho cac diém K(-1;2), M(0;-3) va N(4;2) trén cung hé truc toa do Oxy.
a) Biéu dién K, M, N trén Oxy.

4.Duong tuy gan khong di sé khong dén-Viéc tuy nhé khong 1am sé khong nén




1
b) Diém nao trong ba diém trén thudc d6 thi ham sd y = 2x% + EX -3

11. Trén mit phang toa dd cho tam gidc ABC biét A(2;5), B(-1; 1) va C(3;1)
a) Vé tam gidc ABC trén mat phang toa do.
b) Tinh dién tich tam giac ABC biét moi don vi trén cac truc Ox,Oy la 1m.

12. Chting minh ham s6:

1
a) y=f(x)=—4x+ 5 nghich bién trén R

x+1 o
b) y=f(x)= T dong bién trén R.

CHUONG II. HAM SO BAC NHAT
BAI 1. NHAC LAI VA BO SUNG VE HAM SO BAC NHAT
1A. a) Thay xe=1/2 vao f(x) ta duoc:

A

b) Tuong tu thay X, =+/3 vao y =f (x) ta tinh dugc y, = g

1B. Twong ty 1A:

5
a) g b) Khong ton tai.
2A. Tim duoc f(3) = 9m + 3 va f(-1) = m + 5.

Giai f(3) = f(-1) tim duoc m = 1/4.
2B. Tim duoc f(0) =5 va f(1)=+vm®+4 -3m+5

3m=>0
Ta c6 f(0) = f(1)<>Vm® +4 =3m < , )
m +4:(3m)
J2

Giai ra ta dwoc m = 7

3A. a)Hams6 xdcdinh< x+1#0< x# -1

’ 2x—-1>20 1
b) Ham s6 xac dinh < & —<x=#1
x—1#0 2

x>0
C) Héms@'xécdinh@{ & 0<x<«l1

5.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




’ x+12>0
d) Ham sd xac dinh <> & -1<x#3
x—=3#0
3B. Tuong tu 3A

a) Vi moi gia tri ctia x b) -7<x#0
0 0<x=#1 d)_?4<xs2

4A. a) Hoc sinh tw vé hinh.
b) * Xét diém A(-2;1):
Thay x=2; y=1vaoy=2x -1 ta duwoc 1=2.(-2) -1 (v0 li). Vay diém A(-2;1) khong thudc d6 thi
hamsd y=2x-1
* Twong ty B(0;-1) thudc va C(-3/2;-2) khong thudc do6 thi ham so
y=2x-1
4B. Tuong tu 4A
a) Hoc sinh ty vé hinh.
b) Céac diém M, N khong thudc, diém P thudc d6 thi ham sd.
5A. a) Hoc sinh tw vé hinh.
b) Tt hinh vé nhan thdy ABCD la hinh thang vuong ddy AD va BC, chiéu cao CD. Tt d6
ap dung cong thitc tinh dién tich hinh thang tinh dwoc Sasco=8cm?.
5B. Tuong tu 5A
a) Hoc sinh ty vé hinh.

1
b) Tacd S5 = EOC.AB ma CO =4m, AB = 5m nén Sasc=10m?2.

6A. a) Cach 1. V6i moi x1, x2 € R, gid stt x1< x2. Ta ¢é:
1 1
f(xl):3x1 _Z va f(x2)=3x2 _Z )

Xét hiéu H = f(x1) - f(x2) = 3(x1 - x2) <0. Vay ham s6 da cho dong bién.
f(x,)—f(x
( 2) ( 1) =3>0

Céach2. Véimoix, x2 e R, x, #x,.Xéttis6 T =

X, 7%

Vay ham s6 da cho dong bién.
b) Hoc sinh c6 thé lam mét trong hai cach nhw cau a.
6B. Tuong tir nhur 6A

a) Ham s6 nghich bién. b) Ham s6 dong bién.
7. Twong tw 1A

3) 9
a) f(2)=9 b) f(AJ >

) f(\/8)=¥ d) f(3)=5m~1
—3

8. T £(5-23) =£(2), tim duge m = ==

6.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




9. Twong ty 3A.
5 3 1 5
a) X #— b) —1<x#— ) 0<x#— d)0<x<3,x#—
2 2 4 2

10. a) Hoc sinh ty lam b) M(0;-3) thudc do thi.
11. a) Hoc sinh ty vé hinh

b) Goiy: Ké AH L BC. Tinh duogc S = %AH.BC =8m’

12. Hoc sinh tw lam.

7.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




BAI 2: HAM SO BAC NHAT

1. TOM TAT LY THUYET
1. Ham s6 bac nhat
La ham s8 duwoc cho boi cong thie y= ax+b trong d6 a,b 1a hai s6 da cho va a#0
2. Cac tinh chat cia ham s bac nhat
- Ham s6 bac nhat xac dinh véi moi gia tri cua x thudc R
- Ham s6 bac nhat: + Dong bién trén R khia >0
+ Nghich bién trén R khia < 0
II. BAI TAP VA CAC DANG TOAN
Dang 1: Nhin dang ham s6 bac nhat
Phwong phdp gidi: Dya vao dinh nghia ham s6 bac nhat

1A. Hay xét xem trong cac ham sd sau day, dau la ham s6 bac nhat? Hay chird cachésdavab
trng treong hop dod la ham s bac nhat.

a)yzéx b) y=-3x+3(x—-1)
2X — )
c)sz d)y:(x—l)(x—3)—x

1B. Hay xét xem trong cdc ham s0 sau day, dau la ham s6 bac nhat?

2

a)y=3 b) y=—x +5 c)y=§—2 d)y:%—9
X

2A. Tim m dé cdc ham s6 sau la ham sO bac nhat:

a)y=(2m2—6)x—m—5 b) y=(2+m)x* —8x+7
B ) B _XVm+1+5
c)y—x\/(m +3)(m+1) 1 d)y_—m2+m—2

2B. Véi nhitng gid tri nao cua k, moi ham sd sau day 1a ham bac nhat?

a)y=(Jk-3]-1)x+5 b)y=(k2—4)x2+(k—2)x—l

1.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




Qy= 3+_kx—ﬁ d)y:\/E+§x+2017

3A. Chttng minh cac ham s& sau la ham s6 bac nhat véi moi gid tri cia tham s6 m.
a)y:(m2+m+1)x—9 b)y:(—m2+4m—7)x+m+3

3B. Chiing minh cac ham s6 sau la ham sd bac nhat véi moi gia tri cua tham s6 m.
a)y:\/m2+1x—(1—2m) b)y:(|m—1|+5)x—2

Dang 2: Xét tinh dong bi€n va nghich bién ctia ham sé bac nhat

Phuong phép giai: xét ham sd bac nhaty = ax + b véi a, b 1a hang s6, a # 0
- Khi a > 0, Ham s6 dong bién trén R
- Khi a <0, Ham s6 nghich bién trén R

4A. Cac ham s6 bac nhat sau dong bién hay nghich bién? vi sao?

a)y=7-9x b)y:%x—%
c)y:3(2x—1)—4x+1 d)y:(2x—1)2—4x(x+1)

4B. Cac ham s6 bac nhdt sau dong bién hay nghich bién? vi sao?

a)y=(2—\/§)x—1 b)y:i(x+3)—%x
c)y=_9);+1—3 d)y:\/gx+%—(2x—1)

5A. Tim m d€ cac ham s&:
a)y= (2m — S)X —13 db6ng bién trén R
b) y=(4m’ —9)x +2 nghich bién trén R

5B. Tim m dé& cdc ham so:

3m+2
a)y=

X —5 nghich bién trén R

b) y=(3—m’)x+2m +3 dong bién trén R

2.Puong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




6A. Cho ham s8 y = f(x) = (—m2 +m-— 2)x +9—3m voim la tham s8.
a) Chitng minh ham s6 da cho luén 1a ham s6 bac nhat va nghich bién trén R.
b) Hay so sanh f(-10) va f(=3+/11)

6B. Cho ham s8 y =f(x) = (k2 +2k + 3)x +k—5 véikla tham s§
a) Chitng minh ham s& da cho luén la ham s6 bac nhat va dong bién trén R.
b) Hay so sanh f(2 — D)va (/2 —=+/3)

III. BAI TAP VE NHA

7. Trong cac ham s6 sau day, dau la ham s6 bac nhat? Trong treong hop la ham sd bac nhat, hay
chird cachésda, b

2x% +3x+1

Q) y=—mm—o b)y=(2x—3)(x+3)—2x2
X
—x—1
o y=+vx+3+1 d)y=

4

8. Tim m d¢€ cac ham s0 sau la ham so bac nhat:

a) y=(9m2+6m+1)x+65

by y=—03 x4
vm +4

m+2(x+1)

m’ +5m+4

o) y=mx’+xvm-—1+2 d)y=

9. Chttng minh cac ham s6 sau la ham s6 bac nhat. Cac ham s6 d6 dong bién hay nghich bién?

x+7_1—3x
4 6

a)y:3(2—x) b) y=

c)y:2(x2+x+1)—x(2x+\/§) d)y:#+\/§+%

10. Cho ham s8 y =f(x) = (2m2 —m+ 1)x —6m+1 véim la tham s6.

a) Ham s6 trén c6 1a ham s6 bac nhat khong? Néu c6 hay chi rd ham s6 dong bién hay
nghich bién
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b) So sénh £(3) va f(\/ﬁ —1)
11. Tim m &€& cac ham so :

a)y= m(m + 3)X +18 nghich bién trén R

b) y= X +7 doéng bién trén R

2m +
o 2 | T .
12. Cho ham sd yzf(x):(m —m+l)x+2m—5 véim 1a tham s6

a) Chiing minh ham sd trén luén la ham s6 bac nhat va dong bién
b) Khong can tinh, hay so sanh f(—l + \/5) va f(—\/0,00I )

BAI 2. HAM SO BAC NHAT
1
1A. a)Laham s6 bacnhat véi a = 5 vab=0

b) Thu gon duoc y = -3, khong la ham s6 bac nhat.
3
¢) Bién d6i duoc y = EX - Z 13 ham s6 bac nhat vdi a = 5, b=-—
d) Thu gon duocy =-2x — 3, 1a ham sd bac nhat véia=-2vab=-3.
1B. Twong twt 1A, Chico y = -x + 5 la ham s6 bacnhat véia=-1vab=>5
2A.a)Laham s6bacnhat <>a=2m’—6=0. Giai duoc m # i\/§
b) La ham s6 la bac nhat khi hé s6 ctia x2 bi triét tiéu. Giai ra dwgc m = -2.

¢) 1a ham s bac nhit < \/(m2 +3)(m+1) 0. Giai duocm >-1

m+1 5
X +

d) Dua ham s6 vé dang y =
) &7 m?+m-—2 m’+m-—2

’ ) m+1>0
La ham s6 bac nhat < . Giai duwoc —-1<m =1
m+m-2=%0
2B. a)Diéu kién|k —3|—1#0. Gidi ra dugc k =2 vak = 4
kK*—=4=0
b) Diéu kién . Giai ra dugc k =-2
k-2#0
. 3-k>0 ...
c) biéu kién .Giairaduoc —2#k<3
k+2#0
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k>0

JE—ZiO

2
1 3
3A. a)Bién ddi duwoc a = [m + Ej + 2 #0 vdi moi m

d) biéu kién{ .Giairadugc 0<k#4

b) Bién ddi duoc a =—(m—2)" —3#0 v6i moi m.
3B.a) a=+m?*+1 x4c dinh va khac 0 v&i moi m.
b) a=|m—1|+5¢0 v3i moi m.

4A. a) Via=-9<0=>Ham s6 nghich bién trén R
b) Vi a = 4/7 > 0=>Ham s6 dong bién trén R
¢) Thu gon dugc y = 2x-2 => a = 2 => Ham s8 d6ng bién trén R
d) Thu gon dugc y =-8x + 1 =>a =-8 => Ham s6 nghich bién trén R

4B. a) a=2-+/3>0 => Ham s8 dong bién trén R
b) a= 1_—2 => Ham s0 nghich bién trén R
c) a=-3 =>Ham s0 nghich bién trén R
d) a=~/5-2>0 =>Ham s6 dong bién trén R

5A. a) Ham s8 dong bién <=>2m -5 > 0. Giai ra dwoc m > 5

3
b) Ham s8 nghich bién <> 4m” —9 < 0. Giai ra ta duoc ) <m< 5
5B. Tuong tu 5A
2
a)m<—§ b)—\/§<m<\/§

2
14 1 7 &) .
6A. a) Ta co az—(m—gj —Z<O vOi moi m.

Vi vay ham s6 da cho ludn la ham sd bac nhat va nghich bién trén R.

b) Ta c6 —10 =—/100 < —v/99 =—3+/11 . Ma ham s da cho la nghich bién nén
£(-10)> £(-311) .
6B. Twong ti 6A

a)Via=(k+1) +2>0 véi moi k bat ki nén ham s8 da cho la ham s& bac nhat va dong
bién trén R.

b) Vi V2 —1>0, V2 =+/3 <0=+2 —1>+/2 /3 . Ma ham s da cho la dong bién nén
f(v2-1)>£(v2-3).
7. a) Khong la ham sd bac nhat.

b) Ham s6 bacnhatvéia=3vab=-9
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c) Khong la ham s0 bac nhat.

1
d) Ham s6 bac nhat v6i a =—— va bz—z
8. Twong tuy 2A
1
a)m;é—g b) -4<m=#3 omegd d)-2<m=#-1

9. Tuwong ty 4A
a) Bién do6i dugc y = -3x + 6 1a ham s0 bac nhat va nghich bién

1
b) Bién doi dwoc y = ZX + E la ham s6 bac nhat va dong bién

¢) Bién d6i duoc y = (2 NE) )x +6 12 ham s& bac nhét va dong bién

d) Bién doi duoc y = —%X + la ham s6 bac nhat va nghich bién

10. Twong tw 6A
1Y 7
a)Via= Z(m — Zj + g > (0 véi moi m nén ham s6 da cho 1a bac nhat va dong bién
b) Vi ham s8 dong bién va 3=4-1=~/16 —1>~/15-1

nén £(3)> (15 -1).

11. a)-3<m<0 b) m >0 hoac m <-3/2
12. Twong tw bai 10 hoc sinh tw lam.
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BAI 3. DO THI HAM SO BAC NHAT
I. TOM TAT L THUYET
1. D6 thi ham s6 bac nhat
Ham s8 bac nhdty =ax +b véi a =0 cd d6 thi la mot duwong thang,
kihiéulad:y=ax+b
2. Cach vé do thi caa ham sd bac nhat

Xét duong thang d:y=ax+bvéi a#0

. Néub=0ta cd d: y = ax di qua gdc toa do O(0;0) va diem A(1; a).
. Néu b #0 thid di qua hai diém A(0; b) va B(—E;O)

3.Chuy

. Truc hoanh la duong tbzcmg :y=0

. Truc tung la dwong thang : x=0

II. BAI TAP VA CAC DANG TOAN
Dang 1: Vé d6 thi ham s bac nhat

Phuong phap giai: Xét duong thang d: y =ax+b véi a =0

. Néub=0ta cd d: y = ax di qua gdc toa do O(0;0) va diém A(1; a).
b

o Néu b #0 thi d di qua hai diém A(0; b) va B(——;Oj
a

1A. Vé d6 thi cdc ham sO bac nhat sau day:
a) y=-2x b)y=4x-3

1B. Vé cac d6 thi ham s6 sau trén cung mot mat phéng toa do:

) lx b) 1X+1
a = — e
y 7 y 3

Dang 2: Tim toa d6 giao diém ctia hai dwong thing
Phuong phip gidi: Cho hai duong thang d:y =ax+b vad:y=ax+b’.
Dé tim toa do giao diém cua d va d’ ta lam nhw sau:

*Cach 1: Dung phuwong phép db thi ( thuong st dung trong truong hop d va d’ cat nhau tai
diém c6 toa dd nguyén)

. Vé d vad’ trén cuing mot he truc toa do
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o Xac dinh toa d¢ giao di€m trén hinh vé
. Chung to toa do giao diém d6 cung thudc d va d’
*Cach 2: Dung phuong phap dai so:

e  Xét phuong trinh hoanh d¢ giao diém d va d”:
ax+b =a'x+b’

e Tt phuong trinh hoanh d¢ giao diém, tim duoc x thay vao phuong trinh ctia d (hodc d’) dé
tim y
. Két luan toa d¢ giao diém cua d va d’
2A. Cho hai duong thang d : y =2x + 1 va d’: y = x + 3. Bang phuong phap do thi, hay tim toa do
giao diém cua d va d’
2B. Tim toa d9 giao diém ctia cac duwong thang d: y = EX —3 vad’:y=-2x+2bang cach vé d6
thi.
3A. Cho cac duong thang:

d: y=xy9-4+2 vad:y=xy3-2+2 —2 khong vé db thi, tim toa do giao diém cua d
vad'.

3B. Khong vé do thi, hay tim toa do giao diém cua cac duong théng
3 \
d: y:ZX+1 vad:y=—x+2

Dang 3: Xét tinh dong quy ctia ba duong thang
Phwong phap giai:

Ba duong thang dong quy l1a ba duong thang phan biét va cling di qua mot diém
Dé xét tinh dong quy cta ba dwong thang ( phan biét) cho trude, ta lam nhu sau:
1. Tim toa d9 giao diém ctia hai trong ba dwong thang da cho.

2. Kiém tra néu giao diém vira tim duoc thudc duwong thang con lai thi két luan ba dueong
thang d6 dong quy.

4A. Cho ba duong thang di: y=4x-3; dz:y=3x-1va ds:y=x+3
Chting minh di,dz va ds d6ng quy.

4B. Ba duong thang di: 3x —y - 7=0; d2 y =-2x +3 va ds: 3x - 2y - 7=0 c6 dong quy hay
khong?

5A. Cho ba duong théng: di:y=x-4;d2xy=2x+3va ds: y = mx+m+1
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Tim m dé€ ba duwong thang trén dong quy.
5B. Tim m dé ba duong thang sau dong quy:

di:y=3x-8;dxy=-2x-3va ds: y =3mx +2m +1

Dang 4: Tinh khoang cach tir géc toa d6 O dén mot duong thing khong di qua O

Phuong phdp gidi: D& tinh khoang cach tir O dén duong thang d (khong di qua O) ta lam nhuw
sau:

Budc 1: Tim A,B lan luot la giao di€ém cta d véi Ox, Oy.
Budc 2: Goi H 1a hinh chiéu vudng goc cua O trén d, khi dé:

11 .\ 1
OH> OA’ OB’

6A". Trong hé truc toa d6 Oxy, cho duong thang d: y = 2x — 2 va diém I(3;-2). Hay tinh khoang

cach:

a) TeO dénd b) T I dén d
6B". Cho duong thang A :y =—-2x +1 va diém M(-1;-3) trén hé truc toa d6 Oxy. Hay tinh
khoang cach:

a) Tt O dén A b) Tt M dén A

Dang 5. Tim diém ¢6 dinh ctia dwong thing phu thudc tham s
Phurong phdp gidi: Cho duong thang d: y = ax +b phu thudc tham s6 m
1. DBiém I(xo;y0) duoc goi la diém ¢ dinh ctia d néu I ludn thudc d voi moi gia tri cta m.

2. D€ tim diém co dinh cta d, ta lam nhu sau:

o Goi I(x0;y0) la diém ¢6 dinh ctia d => yo= axo + b v6i moi m.
. Bién d6i yo= axo + b vé dang A(xo;yo)m + B(xo;y0) = 0
Hodc A(xo;y0) m? + B(xo;y0) m + C(xo;y0) =0
, . ) A (Xo Yo ) =0
o Ta co A(xo;yo)m + B(xo;y0) =0 voi moi m <<=
B(xo;yo) =0
J Tuong tw A(xo;yo) m? + B(xo;y0) m + C(xo;y0) = 0 voi moi m
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A(xo;yo) =0
< 4 B(X,3y,)=0
C(XO;YO) =0
o Ttr 6 tim duoc xo; yo va két luan.

1 :
7A. a) Chiing minh diém I(E;—3J la diém c6 dinh ma duong thang

7
Ary= (1 - 2m)x +m - 5 ludn di qua v6i moi gia tri cia tham s6 m.

b) Cho duong thang d: y = (2m+1)x + m — 2 véi m 1a tham s6.
Tim diém c6 dinh ma d luén di qua véi moi m.
7B. a) Cho duong thang d: y = (2m+1)x - 3m + 1 véi m la tham s8.
3. 1Y) A T )
biem K E;_E o la diém d lu6n di qua véi moi m hay khong
b) Chting minh dwong thing A:y = (m - 2)x + 3m + 1 ludn di qua diém ¢S dinh véi moi gia tri
cta tham s6 m.

Dang 6. Tim tham s6 m sao cho khoang cach tu géc toa d6 dén dwong thang cho trudc 1a 16n
nhat

Phurong phip gidi : cho dwong thang d:y =ax+b phu thudc tham s6 m.Mudn tim m d& khoang
cach tir O dén d la 16n nhat, ta ¢ thé 1am theo mot trong hai cach sau :

Cach 1. phwong phap hinh hoc

. Goi A,B lan luot la giao diém cta d vdi Ox va Oy; H 1a hinh chiéu vudng géc caa O
trénd .
. Ta c6 khoang cach tir O dén d va OH va dugc tinh bang cong thitc

1 1 1

= +
OH®> OA’ OB’
. Ttr @6 tim diéu kién ctia m d€ OH dat gia tri 16n nhat.
Cach 2: Phwong phap diém c6 dinh

o Tim dwocI1a diém cd dinh ma d ludn di qua.

. Goi H 14 hinh chiéu vudng géc ctia O trén d <> OH < OI = hang s6

J Ta c6 OHma= OI <=>d 1a duwong thang qua I va vudng géc v6i OL Tir d6 im dugc
tham s6 m.
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8A". Cho duong thang d: y = mx-2m-1 véi m 1a tham s6. Tim m sao cho khoang cach tir O dén d
dat gid tri

a) Nho nhat b) Lén nhat.
8B" Tim m dé khoang cach tir gdc toa d6 O dén dudng thing A:y =(m+1)x+m+2 dat gia trj
a) Nho nhat b) Lén nhat.
III. BAI TAP VE NHA
9. Cho duong thang di: y =2x -3 va da: y =-3x + 7.
a) Vé di, dz trén cung mot hé truc toa do.
b) Tim toa d¢ giao diém cuaa di, do.
10. Cho hai duong thang d: y =-3x+1vad:y = -x - 2.
Tim toa do giao diém cua d vad'.
11. cac dwong thang sau day c6 dong quy khong?

a)duy=3x+1,dry=-xvaduy=x+%
. 1 5
b) di: x+y-1=0, d2: y = 3x+5 va ds: X — Ey + 3 =0
12. Tim m dé ba duong thang sau day dong quy:

4
a) dl:y=§X+1,dz:y=x—1véd3:y=mx+m+3;

1
b)d,:y=x-m+1 ,dxy=2xva d3:y=2(2m—1)x+z

13. Cho duong thang d: y = -4x + 3.
a) Vé d6 thi ham sd da cho.
b) Tim toa d¢ giao diém A, B ctia d véi [an luot hai truc toa d¢ Ox va Oy.
¢) Tinh khoang cach ttr g6c toa do dén d.
d) Tinh khoang cach tu I(-1;-2) dén d.
e) Tinh dién tich tam giac OAB
14. Cho duong thang d: y = (m + 2)x+m véi m 1a tham s6

a) Tim diém c8 dinh ma d ludn di qua v6i moi m.
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b) Tim m dé d cat Ox, Oy tai A va B sao cho dién tich tam gidc OAB = ¥,
15". Cho duwong thang d: (2m — 5)x + y — 1 + m = 0. Tim m sao cho khoang cach tir O dén d la:
a) Nho nhat b) Lén nhat.

BAI 3. PO THI HAM SO BAC NHAT
1A. a) Goi d 1a duong thang c6 phuong trinh y = -2x
- Cho x=0=>y=0=>d di qua O(0;0)
-Chox=1=>y=-2=>d diqua A(1;-2).
Hs biéu dién diém A trén hé truc toa do va vé d la duong théng di qua hai diém O, A.
b) Goi d 1a duong thang bidu dién d6 thi ham s3 y = 4x -3
-Chox=0=>y=-3=>d di qua A(0;-3)
- Choy =0=>x=3/4=>d di qua B(3/4,0)
Hs biéu dién cac diém A, B trén hé truc toa d6 va vé d 1a duwong théng di qua hai diém A,
B.
1B. Twong ty 1A hoc sinh ty lam
2A.Hstuvéd:y=2x+1vady=x+3trén cung hé truc Oxy. Ttr d6 thi dy doan d cit d’ tai
1(2;5). Thay toa do cuia I vao d va d’ thay théa man. Vay 1(2;5) 1a toa d¢ giao diém cua d va d’
2B. Twong tu 2A. Tim dwoc (2;-2) la toa d6 giao diém ctad va d'.

3A.Chuy d: y:(2\/§—1)x vad':yz(\/i—l)x—z
Xét phuong trinh hoanh d¢ giao diém ctad vad’.

(2\/5 - l)x = (\/5 - l)X —2 . Giai phuong trinh nay tim dwgc X = 2
Thay X =—/2 vao d( hogc d’) im duoc y = —4 ++/2 . Vay d cit d’ tai diém (—ﬁ;—4 +2 ) .
3B. Tuong tu 3A.
\ 4 10) | A e
Tim duoc 7,7 la toa d§ giao diém cuadvad’.

4A.a) Goi I=d, nd,. Tim duocI(2;5), Thay toa do cta I vao ds thay thoa man.
Vay di, d2, ds dong quy.
4B. Tuong tu 4A.
Tim dwoc B(2;-1) la toa do giao diém ctia di va dz. Thay toa do ctia B vao ds thdy khong
thdéa man. Vay di,dz va dskhong dong quy.
5A. Tim duoc B(-7;-11) la toa d¢ giao diém cta di va dz. Thay toa d¢ ctia B vao ds tim dwge m =
2. Véim=2=>ds y=2x+3 trung vdi dz.
Vay khong co gia tri m nao d€ di,d2 va dsdong quy.
5B. Tuong tu 5A.
Tim duoc A(1;-5) la giao diém cua di va d2. Diéu kién can dé di,d2 va dsdong quy la A ed,

6
. Ttr d6 ttim dwoc m = ——. Thir lai, véi m =——, ta co
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18 7
ds: y= —?X "3 khong trung vdi di va da.

7 6
Vay dé ba duwong thang dong quy thi m = 3

6A. a)Goi A, B Ian luot la giao diém cta d véi Ox, Oy.
Tim dwoc A(1;0) va B(0;-2) => OA =1, OB = 2. Goi H la hinh chiéu vuong géc ctia O trén d => OH
la khoang cach ttr O dén d.
1

T T AR T ARl

OH”- OA° OB
b) Qua I ké d’ Tan lwot vudng goc véi Ox va Oy, d’ cat d Tan luot tai diem C(3;4) va B(0;-2).

Goi K 1a hinh chiéu vudng goc cua I trén d => IK 1a khoang cach tir I dén d. St dung cong thic

11 1 65

>~ =—5+— tinh duoc IK =——
IK*- IC" 1B 5
6B. Twong tur 6A.
J5 65
a) —/— b) ——
5 5

tinh dwoc OH = \/g

Stt dung cong thirc

1
7A. a) Thay X = E,Y = -3 vao d thay ludn thoa man véi moi m ta duoc PPCM.

b) Goi I(xo;y0) 1a diém c6 dinh cua d
=Y, :(2m+1)x0 +m-2, Vm

= (2x0 + 1)m+ (x0 - Y —2) =0, Vm

2x,+1=0
=
Xg—Y,—2=0

T d6 tim dwoc (—%;—%) la diém 8 dinh cua d.
7B. Tuong ty 7A.
a) Thay toa d¢ ctia K vao d thay khong thoa man. Ttr d6 két luan K khong la diém c6 dinh
cua d.
b) Tim dwoc (-3;7) la diém cd dinh cua d.
8A. a) Khoang cach tir O dén d c6 nho nhat bang 0<> O ed.
T @6 tim dwoc m = 3.
b) Cach 1: Xét hai treong hop:

o Truong hop 1. Néu m = 0=>d: y =-1 => khoang cach tir O dén d bang 1.

2m +1

e Truonghop2.Néu m#0 =>d cat hai truc Ox, Oy Ian luot tai A(
m

;Oj va B(0;-2m-1).
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1 1

Goi H 1a hinh chiéu vudng gbéc cua O 1én d. T ~=—— +——, tim duoc
OH”- OA® OB
2 2
2m+1 m-—2
OHZ:(z—) .Cht y: Ta c6 OHZ—S:—(2—)£0:>OHS\/§
m-+1 m” +1

Véimoi m=0.

Két hop cac treong hop 1 va 2 ta dwoc OH,;, = Js5em=2.
Céch 2: Goi I 1a diém cd dinh cua d. Ta tim dwoc I(2;-1). Véi mdi m goi H 1a hinh chiéu vuong
gocctia O trén d = OH < Ol =+/5,Vm . Tir d6 OH,,,, =~/5 <> d L OL Tim duoc m =2.

8B. twong tur 8A.
a) Khoang cach tir O dén d ¢ gia tri nho nhat béng 0, dat duwoc khi O thudc d. tir d6 im
duwocm=-2
b) Cach 1. Xét 2 truong hop:
Truonghop 1: Vi m=—-1=>A:y=1= d(O;A) =1
Truong hop 2: Véi m #—1= A cat Ox, Oy lan luot tai:

A(—m +2;0j va B(0;m +2)

m+1

Goi H 1a hinh chiéu vudng géc cia O lén A =>d(O; A)=OH.

L _ 1 1 (m+2)
OH* OA® OB m’ +2m +2
HS tu chiing minh OH? <2, Vm # —1.

Két hop cac truong hop 1 va 2 ta dwoc OH, . = V2 om=0.

Céach 2: Tim duwoc I(-1;1) 1a diém 6 dinh cta A.
Lap luan tewong tu cach 2 cta 8A. Tim dugec m = 0.
9. a) HS ty vé hinh

b) Ttr hinh v&, du doan d, Nd, =1(2;1) va ching t6 du doan diing bing cach thay toa do

Tw >, tim dwgc OH’ =

cua I vao di, d2 dé kiém tra.

10. Xét phuwong trinh hoanh d¢ giao diém cua d va d’ d€ tim dwoc hoang d6
x=-3/2. Thay x=-3/2 vao d hoac d’ tim dwoc y =-7/2. Vay d va d’ giao nhau tai
(-3/2;-7/2).

4 4
b) Khéng dong quy vi d, =d,.
12. a) Tim dugc d, Nd, = I(—6;—7). Thay toa d¢ cuia I vao ds tim duwoc m = 2.

11
11. a) Bong quy tai diém (——;—j .

b) Tim duoc d, Nd, = I(l -m;2 — 2m) . Thay toa d6 cua I vao ds tim duoc:

16m2—32m+15:0<:>m:% hoac m = %
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V(’fim:%:dl Ed3:yzx+i:>loai

. 5 1 . 1
Véi m:Z:>d1 :y:x—z; d,:y=2xvad;:y=3x+ 2 d6i mot phan biét nén thoa man.

Vay diéu kién dé ba duong thang dong quy la m = 5/4.
13. a) HS ty vé hinh.

b) Tim dugc A(%;Oj va B(0;3).

¢) Tim dwgc OA =%. Va OB = 3. T d6 tinh duoc khoang cach tir O dén d 1a

o M7
17

d) Qua T, ké cac duong thang Ian luot song song véi Ox va Oy, cat d Tan luot tai

17

5 .
M(Z;—Zj va N(-1;7). Tinh dwgc IM = 9/4 va IN = 9 nén khoang cach tir I dén d bang 17

e) Tim duoc S,z = %OA,OB :%

14. a) Tim dwoc I(-1;-2) la diém c¢d dinh caa d.

m
b) Giao diém ctia d v6i hai truc Ox, Oy lan lwot la: A(——Z;Oj va B(0;m). Tinh duoc
m +

_1 m'
OB m + 2|

15. Twong tw 8A

S

T S=% tim duocm=2vam=-1.

aym=1 b) OHMAX=@<:>H1=

w | oo
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BAI 4. VI TRI TUONG POI GIUA HAI PUONG THANG
I. TOM TAT Li THUYET

Cho hai duong thang d: y =ax+b véi a#0 vad:y=a'x+b’ véia'# 0 khi d6 ta cé :

a=a'
1. d va d’ song song <>
b#b'
a=a'
2. d va d’ trung nhau <
b=Db'
3. dvad’ citnhau <> a=#a'.
Décbiét d va d’ vudng goc véinhau < a.a'=—1

IL. BAI TAP VA CAC DANG TOAN
Dang 1: Xét vi tri twong d6i ctia hai dwong thang

Phuong phip gidi: Cho hai duong thang: d:y=ax+b véia#0 vad:y=a'x+b’ véia'#0 khi
do ta co:

a=a'

1.d va d’ song song <
&5018 {b;tb‘

1

2.d vad’ trung nhau < {a -4
b=b'
3.dvad’ citnhau <>a=a'.
Décbiét d va d’ vudng goc véinhau < a.a'=-1
1A. Hay nhan xét vé vi tri twong d6i hai duong thang d va d’ trong cac truong hop sau:
a)d:y=2x-3vad:y=2x+5
3 1

b) d:y=§x+i va d':y:EX_Z

ogd:y=-2x+1vad" y=%x—2

1 1
d)d:3y=—x+1vad:y=——x+—
) y y 3 3

1B. Cho cac duong thang :

1.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




d:y=3x-1,d,;y=—x,d;:x+y+1=0,
d4:y=x+%,d5:y:3x+7,vﬁ d6:y:§—3.

Trong cac duong thang trén hay chi ra cac cip duong thing
a) Song song b) Vudng goc.
2A. Cho duong thang Ay = (m2 - 2)X +m—1 véim la tham s6. Tim m dé:

a) A song song voi duong thang di: y = 2x - 3.
b) A triing véi duong thang da: y = -x - 2.
¢) A cat duong thang ds: y =3x — 2 tai diém c6 hoanh d6 x = -1

: 4 1
d) A vuodng gbc voi duong thang d«: y = gx —-—

2
2B. Cho cac duwong thang:
d:y:(m—3)x+4m—1 d,:y=5mx-2+3m
d,:y=2m’x +2m -4 d3:y:lx+E
2 2
d, :y:%(3m—4)x+5
Tim m dé:
a)d|ld, b) d=d,
c) d cat ds tai K 6 yi=1/2 dydLld,

Dang 2: Xac dinh phuong trinh dwong thang.

Phurong phdp gidi: D& xac dinh phuong trinh duong thang, ta thuong lam nhu sau:
Budc 1: Goi d: y = ax + b 1a phwong trinh dwong thang can tim (a,b 1a hang sd).
Budc 2: Tir gia thiét ctia dé bai, tim dwoc a,b tir d6 di dén két luan.

3A. Viét phuong trinh duong thang d trong cac trieong hop sau:
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1
a) d di qua M(-2;5) va vudng goc véi d, 1y = _EX +2

b) d song song duong thang di: y — 3x+4 va di qua giao ctia hai dwong thang da: y =2x - 3

. 7
va d3:y:3X—E

3B. Cho duong thang d: y = ax + b vdi a, b 1a hang s6. Tim a va b biét:

a) d di qua diém A nam trén Ox c6 hoanh d¢ bang -1 va song song véi duong thang di:
x+y+2=0

b) d vudng goéc voi duong thang da: y = —gx +2017 va di qua giao diém cua ds: y =x -2
vOi truc tung.
4A. cho duong thang d: y = ax + b vdi a, b 1a hang s6. Tim a va b biét:

a) d cit truc tung tai diém co tung dd béng 5 va cit truc hoanh tai diém c6 hoanh do b?mg -

b) d di qua hai diém A, B v6i A(1;-3), va B(21).
4B. Tim cac s0 a va b @€ duong thing d: y =ax +b

a) Cét d:: y = 3x — 6 tai mot diém nam trén truc Ox, va cit d: y =2x — 1 tai mot diém nam
trén truc Oy.

b) Di qua hai diém I, K véi I(1;-2), va K(4;2).
III. BAI TAP VE NHA
5. Cho cac duong thang
d :x+y-1=0; d,:y=-2x+1
d;:y=3-2x; d,:2y=x-4
a) Chi ra cac cip duong thang song song va cac cip duong thang vudng gdc véi nhau
b) Hoi 6 bao nhiéu cgp duong thang cat nhau ?
6. Cho cac duong thang :
d:y=Cm+1) vad,:y=(m-1)x+m

Tim m dé’:
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a) d,catd, b) d, song song d,
c) d,trung d, d) d,vuong gocd,
7. Cho duong thang d: y = (m2 + 2m)x +m+1 vdimlatham s6. Tim m dé:
a) d song song véi duong thang d, 1y = (m + 6)x -2
b) d vuong goéc véi duong thang d, 1y = _?IX -3
¢) d trng véi duong thing d, 1y =-m’x +1
d) d di qua giao diém cta cac duong thang d, :y =2x —3 va
d;:y=-3x-38
8. Viét phurong trinh duong thang d trong cac truong hop sau:
a) d di qua diém M(1;-2) va song song véi duong thang di: x +2y =1

b) d cit dwong thang d2: x — y + 1 =0 tai diém c6 tung d6 bang 2 va vudng goc voi
duong thang ds : y =3 — x

c) d di qua gdc toa d6 va giao diém cua hai duong thang d, 1y =4x -3 va
d,:y=-—x+3
d) d cét truc hoanh tai diém c6 hoanh d6 bang 5 va di qua diém M(2;3).
9. Cho cac duong thang:
diy=2mx - (m+5) vadzy=(1-3n)x+n
a) Tim diém cd dinh ma diludn di qua v6i moi m.
b) Goi I la di€ém c6 dinh ma di luén di qua. Tim n d€ d2 di qua L.
¢) Tim m dé d> di qua diém cd dinh cta di.
d) Tim m va n d€ di va dz trung nhau.

10. Tim tap hop diém I va K ndm trén mit phang toa d6 sau day:

2 1 m+1;2m—1 b) K 2—3m;m+7
2 3 5 3

BAI 4. VI TRI TUONG POI GITA HAI PUONG THANG.
1A. a) Tacod|/d via=a vabz#b
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b) Tacodcatd via=a'
c)TacodLd viaa =-1
-1 1
d) Pua d vé dang d: yz?x+§:>d5d' via=a,b=Db"

1B. Tuong ty 1A.
a) Cac cap duong thang song song: di//ds va d»//ds.
b) Céc cdp dwong thang vudng géc: d, L. d, vad, Ld,.

, m’-2=2
2A.a)Taco Alld, & . Giai ra duwgc m = 2.
m-1#-3
) m’-2=-1
b)Taco A=d, & . Giai ra dwgc m = -1.
m-1=-2

¢) Thay x=-1vay=-5vao A tim dugc m =-2, hodcm = 3.
Thtt lai thady ca m =-2 va m =3 déu thoa man.

d)Tacd A Ld, <:>(m2 —2)%:—1. Gidi ra dugc m=i73.

2B. Tuong tu 2A.
a) m=-3/4 bym=-3/2 ¢ m=-9/4 d)ym=2hoacm=7/3
3A.a) Goid:y=ax+b véia, blahangsd. Tt d L d, tim duwoca=2.Vid diquaMnén-2a+b=

5. Tt d6 tim dwgc d: y =2x + 9.
b) Goid : y =ax +b vdi a, b 1a hang s6. Tt d||d, nén dugca=-3 va b# 4. Tim duoc

1 1
d, nd, ZI(%;—ZJ .Vid di qualnén Ea+b=—2.T1‘1’dc') tim dwoc d:y=—3x—5.

3B. Tuong tu 3A.
a)yd:y=-x-1 b)d:y=3x-2
4A.a) Goid:y=ax+b vdia, blahang sd. Vid cat Oy tai diém c6 tung do bang 5 nén di qua
diém (0;5). Ttr d6 tim duocb = 5.
Twong tw d cit Ox tai diém ¢ hoang d6 -2 nén d di qua diém (-2;0). Ttx d6 tim dwoc a =5/2.
Két luand: y = gx +5.

b)Goid:y=ax+bvdia, bla h?mg s0. Thay toa do cua A va B vao d ta duoc

2a+b=1
4B. Tuong tu 4A

a+b=-3
. Tte d6 tim dwoc d: y =4x - 7.

1 4 10
a)d:yzax—l b)d:yz;x—?

5. a) Cap duong thang song song 1a dava ds. Cac cdp duong thang vudng goc 1a d2 va ds, ds va da.
b) C6 5 cdp duong thang cit nhau.
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6. aym#-2 bym=-2 c) Khong ton tai m d) m= hoacm=1/27.7. a) Tim
duwocm =2( cht y loai m =-3 vi khi d6 d trung d1).
b) Tim dwocm=-3 vam=1.
¢) Tim duwocm =0 (cha y loaim =-1 vikhidé d||d, ).
d) Ta c6 d4 cit ds tai I(-1;-5). Thay toa d¢ cta I vao d tim dwgc m =-3 hodc m =2.
-1 3

-1 1
8. a)Puadivé dang y=7X+5 .Két qua y=7X—§

b) Pua vé bai toan d di qua A(1;2) va vudng goc véi ds. Két qua d: y = x+1.
c) Pua vé bai toan d di qua O(0;0) va B(%,%) .Kétquad:y= %X .
d) Dua vé dang d di qua N(5;0) va M(2;3) . Két qua d: y=—x+35.
9. a)diludn di qua diém cd dinh I(%;—Sj )
b) Thay toa do ctia I vao d2 tim dwocn=11.
¢) dz ludn di qua diém cd dinh K(%,%} . Thay toa do cta K vao di tim dwgc m = -16.

d) Tim dwgc m =-16, n=11.

m+1
X, = 5
10. Gia st I(x;y1) = 5 . Khtt m tir hé diéu kién trén ta dwoc 4x, —3y, —3=0.Tu do
m J—
yi= T

két luan I nam trén duong thang y = EX -1.

Y : 23
b) Tuong tit, K nam trén duong thang y = —EX +—.

9
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BAI 5. HE SO GOC CUA PUONG THANG y=ax+b (a#0)
1. TOM TAT L THUYET
Cho duong thang d c6 phuong trinh y =ax + b (a * 0). Khi do:

o SO thuc a la hé sd goc cta d.
° Goi o la goc tao boi tia Ox va d. Ta co:
+Néu au<90°thia>0va a=tana .

+Néu a>90°thia<0va a :—tan(180O —oc)

J Khi a > 0 thi géc tao boi Ox va d la géc nhon. Hé s6 a cang 16n thi géc o cang 16n
nhung ludn nhé hon 90°.

J Khi a <0 thi géc tao boi Ox va d la goc tu. Hé s6 a cang 16n thi goc a cang 16n nhung
luén nhé hon 180°.

II. BAI TAP VA CAC DANG TOAN

Dang 1: Tim hé s8 goc cia duwong thang

Phuong phip gidi: St dung cac kién thikc lién quan dén vi tri teong d6i gitta hai dirng thang va
hé s§ goc ctia duong thang.

1A. Cho duong thang d: y =ax + b. X4c dinh hé s6 goc ctia d biét:
a) d song song véi dueong thang di: 2x —y =3 =0
b) d tao véi tia Ox mot goc a = 30°
1B. Cho duong thang d: y =ax +b. Xac dinh hé s géc ctia d biét:
a) d vudng géc véi duong thang di:y =-2x -3
b) d tao vdi tia Ox mot goc o = 135°
2A. Cho duong thang d: y = (m - S)X —m . Tim hé sd goc cua d biét:
a) d cit truc tung tai diém c6 tung do -3.
b) d cét truc hoanh tai diém c6 hoanh do 2.
2B. Tim hé s8 géc ctia duong thang d biét:
a) d di qua diém M(-2;1) va N(0;4).
b) d di qua diém P(-1;-3) va di qua giao diém ctia hai dwong thing

diy=x-7vaday=-4x+3.
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3A. Cho duong thang d : y = (m?2 - 4m + 1)x +2m-1 véi m 1a tham s6 . Hay tim m d€ d c6 hé s&
goc nho nhat

3B. Tim m d¢€ duong thang d : y = (-4m? + 4m + 3)x + 4 6 hé s6 goc 16n nhat.

Dang 2: Xac dinh goc tao boi duong thing va tia Ox.

Phuong phip gidi:D€ xac dinh géc gitta drwong thang d va tia Ox, ta lam nhu sau:

Cdch 1. Vé d trén mit phang toa do va stt dung ti s6 lwong gidc ctia tam giac vudng mot cach
phu hop.

Ciach 2. Goi a la gdc tao boi tia Ox va d. Ta co:

+Néu a <90°thiga>0va a=tano .

+Néu a.>90° thia<0va a=—tan(180° - o)
4A. Tim gdc tao boi tia Ox va duong thang d biét:
a) d c6 phuong trinh lay = -x + 2
b)d cit Oy tai diém c6 tung d bing 1 va cit Ox tai diém 8 hoanh d¢ bing —/3

4B. Tim géc tao boi tia Ox va duong thang d biét:
a) d c6 phuong trinh lay =2x +1

b) d di qua hai diém A(0; 1) va B(\/g;O)
5A. Cho cac duong thang d:y=x+1vadz y= x~/3 -3
a) Vé di, va d» trén cing mot mit phang toa do.
b) Goi A, B Ian luot 1a giao diém cua di, d2 véi truc hoang va C 1a giao diém cua di va
d2. Tinh s6 do cac géc cua tam giac ABC.

¢) Tinh dién tich tam gidc ABC.

5B. a) Vé duong thang d, :y=x+2 vad,:y= —%X —1 trén cing mot mat phang toa do va
chitng minh chting cat nhau tai diém A nam trén truc hoanh.

b) Goi giao diém ctia d1, va d2 vdi truc tung theo thit tw 1a B va C.
Tinh cac goc cua tam gidc ABC.

¢) Tinh chu vi va dién tich ctia tam giac ABC.

Dang 3: Xac dinh duong thing biét hé s6 goc
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Phurong phdp gidi: Goi phuong trinh duong thang can tim 1a d: y = ax +b. Ta can xdc dinh a vab
dua vao cac kién thitc vé géc va hé s6 goc.

6A. X4c dinh duong thang d biét rang:

.1
a) d di qua diém A(2;-3) va c6 hé s6 goc bang k

b) d di qua B(2;1) va tao vdi tia Ox mot goc 60°.
c) d di qua C(-4;0) va tao vdi tia Ox mot goc 150°.

6B. X4c dinh duong thang d biét rang :
a) d di qua diém M(%;—lj va c6 hé s§ gdc bang -3.
b) d di qua N(-2;-3) va tao voi tia Ox mot goc 120°.
¢) d di qua P(0;-2) va tao vdi tia Ox mot goc 30°.

III. BAI TAP VE NHA.

7. Cho duong thang d: y = ax + 3 . Tim hé s6 goc ctia d biét rang:
a) d song song véi duwong thang d’: 3x —y — 1 =0.
b) d vudng goc véi duong thang d’ : 4x +2y + 342 =0
c) d di qua diém A(-1;-2).

8. Tim hé sd goc cua d biét rang:

a) d di qua hai diém A(\/E;l) va B(0;1+3\/§)

. 1 1 \ AN 7. . N < 2 \
b) d di qua C 5;—2 va dong quy voi hai duong thang d, 1y = gx +1vaday=-x
+2

c) d di qua diém D(0;-1) va diém & dinh ctia duong thang
m 3m-2 .
d,:y= X — voim =1
m—1 m-—1

: 1
9. Cho hai duong thang d, :y=5X+4 vaday=-x+4

a) Xac dinh cac goc gitra di,d2vdi tia Ox( lam tron dén d9).
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b) Xéc dinh géc tao bdi hai dwong thang di va d-

¢) Goi giao diém cua di,d2 vdi truc hoanh theo thi ty 1a A,B va giao diém ctia hai
duwong théng la C. Tinh chu vi va dién tich tam gidc ABC( don ci do trén cac truc toa do la
centimet).

10. Xac dinh duong thang d biét rang:

. e o 99) s ]
a) d di qua diém I 5,5 va co hé so gocbangg

b) d di qua diém J (2\/5 ;1) va tao véi tia Ox mot goc 150°.

) d di qua K(4;\/§ ) va tao voi truc Ox mot goc 60°.

BAI 5. HE SO GOC CUA PUONG THANG y =ax +b(a#0).
1A. a) Chuyén divé dang y =2x—3.

a=2
Tacc’)d||d1<:>{b 3.Véyhés€)'gécc1’1adlz‘aa=2.

3 3
b) Vi a=30'<90'= a = tan a. = tan 30" :?.Véy hé s6 goc ctia d 1a azg :

1B. a)Tw d Ld, tim dwoc azé .

b) Vi a>90° =a=—tan(180° —135°) = —1.
2A. a) Tird cat Oy tai diém c6 tung d6 bang -3 tim dwoc m = 3. Tt &6 tim dwoc hé s6 goc ctia d
laa=-2.

b) Tir d cit Ox tai diém cé hoanh dd bgmg 2 tim dwoc m = 10. . Tt d6 tim duoc hé s6 goc
ciadlaa=5.
2B. a) Goi phuwrong trinh duwong thang d c6 dang y = ax +b. Vi d di qua M, N nén tim duoc a =
3/2,b=4. Vay hé s6 goc cua d 1a 3/2.

b) Tim dwoc di cat ds tai M(2;-5). Dua vé bai toan d di qua P(-1;-3) va M(2;-5). Giai ra tim
duoc hé s6 goc caa d la -2/3.

3A. Ta co: a:m2—4m+1:(m—2)2—5:>amin=—5<:>m=2

3B. Ta c6: a=—4m2+4m+3:—(2m—1)2+4:>amm=4<:>m=%

4A. a) Cach 1: Véd trén hé truc toa do (HS tu vé hinh).
Goi A, B Ian luot la giao diém cua d véi Oy, Ox. Ta ¢ goc tao boi d va Ox la:
o =180° — ABO = 135° (Vi ABO = 450) .

Céch 2:
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a :—1<O:>a=—tan(1800 —oc):>tan(1800 —a)zl

=180 —0=45" = a=135°
b) Tuong tw tim duoc o = 30°
4B. Tuong tu 4A.
a)Tacda=tano =2 = o = 63°26'

b) Chiy: o =180 — AOB va tanAOB —% :L. Vay géc a=150" .

OB f3

5A. a) HS tu vé hinh.
b) Ta c6 CAB =CAx ma tanCAx =a, =1 = CAB =45’
Tacé tanCBx =a, =~/3 = CBA =120". Tir d6 ACB=15"

¢) Tinh duoc S,z = (1+\/_)(2\/— ) 9+5\/_(DVDT)

5B. a) HS tu vé hinh. Chiing minh duoc d, Nd, = A(—Z,O)

b) Tinh duoc BAC =75°, ABC = 45", ACB = 60" .

¢) Chu vi=3+2+/2 +/5 (DVDT) va S a asc=3(BVDT).
6A. Goi phuong trinh duong thang d: y =ax +b

1 .« 2 -
a)Vid c6hésd géclal/dnéna=1/4 :>d:y=ZX+b. Diém A(2;—3)ed nén b =77

b) Vid tao véi truc Ox mot goc béng 60°nén a = \/5 . Vi B(2;1) ednénb= 1—2\/—

o) Twong tu cau b) chd y a=—tan(1800 —150°)=§ Tim duoc d: y = —?X—%
6B. Tuong tir 6A

a)d:y=—3x+% b)d:yz—\/gx—\/g(2+\/§)

c) d:yzgx—Z

7. a)Chuy chuyén d’ vé dang y = ax +b. Két qua a =3.
b) Chu y chuyén d’ vé dang y = ax + b. Két qua a =1/2.
c)Kétquaa =5.
8. Twong tuy 2.
a)a=-3 b) a=43/6
c) Cha y diém M(-1;-2) la diém c6 dinh thudc d’.Pua vé bai toan d di qua hai diém M(-1;-2)
va D(0;-1). Giai tim dwoc hé s§ goc ctia d bang 1.
9.  a) Tuong tu 4. Két qua o, =27°,a,, =135
b) Tuong tu 5. K&t qua goc gitta di va dz bang 108°.
¢) Tim duoc A(—S;O), B(;O), C(0;4).
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Tinh duwgc OA =8cm, OB =4cm, OC = 4cm.

Tt d6 AB =12cm, AC=4\/§ cm, BC=4\/§ cm. Chu vi P=12+4\/§+4\/§ )
Dién tich S = 24cm?.

10. Twong tw 6.

J3

a)d:y:%x+l b)yz—?x+3

C) d:y=\/§x—3\/§
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ON TAP CHUONG II
I. TOM TAT L THUYET
Xem phan tém tat I thuyét tir bai 1 dén bai 5.
II. BAI TAP VA CAC DANG TOAN

1A. Tim tat ca cac gia tri cua x d€ ham s6 sau xac dinh:

3x +3 3-2x
a)y= b) y=v3x+2 -
)Y > y "
3

_\/M X+2
P — d et T A—
oy 2,Jx| -1 R

1B. Tim x d€ cac ham s6 sau c6 nghia:

+1

VX +2

2x —1

x? —+/3—4x \/x
Qy=—7—— m d)y—

2A. Tim m d€ cac ham sd sau day la ham s6 bac nhat:

a) y=3x+7 b) y=

a) y=(m’+6)x+1 b)y=(4m2—3)x+g

C) y:X\/(2m2 +1)(3m—1) d)y= 3 1 5m 8

2B. Tim cdc gia tri cua tham s0 m dé€ cac ham s6 sau day la ham s bac nhat.

a)y:(m+7)xz—m—x b)y:4x2—(m+3)x+5
2m—-7 m x—2
= x——+1 d)y=———"—
9 m+5 4 2 m’ +2m +4

3A. Chohams8 y =f(x) =(k* +3k +3)x +4k véikla tham s&
a) Chttng minh y = f(x) ludn 1a ham s bac nhat va dong bién véi moi k.
b) Khong can tinh, hdy so sénh f(—3\/ﬁ ) va f(-10).
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3B. Cho ham s6 y Zf(X) :(—2+4m—5m2)x+5 vdim la tham s6.

a) Cht'ng minh ham sd luon 1la ham s6 bac nhat va nghich bién v6i moi m
b) Khong can tinh, hiy so sanh £(~3) va f(1-+/17)

4A. Cho hai ham s6y = -x + 3 va y = 3x — 1 ¢6 d0 thi lan luot la hai duong thang di va da.

a) Vé di va dz trén cung mot hé truc toa do.

b) Tim toa d¢ giao diém caa di va de.
4B. Cho hai duong thang di: y =7 - 2x vada: y =x + 1

a) Vé di va d2 trén cung mot hé truc toa do.

b) Tim toa d¢ giao diém cta di va de.
5A. Xéc dinh phuong trinh duong thang d trong cac truong hop:

a) d di qua diém A(4;-5) va c6 hé s6 gdc bang -1.

b) d di qua diém B(-2;0) va cat duong thang di: y = 4x — 1 tai mot diém nam trén truc
tung.

c) d vudng géc véi duong thang d, 1y = —% —1 di qua giao diém duong thang ds: y
=x—-2vaday=3x+4.
5B. Cac dinh duong thang d biét:

a) d di qua diém M(%;—lj va c6 hé s8 gbc bang -3

b) d di qua diém N(—2;—3) va tao voi tia Ox mot goc 120°.

6A. Cho dudng thang d: y =(3m —2)x + m —2 véim la tham s.
a) Tim céc gia tri cia m d€ d cling véi hai duong thangd, 1y =x + 3

va dz: y = x dong quy.
b) Tim m d€ d song song véi duwong thang ds: y = 2x + 1

¢) Tim di€ém c6 dinh ma d di qua v6i moi m.

2.Puwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




d’) Tim m dé€ khoang cach ttr goc toa d6 dén d 1a 16n nhat.
N A~ g . o 3o PN 7 Py M 1
e’) Tim m dé d cat Ox, Oy tai hai diém A, B sao cho dién tich tam gidc OAB bang 5

6B. Cho duong thang d:y = (m + l)X —2m —5 v6im 1a tham sé.

a) Tim m d€ d cting véi cac duong thang di: y = -2x va da: y =9 - 5x dong quy.

1 242

b) Tim m d€ d vudng gbc véi cac duong thang ds: y =—x ———

4 3
¢) Tim diém ¢ dinh ma d ludn di qua v6i moi m.

d’) Tim m d€ khoang cach ttr goc toa do dén d 16n nhat.
# N A7 g . . «A? “ A ’ ./ M 3
e’) Tim m dé d cat Ox, Oy tai hai diém A, B sao cho dién tich tam gidc OAB bang 5 .

III. BAI TAP VE NHA

7. Tim diéu kién ctia x dé€ ham s0 sau xac dinh:

———-2x

2x+2 x—=7 1

— b)y= X+l
VY="7 7 )y 5 )y 40 13

8. Tim m d€ cac ham so sau la ham so bac nhat:
a)y=(7m+1)x—m b) y=4mx’ -2(m+1)x
m -7 (m-1)(2x+3)

=1- X d)y=

9y Sm+1 )Y m’ +4

9.Chohams6 y = f(x) = (m4 +m’ + 2)x —3 véim la tham s6.
a) Chiing minh ham sd trén luén la ham s bac nhat va dong bién.
A A /4 ~ /4 2 N 3
b) Khong can tinh hay so sanh f 3 vaf 7

10. Viét phuong trinh duwong thang d biét rang:

a) d cat duong thang di: y = -2x — 3 tai mot diém thudc truc hoanh va cat duong thang
d2: y=x-4 tai mot di€m thudc truc tung.
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1 :
b) d di qua diém A(Z;—Zj va song song voi duong thang ds: 2x +y = 0.

1
c) d di qua diém B(\/g ,Ej va tao voi tia Ox mot goc 30°.

11. Cho duong thang d:y = (m - 2)X +2—m v6im la tham s6.
a) Tim m d& d va cdc duong thang di: y = x + 2 va dz: y = 4 - 3x dong quy.
b) Tim m d& d vudng géc véi duong thang ds: x -3y —1=0
¢) Tim diém cd dinh ma d luén di qua véi moi m.

d) Tim khoang cach 16n nhat tir gdc toa dd dén d.
\ : 1
12. Cho ba duong thang d, :y=3x; d,:y =§X; d,;:y=—x+4

a) Vé di, d2,ds trén cing mét phang toa do.
b) Goi A, B Ian luot la giao diém cta ds véi di, d2.Tim toa d§ ctia A va B.
¢) Chitng minh tam gidc OAB can.
d) Tinh cac goc trong tam giac OAB( 1lam tron dén do).
ON TAP CHUONG II

2
1A. a)0<x=#4 b) ——<x#0 oxz#x4 d)-2#x<4
3
1
1B. a) V6i moi gia tri x b) 2<x# >
¢) Khong cé gid tri x d)1<x#2
3
2A. a) Véi moi x bat ki b) m # i%
1 -8 1
c)m>— d) —#m<—
3 3 2
2B. a) m=#-7 b) Khong c6 gia tri m

Q) mi%;m?&—S d) VmeR

2
3A. a)Via= (k + %) +% >0 v6i moi k nén ham s6 ludn la bac nhat va dong bién.
b) Vi =3v/11=-+/99 > /100 =-10
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vy = f(x) la ham s6 dong bién nen f(-3/11)>£(~10)

2
2 6
3B. a) Via= —S(m - gj - g <0 v6i moi m nén ham s6 ludn 1a bac nhat va nghich bién.

b) Vi =3=1-+/16 >1-+/17 vay = f(x) Ia ham nghich bién nén f(-3) <f(1—\/ﬁ).
4A. a) Hoc sinh tw vé hinh.
b) Tt hinh vé ,du doan d, Nd, =I(1;2). Thay toa do cta I vao di, dz d& két luan I 1a toa
d6 giao diém can tim.
4B. Tuong tu 4A.
a) Hoc sinh ty vé hinh.
b) Tim duoc d, Nd, = 1(2;3)
5A. Goid:y=ax+b véia, blahdng sd can tim.
A)) Vid cohésd gécbang -1=>a=-1. Kéthop véi A(4;—5)ed, tim duocb=-1. Vay d: y

=-x-1
U 1
b) Tt B(—Z;O) €d =>b=2a.Tacdd catdi tai A(0;-1) nénb=-1. Tk dd d: y = _EX -1

cTerd Ld, =a=2.Tim duoc giao di€ém cua ds va ds la M(-3;-5)’
Vi M(—3;—5)€d:>b:1 vaydiy=2x+1

5B. Tuong tu 5A.
a)d:y=—3x+% b)d:y=—\/§x—(3+2\/§) c)d:yzLx—Z

J3

6A. a)Via, =a, =d, ||d, = Khong ton tai m dé€ di,d>,ds dong quy.
7 3m—-2=2
bybé d, ||d, < . Giai ra dwgcm =4/3.
m-2=#1
¢) Goi M(xo,yo) la diém cd dinh cta d.
=>yo=(3m-2)xo+ m-2,Vm
=> (3xo0 + 1)m —(2x0 + yo +2) =0, Vm

3x,+1=0 ( 1 4}
= . Tim dwoc I| ——;—— | .
2X,+y,+2=0 33

1 4
d) Theo cau c) d ludn di qua I(—g;—gj.
K¢ OH L d tai H= OH < OI khong déi nén:
OH  =0Ol<H=L
Phuong trinh duong thang OI: y = 4x
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Vi OIJ_d:>m:l
12

e) Tim duoc d cit Ox, Oy lan luot tai

2-m R - 2
A(Sm—Z;Oj va B(O;m—2) VOl m;tg. Tinh dugc S, 5 =

1
Tu S, .on =7 tim dugc (m—2)2 :|3m—2|. Giai radugc m = 1 hoacm =6

6B. Twong tir 6A.
a) di va dz cit nhau tai N(3;-6). Tt N(3;-6) € d tim dwocm = -4.
b) Tkt d L d; giai dwocm =-5.
¢) Tim dwoc 1(2;-3) 1a diém c6 dinh cua d.
d) Theo cau c), d luon di qua I(2;-3).
Ké OH L d tai H= OH < OI khong d6i nén:

OH  =0Ol<H=L
7 3
Phwong trinh duong thang OI: y = _EX

-Vi OIJ_d:>m:—%.

2m+ 5| .
voim #-1.
+1

e)Tim dugc S, = %|2m + 5|‘
m

Giai (2m + 5)2 =3|m +1| tim dugc m=-4 hodc m =_T7

7. a)VxelR b) x>7 o) x#-1
1 1
8. a)mi—; b) m=0 c)m¢7,m¢—§ dm=1
9. HS tu lam.
8 3 1 1

10. d:y=——>x-4 b)yd:y=-2x—— d:iy=—7=x——

a)d:y 3 )dy > cd:y \/g >
11. a)ym=-3 b)m=-1 OM(L;0)  d) OHma=1
12.  a) HS tu lam. b) Tim dwoc A(1;3), B(3;1)

Vi OA=0B= J10 = Tam giac OAB can tai O.

d)Ta c6: @:K()\);—g()\)( métanx()\xz?) VétanB/O\x:%

nén AOB ~53° = OAB = OBA ~ 64°
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PE KIEM TRA CHUONG II
PESO1
PHAN I. TRAC NGHIEM
Khoanh vao chit cai diing tredc cau tra 1oi dung:

Cau 1. Cho cac ham so sau, ham s6 bac nhat la:

A. y=l—3 B.yzix—Z
X 4
C.y=0x-4 D.y=|X|+9

Cau 2. Ham s6 nao sau day dong bién trén R:

_ —2x+3

A y=09x-1 B.y
5
C.y=3-05x D. x+2y+3=0
Cau 3. Puong thang nao ¢ hé s§ goc 1a 2018?

2018x +1
2

C.2018x—y +2017  D.2018x +y +2017=0

A.y=-2018+2017 B.y=

3
2 42
Céu 4. Didu kién xéc dinh ctia ham s8: y =% la:
X—
A x#1 B.x2>1 C.VxeR D.x>1

Cau 5. Goc tao bdi duong thang y = J3x +1 véi tia Ox la:
A. 60° B. 30° C. 1200 D. 150°

Cau 6. Diém cd dinh ma duong thang d: y = (m+2)x + 3 ludn di qua véi moi gid tri ctia m ¢4 toa
do la:

A. (-3,0) B. (0;3) C.(0;-3) D.(3;0)

Cau 7. Trong cac duong thang sau, duong thang nao vudng géc véi duong thang d : y = 4x +4?
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1
a) d':y=X+Z b)yd:y=—x+2

c)d':y:—%x d)d':y:ix—l

Cau 8. D06 thi trong hinh vé sau day la cia ham s6 nao?

| ) .
a)y=-x =——X——
y y=-_x->
) 1x+1 d) 1x+1
C = —— — = —
Y=Y Y=oRT,

PHAN IL TU LUAN
Bai 1: Goi di, dz2 [an lwot 1a d6 thi cAccham s6y =-3x +5vay=x+3.
a) Vé di, d2 trén cting mit phang toa do.
b) Tim toa do giao diém M cua di, d2
c) Tinh géc tao boi d2 va tia Ox.
Bai 2: Viét phuong trinh dueong thang d: y = ax + b biét:
a) d co hé s6 goc la -2 va di qua diém A(1;4).

b) d song song v6i duong thang d’: y =-0,5x + 2 va di qua mot diém trén truc hoanh
c6 hoanh d6 béng -1.

Bai 3: Tim m dé€ duong théng d: y = (m*2)x + 1 tao vdi hai truc toa d0 mot tam gidc c6 dién tich

\ 1
bang — .
&3

PHAN I. TRAC NGHIEM

Khoanh vao chit cai diing trredc cau tra 1oi dung:
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Cau 1. Cho cac ham s0 sau, ham so bac nhat la:

A y=x"-2x+3 B.y=-2x+5
C.y=+2x-1 D.y=9

Cau 2. Ham s6 nao sau day nghich bién trén R:

\/§X+3
y=—"F7""

A.v=1+2x B.
Y 2

C.y=(x/§—2)x+1 D.2x-3y+4=0

Cau 3. Puong thang y =-9x + 4 c6 hé s8 goc la:

A.9 B.4 C.4 D.9
) 2m® +3 , ,
Cau 4. Ham s6: y = —2X - \/g la ham s6 bac nhat khi:
m +

A.xii% B.x>-2 C m=#2 D.VmeR

Cau 5. Goc tao boi duwong thang y =—x + 1 véi tia Ox la:
A. 60° B. 150° C. 45° D. 135°

Cau 6. Ham 55 y =(V/5 +m+/2 )x =33 dong biéh trén R khi

V5 V10 V5 V10

A.mZ—5 Bm>—— Cms— Dm<—
J2 2 2

-2

Cau 7. Vi tri tuong ddi ctia hai duwong thang d: y=x+1vad:y=1-2xla:
a) Catnhau b) Song song
c) Vuong goc d) Trung nhau.

Cau 8. D6 thi trong hinh vé sau day la cia ham s6 nao?
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a)y =2x b)y=-2x+1
C)y=-2x d)y=-2x-1
PHAN II. TU LUAN
Bai 1: Cho ham sG sau d: y = x + 2.
a) Vé do6 thi ham s0 trén mat phéng toa do Oxy.
b) Goi A, B 1a giao diém cua d v6i Ox, Oy. Tinh dién tich tam gidc OAB.
c) Tinh goc tao boi d va tia Ox.
Bai 2: Cho duong thang d: y=(m - 1)x+2m+1va m#1.
a) Tim m dé€ d di qua diém A(2;7).
b) Tim m d¢& d song song véi duwong thang di: y = -4x + 2
Bai 3: Tim m dé khoang céch tit gdc toa d6 dén duong thang d: y = (1-3m)x + m 16n nhat.
DE KIEM TRA CHUONG IL

PHAN I. TRAC NGIEM

An

PHAN IL. TU LUAN.
Bai 1. a) HS tw lam
b) Xét phwong trinh hoanh d¢ giao diém caa di va d2: x+3=-3x+5

1
Giai phuong trinh tim duoc X = 5 va thay vao di (‘hodc dz2) tim duwocy =7/2.

17
Tir d6 két luan M(E’Ej la toa do giao diém cua di va do.
) Xét tam giac vuong OCD, ta co:
_—  OC —
tan ODC = oD =1=>0DC =45" . Vay gbc tao boi dz va tia Ox 1a oo =45° .

Bai 2. a)Vidcohésogocla-2néna=-2=>d:y=-2x+b.
Vi A(L;4)ed nénb=6.
Do d6 phuong trinh duong thang can tim 1a: y = -2x + 6.
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,5
b)Tacéd||d'<:>{ =>d:y=-0,5x+b v6ib#2
b#2

DPuong thang d di qua mot diém trén truc hoanh c6 hoanh d6 bang -1
= b=-0,5( TMDK). Vay d: y =-0,5x - 0,5.

Bai 3. Goi A, B lan luot la giao diém cta d véi Ox va Oy. Tim dwoc
1
Al - ;0 [LB(0;1).
( m’ +2 j ( )

1 1‘1

Ta 06 5,505 =5 OAOB=—

1
JTu S, 08 =3 ta tim duge m = ++/2

2\m?+2
PE KIEM TRA CHUONG IL
PE SO 2
PHAN I. TRAC NGIEM
An
PHAN II. TU LUAN.
Bai 1. a) HS tu lam
b) Xét tam gidc vuong AOB, ta co:

1 1
S oap = E.OA.OB = 5.2.2 =2 (bVDT) .
c) Xét tam giac vuong AOB, ta co:
“an_ OB 2 AR 0 yrac s e 1o 5 0
tanOABzo—A=§=1:>OAB=45 . Vay goctaobdid vatiaOxla o =45".
Bai 2. a)biém A(2;7)€ dnén7=2(m -1)+2m+1<=>m=2.

m-1=—4
b) Taco d||d, < &Sm=-3
2m+1#2

Bai 3. Céch 1. Xét hai treong hop:
1 1
Truong hop 1: Voi m = E = d(O;d) = 5
Trueong hop 2:

V6i m ¢%:> d di qua hai diémA (0;m) va B(L;OJ.

3m—1
2
Ta c6 12: 12+ 12:2 1.3 +222
OH" OA" OB 2 2
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2
Két hop céc truong hop trén ta duoc OH_ = EY &Sm= 3

11
Céch 2. Tim duwoc I(g,gj la diém c6 dinh ctia d. Dung OH L d, Tac6 OH <OI (khéng doi)
=>OH l6n nhat <=>OH=0OM hay H=M .

Viét phuwong trinh OM : y = x.
Vi OM Ld=>m=2/3.
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CHUONG III. HE HAI PHUONG TRINH BAC NHAT HAI AN

BAI 1. PHUONG TRINH BAC NHAT HAI AN

1. TOM TAT LY THUYET

1. Khai niém phwong trinh bic nhat hai 4n

* Phirong trinh bic nhdt hai én x, y la phwong trinh ¢6 dang:
ax+by=c

trong do6 a, b, ¢ la cac s6 cho trudc, a # 0 hodc b # 0.

* Néu cac s6 thuc xo; yo thda man axo + byo = ¢ thi cdp s0 (xo; yo) dwoc goi la nghiém caa

phuong trinh ax + by =c.

* Trong mat phang toa dd Oxy, mdi nghiép (xo; yo) ctia phuong trinh ax + by = ¢ dwoc biéu

dién béi diém cé toa do (xo; Y0).
2. Tap nghiép ctua phwong trinh bac nhat hai an
Phuong trinh bac nhat hai an ax + by = ¢ ludn ¢d v sd nghiép.

Tap nghiém cua phuong trinh dwoc biéu dién boi duong thang d : ax + by =c.
*Néu a # 0 va b =0 thi phuong trinh c6 nghiém

va duong thang d song song hodc trung vdéi truc tung.

xeR
* Néua=0vab# 0 thi phwong trinh c6 nghiém c

b

va duong thang d song song hodc triing véi truc hoanh.

xeR
* Néu a# 0 vab # 0 thi phuong trinh c¢6 nghiém a c
y=——x+—
b b
yeR
hoac b ¢ khi do dueong théng d cit ca hai truc toa do.
X=—y+—
a a
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Puong thing d 1a d6 thi ham s§ y = —%x+%.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Xét xem mdt cap s6 cho trude c6 1a nghiém ctia phwong trinh bac nhét hai 4n hay
khong

Phuwong phap giai: Néu cap sd thic (xo; yo) thoa man axo + byo = ¢ thi né duoc goi la nghiém
ctia phuong trinh ax + by = c.

1A. Trong cac cdp s0 (12; 1), (1; 1), (2; - 3), (1; -2), cap sO nao la nghiém ctia phuong trinh
bac nhat hai an 2x — 5y = 19.

1B. Cap s0 (-2; 3) la nghiém ctia phuwong trinh nao trong cac phuwong trinh sau:
a)x-y=1; b) 2x + 3y =5; C)2x +y=-4;

d)2x-y=-7; e) x — 3y =-10; g)2x -y =2.

2A. Tim cac gia tri cua tham s0 m d€ cap sO (2; -1) la nghiém ctia phuong trinh x — 5y =3m —
1.

2B. Tim cac gia tri ctia tham s6 m dé€ phuong trinh bac nhat hai an vm+1x—2y=m+1 c6
mot nghiém Ia (1; -1).

3A. Viét phuong trinh bac nhat hai an ¢é hai nghiém la (2;0) va (-1;-2).

3B. Cho biét (0;-2) va (2;-5) la hai nghiém ctia phuong trinh bac nhat hai an. Hay tim
phuong trinh bac nhat hai an do.

Dang 2. Viét cong thirc nghiém tdng quat ctia phwong trinh bac nhat hai 4n va biéu dién
tap nghiém trén mat phﬁng toa do

Phuwong phap giai: Xét phuong trinh bac nhat hai dn ax + by = c.

1. D& viét cong thitc nghiém tdng quat ctia phuong trinh, trudc tién, ta bidu dién x theo y

(hoac y theo x) roi dua ra két luan vé cong thitc nghiém tong quat.

2. D& biéu dién tap nghiém ctia phueong trinh trén mit phang toa do, ta vé duong thang d
c6 phuong trinh ax + by = c.

4A. Viét cong thirc nghiém tong quét va biéu dién tap nghiém cta cic phuong trinh sau

trén mat phang toa do:
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a) 2x -3y = 5; b) 4x + 0y = 12; c) Ox — 3y =6.

4B. Viét cong thirc nghiém tdng quat va biéu dién tap nghiém ctia cac phurong trinh sau

trén mat phang toa do:
a)2x-y=3; b) 5x + Oy = 20; c) Ox — 8y =16.

Dang 3. Tim diéu kién ctia tham s6 dé duong thang ax + by = ¢ théa min diéu kién cho
truodc

Phuwong phap giai: Ta c6 thé st dung mot s6 luu y sau day khi giai dang toan nay:

1. Néu a #0 va b =0 thi phuong trinh duong thang d : ax + by = ¢ ¢6 dang d:x= 2
Khi d6 d song song hodc trung véi Oy.
2. Néu a=0vab #0 thi phuong trinh duong thang d : ax + by = c c6 dang d:y= %

Khi d6 d song song hodc trung vdi Ox.

3. Duong thang d : ax + by = ¢ di qua diém M(xo; yo) khi va chi khi axo + byo = c.

5A. Cho duong thang d c6 phuong trinh
(m-2)x+@Bm-1)y=6m-2.

Tim cac gia tri ctia tham s6 m dé:

a) d song song vdi truc hoanh;

b) d song song vdi truc tung;

¢) d di qua goc toa do;

d) d di qua diém A(1; -1).

5B. Cho duong thang d c6 phuong trinh:
Cm-1)x+3(m-1)y =4m - 2.

Tim céc gid tri ctia tham s6 m dé:

a) d song song vdi truc hoanh;

b) d song song vdi truc tung;

c) d di qua goc toa do;

d) d di qua diém A(2; 1).
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Dang 4*. Tim cac nghiém nguyén ctia phuwong trinh bac nhit hai 4n

Phuong trinh giai: D€ tim cdc nghiém nguyén ctia phurong trinh bac nhat hai an ax + by =,

ta lam nhu sau:
Budc 1. Tim mét nghiém nguyén (xo; yo) ciia phwong trinh.

Budc 2. Dua phuwong trinh vé dang a(x — x0) + b(y — yo) = 0 tit d6 dé dang tim duogc cac

nghiém nguyén cua phuwong trinh da cho.

6A. Tim tat ca cac nghiém nguyén ctia phuong trinh 3x — 2y =5.
6B. Tim tat ca cdc nghiém nguyén ctuia cac phwong trinh sau:
a)5x-1ly =4; b) 7x + 5y = 143.

7A. Cho phuwong trinh 11x + 18y = 120.

a) Tim tat ca cac nghiém nguyén ctia phuong trinh.

b) Tim tat ca cac nghiém nguyén duwong ctia phuwong trinh.
7B. Cho phuong trinh 11x + 8y = 73.

a) Tim tat ca cac nghiém nguyén ctia phuong trinh.

b) Tim tat ca cac nghiém nguyén duong cta phuwong trinh.
III. BAI TAP VE NHA

8. Trong cac cap so (0;2), (-1; -8), (1; 1), (3; -2), (1, -6), cdp s nao la nghiém ctia phuong trinh
3x-2y=137

9. Viét cong thirc nghiém tdng quét va biéu dién tap nghiém ctia cdc phuwong trinh sau trén

mat phéng toa do:
a)x—-3y=6; b)3y-2x=3; c) 7x + 0y = 14;
d) Ox —4y =8; e)2x-y=5; g) 3y +x=0.

10. Cho duong thang d c6 phuong trinh:
2m-3)x+(Bm-1)y=m +2.

Tim céc gid tri ctia tham s6 m dé:

a)d// Ox; b) d // Oy;

c) d di qua O(0;0); d) d di qua diém A(-3; -2).
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11. Tim phuong trinh duwong thang d biét rang d di qua hai diém phan biét  M(2; 1) va
N(5; -1).

12. Tim tat ca cac nghiém nguyén cua phuong trinh:
a)2x-3y=7; b) 2x + 5y =15.
13. Cho phuong trinh: 5x + 7y = 112.
a) Tim tat ca cac nghiém nguyén ctia phuong trinh;
b) Tim tat ca cac nghiém nguyén duong cta phuwong trinh.
CHUONG III. HE HAI PHUONG TRINH BAC NHAT HAI AN

BAI 1. PHUONG TRINH BAC NHAT HAI AN

1A. * Xét cap so (12; 1)

Thay x =12, y =1 vao 2x - 5y = 19 ta c6 2.12 - 5.1 = 19 (luén dung). Vay (12; 1) la
nghiém ctia phwong trinh 2x - 5y = 19.

*Xét cap so (1;1):
Thay matx=1,y=1vao 2x -5y =19 ta c6: 2.1 - 5.1 =19 (v li)
Vay (1; 1) khong la nghiém cta phuong trinh 2x - 5y = 19.

* Tuong tw nhu trén, ta c6 cap s6 (2; -3) la nghiém, (1; -2) khong la nghiém cta

phuong trinh.
1B. Twong tw 1A. Ta cd (-2; 3) la nghiém cta cac phwong trinh b) va d).

2A. D€ cap s0 (2; -1) la nghiém cta phuwong trinh mx - 5y = 3m - 1 ta phai ¢6: 2m - 5. (-1) =

3m-1< m=6.
Vay v6i m = 6 thi (2; -1) la nghiém ctia phuong trinh da cho.
2B. Twong tw 2A. Vi (1; -1) la nghiém ctia phuong trinh nén

m-1>0

m+1=(m-1)°

\/m+1=m—1<:>{

3A. Goi phuong trinh can tim ¢ dang: ax + by = ¢
Thay cac nghiém (2; 0) va (-1; -2) vao ax + by = ¢ ta duoc:
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2a+0b=c D)
=
—-a-2b=c -3

)
Chonc:4:>{a (= 2r-3y=4.

* Chi y:

-Néu chon c=0= { = Loai.

- Néu ¢ # 0, ta c6 thé chon c tity y. Tuy nhién, nén can nhéc chon ¢ hop ly dé tim

duoc a, b la nhitng s "dep".
3B. Tuong tw 3A. Pap s0: -3x -2y =4.

xeR x=3 xeR
4A. a) 275 b) C)
y==—x—— yelR' y=-2

33
Chti y: Hoc sinh ty biéu dién cc tap nghiém cta cic phuong trinh bang cach Tan
lwot vé cac duong thing c6 phuong trinh y :gx—g,x =3 va y=-2 trén mit phing toa
do.

4B. Tuong ty 4A

xeR x=4 xeR
a) b) c)
y=2x-3" yeR' y==-2
m—-2=0
5A. a) song song voi Ox & {3m—-120=m=2
om—-2+#0
m—2+#

b) d song song v6i Oy < 3m-1=0med
6m—2#0

c) d diqua O(O;O)<:>Oe(d)<:>6m—2:0<:>m:%.

6.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




d) d di qua A(l;—l)<:>(m—2)—(3m—1)=6m—2<:>mzé

5B. Twong tw 5A.a) med; b)ym=1;, c)m =%; dym=1
6A. Cach 1. Vi (1; -1) la nghiém ctia 3x - 2y = 5 nén ta co:

x—1 y+1 x=1+2t
3x-D)=2y+) & —="—=t=> tel’Z
(=D =20+ & === {y=_1+3t( )

Chu y: Hai két qua trong cach 1 va cach 2 hinh thirc viét khac nhau nhung néu biéu

dién tap hop nghiém tré,n mat phéng toa do thi lai trung nhau. Vi vay, ca hai déu dung.

6B. Tuong tu 6A.

x=3+11z x=4+5t
a) (teZ) b) (teZ)
y=1+5t y=23-Tt
x=6+18¢
7A. Twong tw 6A (teZ)
y=3-11

b) Vix, y nguyén duong nén ta co:

6 1 3 x=6
——=——<i<—1t=0=
11 y=3

8. Tuong tu 1A. Dép s6: (-1; -8), (3; -2)

9. Twong tw 6A

xeR xelR
a ; b C
) y:§—2 ) y:§x+1 ){
xeR xeR
d) % e) g)
=— y=2x-5

10. Twong t 5A
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a)ng b)m:%; C)m=—2; d)m:—

11. Twong tir 3A. 2x + 3y =7.

=243 = 5¢
12. Tuong tu 6A. a) {x ey b) {x ()
y=—1+2t y=3-2t
13. Tuong tur 7A.
x=14+7t
a) { j (teZ) b) (x;) €{(7; 11),(14;6),(21;1)}
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BAI 2. HE HAI PHUONG TRINH BAC NHAT HAI AN

I. TOM TAT LY THUYET
1. Khéi niém hé phwong trinh bac nhat hai 4n

- Hé phwong trinh bac nhat hai an la hé phuwong trinh c6 dang

ax+by=c 1
a'x+b'y=c' (2)

Trong d6 a, b, a’, b’ la ca s6 thuce cho trudcvaa?+b#0; a2+ b2 #0, x va y la an so.

- Néu hai phuong trinh (1) va (2) c6 nghiém chung (xo; yo) thi (xo; yo) dwgc goi la nghiém
ctua hé phuwong trinh. Néu hai phuong trinh (1) va (2) khong c6 nghiém chung thi hé
phuong trinh vo nghiém.

- Giai hé phuong trinh la tim tat ca cac nghiém ctia nd.
- Hai hé phuong trinh dwoc goi la twong dwong néu chiing cé cung tap nghiém.
2. Minh hoa hinh hgc tip nghiém ctaa hé phwong trinh bac nhét hai an

- Tap nghiép cua hé phwong trinh bac nhat hai an dwoc biéu dién boi tap hop cac diém

chung ctia hai duong thang d: ax +by =cvad’ :a’x+b’y =c.
Truong hop 1. d N d’ = A(xo; yo) < Hé phuong trinh ¢6 nghiém duy nhat (xo; yo);
Truong hop 2. d // d’ < Hé phuong trinh vo nghiém;

Truong hop 3. d = d’ < Hé phuong trinh c¢6 v6 sd nghiém;

-Chuy:
Hé phuong trinh c6 nghiém duy nhat < i' # %;
a
N § N A a b c
Hé phuong trinh vo nghiém < —=—#—;
a 1 b 1 c 1
A \ LA . a b c
He phuong trinh 6 v6 s6 nghiém < —= N =—.
a c

II. BAI TAP VA CAC DANG TOAN
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Dang 1. Khong giai hé phwong trinh, doan nhin s6 nghiém ctia hé phuwong trinh bac

nhat hai An

Phuong phap giai: Xét hé phuong trinh bac nhat hai an

ax+by=c
a'x+b'y=c'
A \ ‘ ~, a b
1. Hé phuong trinh c6 duy nhat <:>—'¢§;
a
A . A A a b c
2. Hé phuong trinh v6 nghiém <:>—':F¢—';
a c
A . oA N A a b ¢
3. Hé phwong trinh c6 v0 sO nghiém <:>—'=;=—'.
a c

1A.Duaaocachésda, b, ¢, a’, b, ¢ du doan s6 nghiém cua cac hé phwong trinh sau:

3x-2y=4 -2x+y=-3
a ; b)
—6x+4y=-8 3x-2y =7

b

9 {\/Ex—2y=3 _ d) {2x—5y=—11

3\/§x—6y:—7) 3x—0y=2«/§'

1B. Khong giai hé phuong trinh, du doan sd nghiém ctia cac hé phuong trinh sau:

{3x—2y=4 0x - 5y =-11
a ; b ;
Ox+4y=-8 2X-Oy=2\/§
1
—2x+y=§ 2\/§x+4y:3
c) ; d) 3.
3 3 —\/Ex —2y=—
3x+—y=—
> y 4 2
. L ety =l e N
2A. Cho hé phuong trinh . Xac dinh cac gia tri cia tham s6 m dé hé phuong
mx+y=2m
trinh:
a) C6 nghiém duy nhat; b) V6 nghiém;

c) V6 s nghiém.
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mx—y=1

2B. Cho hé phwong trinh { Y ,- Xac dinh cac gia tri cia tham s6 m d€ hé phuong
xX—my=m

trinh:

a) C6 nghiém duy nhat; b) V6 nghiém;

c) V6 s6 nghiém.
Dang 2. Kiém tra mét cip s6 cho trwdc c6 phai 1a nghiém ctia hé phwong trinh bac nhat
hai 4n hay khong

ax+by=c

Phwong phdp gidi: Cap sO (xo;yo) la nghiém cua hé phuong trinh { , khna chi

a'x+b'y=c'

khi n6é thoéa man ca hai phuong trinh cta he.

3A. Kiém tra xem cap s0 (-4; 5) la nghiém ctia hé phwong trinh nao trong cac hé phuong

trinh sau day:
1 -2y=-12
2x+y=-3 S TAYT
a ; b)
“3x+2y =21 1 7
X+—y=——
3 3

3B. Hay kiém tra xem mi cdp s6 sau c6 la nghiém ctia hé phuong trinh tong tng khong?

1
—x-2y=-12

3x—5y=-7 o

a)(1;2) va e b) 4°
2x+y=4 1 7
Xt+—y=——

3 3

-mx+y=-2m
2

.Tim cac gia tri cua tham s6 m dé hé phuong
x—-m'y=-7

4A. Cho hé phuong trinh {

trinh nhan cap s6 (1; 2) lam nghiém.

2mx+y=m

4B. Cho hé phuong trinh: { . Tim cac gia tri ctia tham s6 m d€ cdp so (-2; 1)

x—my=—1—6m

la nghiém ctia phuong trinh da cho.
Dang 3. Giai hé phuong trinh bac nhat hai 4n bang phuong phéap d6 thi
Phurong phdp gidi: D€ giai hé phuong trinh bac nhat hai an

{ax+by:c

bang phuong phap giai &6 thi, ta lam nhu sau:
a'x+b'y=c'

3.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




Buéc 1. V& hai duong thang d: ax + by =cvad’:a’x + b’y = ¢’ trén cung mot hé truc toa do.
Buic 2. Xac dinh nghiém cua hé phuwong trinh dwa vao do thi da vé ¢ Buic 1.
5A. Cho hai phuong trinh duong thang:
di:2x-y=5vada:x-2y=1
a) Vé hai duong théng d1 va dz trén cung mot hé truc toa do.
b) Tt d6 thi ctia di va d2, tim nghiém ctia hé phuong trinh:
{2){ -y=5
x=2y=1
c) Cho duong thang ds : mx + (2m -1 )y = 3. Tim c4c gid tri cia tham s8 m d& ba duong thang
di, d2 va ds d6ng quy.
5B. Cho ba duong thang:
di:x +2y=>5d:2x+y=4vads: 2mx+ (m-1l)yy=3m+1.
a) Vé hai duong thang di va d» trén cting mot hé truc toa do.
b) Tt d0 thi ctia di va d2 tim nghiém cua hé phuwong trinh:

xX+2y=5
2x+y=4

c) Tim cac gid tri cia tham s m d& ba duong thang di, d» va ds dong quy.
III. BAI TAP VE NHA

6. Khong giai hé phuong trinh, xac dinh s6 nghiém cua cac hé phuong trinh sau:

x—4y=3 x+2y=3 3x+4y=0
a) ; b ; c) 5
2x—y=4 2x+4y=1 4x -3y =0
N 0x-2y=0 | 2x+2y=2 | x—y=4
; e s .
IxtLy=l x,r 1 8 ox—y=2
2 3 3 3

7. Hay kiém tra xem moi cdp s6 sau c6 la nghiém cua hé phuong trinh tong tng khong:

—2x+y=3

2x+y==3
: b) (-2; 1)va{ Xry==

a) (1, 1) va {

x+y=7 x+3y=1
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3mx+y=2m

8. Cho hé phuong trinh: { . Xac dinh cac gia tri caa tham s0 m dé€ hé

=3x—-my=-14+m

phuong trinh:
a) C6 nghiém duy nhat; b) V6 nghiém;
0 nghiém;

¢) V6 s6 nghiém; d) Nhan (%,—?j lam nghiém.

9. Cho hai duwong thang di: 2x +y=3vad: : x - 4y = 6.
a) Vé hai duong théng d1 va dz trén cing mot hé truc toa do.
b) Ttr d0 thi ctia di va dz, tim nghiém ctia hé phuong trinh:

2x+y=3
x—4y=6'

¢) Cho duwong thang ds : (2m +1)x + my = 2m - 3. Tim cc gid trj ciia tham s6 m dé ba duwong

thang di, d> va ds dong quy.
BAI 2. HE HAI PHUONG TRINH BAC NHAT HAI AN
1A.a)Tacoa=3;b=-2;c=4;a"=-6;b'=4; c'=-8

b -1 N . Lo A
= i' = ; = iv = > = Hé phuong trinh c6 v s6 nghiém.
a c

b) Ta co: - ;% — Hé phuong trinh c6 nghiém duy nhat.
a

¢) Taco —# 5 +< = Hé phuong trinh v6 nghiém.
a C

d) Vi b'=0 nén ta xét: a—:i
a 2

b' 0 a' b'
;—=—=0=>—%#—
b -5 a

1B. Tuong ty 1A. Hé phuwong trinh

a) Co nghiém duy nhat b) C6 nghiém duy nhat;
c) V6 s6 nghiém; d) V6 nghiém.
2A. Xét cac ti s8: L = ? =m; % =1; € —om. Hé phuong trinh:
a c
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a) C6 nghiém duy nhat <% »2 < m=1.
a

' ' ' =1
b) V6 nghiém <:>a—¢—¢c—<:>{m S m=

a b c m#2m
' ' ' :1
c) Vo s6 nghiém c>a—=b—=c—<:> " eSmed
a b ¢ m=2m

2B.  *Xétm =0: Hé phuong trinh c6 nghiém duy nhat.
*Xétm#0: Twong tw 2A. @) m=+l; b)ym=-1;, c)em=1

3A. a) Thay x =-4 va y =5 vao -3x + 2y =21 ta co: -3.(-4) + 2.5=21 (Vo ly)
= (-4; 5) khong la nghiém ctia hé phuong trinh.

b) Thay x = -4 va y = 5 vao cac phuwong trinh ctia hé phuwong trinh thdy déu thoa
man. Vay (-4; 5) la nghiém ctia hé phwong trinh da cho.

3B. Tuong tu 3A. a) Co; b) Khong

R -m+2=-2m
4A. Thay x =1 va y =2 vao hé phuong trinh, ta duoc: o =7 oS m=-2
—-2m° =—-

4B. Tuwong tyw 4A. m= % .

5A. a) Hoc sinh ty vé hinh.

b) T d6 thi cua (d1) va (dz2), ta xac dinh toa d¢ giao diém cua (di) va (d2) laM (3; 1) = (3; 1)
la nghiém ctia hé phuong trinh da cho.

c) (d1), (d2) va (ds) dong quy < M (3;1) e (d;) < m :§

5B. Twong tw 5A. a) Hoc sinh ty vé hinh; b) (1; 2); ¢ym =3

6. Twong tir 1A. hé phuong trinh:

a) C6 nghiém duy nhat; b) V6 nghiém;

c) C6 nghiém duy nhat; d) C6 nghiém duy nhat;

e) VO s6 nghiém g) C6 nghiém duy nhat;
7. Teong tw bai 3A. a) Khong b) Co
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8. Tuong tu 2A. a) m=#+l; b) m=-1,
cm=1; d)ym=-2
9. Tuwong tu 5A. a) Hoc sinh ty vé hinh

b) (2; -1); ¢)m = -5.
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BAI 3. GIAI HE PHUONG TRINH BANG PHUONG PHAP THE
I. TOM TAT LY THUYET

- b€ giai mot hé phuwong trinh, ta c6 thé bién doi hé da cho thanh hé phuong trinh teong
duwong don gian hon.

- Phuong phép thé'la mét trong nhiing cach bién d6i twong dwong hé phwong trinh, ta st
dung quy tic thé, bao gébm hai budc:

Buéc 1. Tt mot phuong trinh ctia hé phuong trinh da cho (coi la phwong trinh thit nhat), ta
biéu dién mot an theo an kia rdi thé vao phuwong trinh thit hai d& duwoc mdt phuwong trinh

mai (chi con mot an).

Buéc 2. Dung phuong trinh méi dy dé thay thé cho phuong trinh thit hai trong hé phuwong
trinh va gitt nguyén phuong trinh th nhat, ta duwoc hé phuong trinh méi twong duong véi
hé phuong trinh da cho.

II. BAI TAP VA CAC DANG TOAN
Dang 1. Giai hé phuong trinh bang phwong phap thé

Phurong phdp gidi: Can ct vao quy tic thé, d€ giai hé phuong trinh bac nhat hai an bang
phuong phap thé€, ta lam nhu sau:

Buéce 1. Tl mot phuwong trinh ctia hé phuong trinh, biéu dién mot an béng an con lai, sau do6 thé

vao phuong trinh con lai, ta dwoc phuong trinh méi chi con mot an.

Buréc 2. Giai phuwong trinh mot an vira 9, roi tir d6 suy ra nghiém ctia hé phuong trinh da

cho.

Chui y: D€ 101 giai dugc don gian, & budc 1, ta thuong chon phuong trinh c6 cac hé s6 ¢6 gia

tri tuyét doi khong qua 16n (thwong la 1 hodc -1).
1A. Giai cac hé phuong trinh:

R {3X—y=5 . b {(ﬁ—l)x—yzﬁ‘

5x+2y=23" x+(W2+1)y=1
1B. Giai cac hé phuwong trinh:

2) {3x+5y:1 . b) —x—\/Ey:\/E
’ \/§x+2y:—\/€.

Dang 2. Giai hé phuong trinh quy vé hé phuong trinh nhét hai 4n

2x—y=-8
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Phirong phdp gidi: Ta thiee hién theo hai budc sau:

Buéc 1. Bién d6i hé phuong trinh da cho vé hé phuong trinh nhat hai an.
Buéc 2. Giai hé phwong trinh bac nhat hai an tim duoc.

2A. Giai cac hé phurong trinh:

2 3(y—5)+2(x-3)=0 '
T(x—4)+3(x+y-1)-14=0"

b) (x+D(y-D=x-2)(y+D-1
2(x=2)y—x=2xy-3 '

2B. Giai cac hé phuong trinh:

5(x+2y)-3(x—y)=99 b (x+D)(y-1)=xy-1
2 x=3y=Tx-4y-17 (x=3)(y-3)=xy-3

Dang 3. Giai hé phuong trinh bing cach dit 4n phu
Phirong phdp gidi: Ta thiee hién theo hai budc sau:

Buéc 1. Chon an phu cho cac biéu thtc ciia hé phuong trinh da cho d€ dwgc hé phuong
trinh bac nhat hai an méi & dang co ban

(Tim diéu kién ctia an phu néu co).

Buec 2. Giai hé phuong trinh bac nhat hai 4n bang phurrong phap thé, tir d6 tim nghiém ctia
hé phuong trinh da cho.

3A. Giai cac hé phurong trinh:

E_l_g 4 5 _5
+y-1 2x-y+3 2

a) y : b) Xty X=y .
20235 B —

X y x+y-1 2x—-y+3 5

I 1 4 5
PR o3y ey
- +
D15 ] DT s
—+—=5 — =21
X y 3x+y 2x-3y

Dang 4. Tim diéu kién cta tham s6 d€ hé phuong trinh thoa man diéu kién cho truéc

2.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




Phirong phdp gidi: Ta thwong st dung cac kién thirc sau:

ax+by=c ax,+by, =c

- Hé phuong trinh bac nhat hai an {
a'x+b'y=c'

c6 nghiém (xO;yO)Q{a'x +b'y,=c"
0 0

-Puong thang d : ax + by = ¢ di qua diém M(xo;yo)
< ax, +by, =c.

2x+by=-4

. Tim cac gia tri caa a, b d€ hé phuong trinh ¢
bx —ay =4

4A. Cho hé phuwong trinh . {
nghiém (1;-2).

(3a+b)x + (da-b+1)y = 35

4B. Cho hé phwong trinh
bx +4ay =29

. Tim c4c gia tri cua cia a, b d€ hé
phuong trinh cé nghiém la (1; -3).
5A. Cho hai duong thang:
di:mx-2B8n+2)y=6vadz: (3m - 1)x +2ny = 56.
Tim cac gia tri ctia tham s6 m van d€ds, d, cat nhau tai diém I1(2; -5).
5B. Cho hai duong thang:
di:5x -4y=8vad::x+2y=m +1.

Tim cac gia tri ctia tham s6 m d€ dx, d> cat nhau tai mot diém trén truc Oy. Tte d6 vé hai

duong thang nay trén cting mot mét phang toa do.
III. BAI TAP VE NHA

6. Giai cac hé phuong trinh:

Xy
—v=3 ——==1

a) {;‘ s b) 123
XTRr= 5x—8y=3

7. Giai cac phuong trinh sau:

2(x+y)+3(x—y):4_ b (x+D)(y-1)=xy-1
YV x+y)+2(x—y)=5 (x=3)(y+3)=xp—3"

8. Gidi cac phwong trinh sau:

3.Puwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




1 L, LS S

-2 2y-1 2x + —2y 8
a) ¥ g ; b) ATy

2 3 11 3

x=2 2y-1 2x+y x-2y 8

(3a—2)x+2(2b+1)y =30

9. Cho hé phuong trinh
(a+2)x-2(3b-1)y =-20

. Tim cac gia tri cua cua a, b dé hé
phuong trinh c6 nghiém la (3; -1).
10. Cho hai duong thang

di:2mx+3y=10-m vad::2x -2y =3.

Tim cac gia tri ctia tham s6 m dé€ d1, d> cat nhau tai mot trén truc Ox. Ttr d6 vé hai duong

thang nay trén cing mo phang toa do.
11. Cho hai duong thang:
di:2x +ay =-3vad: :bx - 2ay =8.

Tim giao diém ctia d1,d> biét rang d: di qua diém A(-1,2) va di di qua diém B(3;4).
12. Tim cac gia tri ctia a vib d€ duong thang y = ax + b di qua diém M(3; -5), N(-1; %).

13. Cho hai duong thang:
di:mx -23n +2)y=18 vadz: (3m - 1)x + 2ny = -37.
Tim c4c gid trji ctia tham s6'm va n d€ di,d> cat nhau tai di I(-5; 2).
BAI 3. GIAI HE PHUONG TRINH BANG PHUONG PHAP THE
1A. Tt PT dau = y = 3x - 5. Thay vao PT tim duwoc x =3
Thay x =3 vao y =3x - 5 tim dugcy =4.

Vay nghiém cua HPT 1a (3; 4)

b) Tuong ty ¥ a), nghiém ctia HPT la (ﬁ + ;lj

2 2

1B. Tuwong tir 1A

a) (-3; 2) b) V6 s0 nghiém

4.Puong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




2x+3y =21

2A. a) HPT da cho <
10x+3y =45

Tt d6 tim dugc nghiém caa HPT la (3; 5)

2x-3y=2

b) HPT da cho <:>{
x+4y=3

Tir d6 tim duoc nghiém ciia HPT I [%%j

2B. Tuong tu A.

a)(47) b) (2;2)
3A. a) PK:x#0vay#0
o, 1 1 15u—7v=9
bat —=u va —=v, ta duoc HPT:
X v 4u+9v =35

Giai ra ta dwoc { -
y=
Ttr @6 nghiém ctia HPT ban dau la (%,%)

__’

b) Twong tu y a), ta dwoc nghiém ctia HPT la ( ; %j
3B. Tuong tu 3A.
a) (Zazj b) (l,lj
92 66 11
2-2b=—4

4A. Thay x =1 va y =-2 vao HPT da cho ta duoc:
b+2a=4

Giai ra ta duoc a :% vab=3.

4B. Tuong ty 4A. Tim dugca=-2vab=>5.

, , ed
5A. Vi didz2 cat nhau tai diém I (2; -5) nén {I dl
€a,

Tt do ta tim duocm =8 van=-1.

5.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




5B. Ta c6 giao diém cua di va truc Oy la A(0; -2)

Vi 4 ed, nén tim duoc m =-5.

HS tw vé hinh
3
6. a) (10;7) b) [3;Ej
1 13
7. —_— b) V6 nghié
a)[ > 2) ) VO nghiém
5. a (E;ij b) [E;ij
73 5°5

9. Tim duwoca=2vab =-5.
10. Tim dwoc m = % HS ty vé hinh.

11. Tim duoc a = —%, b= %. Tir d6 tim dugc toa do giao diem ctia di va d2 1 1@;E

12. Tim dwoc a = B va b= _%

13. Tim dwocm =2 van =-3.

6.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén

?)




BAI 4. GIAI HE PHUONG TRINH
BANG PHUONG PHAP CONG DAI SO
I. TOM TAT LY THUYET

Dé giai hé phuong trinh bac nhat hai 4n bang phuwong phép cong dai s6, ta st dung quy tic

cong dai s& bao gom hai budc nhu sau:

Buéc 1. Cong hay trir tirng v€ ctia hai phwong trinh ctia hé phwong trinh da cho dé dwoc

mot phuong trinh méi.

Buroc 2. Dung phwong trinh mdi ay thay thé'cho mot trong hai phuong trinh ctia hé
phuong trinh va git nguyén phuong trinh kia ta duwgc mot hé mdi twong twong véi hé da

cho.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Giai hé phuong trinh bang phwong phap cong dai s6

Phurong phdp gidi: C&n ct vao quy tdc cong dai s6, d€ giai hé phurong trinh bac nhat hai an

bang phuong phap cong dai s6, ta lam nhw sau:

Buréc 1. Nhan hai v& ciia mdi phuong trinh véi mot s6 thich hop (néu can) sao cho cac hé sd

ctia mdt 4n nao dé trong hai phuwong trinh bang nhau hodc ddi nhau;

Buéc 2. Cong hay trir tiing vé€ hai phuwong trinh ctia hé phuong trinh dé thu duoc mot

phueong trinh mot an;

Buréc 3. Giai phwong trinh mot an vira thu duwoc tir d6 suy ra nghiém ctia hé phwong trinh
da cho.

1A. Giai cac hé phurong trinh sau:

){4x+7y:16 b 35x—4y=15-247
a ; )
4x-3y=-24 2J5x+8/7y =18

1B. Giai cac hé phuwong trinh:

2x—11y=-7 x+47=-243
a b)

10x +11y=31" x24Ty =11
Dang 2. Giai hé phuong trinh quy vé hé phwong trinh bac nhat hai 4n
Phwrong phdp gidi: Ta thuec hién theo hai budc sau:

1.Puwong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




Buéc 1. Bién d6i hé phuong trinh da cho vé hé phuong trinh bac nhat hai an.
Buéc 2. Giai hé phuong trinh bac nhat hai an bang phuong phap cong dai s6 nhu 6 Dang 1.
2A. Giai cac hé phurong trinh:

) 5(x+2y)-3(x—y)=99
a 5
x=3y=Tx-4y-17

{(x +Y)(x-D)=(x—-py)(x+1)+2(xy+1)
-0+ =+x)(y-2)-2xy

2B. Gidi cac hé phuong trinh sau:

x4y = 4x -3
5
a ;
) 15-9y
x+3y= )

(x=3)2y+5)=2x+7)(y-1)
(4x+1)(3y—6)=(6x—-1)(2y +3)

Dang 3. Giai hé phuwong trinh bang cach dit an phu
Phwrong phdp gidi: Ta thuec hién theo hai budc sau:

Buéc 1. Chon an phu cho cac biéu thitc cua hé phwong trinh da cho dé dwgc hé phuong

trinh bac nhat hai an méi ¢ dang co ban.

Buéc 2. Giai hé phuong trinh bac nhat hai an bang phuong phap thé, tir d6 tim nghiém ctia
hé phwong trinh da cho.

3A. Giai cac hé phuong trinh:

SR S LA

-1 y+2 -y+2 x+y-1 2

a) X y : b) X=y Xty .
2 1 1 3 2 4

— — —+ =
x-1 y+2 x—y+2 x+y-1

3B. Giai cac hé phuong trinh:

7
—~_1_-9
Xy ‘ b) 3Jx—1+247 =13
2Wx-1-Jy=4

2.Puwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




Dang 4. Tim diéu kién ctia tham s6 d€ hé phwong trinh thoa man diéu kién cho trudc

Phurong phdp gidi: Ta thwong st dung cac kién thirc sau:

, .. lax+by=c , .
- Hé phuong trinh bac nhat hai an{ Y co nghiém
a'x+b'y=c'
ax+by=c
(x0;y0) < .
a'x+b'y=c'

-Puong thang d:ax + by = ¢ di qua diém M(x; yo)
< ax, +by, =c.
4A. Cho duong thang d :y=(2ra+1)x +3n- 1.
a) Tim céc gia tri ra va n d€ d di qua diém M(-1;-2) va cat Ox tai diém c6 hoanh d9 bang 2.

b) Cho biét ra, n théa man 2m - n =1, chttng minh d luén di qua mot di€ém c6 dinh. Tim
diém cd dinh do.

4B. Cho duong thang d : 2ax - (3b + 1)y - a- 1. Tim céac gié tri cia a va b d€ d di qua hai
didm M(-7;6) va N(4;-3).

5A. Cho ba duong thang: di:5x - 17y =8, d2:15x + 7y =82 va ds: (2m - 1)x — 2my = m + 2.

Tim c4c gid trj ctia ra d€ ba duong thang dong quy.

5B. Cho duong thang d:y = (2ra + 3)x — 3m + 4. Tim cac gid tri cia tham s8 m ra dé d di qua
giao diém ctia hai duong thang di: 2x -3y =12 vads, : 3x +4y = 1.

III. BAI TAP VE NHA

6. Giai cac hé phuong trinh sau bang phuong phap cong dai s:

X+y Xx-y
2x =3y =-5 B
? {3 Z —2; b) i !
-3x+4y= X_V.q
3 5

7. Giai cac hé phuong trinh sau:

2(x+y)+3(x-y)=9 b (x=D(y+3)=xy+27
Y 50+ )= T(x—y) =8’ (x=2)(y+1)=xp+8

8. Giai hé phuong trinh:

3.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




L1 7 4 5
S e
) 3o s s
Xy Jx -7 \/;+6 6
A . x+by=-2 [ g [ 1A . VY A \
9. Cho hé phuong trinh: 5 3 Xac dinh cac hé s6 a va b bi€t rang hé phwong trinh
X—ay=—
a) C6 nghiém la (1;-2); b) C6 nghiém la (JE ~1;32 )

10. Cho duong thang d : mx - 2ny = -3. Tim cac gid tri cia tham s§ m van d€4m -5n=3
vad di qua diém /(-5; 6).

11. Tim céc gid tri ctia tham s6 m dé€ nghiém ctia hé phuong trinh

2x+1 y+1_ 4x-2y+2
3 4 5

2X73_ymd  iay-2
4 3

cting la nghiém ctia phuong trinh 6mx - 5y = 2m - 4.
BAI 4. GIAI HPT BANG PHUONG PHAP CONG DAI SO
1A. a) Ldy hai PT trtt cho nhau ta duocy = 4.
Thay y = 4 vao mot trong hai PT ctia hé tim dwoc x =-3.

Vay nghiém cua HPT la (-3; 4)
A o \ J7
b) Twong tw cau a) tim dwoc nghiém caa HPT la J5 ;7

1B. Twong tuw 1A

a)(2; 1) b) V6 nghiém
2x+13y =99 =
2A.a) HPT dacho <4 Y~ 77 Tt d6 tim duoc
6x—y=17 y=17
) =2 x=-1
b) HPT da cho < Ttr d6 tim dwoc 1
x+3y=0 y= 5

4.Puwong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




2B. Tuong tw 2A

79 51
a) (12; -3 b) | ———; —=—
) ( ) )( 511 73)
. o1 1 3a+b=4
3A.a) DK: x#1vay#-2. Dat =a, =b, ta duoc
x—1 y+2 2a-b=1
Giai ra ra duoc {a Tt a6 tim dwoc {x .
= y:—
b) Tuong tuw cau a) dat ! =a, ! =b. T d6 tim duwoc nghiém cta HPT la
xX—y+2 x+y-1
xy)=(12)
3B. Twong tu 3A.
11
a) | —;— b) 10; 4
) (2 3j ) )

4A. a) Theo dé bai ta c6 d di qua M (-1; -2) va cat Ox tai N (2; 0). Tt &6 thay toa d6 cac diém

M, N vao d tinh duoc: m :—% van=-1.

b)Tt2m-n=1=n=2m-1=d:y=2m+1)x+6m-4
Goi I (xo; yo) la diém c6 dinh cta d

2x,+6=0

= 2x, +6)m+(x,—y,—4)=0 ‘v’m<:>{
Xo—Y,—4=0

. Xy =—3
Giai ra ta duwoc
Mo = =7

Két luan.

4B.Tuong ty 4A. Dap s6: a=3 va b= —§

5A. Goi M =di1 N d2. Tim dwoc M(5; 1)
b€ di, d2 va ds dong quy thi M(5; 1) € da.
Tt d6 tim duwocm = 1.
Tht lai thdy m = 1thoar man diéu kién di, d2 va ds dong quy.

5.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




5B. Tuong tw 5A. Dap s0: m =-5.

5 5
6. 14; 11); b) | =;-=
) (14; 11) )(2 6)
7. a) 1) b) (10; 0)
53 47
8. - b) (100; 0
a>[ > 4) ) (100; 0)
9.  a) (_2;_2} b) (3\/5—1;—2—\5}
4" 2 2 2
10.  Tim duoc mzs_l,n:_i
73 73

11. Tim dwoc [%, 7) la nghiém ctia HPT da cho.

Thay vao PT 6mx - 5y =2m - 4 ta thu duwocm =1.

6.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




BAI 5. HE PHUONG TRINH BAC NHAT HAI AN

CHUA THAM SO
1. TOM TAT LY THUYET
A \ N N e |ax+by=c
Cho hé phuong trinh bac nhat hai an (*).
a'c+b'y=c'

1. D€ giai hé phuong trinh (*), ta thuong dung phuong phép thé hodc phuwong phép cong

dai so.

2. Tt hai phuwong trinh ctia hé phuong trinh (*), sau khi dung phwong phap thé hoac
phuwong phap cong dai s6, ta thu duwoc mot phuwong trinh méi (moét an). Khi do6 sé'nghi¢m

ctia phwong trinh méi bing sdnghiém ciia hé phwong trinh da cho.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Giai va bién luan hé phwong trinh

Phuwong phdp gidi: D€ giai va bién luan hé phuong trinh (*), ta lam nhu sau:

Buéc 1. Tt hai phuwong trinh cua (*), sau khi dung phwong phéap thé hoac cong dai s6, ta

thu duwoc moét phuong trinh méi (chi con mot an).

Buéc 2. Giai va bién ludn phuwong trinh mdi, tir d6 di dén két luan vé giai va bién luan hé

phuong trinh da cho.

X+my=2m

1A. Cho hé phuong trinh { (m 1a tham s0).

mx+y=1l-m

a) Tim cac gia tri cua ra d€ hé phuong trinh:

i) C6 nghiém duy nhat. Tim nghiém duy nhat do;

ii) VO nghiém;

iii) V6 s6 nghiém.

b) Trong truwong hop hé phuong trinh c6 nghiém duy nhat (x; y):
i) Hay tim cac gia tri ra nguyén dé x va y cung nguyén.

ii) Tim hé thttc lién hé gitta x va y khong phu thudc ra.

1.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




2mx+y =2

1B. Cho hé phuong trinh { (m la tham s0).

8x+my=m+2

a) Giai va bién luan hé phuong trinh da cho theo ra.

b) Trong truong hop hé phuong trinh c6 nghiém duy nhat (x; y):
i) Tim hé thtc lién hé gitra x va y khong phu thudc ra;

ii) Tim gia tri cua ra dé: 4x + 3y =7.

mx—y=2m

2A. Cho hé phuong trinh: { (m 1a tham s0).

4x -3y=m+6

a) Giai va bién luan hé phuong trinh da cho theo ra.

b) Trong truong hop hé phuong trinh c6 nghiém duy nhat (x; y):
i) Chttng minh rang 2x + y = 3 vi moi gid tri cia m;

ii) Tim gia tri cua ra dé: 6x - 2y = 13.

x+2y=2

2B. Cho hé phuong trinh { (m 1a tham s0).

mx—y=m
a) Giai va bién luan hé phuong trinh da cho theo m.

b) Trong truong hop hé phuong trinh c6 nghiém duy nhat (x; v):

i) Tim hé thttc lién hé gitra x va y khong phu thudc m;

ii) Tim diéu kién cua m d€ x>1vay >0.

Dang 2. Tim diéu kién cta tham s6 d€ hé phuong trinh thoa man diéu kién cho truéc
Phurong phdp gidi: Mot sO bai todn thuong gap ctia dang toan nay la:

Bai todn 1. Tim diéu kién nguyén ctua tham sd dé hé phuong trinh c6 nghiém (x;y), trong do6

x va y cung la nhitng s6 nguyeén.

Bai todn 2. Tim diéu kién ctia tham s6 dé hé phuong trinh ¢6 nghiém duy nhét (x; y) thoa

man hé thire cho trude.

2mx =S5y =-2

3A. Cho hé phuong trinh { (m 1a tham s06). Tim cac gia tri nguyén ctia m dé€

5x—=2my=3-2m

hé phwong trinh c6 nghiém nguyén. Tim nghiém nguyén do.

2.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




2mx+y=2

3B. Cho hé phuong trinh: { (m la tham s0). Tim cdc gia tri m nguyén dé hé

x+2my=4—-4m
phuong trinh nghiém duy nhat (x; y) sao cho x va y nguyén.

mx+y=3

4A. Cho hé phuong trinh: { (m la tham s08). Tim diéu kién ctia tham s6 m dé hé

4x+my=6

phuong trinh c6 nghiém (x; y) thoa man diéu kién x>1vay >0.

mx-y=>5

4B. Cho hé phuong trinh: { (m la tham s8). Tim céc gid tri cia m dé hé phuwong

2x+3my =7

trinh c6 nghiém (x;y) thdéa man diéu kién x>0 va y <0.

(m-D)x—my=3m-1

5. Cho hé phuwong trinh: { (m 1a tham s6). Tim cac gid tri cua tham s6

2x—y=m+5
m dé hé phuong trinh ¢6 nghiém duy nhat (x;y) sao biéu thiic S = x> + y2 dat gia tri nho
nhat.

—2mx+y=35

6. Cho hé phuong trinh: { (m la tham s0).

mx+3y=1

a) Giai hé phuong trinh khi ra =1;

b) Tim cac gia tri ctia tham s6 ra d€ hé phuwong trinh c6 nghiém (x;y) théa man x -y - 2.
III. BAI TAP VE NHA

mx+y=3m-1

7. Cho hé phuong trinh { (m 1a tham s6). Tim cac gid tri tham sO ctia ra d€ hé

x+my=m+1

phuong trinh:

a) C6 nghiém duy nhat;
b) V6 nghiém;

c) Vo s6 nghiém.

x—(m+1)y=1

8. Cho hé phuong trinh: { (m la tham s6). Tim cac gia tri m nguyén dé hé

4x-y=-

phuong trinh nghiém duy nhat (x; y) sao cho x va y nguyén.

x—my=4-m

9. Cho hé phuong trinh: { (m 1a tham s6). Tim cac gid tri m nguyén dé hé

mx+y=1

phuong trinh nghiém duy nhat (x; y) sao cho x va y nguyén.

3.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




mx—y=2

10. Cho hé phuong trinh: { (m 1a tham s0).

2x+my =35
a) Giai va bién luan hé phuong trinh da cho;

b) Tim diéu kién cua tham s m dé hé phwong trinh c6 nghiém duy nhat (x; y) théa man x

2
m

m>+2

+y=1-

mx+2my=m+1

(m 1a tham s0).
xt(m+1)y=2

11. Cho hé phuong trinh: {

a) Giai va bién luan hé phuong trinh da cho;

b) Trong truong hop hé phuong trinh c6 nghiém duy nhat (x;y), goi M(x;y) la diém twong
tng voi nghiém (x; y) cua hé phuong trinh.

i) Chting minh M 1u6n nam trén mot duong thang ¢ dinh khi m thay déi.
ii) Tim cac gia tri cia m dé M thudc goc phan tu thit nhat;

iii) Xac dinh gia tri cia m dé€ M thudc duong tron c6 tam la gdc toa dd va ban kinh
bang V5.

BAI 5. HE PHUONG TRINH BAC NHAT HAI AN CHUA THAM SO

1A. Ttr phuwong trinh thit nhét ta ¢6 x = 2m - my. Thay vao phuong trinh con laj, ta dwoc:
(m?-1)y=2m?>+m-1 (¥)

S6 nghiém ctia hé phuong trinh ban dau bang s6 nghiém cua (*)

a) Khi d6 hé phuong trinh:

i) C6 nghiém duy nhat < m # £1. Nghiém duy nhat la: (x;y) = (__ml’zm—_llj
m-1"m-
*~-1=0
ii) VO nghiém < m am=1
2m* +m—1#0
2 _1=0
iii) V6 s nghiém <1 e me-l
2m* +m—1=0
5 & ) : ‘A ~ -m 2m-1
b) V&i m = £1, hé phuwong trinh cé nghiém duy nhat (x;y) = (_1 ;_1 j
m—-1"m-—
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i) Ta co

ii) He thitc khong phu thuocvaomlax +y=1.
1B. a) Céch 1.Lam twong tw nhu 1A

Cach 2:

* Xét m = 0 = Hé phuwong trinh c6 nghiém duy nhat (%, 2)
*Xét m#0: Vi 2m # 1 < m# £2: Hé Phuong trinh ¢ nghiém duy nhat

m
I m+4
2m+4 m+2

V6im =2: Hé phuong trinh v6 s6 nghiém.

Véi m = -2: Hé phwong trinh v6 nghiém.

b) i) V6i m = £2: Hé phuong trinh ¢6 nghiém duy nhat

1 m+4
xX;y)= R = y=1+4x
(x:7) (2m+4 m+2j 7
i) dx+3y=7 o —t 3D 5o

2m+4 m+2

2A. Tuong ty 1A

2m+3  —m j

a) m# £2=hé co nghiém duy nhat (x;y) = ;
) i A y () (m+2 m+2

m=-2= hé vo nghiém;

m=2= hé v0 s6 nghiém;

b) Vi m = £2

. 2m+3 —m \ A 7

i) Thay x = ;Y= vao hé thitc 2x + y =3 = Dpcm.
m+2 m+2

i) 6x-2y =13 623 0 M 130 m=3.

m+2 “m+2
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2B. Twong tuw 1A

a) Voi m # _?1, hé phuwong trinh c6 nghiém duy nhat.

2m+2  —-m
2m+1 " 2m+1

()= (
Véi m= _71, hé phwong trinh v6 nghiém.

b) i) x +2y =2

m >0 m>0

ii) x>, y>0& ! > 0;
2m+1 2m+1

2mx +2 . Thay vao phuong trinh con lai ta duwoc

3A. Tt phuwong trinh th& nhat ta c6 y=

phuong trinh (25-4m?)x =15 - 6m.

V6i m = i%: Hé phuong trinh c6 nghiém duy nhét

3 3
X, y)= ;1=
() (2m+5 2m+5j

Khi d6 x;y € Z < (2m+5) nhan gia tri la wdc ctia 3 = me {—4; —-3; -2; -1}

Cac cip nghiém nguyeén 1a {(-1,2);(-3;4);(3;-2);(1,0)}

4 4
3B. Twong ti 3A. (x;y) = ; -2 = -1,0
gt A (x:y) (2m+1 2m+1 j me{=10)
4A. Tuong tu 3A. V6i m # +2 : Hé phuong trinh c¢6 nghiém duy nhé't( 3 ; 6 j
m+2 m+2
x>1 ) >1
Khidé{ 1:> mgz oS -2<m<1
y> >0
m+2

4B. Tuong ty 4A.% <m< g

5. Tuwong tu 3A. V6i m # —1: hé cd nghiém duy nhat (m + 1; m - 3)

Khid6o S=x>+y?=2(m-1)>+8>8.

6.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




:>Smin=8taim=1.
-2
6.2a) (x;y)=(-2; 1); b) Twong tu 2A. m = 5

7. Twong ty 1A a)ym = +1 b) m=-1 cm-=1.

8. Twong tw 3A. m e {-1,0}

2

2_
9. Twong tuie 3A. (x;y) = : = 24m+1
m +1  m +1

Dép s6: x va y nguyén voi m e {-1;0;1}

10. Twong tw 1A. a) V6i moi gia tri m, hé phuwong trinh c¢6 nghiém duy nhat

(x:y) = (2m+5 Sm— 4] b)m:l
m*+2 m*+2 7

11. a) Twong tw 2A

Véim # 0 va m # 1: H¢é phuong trinh c6 nghiém duy nhat ( —1 i)
m m

Véi m = 0: hé phurong trinh v6 nghiém

V6i m = 1: hé phuwong trnhf v6 s6 nghiém (2 - 2y; y) véi moi y e R

b) i) goiy: Tt (x;y) = (m—l ij ta khtt m dé tim duoc hé thiee gitra x, y khong phu
m m

thudc m. Dap an: M chay trén duong thang c6 phuong trinh y = -x + 1
ii) M(x;y) thudc goc phan tu thit nhat < x>0 vay >0

bapso:m>1;

iff) Goi y: M €(0;+/5) < OM =5 = m e{—l;%}
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BAI 6. GIAI BAI TOAN BANG CACH
LAP HE PHUONG TRINH

I. TOM TAT LY THUYET
Céc budc gidi bai todn bang cdch ldp hé phuwong trinh:
Bwoc 1. Lap hé phuong trinh:
- Chon céc an s va dat diéu kién, don vi thich hop cho cac an so;
- Biéu dién cac dai luong chua biét theo cac an va cac dai luong da biét;
- Lap hé phuong trinh biéu thi su twong quan gitra cac dai lwgng.
Buwoc 2. Giai hé phuwong trinh vira tim duoc.
Buwedc 3. Két luan:

- Kiém tra xem trong cac nghiém ctia hé phuong trinh, nghiém nao thoa man diéu kién ctia

A2

an.
- Két luan bai toan.

II. BAI TAP VA CAC DANG TOAN

Dang 1. Bai toan vé quan hé giira cac s6

Phurong phdp gidi: Ta st dung mot sd kién thirc lién quan sau day:

1. Biéu dién s8 c6 hai chir s6: ab - 10a + b trong d6 a 1a chit s§ hang chuc va0<a<9,a ae
N, b la cht s hang donviva0<b <9,b € N.

2. Biéu dién s8 c6 ba chit s8: abc =100a +10b + ¢, trong d6, a 14 chir s6 hang trim va 0 <a
< 9,ae N,blachirsd hang chucva0 < b <9, b € N, clachtsé hangdonviva0 < ¢ <
9,c € N.

1A. Cho m6t sO ¢o hai chir s6. Néu doi cho hai chit sO ctia né thi dwoc modt s6 1én hon s6 da

cho 1a 63. Biét tong ctia s& da cho va s6 méi tao thanh bang 99, tim s& da cho.

1B. Tim s0 tu nhién c6 hai chi s0 biét chit s6 hang chuc 16n hon chit s6 hang don vi la 2,
néu viét xen chit s6 0 vao gitta chit s6 hang chuc va chit s6 hang don vi thi s6 d6 tang thém
630 don vi.

Dang 2. Bai toan vé 1am chung, 1am riéng cong viéc

Phuwong phdp gidi: Mot sO luu y khi giai bai toan vé lam chung, lam riéng cong viéc:
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1. Bai toan vé lam chung, lam riéng cong viéc con cé tén goi khac la todn nang sudt.
2. C6 ba dai lugng tham gia vao bai todn la:

- Toan bd cong viéc;

- Phan cong viéc lam dwoc bong mot don vi thoi gian (ndng suat);

- Thoi gian hoan thanh mot phan hodc toan by cong viéc.

N Al g A A Iy e Ap N a2 | A
3. Néu mot doi lam xong cong viéc trong x ngay thi mot ngay doi doé lam dwoc — cong
x
viéc.

4. Thuong coi toan bo cong viéc la 1.

2A. Haiban A va B cung lam chung mét cong viéc thi hoan thanh sau 6 ngay. Hoi néu A
lam mot minh 3 ngay roi nghi thi B hoan thanh nét cong viéc trong thoi gian bao 1au? Biét

rang néu lam mot minh xong cdng viéc thi B 1am lau hon A 1a 9 ngay.

2B. Hai d0i xe cho cat d€ san lap mot khu dat. Néu hai doi cung lam thi trong 18 ngay xong
cong viéc. Néu doi thit nhat lam 6 ngay, sau d6 doi thit hai lam ti€p 8 ngay nita thi duoc

40% cong viéc. Hoi moi doi 1am mdt minh bao 1au xong cong viéc?

3A. Hai voi nudc cung chay vao mot bé thi sau 4 gio 48 phuat bé day. Néu voi I chay bong 4
gio, voi II chay trong 3 gio thi ca hai voi 3

chay duoc %bé’. Tinh thoi gian moi voi chdy mot minh day bé.

3B. Hai voi nuedce cung chay vao mot bé khong cé nuwdc thi sau 2 gio 55 phut day bé. Néu dé

chay mot minh thi voi thit nhat chay day bé nhanh hon voi thit hai la 2 gio. Tinh thoi gian
mdi voi chdy mot minh ma day bé.
Dang 3. Bai toan vé chuyén dong ctia mot vat
Phuwong phdp gidi: Mot s lwu y khi gidi bai todn vé chuyén dong cia mot vat:
1. C6 ba dai lwgng tham gia la quang duong (s), van toc (v) va thoi gian (t).
2. Ta c6 cong thirc lién hé gitta ba dai lwong s, v va t la:
s=uo.t.
4A. Mot 6t6 di quang duong AB véi van toc 50km/gio, roi di tiép quang duong BC vdi van

tOc 45km/gio. Biét quang duong tong cong dai 165km va thoi gian 6t6 di trén quang duong
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AB it hon thoi gian di trén quang duong BC 1a 30 phut. Tinh thoi gian 6 t6 di trén mdi doan

dwong.

4B. Mot 6t6 du dinh di tir A d&én B trong mot thoi gian nhat dinh. Néu xe chay moi gio
nhanh hon 10km thi dén noi sém hon du dinh 3 gio, con néu xe chay cham lai mdi gio
10km thi dén noi cham mat 5 gio. Tinh van toc cta xe luc dau, thoi gian du dinh va chiéu

dai quang dwong AB.

5A. Mot cand chay trén sdng trong 7 gio, xu6i dong 108km va nguoc dong 63km. Mot lan
khac cling trong 7 gio cand xudi dong 81 km va nguoc dong 84km. Tinh van t6c nuwdc chay
va van toc cand lic nudc yén lang.

5B. Mot chiéc can6 di xudi dong theo mot khiic song trong 3 gio va di ngugc dong trong
vong 4 gio, dwoc 380km. Mot Ian khéc, cand nay di xudi dong trong 1 gio va nguoc dong
trong vong 30 phat dwoc 85km. Hay tinh van tdc that (Iac nwdce yén lang) cua cand va van
toc ctia dong nudc (biét van toc that ctia cand va van téc dong nuedce 6 hai lan la nhu nhau).
6A. Mot khach du lich di trén 6t6 4 gio, sau d6 di tiép bang tau hoa trong 7 gid duoc quang
duong dai 640/cm. Hoi van toc ctia tau hoa va 6td, biét rang mdi gio tau hoa di nhanh hon
oto 5km?

6B. Hai nguoi khach du lich xuat phat dong thoi tir hai thanh pho cach nhau 38km. Ho di
nguoc chiéu va gdp nhau sau 4 gio. Hoi van t8c ciia mdi ngudi, biét rang dén khi gap
nhau, nguoi tht nhat di duwoc nhiéu hon nguoi thi hai 2km?

Dang 4. Bai toan vé ti s6 phan tram

Phurong phdp gidi: Chti y rang, néu goi s8 san pham 1a x thi s§ san pham khi vuot mtic a% la

(100 + 2)%.x.

7A. Hai xi nghiép theo k& hoach phai lam tong cong 360 dung cu. Trén thuc t€, xi nghiép 1
vuot mitc 12%, xi nghiép 2 vieot miec 10% do d6 ca hai xi nghiép lam tong cong 400 dung

cu. Tinh s6 dung cu moi xi nghiép phai lam.

7B. Trong tuan dau hai t6 san xuét dwgc 1500 by quan 4o. Sang tuan thi hai, t6 A vuot
mtc 25%, t6 B giam mutc 18% nén trong tuan nay, ca hai t6 san xudt dwoc 1617 bo. Hoi

trong tuan dau moi td san xuat duoc bao nhiéu?
Dang 5. Bai toan cé ndi dung hinh hoc

Phirong phdp gidi:

-V6i hinh ch nhat:

3.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




Dién tich = Chiéu dai x Chiéu rong
Chu vi = (Chiéu dai + Chiéu rong) x 2
-Véi tam gidc:
Dién tich = (Buong cao x Canh day): 2

Chu vi = Tong d¢ dai ba canh.

A .7 4 A Q/ 3 14 N A i A ? \ /4
8A. Mot tam gidc c6 chiéu cao bang 2 canh ddy. Néu chiéu cao tang thém 3dm va canh day

giam di 3dm thi dién tich ctia né tang thém 12 dm?. Tinh chiéu cao va canh ddy ctia tam
giac.
8B. Mot khu vuron hinh chit nhat ¢6 chu vi bang 48m. Néu tiang chiéu rong 1én bon 14n va

chiéu dai Ién ba Ian thi chu vi ctia khu vieon sé la 162m. Hay tim dién tich ctia khu vuon

ban dau.
Dang 6. Bai toan vé su thay déi cac thira s6 cua tich

9A. Mot 6t6 di tir A dén B véi van tdc va thoi gian du dinh. Néu 6t6 tang van tdc 8km/h thi
dén B sém hon du dinh 1 gio. Néu 6t6 giam van toc 4km/h thi dén B cham hon du dinh 40
phat. Tinh van t6c va thoi gian du dinh.

9B. Trong hdi truong c6 mot s& bang ghé, mdi bang ghé quy dinh ngdi mot s6 nguodi nhu
nhau. Néu bét 2 bang ghé va mdi bang ghé ngdi thém 1 nguoi thi thém dwoc 8 chd. Néu
thém 3 bang ghé& va mdi bang ghé& ngdi bét 1 nguoi thi giam 8 chd. Tinh s6 bang ghé trong

hoi truong.
III. BAI TAP VE NHA

10. Mot manh vuon hinh chit nhat cé dién tich 1a 720m?, néu tang chiéu dai thém 6m va
giam chiéu rong di 4m thi dién tich manh vuon khong doi. Tinh cac kich thudc cia manh

vuon.

11. Mot hinh chit nhat. Néu tang chiéu dai thém 2m va chiéu rong 3m thi dién tich tang
100m2 Néu cung giam chiéu dai va chiéu rong 2ra thi dién tich giam 68m?2. Tinh dién tich
thita rong do.

12. Hai voi nudc cung chay chung vao mot bé khong cé nuwdc trong 12 gio thi day bé. Néu
dé voi tht nhét chay mot minh trong 5 gio roi khoa lai va mo tiép voi thit hai chay mot
minh trong 15 gid thi dwoc 75% thé tich cta bé. Hoi moi voi chay mot minh thi trong bao
lau sé day bé?
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13. Hai cong nhan néu lam chung thi hoan thanh mot cong viéc trong 4 ngay. Nguoi the
nhat lam mot nira cong viéc, sau d6 nguoi thit hai lam ndt ntra cong viéc con lai thi toan b
cong viec sé duoc hoan thanh trong 9 ngay. Hoi néu mdi nguoi lam riéng thi sé hoan thanh

cong viéc do trong bao nhiéu ngay?

14. Mot cand nguoc dong tit bén A dén bén B vdi van toc riéng la 10km/gio, sau d6 lai xudi
tte bén B tro vé bén A. Thoi gian cand nguoc dong tir A dén B nhiéu hon thoi gian can6
xudi dong tir B tro vé A 1a 2 gio 40 phat. Tinh khoang cach gitra hai béh A va B. Biét van
toc dong nudc 1a 5km/gio, van toc riéng ctia cand ltc xudi dong va lic ngroc dong bing

nhau.

15. Hai xe may khoi hanh cting mot ltic tir hai tinh A va B cach nhau 90km, di nguoc chiéu
va gdp nhau sau 1,2 gio (xe thit nhat khoi hanh tir A, xe thit hai khoi hanh te B). Tim van

t6c cia moi xe. Biét rang thoi gian dé xe thit nhat di hét quang duong AB it hon thoi gian

d€ xe tht hai di hét quang duwong AB la 1 gio.

16. Hai dia diém A va B cach nhau 200km. Cung mot 1tc cé mot 6t di tir A va mot xe may
di tir B. Xe may va 6td gdp nhau tai C cach A mot khoang bang 120km. Néu 6td khéi hanh
sau xe mdy 1 gio thi sé gdp nhau tai D cach ¢ mot khoang 24km. Tinh van t6c xe may va
oto.

17. C6 hai phan xuong, phan xueong I lam trong 20 ngay, phan xudng II lam trong 15 ngay
dugc 1600 dung cu. Biét s§ dung cu phan xuong I 1am trong 4 ngay bang s8 dung cu phan
xuwong IT 1am trong 5 ngay. Tinh s6 dung cu mobi phan xwong da lam.

18. Trong mot ki thi, hai truong A, B ¢6 tdng cong 350 hoc sinh dy thi. Két qua hai treong
d6 c6 338 hoc sinh trang tuyén. Tinh ra thi truong A c6 97% va truong B ¢6 96% s6 hoc
sinh tring tuyén. Héi moi tredng cé bao nhiéu hoc sinh du thi.

19. Nguoi ta tron 4kg chat 1ong loai I v6i 3kg chat 1ong loai IT thi dwgc mot hdn hop c6 khai
luong riéng 1a 700kg/m?. Biét khoi luong riéng ctia chat long loai I 16n hon khoi luong riéng
ctia chat 1ong loai IT 200kg/m3. Tinh khoi lwong riéng ctia moi chat.

20. Trong mot budi lién hoan van nghé, phong hop chi ¢6 320 chd ngdi, nhung s6 ngudi téi
du hdom dé 6 téi 420 nguoi. Do d6 phai dat thém 1 day ghé va thu xép d€ mdi day ghé
thém duoc 4 nguwoi ngdi nira maéi du. Hoi luc dau trong phong c6 bao nhiéu day ghé?

BAI 6. GIAI BAI TOAN BANG CACH LAP HE PHUONG TRINH

1A. Goi s6 can tim 12 ab, aeN',beN", a;b<9
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) ba—ab =63
Taco HPT: <
ab+ba =99

Giai HPT thu dwoc ab =18, ba =81
Tir &6 ta cd sO can tim 1a 18.
1B. Goi s6 can tim 13 ab, aeN", beN, a,h<9

)
Ta c6 HPT: 1 . Tir d6 thu duoc 8 can tim 1a 75.
90 = 630

2A. Goi thoi gian A, B la mét minh xong cong viéc lan luot la x, y (ngay) (PK: x, y <6).

X 7 A \ \ 1 A o« A
Moi ngay cac ban A, B 1an lwot [am dugc 1 va — cong viéc.
X y

11
—t—=— :9
Tac6HPT: Jx y 6.Giai HPT thu duoc {x 9
y—x=9 r=

Két luan.

2B. Goi thoi gian xe I, xe II lam mdt minh xong cdng viéc lan luot la x, y (ngay) (PK: x, y >
18).

1

+
x=45

Ta co HPT:
y =30

. Giai HPT thu dwoc {

1
y
8
y 100

1
x
6
x

Két luan.

3A. Goi thoi gian voi I, voi II, chay mot minh day bé Tan luot la x, y (gio) (PK: x, y > 5).

1,15
24 _3
Tim dwoc HPT: 4 ¥ <" Giai HPT thu duoc {
4 3 3 y=12
— ==
x y 4
Két luan.

3B. Goi thoi gian voi I, voi II chay mot minh day bé lan luwot 1a x, y (gio) (PK: x, y > 3).
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11

1
== =7
Tac6HPT: Jx  y  35.Giai HPT thu duoc {x .
x—y=2 Y=

Két luan
4A. Goi thoi gian 6 to di trén mdi doan duwong lan luot 1a x, y (gid) (PK: y > x > 0)

50x+45y =165
y—x=0,5

x=15

Ta c6 HPT: {
y=2

. Giai HPT thu duwoc {

Két luan.

4B. Goi chiéu dai AB can tim la x (x > 0,km) va van toc theo du dinh la y (y > 10,km/gio)

X _X_
10
Theo bai ra ta c6 HPT: e Y
X X
=—+5
y=10 y
=600
Giai HPT thu duoc *
y=40

Vay van toc lac dau la 40km/gio, thoi gian du dinh la 15 gio,quang duong AB dai
600km.

5A. Goi van t0c riéng cua cand va van toc dong nuwdc lan luot la x, y (km/h) (BK: x >y > 0)

108 63
oy 24
+ — =
TacoHPT: {* 7Y 7Y Giai HPT thu dwoc |
81 84 y=3
+ =7
X+y x-y

Vay van téc dong nwdc va van tdc cand lan luot la 3km/h va 24km/h.
5B. Goi van toc riéng cua cand va dong nudc lan luot la x, y (km/h) (BK: x >y > 0)
3(x+y)+4(x—y)=380

Ta c6 HPT: 1
(x+y)+5(x—y) =85

x =55

Giai HPT ta duwoc {
y=3

Két luan.
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6A. Goi van toc cua 0 t0 la x (km/h) va van tdc tau hoa la y (km/h) (y > x > 5). Ta ¢c6 HPT:

4x+7y =640 x=5
=
y—x=5 y=4,5

Van toc cua nguoi A 1a 5km/h, van tdc ctia nguoi B 1a 4,5km/h.
7A. Goi s6 dung cu xi nghiép I va Il 1am lan luotla x, y (x, y € N”)

360 — 200
Ta 6 HPT: {x” {x

&
112%.x+110%.y =400 y =160
Vay s6 dung cu xi nghiép I va II Tan luot phai lam 1a 200 (dung cu) va 160 (dung cu)
7B. Goi s6 bd quan ao t6 A va B san xuat duoc trong tuan dau lan luotlax, y (x, y e N”)

1500 900
Ta 6 HPT: {“y {x

&
125%.x+82%.y =1617 =600
Vay s6 b0 quan ao to A va B lan lugt lam trong tuan dau la 900 (b9) va 600 (bo)

8A. Goi chiéu cao va chiéu dai day cua tam giac lan luot la x, y (dm) (x>0, y > 3)

=Y =33
Ta c6 HPT: 4 <:>{x

%(x+3)(y—3)—%xy=l2 y=44

Vay chiéu cao va chiéu dai ddy ctia tam gidc la 33dm va 44dm.
8B. Goi chiéu dai va chiéu rong ctia khu vuon lan luot 1a x, y (m) (x, y> 0).

+y=24 =9
Ta c6 HPT: {x Y <:>{x

4x+3y =281 y=15
Vay chiéu dai va chiéu rong khu vuon 1a 9m va 16m.

9A. Goi van toc du dinh va thoi gian du dinh ctia 6 t6 lan luot la x (km/h), y (gio) (x >4, y >
1y

(x+8)(y—-1D=xp
— 40
Ta c6 HPT: {x

=4+ =w " lr=6

Vay van toc du dinh cua 6 t6 la 40km/h va thoi gian du dinh 1a 6 (gio).
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9B. Goi 58 bang ché 1a x (ghé) va s8 chd ngdi trén mdi bang ghé'lay (chd) (x>2,y>1, %,y
eN).

SO nguoi ban dau la xy (nguoi)

Sau khi b6t di 2 bang ghé thi con lai x - 2 gh&. Mdi ghé& ngdi thém 1 nguoi thi s6 chd
ngdi trén moi bang ghé 1a y + 1. Khi d6 thém duwoc 8 ngudi so véi ban dau, do dé ta cb
phuong trinh (x - 2) (y +1) =xy +8.

Lap luan tewong tw ta c6 HPT:

(x-2)(y+1D)=xy+8 x=20
(x+3)y-D=xy-8 " |y=3

Vay s0 bang ghé'la 20 (gh€)

10. Goi chiéu dai va chiéu rong khu vueeon lan lwot la x, y (m) (x >0, y > 4)

=720 =30
Ta c6 HPT: {xy {x

=
(x+6)(y+-4)=720  |y=24
Vay chiéu dai va chiéu rong khu vuon lan luot la 30m va 24m.

11. Goi chiéu dai va chiéu rong hinh ch@ nhat [an luot 1a x, y (m) (x> 2, y > 3).

+2)(y—3) = xy+100 —2
Ta c6 HPT: {(x y=3)=x :»{x

(x+6)(y—2)=xy—068 y=14
Vay chiéu dai va chiéu rong hinh ch@ nhat lan luot la 22m va 14m.
12. Goi thoi gian voi I va voi II chay mot minh day bé Tan luot la x, y (gio) (x, y > 12).

1

1

x y 12 x=20
=

§+1_5_ 75 y=30

x y 100

Ta c6 HPT:

Vay thoi gian voi I va voi I chay mot minh day bé lan lwot 14 20 gio va 30 gio.

13. Goi thoi gian nguoi tht nhat va nguroi th hai lam mét minh Ian luot la x, y (ngay) (x, y
> 4)

- ~6 12
TacoHPT: 4% ¥ 4 :{x 2hoéc{x
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Vay thoi gian nguoi thit nhat va nguoi thit hai lam 1 minh xong viéc 1a 6 ngay va 12
ngay hodc nguoc lai.
14. Goi thoi gian ca né ngugc dong tir A dén B va xudi dong tir B vé A Tan luot 1a x, y (gio)
(x>y>0)

o8 220
Ta c6 HPT: TR L
15x =25y y=4

Vay khoang cach AB la 25.4 = 100km.

15. Goi van tdc xe tht nhat va xe thit hai lan luot la x, y (km/h) (x, y > 0)

x=45
=
y =30

1,2x+1,2y =90

Ta co HPT: <90 90 1

y X
Vay van toc xe th nhét va xe thit hai Ian luot la 45km/h va 30km/h.

16. Goi van toc xe 6 td va xe may lan luot 1a x, y (km/h) (x, y>0). Khi 2 xe cung xudt phat va
gdp nhau tai C thi 6 t6 va xemays lan luot di dwoc quang duong 120km va 80km ta co
phuong trinh 120 _80 ;
x y
Khi xe 6 t6 xudt phét sau xe may va gap nhau tai D thi 6 td va xe may lan lwot di
96 104

duoc quang dwong 96km va 104km ta c6 phuong trinh —+1=—;
X y

12080

— 60
TacourT: | © 7 17
96,104 |y=40

X y
Vay van tdc cta 6 to 1a 60km/h va van toc ctia xe may 1a 40km/h.
17. Goi s6 dung cu 2 phan xudng lam trong 1 ngay lan luot la x, y (dung cu) (x >y > 0). (x,

y eN7)

. 20x+15y =1600 x=50
Ta co HPT: =

4x =Sy y =40

Vay s0 dung cu phan xwong I va II phai lam Ian lwot 1a 20.50 = 1000 (dung cu) va
15.40 = 600 (dung cu)
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18. Goi s0 hoc sinh hai truong lan lwot 1a x, y (hoc sinh) (x, y e N”)

x+y=350

Ta c6 HPT: < 97 926 =
—x+—y=338
100 100

x =200
y =150

Vay s6 hoc sinh du thi treong A va B lan lwot 1a 200 hoc sinh va 150 hoc sinh.
19. Goi khoi luong riéng ctia chat 1ong loai I va loai II [an lwot 1a x,y (kg/m®) (x, y > 0)

4kg chat long loai I va 3kg chat 1ong loai II Tan luot sé khdi luong riéng la

b

= |~
< |w

7

4 3
74’_7
Xy

(kg /m’)

(kg/m?®), khi d6 hon hop sau khi tron c6 khéi luong riéng la

7
—3—700

. x =800
Ta co HPT: ;"‘* :>{

y ¥ =600

x—y =200

Vay khdi luong riéng cua chat long loai I 1a 800kg/m?® cua chat long loai II la
600kg/m?.
20. Goi s8 day ghé trong phong ltc dau 1a x (day) (x e N"). Goi s6 ghé trong mdi day la y
(ghé) (y eN’)

Ban dau c6 320 nguoi nén ta c6 phuong trinh xy = 320;

Khi téng s6 day ghé thém 1 va s6 nguoi 1 day thém 4, ta cd phuwong trinh (x + 1) (y +
4) = 420.

, xy =320 x=4 . |x=20
Ta co HPT:

(x+1)(y+4)=420

Vay s6 day ghé luc dau trong phong la 4 day hodc 20 day.
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ON TAP CHUONG III
I. TOM TAT LY THUYET
Xem phan Tém tit ly thuyét tr Bai 1 dén Bai 6 ctia chwong nay.
II. BAI TAP VA CAC DANG TOAN

x+my=4

(m 1a tham s0).
x=2y=3

1A. Cho hé phuwong trinh: {

a) Giai hé phuong trinh véi m = 3.

b) Tim cac gia tri ctia tham s6 m d€ hé phuwong trinh da cho:
i) C6 nghiém duy nhat;
ii) Vo nghiém;
iii) V6 s6 nghiém.

mx—y=2

1B. Cho hé phuwong trinh { (m 1a tham s0).

3x+my=5
a) Chttng minh rang hé phurong trinh c6 nghiém duy nhat véi moi gia tri ctia tham s& .

b) Goi (x;y) 1a nghiém duy nhat ctia hé phuong trinh. Tim cac gia tri caa m deé:

2 >0
i) xty=1-—"_. i) {x

m’+3 y<0

x+my=m+1

2A. Cho hé phuong trinh: { (m 1a tham s0).

mx+y=2m
a) Giai va bién luan hé phuong trinh da cho theo tham s6 m.

b) Tim cac gia tri m nguyén dé hé phuong trinh cé nghiém duy nhat (x; y) véix vay la

nhitng s6 nguyén.
¢) Tim hé thitc lién hé gitra x va y khong phu thudc m.

3x4+2y=m i
Y™ (112 tham s8).

2B. Cho hé phuong trinh: {
x+my=3

a) Giai hé phuong trinh véi m = -3.

b) Giai va bién luan hé phuong trinh da cho.
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c¢) Tim cac gia tri ctia m hé phuong trinh c¢é nghiém (x; y) thoa man diéu kién 3x + 4y = -5.

3A. Mot hinh ch nhat ¢ chu vi 110m. Hai [an chiéu dai hon ba chiéu rong la 10m. Tinh
dién tich hinh ch nhat.

3B. Mot khu vuon hinh chit nhat ¢6 chu vi 280m. Nguoi ta lam mot 161 di xung quanh vueon
(thudc dat cua vuon) rong 2m, dién tich con lai la 4256m2. Tinh cac kich thwdce cua khu

vuron.

4A. Hai nguoi cung lam mot cong viéc trong 7 gio 12 phut thi xong cdng viéc. Néu nguoi
thit nhat lam trong 4 gio, ngwoi thit hai, lam trong 3 gio thi dwoc 50% cong viéc. Hoi mbi

nguoi lam mot minh trong may gio thi xong cong viéc?

4B. Mot doi xe van tai phai van chuyén 28 tan hang dén mét di, diém quy dinh. Vi trong
ddi c6 2 xe phai diéu di lam viéc khat nén moi xe phai chd thém 0,7 tdn hang nita. Tinh s§

xe cua do luc dau?

5A. Mot cand xudi tir A dén B véi van toc xudi dong 1a 30km/h, sau d6 lai nguoc tir B vé A.
Thoi gian xu6i it hon thoi gian nguoc 1 gio 20 phut. Tinh khoang cach gitra hai bén A va B
biét rang van tdc dong nude 1a Skm/h va van toc riéng ctia cand khi xudi va nguoc 1a bang

nhau.

5B. M{t cané chay trén song trong 8 gio, xudi dong 81 A:m va nguoc dong 105km. Mot lan
khac cling chay trén khtic song dod, cand nay chay trong 4 gio, xudi dong 54km va nguoc
dong 42km. Hay tinh van tdc khi xu6i dong va nguoc dong cta cand, biét van téc dong

nudc va van toc riéng cta cand khong doi.

6A. Ban Tudn vao ctta hang Bach héa hoi mua 1 d6i giay va 1 bd quan ao thé thao, gia tién
tong cong la 148 000 dong. Mot tuan sau tro lai, gia mdi ddi giay giam 20%, gid moi bd
quan ao thé thao giam 40%. Ban Tuan dua cho c6 ban hang 110 000 dong; c6 ban hang tra
lai cho ban Tuén 8 900 dong. Hoi gia tién 1 doi giay, gia tién 1 bo quan ao thé thao khi chwa
giam gia la bao nhiéu?

6B. Thang thit nhat hai t6 san xuat dwgc 900 chi ti€t may. Thang thi hai to I vueot mic 15%,
t0 I vieot miee 10% so véi thang thit nhat. Vi vay hai t6 da san xuat dwoc 1010 chi tiét may.
Hoi thang thtr nhat mdi t6 san xuat dwoc bao nhiéu chi tiét may?

III. BAI TAP VE NHA

+y=2
7. Cho hé phuong trinh: Y (m 1a tham s0).
2x -3y =6

a) Giai hé phuong trinh véim = 1.
2.Puong tuy gan khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




b) Tim m d€ hé c6 nghiém duy nhat (x; y) sao cho x, y nguyén duong.

2x+3y=m

8. Cho hé phuong trinh: { 6 (m la tham s0).

2x -3y =
a) Giai hé phuong trinh véi m = 3.

b) Tim cac gia tri cua m d€ nghiém (x ; y) ctia hé phuong trinh théa man diéu kién x >0, y >
0.

(a-Dx+y=a

(a 1a tham sb).
x+(a-1)y=2

9. Cho hé phuong trinh: {

a) Giai bién luan hé phwong trinh da cho theo a.

b) Trong truong hop hé c6 nghiém duy nhat (x; y), hay tim:
i) Hé thitc lién hé gitra x va y khong phu thudc a.
ii) Cac gia tri cilaa d€ x va y thoaman 6x? - 19y =5.

2x-3y=23/m+6

x—y:x/%+2

a) Giai hé phuong trinh véi m = 4.

10. Cho hé phuong trinh { (m la tham s6 khong am).

b) Tim cac gia tri cua m sao cho biéu thirccp - x + y dat gia tri nho nhat.

mx+4y=10—m

11. Cho hé phuong trinh { (m 1a tham s0).

x+my=4

a) Giai hé phuong trinh khi m = V2.

b) Giai va bién luan hé phuong trinh da cho theo tham so ra.

¢) Trong treong hop hé c6 nghiém duy nhét (x; y), tim cac gia tri cua ra dé:
i)y-5x=-4; ii)x<1lvay>0.

12. Tim hai s6 biét tong ctia chting 1a 17, tong binh phwong mdi s6 1a 157.

13. Mot thira rudng hinh chit nhat c6 dién tich la 700m?2. Tinh d¢ dai cdc canh cta thita
rudng, biét rang néu tang chiéu rong cua thira rudng 1én 2m va giam chiéu dai ctia thira
ruong di 5m thi dién tich cua thira ruong sé tang thém 5m>.

14. Mot thira rudong hinh tam giac c6 dién tich 180m?. Tinh chiéu dai canh day thtra rudng,

biét rang néu tang canh ddy thém 4m va chiéu cao giam di 1 ra thi dién tich khong ddi.
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15. b€ hoan thanh mot cong viéc, hai to phai lam chung trong 6 gio. Sau 2 gio lam chung
thi t6 hai bi diéu di lam viéc khac, t6 mot da hoan thanh nét cong viéc con lai trong 10 gio.

Hoi néu moi t6 1am riéng thi sau bao lau sé hoan thanh cong viéc?

16. Mot nguoi di xe may tir A dén B cach nhau 120km:ra véi van tdc du dinh trude. Sau khi
di duoc 1/3 quang duwong AB nguoi do6 tang van toc thém 10km/gio trén quang duong con
lai. Tim van tSc dy dinh va thoi gian 1in banh trén duong, biét rang nguoi dé dén B sém
hon du dinh 24 pht.

17. Mot ngwoi du dinh di xe dap tit A dén B cach nhau 36km trong thoi gian nhat dinh. Sau
khi di dwgc nira quang duvong nguoi d6 dung lai nghi 18 phat. Do d6, d€ dén B dung hen
nguoi d6 da tang van toc thém 2km/gio trén quang duong con lai. Tinh van toc ban dau va
thoi gian xe lan banh trén dwong.

18. Mot cong nhan du dinh lam 150 san pham trong mot thoi gian nhat dinh. Sau khi lam
duoc 2 gio voi nang suat du kién, nguoi do da cai tién cac thao tac nén da tang nang suat
duoc 2 san pham mdi gio va vi vay da hoan thanh 150 san pham sém hon duw kién 30 phut.
Hay tinh nang suat du kién ban dau.

19. C6 hai loai quing chtta 75% sat va 50% sat. Tinh khoi lwong ctia mbi loai quang dem
tron d€ dwgc 25 tan quang chira 66% sdt.

20. C6 ba thung chura tat ca 80 lit dau. Thung thi nhat chira nhiéu hon thung thi hai 10 lit.
Néu do6 26 lit tir thung th nhdt sang thung thit ba, thi s6 dau ¢ thung thw hai va thung th
ba bang nhau. Héi s§ dau ban dau 6 thiing thit nhat va thung thit hai?

21. Trong mot phong hop c6 mét sd ghé dai. Néu xép mdi ghé 5 nguoi thi ¢ 9 nguoi
khong c6 chd ngdi. Néu x&p ghé 6 nguoi thi thira 1 ghé. Héi trong phong hoc c6 bao nhiéu

ghé€ va c6 bao nhiéu nguoi du hop?

ON TAP CHUONG III

11. a) Hoc sinh ty giai: (a;y)= (—;—j
b) i) Hé phuong trinh c6 nghiém duy nhét < % # % =>m#-2

ii) Hé phwong trinh v6 nghiém < % # % # % =>m-—2
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N . A n 1 4 N “ . ,
iii) Hé phwong trinh c6 v6 s6 nghiém < 1 L N khong ton tai m théa

man.

1B. a) Ta co % # -1 < m? # -3 dung véi moi m. Vay hé c6 nghiém duy nhét véi moi m.

m
b) St dung phuong phap thé (hoac cong dai s0) tim dwoc (x; y):(2n21+5; 5"3_6)
m +3 m +3
Khi do
. m’ 2m+5 S5m—6 m’ 4
1) x+y:1— 3 = > + 3 :1— 3 Sm=—
m+3  m+3 m +3 m”~+3 7
2m+5
x>0 2 3>0 5
ii) S{Mm T o Zam<
y<0 Sm—6 2 5
——<0
m-+3

x=-my+m+l

2A. a) Pua hé phuong trinh vé
(m—-D)(m+1).y =m(m-1)

+Néu m = -1 hé da cho vd nghiém;

+Néu m =1 hé da cho c¢6 v sd nghiém;

x_2m+1
+N&u m#1 va m#-1 hé da cho c6 nghiém duy nhat { ™ *1
m
Cm+1
2m+1EZ 5 1 <7
b) Theo cau ¢, tacd x,yeZ < m+1 m1+1
" ez |1I-——eZ
m+1 m+1
Ttwr 6 tim dwoc m = {0; -2}
x=2-—L
c) Ta co m1+1:x y=1
L
m+1

2B. a) Hoc sinh ty giai: (x;y) = [_i _Ej
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x=-my+3

b) Pua hé phuwong trinh vé
2-3m)y=m-9

+Né&u m :% hé da cho v6 nghiem;

-m°+6
2 T3

+Neéu m# hé da c6 nghiém duy nhat —9m
m_
Y723

¢) Theo cau b ta co

-3m* +18 4m-36 m——§
3x+4y=-5= m + 2 =-S5& 3
2-3 2-3m m=—1

3A. Goi chiéu dai, chiéu rong manh dat x, y (m) (DK x, y > 0)

x=35
y =20

x+y=355

Ta c6 HPT:
2x-3y=10

. Giai HPT thu dwoc {

Két luan.
3B. Goi chiéu dai, chiéu rong manh dat la x, y (m) (DK x>y > 4)

x=80
y=60

x+y=140

Ta c6 HPT:
(x—4)(y—4) = 4256

. Giai HPT thu duwoc {

Két luan.

4A. Goi thoi gian nguoi tht nhét va th hai 1a mot minh xong cong viéc lan luot la x, y
(id) (DK: x, y >7)

X LN \ e 7 ~, \ 7 c A \ 1 \ 1 A oA
MOai gio nguoi thit nhat va thit hai lan lwot lam duwoc — va — (cong viéc)
X y

1 1 5
Y3 36 ~12

Taco HPT: | ? . Giai HPT thu duoc {x:lg
— 4+ =50% Y=
Xy

Két luan.

4B. Goi s8 xe ltc dau va ldc sau lan luot 1a x, y (xe) (PK: x, y eN', x, y >2)
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28 28

TacoHPT:{ y x  .Giai HPT thu du’oc{
x—-y=2

x=10
y=38

Két luan.

5A. Goi quang dwong AB va van toc riéng cua ca n6 lan luot la x (km), y (km/h) (BK: x >0,
y>5)

X X 4
. 80
Tac6HPT: | y—5 y+5 2.Giai HPT thu duoc {x s
y+5=30 I

Két luan.

5B. Goi van toc riéng cua ca nd va van toc dong nudce lan lwot 1a x, y (km/h) (PK: x >y > 0)

81 105
* =8 —24
TacsHPT: 77 7Y Giai HPT thu duoc 4~
54 42 y=3
+ =4
X+ y X — y
Két luan.

6A. Goi gia tién 1 doi giay va 1 bd quan 4o truedce khi giam gia Ian lwot 1a x, y (dong) (BK: x;
y>0)
x+y =148000

Ta c6 HPT: .
80%.x+60%.y =101100

x=61500

Giai HPT thu duwoc
y =86500

Két luan.

6B. Goi s chi tiét may t6 I va t6 II lam trong thang, tht nhat lan lwot la x, y (chi tiét) (BK:
X,y >0)

x+y=900

Ta c6 HPT: .
115%.x+110%.y =1010

x =400

Giai HPT thu duoc
3 =500

Két luan.
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a) Hoc sinh ty giai (x;y) = (%;_é);

b) Heé c6 nghiém duy nh&t khi 2% -1 e m» -2

12
X =
Khi d6 giai HPT tim duoc { > +?2
_ —bm+4
3m+2

Taco x,yeZ =

eZ" = m=0 tht lai thoa man.
3m+2

6 13
8. a) Hoc sinh tw gidi (x;y)=| —;— |;
) He r giai (x;) (17 17}
m+3
X = 5
b) Giai HPT tim duoc 51 ,-Taco xy>0=m>2
T
=—(a-1x+
9. a) bua hé phuong trinh vé y=-(a=hx+a
a(a-2)x=(@-2)(a+1)
+Neéu a =0 hé da cho vo nghiém;
+Neéu a =2 hé da cho cd v0 s6 nghiém;
a+1
xX=—-
+Né&u a#0 va a#2hé da cho c6 nghiém duy nhat 1"
==
a
:a+1:1 1
b) i) ta co a P x—y=1
y==
a
. s 1y o1 a=1
i) Tacod 6x"-19y=5<6/1+—| -19.—=5<
a a a=6

10.  a) Hocsinh ty giai (x; y) = (2; -2);

b) V6i m 2 0: hé phuwong trinh c6 nghiém duy nhat
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(%) =(m;-2)=> P=\m-22-2 ¥m>0= P, =-2 tajjm=0
11.  a) Hocsinh ty giai (x; ) =(9_5\/§;¥J

x=-my+4

b) Pua hé phuwong trinh vé
2-m)(2+m).y=10—5m

+Néu m = -2 hé da cho vd nghiém;
+Néu m = 2 hé da cho c¢6 v sd nghiém;

8—m
x:
m+2
5
m+2

+Néu m# £2 hé da co c6 nghiém duy

8—m

c) V6i m# +2HPT c6 nghiém duy nhat ( —j; giai cac yéu cau bai toan ta

m+2 m+2
tim duwoc.

i) m=3 ii)m>3

12. Goi2sd6cantimlax, y (DK x;y €Z)

Clx+y=17
Tacoy , |
x +y =157

=6
Giai HPT thu duoc * hoac
y=11
Két luan. Hai s0 can tim la 6 va 11
13. Goi chiéu dai va chiéu rong cta thira rudong lan lwgt 1a x, y (m) (BK x > 5; y > 0)

xy =100
(x=5)(y+2)=105

x=20

TacéHPT{
y=>5

. Giai HPT thu du’oc{

Két luan

14. Goi chiéu cao va chiéu dai canh day cta thtra ruong lan luot la x, y (m) (PK x >; y > 0)
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lxy =180 =10
Ta c6 HPT . Giai HPT thu du’oc{

%(x—l)(y+4):180 y=36

Két luan
15. Goi thoi gian t6 I va Il lam 1 minh xong cong viéc lan lugt 1a x, y (gi0) (DK x; y > 6)

c Re ma . 11 A
Trong 1 gio moi to lan luwgt lam dugc —;— cong viéc.

x’y
111
576 15
x:
TacoHPT {* 7 . Giai HPT thu duoc
2,210, y=10
X y X
Két luan

16. Goi van tdc va thoi gian dy dinh [an luot la x(km/h), y (gio) (PK x; y > 0)

=120 x =40
TacoHPT <40 80 2 . Giai HPT thu du’oc{

— +o=Y y=3

x x+10 5

Két luan. Van téc du dinh 1a 40 (km/h), thoi gian lan banh trén duong la
40

80
—+ =26 (gi0).
40 40+10 (810)

17. Goi van tdc va thoi gian dy dinh [an luot la x (km/h),y (gio) (DK x; y > 0)

xy =36

x=10
TacoHPT {18 3 18 . Giai HPT thu duoc 18
x 10 x+2 5

Két luan. Van to6c dy dinh la 10 (km/h), thoi gian lan banh trén dwong la % + 101 8 5
+
=3,3 (gi0)

18. Goi ndng suat lam trong 1 gi®¢ ctia cong nhan la x (san pham). Goi thoi gian du dinh
lam xong viécla y (gio) (DK xe Z*; y > 0)

xy =150 x=20

Ta c6 HPT 150=2x 1 . Giai HPT thu dwoc 15
2+ +—=y y=—

x+2 2 2
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Két luan. NAng suét du du dinh trong 1 gid 1am 20 san pham.
19. Goi khoi lwgng 2 loai quang lan lwot la x, y (tan)

(DK 0<x, y < 25)

66% sat c6 trong 25 tan quang chiém 16,5 tan.

x=16
y=9

x+y=25

Ta c6 HPT
75%.x+50%.y =16,5

. Giai HPT thu du’(yc{

Két luan.

20. Goi s dau trong thung 1 va 3 Ian luot la x, y (lit) (PK: x > 10, y > 0). S6 dau thung 2 la (x
-10) (Iit)

x+(x—-10)+y =80
x—10=y+26

x=42

ThcéHPT{
y=6

. Giai HPT thu du’oc{

Két luan.

21. Goi s6 ghé va sO nguoi trong phong hop lan luwot la x (gh€) va y (nguoi) (PK x>1; x, y
e’l")

x=15

y=284

5x+9=y

Ta c6 HPT
6(x—1)=y

. Giai HPT thu du’oc{

Két luan.
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PE KIEM TRA CHUONG III

Thoi gian lam bai cho mdi dé 1a 45 phut

PHAN I. TRAC NGHIEM (2 DIEM)
Khoanh vao chir cdi dirng trwedc ciu trd 107 diing:

Cau 1. Tap nghiém téng quat cua phuong trinh +/5x+0y = 4/5 la:

x=4 x=—4 xeR xeR
A. ; B. ; C. : D. .
yeR yeER y=4 y=—4

Ciu 2. Phuong trinh nao dudi day co thé két hop véi phuong trinh x - y = 1 d€ duoc mét

hé phuong trinh bac nhat mot an cd vo s6 nghiém?

A. 2y =2x-2; By=x+1;
C.2y = 2-2x; D.y = 2x-2.
A A s 2xey=l
Cau 3. Hé phuong trinh: c6 nghiém la:
4x-y=5
A. (2;-3); B. (2; 3); C.(0; 1), D. (-1,1).

Cau 4. Phuong trinh nao sau day la phwong trinh bac nhat hai an?
A xy+x=3; B.2x -y =0;

C.x2+2y=1; D.x+3=0.

PHAN IL. TU LUAN (8 PIEM)

Bai 1. (2,0 diéin) Giai cac hé phuwong trinh sau:

3 1
—t——=4
x=2y=4 x+1 y-=-2
? 2x+3 15 b) 2 1
X+ =
Y —+——F=3
x+1 y-=-2

Bai 2. (2,5 diém) Tim s6 tw nhién c6 hai chit s6, biét tdng cac chir sd ctia nd la 6. Néu doi cho
hai chit s6 ctia no thi duwoc mdt s6 méi nho hon so da cho 1a 18 don vi.

Bai 3. (3,5 diém) Cho phuong trinh x + my - m +1 véi m 1a tham so.
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a) V6i m =1, hay tim nghiém tong quat va vé duong thang biéu dién tap nghiém cta

phuong trinh trén hé truc toa do.
b) Tim m d€ phuong trinh da cho va phuong trinh 2x -y =5
khong c6 nghiém chung.
¢) Tim m d€ phwong trinh da cho cung v6i phwong trinh mx +y = 3m -1 ¢6 ghiém chung
duy nhat sao cho tich x.y cé gia tri nho nhat.
PESO2

PHAN I. TRAC NGHIEM (2 DIEM)

Khoanh vao chir cdi dirng trwedc cdu trd loi ding:
Cau 1. Cho hai duong thang d: y=2x+5vad’ ;y=ax+5.
Tacdd//d khid’ cé phuwong trinh la:
A.y=3x+5 B.y=5x+5 C.y=-2x+5 D. Ca 3 sai.
Cau 2. Phuong trinh 4x - 3y = -1 nhan cdp s6 nao sau day la nghiém:

A. (1;-1) B. (-1;-1) C. (1;1) D. (-1;1)

Cau 3. Vi gia tri nao cua k thi phwong trinh x - ky =-1 nhan cdp s6 (1; 2) lam nghiém.

Ak =2 B.k=1 Ck-=-1 D.k =0
. S 1 Lo Jy=ax+s
Cau 4. Vdi gia tri nao cta a thi hé phuwong trinh 5o VO nghiém.
y+2=
A.a=0 B.a=1 Ca=2 D.a=3

PHAN IL TU LUAN (8 PIEM)
Bai 1. (3,0 diém) Giai cac hé phuwong trinh sau:

. {(X+1)(y—l)=xy—1 b 2 -Dx—y=+2
(x=3)(y—3)=xy-3 x+(\/§+l)y=1

5.7

Xy

—+2=35
Xy
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Bai 2. (3 diém) Hai doi xe cho cat dé€ san 1dp mot khu dat. Néu hai doi cung lam thi trong 18
ngay xong cong viéc. Néu doi mot lam 6 ngay, sao du doi thit hai lam ti€p 8 ngay nita thi

dwoc 40% cong viéc. Hoi moi doi lam mot minh bao lau xong cong viéc?

(a—Dx+y=a

Bai 3. (2,0 diém) Cho hé phwong trinh: { c6 nghiém duy nhatla (x; y) (ala

x+(a-1)y=2
tham s0).
a) Tim hé thttc lién hé gitta x va y khong phu thudc vao a.
b) Tim cac gia tri cia a théa man 6x2+ 17y = 5.
DAP AN DE KIEM TRA CHUONG III
PESO1
PHAN I. TRAC NGHIEM
Caul. A. Cau2. A.
Cau 3. B. Cau 4. B.
PHAN IL TU LUAN

x=6

a) St dung phuong phap cong hoac phwong phép thé, ta tim dwoc: { )
y =
b) Diéu kién x=-1; y #2.

Dat a:L va sz,ta duoc

3a+b=4
x+1 y=2

2a+b=3
Gidirataduwoca=b=1.

x=0
Tt @6 tim dwoc {
y=3
Bai 2. Goi s& can tim 13: ab; ae N°; be N; a,b<9

a+b=6
Theobaitacos _—
ab—ba=18

Giai ra ta dwoc sO can tim la: 42

=2-x

Bai 3. a) V6i m =1, phuong trinh ¢6 nghiém téng quat la: {y R
xe
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HS tw biéu dién tap nghiém trén hé truc toa do.

+my=m+1
b) Ta c6 hé phuong trinh =
2x-y=5

b€ 2 phuong trinh khong c6 nghiém chung thi hé phuong trinh trén cd nghiém
m+1 1

<:>l=—m¢—:>m:——
2 5 2

+my=m+1
¢) Xéthé phuong trinh {2 "
mx+y=3m-1

V6i m# £1, HPT c6 nghiém duy nhat: (x;y)=(3m+1;m_lj
m+1 m+1
3m+1 m—1_3(m2+2m+1)_8(m+1)+ 4

m+1 m+l  (m+1)> (m+1)*  (m+1)?

Ta cod: x.y=

Tt &6 tim dwoc x.y ¢6 gia tri nho nhat bang -1 khi m = 0.

PAP AN PE KIEM TRA CHUONG III

A A

PE SO 2

PHAN L. TRAC NGHIEM

Caul. D. Cau 2. B.

Cau 3. B. Cau4. A.

PHAN IL TU LUAN

Bai 1. a) Ta bién do6i vé hé phuong trinh: {i ;j}} i g Sx=y=2

p= (-l —vZ | g 32

b) Bién di, ta duoc = 2
) = 3+42 1
2 y==3
o) Dicu kién x,y#0. D4t a=—; b=, ta duoc h¢ phuong trinh:
X Y
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]
{15a—7b:9 T

=
4a+9b =35

1
3
Bai 2. Goi thoi gian d€ doi 1 va di 2 lam xong cong viéc mot minh lan lwot la x va y (ngay)

voi (x>0; y>0)

M3i ngay doi 1 va doi 2 lam duoc lan luot ~;1 (cong viee)
X

1 1 1

PREVT x=45
Theo bai ta co: Z ;} <:>{ _30

212240% VT

Xy

Vay do6i 1 lam mot minh hét 45 ngay thi xong cong viéc.
Vay do6i 2 lam mot minh hét 30 ngay thi xong cong viéc.
Bai 3. Vi a#0 va a2 hé phuong trinh 6 nghiém duy nhét la: (x; ) = (“_”;lj

a+1 1 1
—=l+—y=—=>x-y=1
a a a

a) Tk x=

b) Thay )c:a—-H;y:l vao 6x2 - 17y =5 ta duoc:
a a

a2—5a+6=0<:>(a—2)(a—3)=0<:>[a
a

Két hgp voi diéu kién a #2 = a =3(tm)
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CHUONG IV. HAM SO y = ax? (a # 0).
PHUONG TRINH BAC HAI MOT AN

BAI 1. HAM SO y = ax2 (a # 0) VA PO THI

1. TOM TAT LY THUYET

1. Sy dong bién va nghich bién caa ham s6

a) Néu a > 0 thi ham s6 y = ax? (1 # 0) nghich bién x < 0 va dong bién khi x > 0.

b) Néu a < 0 thi ham s6 y = ax? (a # 0) dong bién khi x < 0 va nghich vién khi x > 0.
2. D6 thi cia ham s6

D6 thi cta ham s6 y = ax? (a # 0) 1a mdt parabol di qua goc toa d¢ O, nhan Oy lam truc d6i

xtng (O dinh cua parabol).

- Né&u a >0 thi d6 thi nam phia trén truc hoanh, O la diém th&p nhat cua do6 thi.
- Néu a <0 thi d6 thi nam phia dudi truc hoanh, O 1a diém cao nhat cua do thi.
II. BAI TAP VA CAC DANG TOAN

Dang 1. Tinh gi4 tri cia ham s6 tai m§t di€m cho trude

Phuong phap giai: Gia tri cia ham s6 y = ax? tai diém x = xo la yo = ax;.

1A. Cho ham s0 y = f(x) = -2x2.

a) Tim gia tri cia ham s6 khi x nhan cac gia tri lan lwgt 1a -2; 0 va 3 - 2.

b) Tim cac gid tri ctia a, biét rang f(a) =-10 + 44/6.

c) Tim diéu kién cta b, biét rang f(b) > 4b + 6.

1B. Cho ham s0 y = f(x) = 3x2.

a) Tim gia tri cua ham s6 khi x nhan cac gia tri lan luwot 1a -3; 22val-243.
b) Tim a biét f(a) = 12 + 6+/3.

¢) Tim a biét f(b) > 6b + 12.

2A. Cho ham s6 y = (2m + 1)x? (m la tham s0). Tim cac gia tri ctia tham s6 m dé:
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a) D6 thi ham s6 di qua diém A(%;%);

b) D6 thi ham s di qua diém (xo; yo) voi (xo; yo) la nghiém cua hé phwong trinh
2x+y=-3
x*=2y=2"

2B. Cho ham s0 y = (2m — 1)x? (m la tham s0).
a) Tim gia tri ciam d€'y =-2 khi x = -1.

b) Tim gia tri cua m biét (x;y) thoa man:

L |x—y=1 x+y=2
i) ; i) 4, .
2x—-y=3 x =2y=-4
3A. Mot vat roi & do cao so voi mat dat la 100m. Quang duong chuyén dong S (don vi tinh

bang mét) ctia vat roi phu thudc vao thoi gian t (don vi tinh bang giay) duoc cho boi cong
thirc S = 412,

a) Hoi sau cac khoang thoi gian lan luot la 3 gidy va 5 gidy vat nay cach mat dat bao nhiéu

mét?
b) Sau thoi gian bao lau thi vat ti€p dat?

3B. Mot khach du lich choi tro Bungee tir tinh thadp Macao coa 234 mét so v6i mat dat.

Quang duong chuyén dong S (don vi tinh bang mét) ctia nguodi roi phu thudc vao thoi gian
¢ (don vi tinh bng gidy) dwoc cho béi cong thike: § = %2.

a) Hoi sau khoang thoi gian 4 giay du khach cach mat dat lan luot la bao nhiéu mét?

b) Sau khoang thoi gian bao 1au thi du khach cach mat dat 71,5 mét?

Dang 2. Xét tinh dong bién va nghich bién caa ham s6

Phuong phap giai: Xét ham s6 y = ax? (a # 0). Ta c6:

1. Néu a > 0 thi ham s6 nghich vién khi x <0 va dong bién khi x > 0.

2. Néu a <0 thi ham s& dong bién khi x < 0 va nghich bién khi x > 0.
4A. Cho ham s6 y = (3m + 2)x2 voi m # —%. Tim céc gid tri ctia tham s6 m dé ham so:

a) Bong bién vdi moi x < 0.
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b) Nghich bién véi moi x < 0.
c) Dat gia tri nhé nhat1a 0.

d) Pat gia tri 1én nhat1a 0.
4B. Cho ham s0 y = (3m — 4)x?> véi m # % Tim céc gid tri ctia tham s6 m dé ham s6:

a) Nghich bién v6i moi x > 0.

b) Bong bién vdi moi x > 0.

c) Dat gid tri I6n nhat la 0.

d) Pat gia tri nho nhat la 0.

5A. Cho ham s8 y = (-m? — 2m — 3)x2.

a) Chiing minh rang v6i moi tham s6 m, ham s6 ludn nghich bién véi moi x > 0 va dong
bién vdi moi x < 0.

b) Tim cac gia tri cua tham s6 m dé€ khi x :% hoac x = —%thi y= —%.

5B. Cho ham s6'y = (v2m—3 —=2)x* v6i m > %;m # % Tim cac gid tri ctia tham s6 m d€ ham
s0 dong bién véi moi x > 0 va nghich bién véi moi x < 0.

Dang 3. Vé d6 thi caa ham s6

Phuong phap giai: Ta thirc hién cac budce sau:

Budc 1. Lap bang cac gia tri dac biét twong ting gitta x va 'y cia ham s6 y = ax? (a # 0).

Buéc 2. Biéu dién cac diém dic biét trén mit phéng toa do va vé do thi dang parabol cua

ham s6 di qua cac diém dac biét do.
6A. Cho ham sd y = ax? (a # 0) ¢6 d6 thi parabol (P).
a) X4c dinh a dé (P) di qua diém A(—/2;4).
b) Véi gia tri a vira tim dwoc ¢ trén, hay:
i) V& (P) trén mat phang toa d9;
ii) Tim cac diém trén (P) c6 tung do bang 2;

iii) Tim cac diém trén (P) cac déu hai truc toa do.
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6B. Cho ham s6 y = (m — 1)x? (m # 0) ¢6 d6 thi parabol (P).
a) X4c dinh a d¢ (P) di qua diém A(—/3;1).
b) V6i gia tri m vira tim dwoc 6 trén, hay:
i) V€ (P) trén mat phéng toa do;
ii) Tim cac diém trén (P) c6 tung d6 bang 1;
iii) Tim cac diém trén (P) c6 tung d¢ gdp ddi hoanh do.
7A. Cho ham sd y = x? ¢6 d6 thi parabol (P).
a) Vé (P) trén mat phang toa do;

b) Trong cac diém A(1; 2), B(-1;-2) va C(10; -200), diém nao thudc (P), di€ém nao khong
thudc (P)?

Dang 4. Toa d6 giao diém ctia parabol va duong thing

Phuong phép giai :Cho parabol (P) : y = ax? (a # 0) va dwong thang d : y = mx + n. D& tim

toa do giao diém (néu co) cua (P) va d ta lam nhu sau:
Budc 1. Xét phurong trinh hoanh d¢ giao diém cua (P) va d:
ax?’=mx+n (¥)

Budc 2. Giai phuwong trinh (¥) ta tim duwgc nghiém (néu co). Tt d6 ta tim dwgc toa do giao

diém cua (P) va d.

Cht y: S8 nghiém ctia (*) bang dting s giao diém ctia (P) va d, cu thé:
- Néu (*) vo nghiém thi d khong cat (P).

- Néu (*) vo nghiém kép thi d ti€p xuc véi (P).

- Néu (*) ¢6 2 nghiém phan biét thi d cat (P) tai 2 diém phan biét.
8A. Cho parabol (P) : y = x2 va duong thang d : y = %x.
a) Vé (P) va d trén cung mot hé truc toa do.

b) Xac dinh toa d¢ giao diém caa (P) va d.

c¢) Dua vao d6 thi, hay giai bat phuong trinh x* > 1y

\9}
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8B. Cho parabol (P) : y = 2x* va duong thang d : y = x+1.
a) Vé (P) va d trén cung mot hé truc toa do.
b) Xac dinh toa d¢ giao diém caa (P) va d.
c) Dwa vao do thi, hay giai bat phuwong trinh: 2x? —x -1 <0.
9A. Cho ham s8 y = 2x2 ¢6 d6 thi la (P).
a) V€ (P) trén hé truc toa do.
b) Tim cac diém thudc (P) thdéa man:
i) C6 tung d6 bang 4. ii) Cach déu hai truc toa d.
¢) Dua vao d6 thi, bién luan s6 nghiém ctua phuwong trinh 2x2—2m + 3 = 0 theo m.

9B. Cho parabol (P):y = %xz.

a) Vé (P) trén mit phang toa do.
b) Dya vao d6 thi hay bién luan theo m sd nghiém ctia phuwong trinh x> - 2m +4 = 0.
III. BAI TAP VE NHA

10. Khong vé d6 thi hay tim toa d6 cac giao diém ctia cac d6 thi ham s6 sau: (m la tham sd)

a)y=x2véy=%x; b)y=x*vay=2x-1;
. 1 . 1
cy=x*vay=2x-3; d)y=-5x2vay=mx+5m2—8.

AN AN 1 Va . .7 . ? ~ A? 14 - A? A NA . \
11. Chohamso y = 7 x2. Xdc dinh gid tri cia tham s6 m dé cac diém sau thudc do thi ham

A~

SO:
a) A(2; m); b) B(—2;m); 5 c<m;§).

12. Cho ham s8 y = (m? + 2m + 3)x? (m la tham s0).
a) Cht'ng minh ham s6 luén nghich bién vdi moi x < 0 va dong bién véi moi x > 0.

b) Tim cac gia tri cia m bi€t khi x =1 hodc x =-1 thiy = 4.
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13. Cho ham s8 y = (\/3m+4 —3)x* vOi m > —g;m # % Tim cdc gid tri cia tham s6 m dé€ ham

SO:

a) Nghich bién v6i moi x > 0. b) Bong bién vdi moi x > 0.

14. Choham s6 y = (3m + 1)x2 véi m # —%. Tim cac gid tri cua tham s6 m dé do thi ham so:
. . 11
a) bi qua diém A| —;—|.
2’4

b) i qua diém B(xo;yo) véi (xo;y0) la nghiém cua hé phwong trinh:

3x—4y=2
—4x+3y=-5

15. Mot con c4 heo biéu dién nhay 1én khoi mdt niede mot khoang 1a 4m rdi nhay xudng.
Quang duong nhay xudng S (don vi bang mét) ctia ca heo phu thudc vao thoi gian t (don
vi tinh bang giay) dwoc cho boi cong thitc: S = t2.

a) Hoi sau khoang thoi gian 1,5 gidy tinh ti ltic ca heo nhay xudng, ca heo cach mat nude

bao nhiéu mét ?

b) Sau thoi gian bao lau thi ca heo tiép nudc tinh tir ltc ca heo nhay xuéng.
16. Cho ham s0 y = ax? c6 do thi la parabol (P).

a) Tim hé s6 a biét rang (P) di qua diém M(-2; 4).

b) Viét phuiong trinh dwong thiang d di qua gdc toa do va diém N(2; 4).

c) Vé (P) va d xac dinh dwoc 6 cac cau a) va b) trén cing mot hé truc toa do.
d) Tim toa d6 giao diém cta (P) va d ¢ cac cau a) va b).

17. Cho parabol (P) :y=2x?vad:y= %x.

a) Vé (P) va d trén cung mot hé truc toa do.

b) Tim toa d¢ giao diém caa (P) va d.
¢) Dua vao d6 thi, hay giai bat phuong trinh: 2x* < %x.
CHUONG IV. CHUONG 2. HAM SO y = ax? (a # 0)
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PHUONG TRINH BAC HAI MOT AN
BAI1. HAM SO y = ax? (a # 0) VA PO THI
1A. a) Tim duoc f(-2)=-8; f(0); f(3-22)=-34+242
b)Tacod f(a)=-10+4J6 < a=+(3-2)
c)Tacod f(b)>4b+6=>-2b">4b+6.Tir d6 im dwoc be .
1B. Tuong tw 1A
a) Tim duoc f(=3)=27; f(2v2)=24, f(1-23/3)=39-12/3

b)ta c6 a=+(/3+1).c) Taco b>1++/5 hosc b<1-+/5

2A. a) Thay toa do diém A véi x = %, y= %véo phuong trinh y =(2m+1)x*. Tim dwgc m =
1.

2x+y=-3

5 nén teong ty Cau a) ta tim dwoc

b) Do (-2; 1) la nghiém ctia hé phuong trinh {
x =2y=2

-3
m=—.

2B. Twong ty 2A.
. -1 . |
a) Tim dwoc Ly b)1)m=5; iiym=1

3A. a) Tinh duoc S(3) = 36m; S(5) = 100m = Vat cach mat dat sau thoi gian 3 giay la 100 -
S(3) = 64m va sau thoi gian 5 gidy la Om.

b) Ta c6 4t2 = 100. Tim dwoc t = 5(s)
3B. Tuong tu 3A

a) ta cd s(4) =130(m) b) t=5(s)

4A. a) Ta c6 3m +2 < 0. Ttr d6 tinh duwoc m<—%
b) Ta c6 3m + 2> 0. Tk d6 tinh dwoc m>—§

¢) Ta c6 3m +2 > 0. Tir d6 tinh duoc m >—§
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d) Ta c6 3m +2 < 0. Tir d6 tinh duoc m<—%

4B. Tuong tuy 4A.

a)m<i b)m>i C)m<i d)m>i
3 3 3 3

5A. a)Tacoa=-m?>-2m-3=-(m+1)>-2<0, Vm = DPCM.

b) Ta ¢ (-m? - 2m - 3)%=_Tll. Tim dugc m e {-4;2}

5B.Ta co V2" 272”0 Ty 46 tim duoc m >~
2m—-320 2
6A. a) Tir A(—/2;4) e (P), tim dwoca=2. o /

b) 1) D6 thi ham sd y = 2x2 (hinh vé)

ii) Cho y =2 ta tim dugc x==%1.

Vay céc diém can tim la (1;2) va (-1; 2). 1 |

iii) C6 M(x,;y,) € (P) =y, =2x; .

M cach déu Ox, Oy nén ta c6 ) L =

|xo| = |yo| = x, = £2x, . Tim duoc

. {o;%; —%} . Vay céc diém can tim I

11 . -1 1
M (0;0), M,| —;—|va M.| —;—
@ (L) o (2D

6B. Tuong tw 6A
4 : ~ . 1
a) m= 3 b) i HS tw vé. ii) [l;gj . iii) (0;0), (6;12)

7A. a) Hoc sinh ty lam.

b) Thay x =1, y = 1 vao (P), ta dwoc dang thitc ludn dtng do d6 A thudc (P). Tuong tu ta c6
B (-1; -1), C (10; -200) khong thudc (p).

7B. Twong tu 7A
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a) Hoc sinh ty lam.

b) Cac diém B, C thudc (P), diém A khong thudc (P)
8A. a) D6 thi (P) va d nhu hinh vé.
b) Xét phuwong trinh hoanh d¢ giao diém cta (P)

\ 1 =2 x2
va d:xzzzx. =

Tim dwoc x =0 hodc x :%. Vay giao diém la (0; 0)

c) Dya vao d6 thi, ta thdy x < 0 hodc xzé 1a

nghiém cuia bat phuong trinh x* > —x

1
2
8B. Tuong tw 8A

a) Hoc sinh ty lam.

b) i) Ta tim dwogc cac diém (\/5;4),(—\/5;4).

.. . [ gen 11 -11

ii) Ta tim dwoc cac diem (0; 0), | —;— |,| —;—

22 22

c) Ta c6: 2x2 = 2m - 3. Duong thang d : y = 2m - 3 1a song song vdi truc hoanh. Dya

vao do thi, ta co:

*Voéi m= %: Phuong trinh ¢6 nghiém duy nhat x = 0.

*Voéi m> %: Phuong trinh hai nghiém x,, =+ 2m2— 3 ;

*Véi m< %: Phuong trinh vo nghiém.
9B. Tuong tw 9A
a) Hoc sinh ty vé d6 thi ham sd y = %xz

b) V6i m = 2: Phuong trinh ¢6 nghiém duy nhat x = 0.
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Véi m > 2: Phrong trinh c6 hai nghiém x,, =+v2m—-4 .
Véi m < 2: Phrong trinh v6 nghiém.
.. T \ 11
10.  a) Hai giao diém la O (0;0) va M(E’Z) .

b) Tim dwge N(1;1) c) Khong ton tai giao diém.

2 2

d) Tacé K(—m—4;m7—4m—8), H(4—m;m7+4m—8)

11. a)Tacdém=1 b)Tacém=% o) Tacd m=+3.

12. Twong tw 5A

a) Tacd m* +2m+3>0—(m+1)>+2>0 (ludn dung)

m:—1+\/§

b) Ta cé m* +2m+3 =4. Tim duoc

m:—l—\/z

13. Tuwong tir 4A
. —4 5 . 5
a) Tim dwoc ?Sm<§ b) Tim dwoc m>§
14. Tuwong tur 2A.
a) Tim dwocm = 0. b) Tim dwgc m = _Tl

15. Twong ty 3A
a) Taco S(,15) =2,25(m) = ca heo cach mat truwdc sau 1,5 giay la 1,75 mét.
b) Tinh duoc t =2 giay.

16. a) Tim dwoca=1.

b) Ta c6 d di qua O nén d :y = mx. Vi d di qua N(2; 4) nén 4 = 2m. Tim dwoc m = 2.
Vay d:y=2x.
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¢) D6 thi (p) va d nhu hinh vé.

d) Xét phurong trinh hoanh d¢ giao diém: x2 = 2x. Tim duoc
x=0
x=2

Vay toa do giao diém cua (P) va d la: (0; 0) va (2; 4)

17. Tuwong ty 8A

a) Hoc sinh ty lam

b) Toa dd giao diem cta (P) va d 1a (0; 0) va ng

¢) Tinh dwoc 0<x <

AW
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BAI 2. CONG THUC NGHIEM
CUA PHUONG TRINH BAC HAI
1. TOM TAT LY THUYET
1. Phwong trinh bac hai mt an
- Phuwong trinh bdc hai mét dn (hay con goi 1a phirong trinh bic hai) la phuong trinh ¢6 dang:
ax>+bx+c=0(a # 0)

trong do a, b, ¢ la cac so thyce cho trude, x la an s6.
- Gidi phwong trinh bic hai mot dn la di tim tap nghiém cta phuwong trinh bac hai mét an dé.
2. thttc nghiém ctia phwong trinh bac hai
Trieong hgp 1. Néu A < 0 thi phwong trinh v6 nghiém.
Truong hop 2. Néu A = 0 thi phuwong trinh c6 nghiém kép:

b

X, =X, =——.
1 2
2a

Truwong hop 3. Néu A > 0 thi phwong trinh ¢6 hai nghiém phin biét:

_—bJA

1,2
2a

3. Cong thitc nghiém thu gon caa phwong trinh bac hai
Xét phuwong trinh bac hai ax? + bx + ¢ =0 (a # 0) v6i b= 2b". Goi biét thirc A'=b" - ac.
Trweong hgp 1. Néu A' <0 thi phuwong trinh v6 nghié¢m.

Truong hop 2. Néu A' = 0 thi phuwong trinh ¢6 nghiém kép:

X=X, =——.
a

Trwomg hop 3. Néu A' > 0 thi phwong trinh ¢6 hai nghiém phin biét:
~b't/A"
a

Yo =
Chii yj: Trong treong hop hé s6 b c6 dang 2b” ta nén st dung d€ giai phuong trinh sé cho loi
giai ngan gon hon.

II. BAI TAP VA CAC DANG TOAN
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Dang 1. Khong dung cong thitc nghiém, giai phuwong tri bac hai mét an cho trudce
Phurong phdp gidi: Ta ¢ thé st dung mot trong cac cach sau:
Cich 1. Pua phuong trinh da cho vé dang tich.

Cdch 2. Pua phuong trinh da cho vé phwong trinh ma vé€ trai mot binh phwrong con vé phai

la mot hang s6.

1A. Giai cac phuong trinh:

a) 5x? -7x=0); b)-3x2+9 =0;
c)x?-6x+5=0; d) 3x*+12x+1=0.

1B. Giai cac phuong trinh:

a) —3x* +6x =0; b) —Ex2 —Z=O;
5 2
Q)x2-x-9=0; d) 3x2+6x+5=0.

2A. Vi gia tri nao cua tham sd m thi phwong trinh 4x? + m?x +4m =0 cd nghiém x=17?

2B. Cho phwong trinh 4mx? - x - 10m? = 0. Tim cac gia tri cua tham s& m d€ phuong trinh c6

nghiém x = 2.

Dang 2. Giai phuwong trinh bac hai bang cach st dung cong thirc nghiém, cong thitc
nghiém thu gon:

Phirong phdp gidi: S& dung cong thitc nghiém, cong thitc nghiém thu gon cta phuong trinh
bac hai dé€ giai.

3A. Xac dinh hé s0 a,b,¢; Tinh biét thirc A (hodc A' néu b =2b’) r6i tim nghiém cua cac
phuong trinh:

a) 2x? -3x-5=0; b) x> - 6x +8=0;
C)Ix2-12x +4=0; d)-3x?+4x-4=0.

3B. Xac dinh hé s6 4,b,c; Tinh biét thiec A (hodac A'néu b =2b’) r6i tim nghiém cua cac
phuong trinh:

a)x?—x-11=0 b) x2-4x+4=0;
C)-bx?—4x+1=0; d)-2x2+x-3=0
4A. Giai cac phuwong trinh sau:
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a) 22+ +/5x -1=0 b) 2x2- 22x +1=0;
o) V3x* —(1-3)x-1=0; d) -3x2+ 4/6x +4=0.

4B. Giai cac phuong trinh sau:

a) 222+ 2/11x -7=0; b) 152x2 - 5x +1 = 0;
Q) x2- 2+ B)x+ 243 =0; d)3x2- 243x +1=0.

Dang 3. Stt dung cong thirc nghiém, xac dinh s6 nghiém cta phwong trinh dang bac hai
Phirong phdp gidi: Xét phuwong trinh dang bac hai:
ax?+bx +c=0.

a+0

1. Phuong trinh c6 hai nghiém kép < {A 0

az0

2. Phuong trinh c6 hai nghiém phan biét < {A 0
>
3. Phuwong trinh c6 dung mot nghiém < a=0,b #0.

a=0,b=0,c#0
a#0,A<0 )

4. Phuwong trinh vo nghiém < {
Chil ij: Néu b = 2b" ta c6 thé thay diéu kién ctia A tuong ting bang A'.
5A. Cho phuong trinh mx?-2(m-1)x + m-3 =0 (m la tham sd).
Tim cac gia tri ctia m d€ phwong trinh:

a) Co hai nghiém phan biét;

c) Vo nghiém; b) C6 nghiém kép;

e) C6 nghiém. d) C6 dung mot nghiém;
5B. Cho phuong trinh (m - 2)x? - 2(m + 1)x + m = 0 (m la tham s0).

Tim cac gid tri ctia ra d€ phuwong trinh:

a) Co hai nghiém phan biét; b) C6 nghiém kép;
¢) Vo nghiém; d) C6 dung moét nghiém;
e) Co nghiém.

3.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




Dang 4. Giai va bién luan phuwong trinh dang bac hai
Phwong phap gidi:

* Gidi va bién ludn phwong trinh dang bac hai theo tham s6 m la tim tap nghiém ctia phuwong

trinh tuy theo su thay d6i cua m.
* Xét phwong trinh dang bac hai
ax?+bx +c-0vdi A=0b?-4ac (hoac A" =b"?- ac).
- Néu a =0, ta dua vé€ bién luan phuong trinh bac nhat.
- Néu a # 0, ta bién luan phuong trinh bac hai theo A.
6A. Giai va bién luan cac phuong trinh sau: (ra la tham sd).
a) x>+ (1 -m)x-ra=0; b) (m -3)x? - 2mx + m - 6 = 0.
6B. Giai va bién luan cac phuwong trinh sau: (ra la tham so).
a)ymx’+(2m-1)x+ra+2=0;
b) (m-2)x*-2(m+1)x +m=0.

Dang 5. M6t s6 bai toan lién quan dén tinh ¢4 nghiém ct phwong trinh bac hai; Nghiém

chung cua cac phwong trinl dang bac hai; Hai phwong trinh dang bac hai trong duwong
Phwong phap gidi:

1. Phuong trinh bac hai ax? + bx + ¢ =0 (a # 0) c6 nghiém

< A >0 (hoac A" > 0).

2. Mudn tim diéu kién ctia tham s6 d€ hai phuong trinh dang bac hai ax?+bx + ¢ =0 va a’x?

+b’x + ¢ =0 c6 nghiém chung, ta lam nhw sau:

Buéc 1. Goi xo la nghiém chung cua hai phuwong trinh. Thay xovao 2 phuong trinh dé tim

duwoc diéu kién ctia tham sO.

Buréc 2. Vi gia tri cua tham sO vira tim dwoc, thay trd lai d€ kiém tra xem 2 phuong trinh

c6 nghiém chung hay khong va két luan.

3. Muodn tim diéu kién ctia tham s d€ hai phuong trinh dang bac hai ax? +bx + ¢ =0 va a’x?

+b’x + ¢’ =0 twong duong, ta xét hai treong hop:

Trwong hop 1. Hai phuong trinh cing vo nghiém.
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Truong hop 2. Hai phuong trinh cung c¢6 nghiém. Khi do:

- biéu kién can d€ hai phwong trinh twong dwong la ching c6 nghiém chung. Tte d6 tim

dwoc diéu kién cua tham s0.

- biéu kién du véi gid tri ctia tham s6 vira tim duoc, thay trd lai dé kiém tra xem 2 phuwong

trinh tap nghiém bang nhau hay khong va két luan.

7A. Cho g, b, c la ba canh ctia mot tam gidc. Chitng minh phwong trinh b2x? - (b? +c? -a2)x + ¢?

=0 ludn vo nghiém.

7B. Gho phwong trinh x? +(a + b + ¢)x + (ab + bc + ca) =0 vdia, b, ¢ la ba canh cia mot tam

giac. Chitng minh phuong trinh trén luén vo nghiém.

8A. Cho hai phuwong trinh x? + ax + b =0 va x? + cx + d = 0. Chttng minh néu hai phuong
trinh trén c6 nghiém chung thi:

(b-d)?+(a- c)(ad - bc) = 0.

8B. Cho hai phwong trinh x? +ax + b =0 va x? +bx + a = 0 trong do l+% = % Chiting minh
a

rang cé it nhat mot trong hai phwong trinh trén c6 nghiém.

9A. Cho hai phuong trinh x2 +x-m = 0 va x?-mx +1 =0. Tim céc gid tri cia tham s6" m dé:
a) Hai phuwong trinh c6 nghiém chung;
b) Hai phwong trinh trong duong.

9B. Cho hai phuong trinh x? -2ax + 3 = 0 vax?-x + a = 0, (a 1a tham s0). Véi gia tri nao

cta a thi:

a) Hai phwong trinh trén cé nghiém chung?
b) Hai phwong trinh trén twong dwong?
III. BAI TAP VE NHA

10. Giai cac phuong trinh:

a) 2x> —(1-2+/2)x=+2 =0; b) 3x2+3=2(x +1);

C) (2);—\/5)2 -1 =(x+1)(x-1); d) %x(x +1)=(x-1)~
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11. Cho phuong trinh 2x2 -(4m + 3)x + 2m? -1 = 0 (m la tham s6). Tim cac gia tri caa m dé

phuong trinh:

a) C6 hai nghiém phan biét; b) C6 nghiém kép;

¢) Vo nghiém; d) C6 dung moét nghiém;
e) Co nghiém.

12. Bién luan theo m s nghiém phuong trinh:
mx? - 4(m-1)x +4m +8=0 (m la tham s9).

13. Cho hai phuwong trinh x> +mx + 2 =0 va x2 + 2x + m = 0. Xac dinh cac gia tri ctia tham s&

m d€ hai phuong trinh:
a) Co nghiém chung; b) Twong duong.

BAI 2. CONG THUC NGHIEM CUA PHUONG TRINH BAC HAI
1A.a) Tacd 5x° -7x=0< x(5x—7)=0. Tim dwoc x e {0;%}
b) Ta cé —3x* +9=0< x* =3. Tim duoc x=+3
¢)Tacd x*—6x+5=0< (x—1)(x—5)=0. Tim duoc x e {1;5}

—6+33
3

d) Ta bién d6i thanh 3(x +2)?> = 11. Tim duoc x =

1B. Twong tw 1A.

a) Tim dwoc x= {2\/§;O} . b) V6 nghiém.

+37
o

¢) Tim dwoc x = d) V6 nghiém.

2A. Thay x = 1 vao phuong trinh ta ¢ 4.1 + m? + 4m = 0. Tim dugc m =-2.

2B. Tuong tw 2A.

Tim dwoc m =

4+11
5

3A.a) Tacda=2,b=-3, c=-5. Tinh duoc A =49 > 0. Phuong trinh c¢ hai nghiém phan viét:

RERN 5
X, = =>Xxe —1;5

2a
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b)tacda=1, b=-6, b'=-3, c=8. Tinh dugc A' = 1. Ta tim duwoc x € {4;2}.
) Tacba=9,b=-12, c=4. Tinh duoc A = 0. Phuong trinh c6 nghiém kép 1a x = x, =§ .

d) Ta cé a=-3, b=4, c=-4. Tinh dugc A =-32 < 0. Phrong trinh v6 nghiém.
3B. Twong tu 3A.

1£345

a) Tim duoc x | ,= b) Tim dwgc x =2.

2
¢) Tim duwoc x e {—1;%} d) Tim duwoc x €.
4A. Tuong tu 3A
a) Tim dwoc xe{3_\/§;_3_\/§}
2 2
b) Tim dwoc x:72 ¢) Tim duoc x, :?,% =-1

d) Tim duwoc x e { 3

6+2\@—6+2£}
3 b

4B. Tuong tu 3A, 4A

11+
a) Tim dwoc x,, = # b) Tim duoc xe @
¢) Tim duoc x e {2;\/5} b) Tim dwoc x?

5A.Xét A'=(m-12-m(m-3)=m+1

#0
a) Phrong trinh c6 2 nghiém phan biét khi {Z 0 < Tim duwoc m#0, m>-1.
>

b) Xét m:O:>2x—3:0<:>x:%(TM)

=0
Xét m#0. Phuong trinh c6 nghiém kép khi {m em=-1

1

¢) Twong tu, ta tim dugc m <-1
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d) Tim dugcm =0
e) Tim dwoc m>1; m=0.

5B. Twong tw 5A

a) Tim dwoc m>_71, m #2 b) Tim dugc mz_T1
d) Tim duwoc m<_Tl d) Tim duwgcm =2

e) Tim duwoc m =2 hoac m>_71.

6A.a) Tacd A=m’+2m+120, Ym= A =|m+]

* A=0< m=-1:Phuong trinh da cho6 c6 nghiém kép: x, =x, = mT—l

* A>0 < m#—1: Phuong trinh da cho6 c6 nghiém phan biét: x, =m, x, =-1
b) V6i m =3 = Phuong trinh c6 dang: -6x-3=0< x = —%

Vi m#3=A"'=9m~—18
* A'<0 < m < 2: Pheong trinh vo nghiém.

* A'=0 < m=2:Phueong trinh c6 nghiém kép: x, =x, = L3
m—

#3 +9m —
TA'>0S {m 5 Phuong trinh c6 nghiém phan biét: x,,, = &218
m> m—

6B. Tuong tw 6A
a)Voéi m=0=>x=2;

Voinz0=A=-12m+1
TA'<O0em >é: Phuong trinh vo nghiém.

FA=0om= %: Phuong trinh c¢6 nghiém kép: x, = x, = I;ﬂ
m
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m#0
_ +/1—
*A>0 1 : Phuong trinh hai c6 nghiém phan biét: x,,, = 17 2m V- 12m
m< o) 2m

b) Véi m:2<:>x=§;
Véim#2=A'=4m+1:
* A'<O<:>m<_71: Phuong trinh vo nghiém.

m+1

*A'=0em= _TI: Phuong trinh c¢é nghiém kép: x, =x, = 5
m —_—

m#0
+
*A>0S —1: Phuong trinh c6 hai nghiém kép: x,, = m+1++4m+1
m>— ,

m—2

7A.Taco A=(b—c—a)b—c+a)b+c—a)b+c+a). T d6 chtng minh duwoc A<O0.
7B.Tacd A=a’+b*+c* —2ab—2bc—2ca

Via<b+c= a’ <ab+ca.Twong twtacod b’ <ab+bcva ¢’ <ca+bc. Tlr d6 suy ra A<O0.
8A. Goi x, la nghiém chung cta hai phwong trinh. Ta c6: (a—c)x, =d —b

Néu a#c thi x, =

. Thay xo vao phuong trinh ta dugc DPCM.

a—c¢

Néu a =c thib=d = DPCM.
. 2, g2 .11 1 1
8B.Taco A/ +A,=a"+b" —4(a+b). T —+Z=5:>a+b=5ab.
a

T dotacod A +A,=a’+b°—2ab=(a-b)’ >0=DPCM.

9A. a) Goi xo la nghiém chung cua hai phwong trinh. Ta bién d6i duoc (1 + m) xo = m +1.
Tim dwgc m =-1 hodac m =2.
b) Ta xét hai treong hop:

-1

Trwong hop 1: Hai phuong trinh cing vo nghiém = -2,m < ”

Truwong hop 2: JHai phuwong trinh cling c6 nghiém va tap nghiém giong nhau = m =-1.
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Vay -2<m< _71 thi hai phuong trinh twong duong.

9B. Tuong tw 9A

a) Tim dwoc a e d
10. Twong tw 1A

a) Tim dwoc x e {%,—\/5}

¢) Tim duwoc x e {\/5 ,g}
11. Twong tw 5A
-17
a) m>——
24
d)ymed

12.  a) m#0, m>-1
d) m=0

13. Twong ty 9A

a) Tim dwgc m =2 hoac m =-3.

b) Tim dwoc %<a<\/§

b) Tim dugc xe .

d) Tim duwoc x e {Si;/ﬁ}

b)m:_—17 C)m<_—17
24
e) mZ_—17
24
b) m=-1 c) m<-—l.
e) m=-1

b) Tim duoc 1<m <22
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BAI 3. HE THUC VI-ET VA UNG DUNG
I. TOM TAT LY THUYET
1. Hé thitc Vi-ét

Cho phuong trinh bac hai ax? +bx + ¢ = 0 (a 0). Néu x1, x2 la hai nghiém cta phuong trinh
thi:

S=x+x,=—
a
P=x.x,= <
a
2. Ung dung ctia hé thirc Vi-ét
a) Xét phuwong trinh bac hai ax? + bx + c=0 (a # 0).
-Néu a + b + ¢ =0 thi phuong trinh ¢ mot nghiém 1a x1 = 1, nghiém con lai la
c
X, =—.
a
-Néu a - b + ¢ =0 thi phwong trinh c6 mot nghiém la x1 = -1, nghiém con lai la x, = _<
a
b) Tim hai s6'biét tong va tich ciia chiing: Néu hai s6 c6 tong bang S va tich bang P thi hai s§
do la hai nghiém ctia phuong trinh:
X?-SX + P =0.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Khong giai phwong trinh, tinh gia tri ctia biéu thirc d6i xitng gitra cic nghiém
Phirong phdp gidi: Ta thiee hién theo cac budc sau:
#0
Buéc 1. Tim diéu kién d€ phuong trinh c6 nghiém: {Z >0 Ttr d6 4p dung hé thic Vi-ét ta
co:
S=x +x, =_—bvé P =x,.x, =<
a a

Buéc 2. Bién doi biéu thire ddi xting gitra cac nghiém ctia dé bai theo tong x1 + x2 va tich xix2

sau do ap dung Buoc 1.
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Cht y: Mot s biéu thitc d6i xting gitta cac nghiém thuong gap la:
eAd=x!+x; =(x +x,)" —2x,x, =8 -2P;
eB=x'+x, =(x,+x,) =3x,x,(x, +x,) =5 —3PS;

oC=x'+x5=(xl+x2) —2x/x;(S* —2P)* —2P%;

OD:|x1 —x2|:\/(xl +x,)° —4x,x, =S’ —4P.

1A. Goi x1, x2 la nghiém ctia phuwong trinh x? - 5x + 3 = 0. Khong giai phwong trinh, hay tinh

gia tri cta cac biéu thiec:
2 2, — 53 3.
a) A=x, +x;; b) B=x +x;

1B. Cho phuoug trinh: -3x? - 5x-2 = 0. Véi x1,x2 1a nghiém ctia phuwong trinh, khong giai

phuong trinh, hay tinh:
a)M=xl+i+i+x2; b) N = ! + ! ;
XX, x+3 x,+3
c)P=—x‘;3+x2:3; do=—2_+ 5
X X5 X, +2 x+2

2A. Cho phuong trinh x? - 2(m - 2)x + 2m -5 = 0 (ra la tham s0).
a) Tim diéu kién ctia ra d€ phuong trinh c6 hai nghiém phan biét x,x..
b) Véi ra tim dwgc ¢ trén, tim bi€u thirc lién hé gitra x1,x2 khong phu thudc vao ra.

2B. Cho phuong trinh X2 +(m + 2)x + 2m = 0. Vi gia tri nao ctia tham sd m thi phuong trinh
6 hai nghiém phan biét x1 ,x2 ? Khi d6, hay tim biéu thirc lién hé gitra x1, x2 khong phu

thudc vao ra.

Dang 2. Giai phuong trinh biang cach nham nghiém

Phuong phép giai: St dung ting dung ctia hé thic Vi-ét.

3A. Xét tdng a +b + chodc a - b + ¢ r6i tinh nhdm cac nghiém ctia cac phuwong trinh sau:
a) 15x2-17x+2=0;

b) 12302 - 4x - 1234 = 0;

) @2-3)x2+2B3x-2++3)=0;

d) V5x% - (2- 5)x-2=0.
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3B. Tinh nham nghiém ctia cac phwong trinh sau:

a)7x>-9x+2=0; b) 23x2 -9x-32 = (0;

c) 1975x*+4x-1979=0;  d)31, 1x>-50,9x + 19,8 = 0.

4A. Cho phuong trinh (ra - 2)x? - (2m + 5)x + ra + 7 = 0 v6i tham s0 ra.

a) Chitng minh phuong trinh luén c6 moét nghiém khong phu thudc vao tham sd m.
b) Tim cac nghiém cua phuong trinh da cho theo tham s0 ra.

4B. Cho phuong trinh (2m - 1)x2 + (m - 3)x —6m - 2 = 0.

a) Chitng minh phuong trinh da cho luén c6 nghiém x = -2.

b) Tim cac nghiém cua phuong trinh da cho theo tham s0 ra.

5A. Cho phuong trinh mx2 -3(m + 1)x + m? - 13m - 4 = 0 (ra la tham s0). Tim cac gia tri cua ra

dé phueong trinh c6 mot nghiém la x = -2. Tim nghiém con lai.

5B. Tim gid trj cta tham s6 ra d€ phuwong trinh x2 +3mx - 108 = 0 (ra la tham sd) c6 mot

nghiém la 6. Tim nghiém con lai.

Dang 3. Tim hai s6 khi biét tong va tich

Phwong phap gidi: D€ tim hai s0 x, y khi bi€t tong S = x +y va tich P = x.y, ta lam nhu sau:
Buéc 1. Giai phwong trinh X? -SX+P =0 d€ tim cac nghiém X1, Xz.
Buréc 2. Khi d6 cac s0 x, y can tim 1a x = X1,y = X2 hoac x = Xz, y = Xu.
6A. Tim hai s6 u va v trong mdi truong hop sau:

a) u+v=15uv=36; b) u? +v>=13,uv = 6.

6B. Tim hai s8 u va v trong mdi trieong hop sau:

Au+v=4uv=7; b) u +v=-12,uv - 20.

7A. Lap phuong trinh bac hai c6 hai nghiém 12 2 + /3 va2-+/3.
7B. Tim phuwong trinh bac hai biét né nhan 7 va -11 la nghiém.

8A. Cho phuong trinh x? + 5x - 3m = 0 (m la tham s0).

a) Tim tham s6 m d€ phuong trinh c6 hai nghiém la x1 va xo.
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b) Vi diéu kién m tim dwoc 0 cau a), hay lap mot phuwong trinh bac hai c6 hai nghiém la

2 VA 2
2 2
X X

8B. Cho phuong trinh 3x? +5x - m = 0. Vi gia tri nao cua tham sé'm, phwong trinh c6 hai

X

nghiém 1a x: va x2 ? Khi d6, hay viét phuong trinh bac hai ¢6 hai nghiém la al " va .
X, + X, +

Dang 4. Phan tich tam thttc bac hai thanh nhan tw

Phurong phdp gidi: Néu tam thiic bac hai ax? + bx + ¢ =0 (a # 0) ¢6 hai nghiém xi; x2 thi tam
thitc dwoc phan tich thanh nhan ta:

ax? +bx +c - alx —x1 )(x — x2).
9A. Phan tich cac da thtic sau thanh nhan ta:
a)x2-7x +6; b) 30x? - 4x - 34;
C)X-S\/;+6,‘ d)2x-5\/;+3.
9B. Phan tich cac da thitc sau thanh nhan t:
a) 4x2 - 5x +1; b) 21x2 - 5x - 26;
c)4x - Tx+3; d) 12x- 5Vx-7.
Dang 5. Xét diu cac nghiém ctia phwong trinh bac hai

Phirong phdp gidi: Xét phuong trinh ax? +bx +c-0(a #0). Khi d6: 1. Phuong trinh ¢6 hai

nghiém trai dau < p < 0.

A>0

2. Phuwong trinh c6 hai nghiém phan biét cuing dau < {P 0
>

A>0
3. Phuwong trinh c6 hai nghiém dwong phan biét < < P> 0.
S>0

A>0
4. Phuong trinh c6 hai nghiém am phan biét < <P >0.
§<0
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5. Phuwong trinh c6 hai nghiém trai dau ma nghiém am c¢ gia tri tuyét d6i 16n hon nghiém
P>0
§<0

duong <:>{
Chii y: Phuong trinh c6 hai nghiém phan biét < A > 0; Phuong trinh c6 hai nghiém < A > 0.
10A. Tim cdc gia tri cua tham s& m d€ phuong trinh:

a) X2 -2(m - 1)x + ra +1 = 0 ¢6 hai nghiém phan biét trai dau;

b) x? - 8x + 2m + 6 = 0 c6 hai nghiém phan biét;

c) x? - 2(m - 3)x + 8 —4m = 0 c6 hai nghiém phan biét am;

d) x? - 6x + 2m + 1 =0 c6 hai nghiém phan biét cing duong;

e) X2 - 2(m- 1)x - 3 - ra=0 c6 dung mot nghiém dwong.

10B. Tim céc gia tri cua tham s0 ra dé€ phuwong trinh:

a) 2x* - 3(m + 1)x + m? - ra - 2 = 0 ¢ hai nghiém trai ddu;

b) 3mx? +2(2m +l)x + m = 0 c6 hai nghiém am;

c) x? + mx+m - 1 =0 c6 hai nghiém 16n hon m;

d) mx? - 2(m - 2)x+ 3(ra - 2)= 0 c6 hai nghiém cung dau.

Dang 6. Xac dinh diéu kién ctia tham s6 d€ phuong trinh bac hai c6 nghiém thoa man hé
thitc cho trudc

Phirong phdp gidi: Ta thuc hién theo cac budc sau:
Buéc 1. Tim diéu kién d€ phuwong trinh c6 nghiém A > 0.
Buwéc 2. Tt hé thiec da cho va hé thitc Vi-ét, tim duoc diéu kién cua tham sO.

Buéc 3. Kiém tra diéu kién cua tham sd xem c6 thoa man diéu kién ¢ Burdc 1 hay khong roi

két luan.

11A. Cho phuong trinh x? - 5x + m + 4 = 0. Tim cac gia tri cia tham s6 m d€ phuong trinh cé

2 nghiém phan biét x1, x> thoa man:

a) Ixil + Ixel =4; b)3x1 + 4x2=6;
xl xZ — —

) L+2=-3;, =-3; d) x1(1 - 3x ) +x (1 - 3x1) =m?- 23.
X X
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11B. Cho phuong trinh x? -mx-m-1 =0 (m la tham s8). Tim cac gia tri cia tham s6 m dé

phuong trinh:

a) C6 mot nghiém bang 5. Tim nghiém con lai.

b) Co hai nghiém am phan biét;

¢) C6 hai nghiém trai dau, trong d6 nghiém am co gia tri tuyét d6i 16n hon nghiém dwong;
d) C6 hai nghiém cung dau;

e) Cé hai nghiém x1,x2 thoa man: x) +x; =-1;

g) C6 hai nghiém x1,x2 thoa man: Ix1-x,| > 3.

III. BAI TAP VE NHA

12. Cho phuong trinh: -3x?+ x + 1= 0. Vdi x1, x2 1a nghiém ctia phwong trinh, khong giai

phuong trinh, hay tinh:
a)A=xf+3+x22+£; b) B= 2, 2 ;
X, X, x+3 x,+3
C) B:2xl—5+2x2—5; d)D:xlzl+x24—1'
X X, X X

13. Tinh nhdm cac nghiém cta cac phuwong trinh:

a) 16x -17x +1=0; C) 2x?-40x + 38 =0);

b) 2x?-4x - 6=0; d) 1230x2 -5x - 1235 = 0.
14. Tim hai s6 u, v biét rang:

a)u + v =-8, uv=-105; b)u+v=9, uv=-90.

15. Cho phuong trinh x* (4m + 1)x + 2(m - 4) = 0. Tim gia tri cia tham s0 ra d€ phuwong

trinh c6 hai nghiém xi1, x2 va:

a) Thoa man diéu kién x2 - x1 =17;

b) Biéu thitc A = (x1- x2 )? ¢ gia tri nho nhat;

¢) Tim hé thitc lién hé gitta hai nghiém khong phu vao ra.

16. Cho phuong trinh bac hai: (m + 2)x?- 2(m + 1)x + m - 4 = 0. Tim cac gia tri ctia tham sd ra

dé€ phuwong trinh:
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a) C6 2 nghiém trai dau;

b) C6 2 nghiém duong phan biét;

c) C6 2 nghiém trai ddu trong d6 nghiém dwong nhoé hon gia tri tuyét doi ctia nghiém am;
d) C6 2 nghiém xi1,x2 thoa man: 3(x1 +x2) = 5x1,x2.

17. Cho phuong trinh: x> - 2m + )x + m?>+ m - 6 =0 (ra la tham s0).

a) Chitng minh phuong trinh luon c6 hai nghiém phan biét.

b) Tim cac gia tri cua tham s6 ra d€ phuong trinh c6 hai nghiém am phan biét.

¢) Goi x1, x2 la hai nghiém ctia phuong trinh. Tim gia tri nho nhat ctaa biéu thire: A =
X+

d) Tim cac gia tri cua ra d€ phuong trinh c6 2 nghiém x1,x2 théa man:

|x13 + x§| =19.

18. Cho phuong trinh: x2 =2 (m - 2)x + 2m - 5 = 0 (ra la tham s0).

a) Chitng minh phuong trinh luén c6 nghiém véi moi ra.

b) Goi x1, x2 14 2 nghiém cta phuwong trinh. Tim ra d€ x1,x2 thoa man: x1 (1 —x2) +x2 (1 -

x1) <4.
BAI 3. HE THUC VI-ET VA UNG DUNG
1A.Tacéd A=13>0= PT da cho co6 hai nghiém phan biét x,,x,

: e, |5 t+x, =5
Ap dung hé thirc Vi-ét ta co
x.x, =3

a)Tacd A=x]+x; =(x,+x,)" —2xx, =5 -23=19
b) Tacd C=x'+x; =(x,+x,)° —3x,x,(x, +x,) =80

4, 4 2, 2\2 )
c) Ta c6 D=L4+i4= i +x24 _ (g +x) %(xlxz) 343
XX (x.x,) (x,x,) 81

d) Ta cé E=|x1 —x2| :\/(x1 +x2)2 —4x,x, =J13

1B. Twong tuw 1A
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25 13

a)Taco M =—— b) Taco N=—
6 14
49 17
c)Taco P=—— d)Tacé Q=——
) 2 ) 0 T

2A.a)Tacod A'=(m-3)" >0, Vm
= Phuong trinh c6 hai nghiém x1, x2 véi moi m

. X +x,=2m—4
b) Ap dung hé thtrc Vi-ét ta co b
XX, =2m->5

Biéu thirc lién hé gitra x,, x, khong phu thudc vao m la: x,+x, —x,x, =1
2B. Tuong tw 2A
Phwong trinh c6 hai nghiém x,x, v6i moi m

Biéu thirc lién hé gitta x,, x, khong phu thudc vao m 1a: 2(x, +x, )+ x,x, = —4

3A.a)Tacod a+b+c=15+(-17)+2=0=x =1,x, :%
1234

b)Tacd a-b+c=0=x =-Lx,=——
1230

c)Taco a+b+c=0=x =Lx, =—7-43

2

V5

d)Tacéd a-b+c=0=x=-Lx,=

3B.Twong tu 3A
; 2 . 32
a) Ta co xl=1,x2=7 b) Ta cé xl=_1,xz=Z
O Tach x =1x, =—20 d)Tacd x =—1x, =28
1975 311

4A. a) Ta thdy a+b+c=(m—-2)+(-2m—5)+m+7=0= Phuong trinh luén c6 nghiém x = 1

khong phu thudc vao m.
b) Véi m = 2: Phuong trinh chi c6 nghiém x = 1.

m+7

V6i m # 2 : Phuong trinh ¢ hai nghiém x=1va x = 5
m —_
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4B. a) Thay x = -2 vao phuong trinh da cho, ta ¢ (2m—1)(=2)" +(m-3)(-2)-6m-2=0
(lubn dang) = BPCM.

b) V6i m = %: Phuong trinh chi c6 nghiém x = -2.

Véi m# % : Phrong trinh c6 hai nghiém x € {—2; 3m+ 1}

2m—1

5A. Thay x = -2 vao phuong trinh ta tim dwoc m =1 hoacm =2

.. . 5 x=28
*Voim=1,taco: x —-6x-16=0<= 5
xX=-
Mt
*Véim=2, tacd: 2x* —9x-26=0<=|" 2
x=-2

5B. Twong tw 5A. Tinh dwgc m =4; x2 = -18.
6A. a) Ta c6 u,v la hai nghiém ctia phuong trinh sau

Y3 = (u,v) e {(12;3),(3;12)}

X2—15X+36:O<:{

+v=>5
b) Ta c6 (u+v)’ :u2+v2+2uv:13+2.6:25<:>[u '
u+v=->5

*Voi u+v=>5 tacd u,v la hai nghiém ctia phuong trinh sau:

X=2

X'-5X+6=0
X =3

Vay (u.v) {(2:3).(3:2).(-2-3).(-3:-2)}

6B. Tuong tw 6A

a) Khong ton tai u,v théa man vi42-4.7 =-12<0.
b) Tim duoc (u,v) e {(-2;-10),(-10;-2)}

7A.Tacd (2++3)+(2-3) =4 va (2+3)(2-+3) =1

Do d6 2++/3 va 2—+/3 la nghiém ctia phuong trinh sau: X2- 4X +1=0
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7B. Twong tu 7A. Tim dwoc phuong trinh X2 +4X -77 = 0.

8A. ) Ta co A=25+12m>0. Tim duoc mZ—f—j

2(x? + x?
b)Tacd S=—242= (x+2) _50+12m

X x22 (xlxz)2 Om*
Va P:%.%: 4 == 92 . Véi bK Oing thi ta co % va %lé hai nghiém cua
X % (xx,) 9m 12 X, X,
phuong trinh bac hai X2—50+212X+ 42 =0 ha:9m’X*-2(6m+25)X +4=0.
Om 9m
8B. Tuong tw 8A
Pitu kién m>-2. Phuong trinh fim duoc 1a X2+ 2%y ™ _o (bieu kien:
12 3m+6 m+2
—2¢m2—§)
12

9A.a) Tacox?>-7x+6=(x-1) (x-6)

b) Ta 6 302 - 4x - 34 = 30 (x+1)(x—%J

c) Tacod X—S\/;+6=(\/;—2)(\/;—3)

2

d) Ta c6 2x—5\/;+3=2(\/;_1)[\/__§]

9B. Tuong tw 9A

a) Ta co 4x° —5x+l=4(x—l)(x—%j

b) Ta cd 21x* —5x—26 = 21(x+1)(x—§]

¢) Ta c6 4x—7\/;+3=4(\/;_1)(\/—_§j

4

d) Ta ¢ 12x—5Vx -7 :12(\/5_1)[\/}+l)

12
10A. a) Phuong trinh c6 2 nghiém trai dau < ac<0< m<-1

10.Duong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




b) Phrong trinh c6 2 nghiém phan biét.
SA=8-42m+6)>0=m<5
¢) Phwong trinh ¢ 2 nghiém phan biét cing am

A>0 Am* —8m+4>0
m<?2
&35<01<2(m-3)<0 @{
m#1
P>0 8—4m >0

d) Phrong trinh c6 2 nghiém phan biét cing duong

A>0 32-8m>0 |
<{8S<0<:6>0 & —<m<4
P>0 2m+1>0

e) Vi A=(m—1) —4(-3-m)=2m—-1)>+15>0, VmeR
= Phuong trinh ludn c6 hai nghiém phan biét.
Phwong trinh ¢6 dungd 1 nghiém dwong < ac=-3-m <0. Tim duoc m > -3

10B. Tuong ty 10A

m>0
a) Tim dwoc —1<m<2 b) Tim dwoc

m<-2-3
¢) Tim dwoc m< -1 d) Tim duwoc -1<m <0

11A. Tacd A=5"-4(m+4)=9—4m
Phwong trinh ¢ hai nghiém phan biét © A>0& m< %

A1 ., , %X, =5
Theo hé thirc Vi-ét ta co
x.x,=m+4

a)ta cd |x|+|x,|=4<(x erz)2 —2x,x, +2|x,x,| =16
z2|m+4|:2m—1.T‘1m duwoc med.
b) Ta cod 3x,+4x, =6 < 3(x,+x,)+x,=6=>x, =-9

Vi x = -9 la nghiém cta phuong trinh nén ta 6 (-9)° =5.(-9)+m+4=0. Tim duoc

m=—3i\/ﬁ
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11B. Tuong ty 10A va 11A

. m=4 . m<-1
a) Tim dwoc b) Tim dwoc
x,=-1 X, # -2
. . m<—1
¢) Tim dwoc -1<m <0 d) Tim dwoc {
X, # -2
\ . m2>1
3) Tim dwgc m=-1 g) Tim duoc [
m< —
12. Tuwong ty 1A
a) Ta co A:—E b) Ta co B:—E
9 87
c)Tacd C=9 d) Tacdé D=-41
13. Twong ty 3A
. 1 .
a) Ta co xlzl,xzzg b)Taco x ,=-1,x,=3
. . 247
c)Taco x =1,x,=19 d) Ta co x1=—1,x2:%
14. Twong t 6A
a) Tim duoc (u,v)e {(7;—15),(—15;7)}
b) Tim dugc (u,v)e {(15;—6),(—6;15)}
15. a) Tim dwoc m =4
b)Taco 4, =33<m=0
c) Ta co hé thtc x, +x, +2xx, =—17
16. Twong tu 10A.
m>
a) Tim dwoc 2<m<4 b) Tim dwoc| 9
——<m<-2
4
¢) Tim duwoc —2<m<—1 d) Tim duwoc me @

17. Tuwong tr 10A va 11A.
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a)tacd A=25>0,VmeR b) Tim dwoc m < -3

1 m=-1

c)Tacd 4, N d) Tim duwoc
2 2 m=

18.a) Tacd A=4(m—3)> >0, VmeR

b) Tim dwocm >1
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BAI 4. PHUONG TRINH QUY VE PHUONG TRINH BAC HAI
I. TOM TAT LY THUYET
1. Phuong trinh trung phuong
- Phuong trinh trung phuwong la phwong trinh c6 dang;:
ax*+bx?>+c-0 (a#0).

- Céch giai: Dat an phu t = x? (+ > 0) d€ dwa phuong trinh vé phuong trinh bac hai: at? + bt + ¢
=0(a#0).

2. Phuong trinh chita 4n & mau thic
D€ giai phuong trinh chita 4n & mau thiic, ta cé cac budc giai nhu sau:
Buwéc 1. Tim diéu kién xac dinh cua an cuia phuwong trinh.
Buréc 2. Quy dong mau thitc hai v& r6i khir mau.
Bueoc 3. Giai phuwong trinh vira nhan duoc o Buedc 2.
Buéc 4. So sanh cac nghiém tim dwgc & Bude 3 voi diéu kién xac dinh va két luan.
3. Phuong trinh dwa vé dang tich
bé giai phuong trinh dwa vé dang tich, ta ¢ cac budce gidi nhu sau:
Bueée 1. Phan tich vé trai thanh nhan ti, v& phai bang 0.
Budc 2. Xét ting nhan t&r bang 0 ¢& tim nghiém.
IL. BAI TAP VA CAC DANG TOAN
Dang 1. Giai phwong trinh trung phuong
Phuwong phdp gidi: Xét phuong trinh trung phuong;:

axA +bx*+c=0 (a#0).
Buwoc 1. Dat t = x? (t > 0) ta dwoc phuong trinh bac hai:

at? +bt+c=0(a#0)

Buéc 2. Giai phwong trinh bac hai an t tir d6 ta tim duoc cac nghiém ctua phuong trinh

trung phuwong da cho.

1A. Gidi cac phuong trinh sau:
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a)x* +5x2-6 =0; b) (x +1)*-5(x+1)2-84=0.

Giai cac phrong trinh sau:

a) 2x*+7x2+5=0; b) 4x*+ 8x2-12=0;

Dang 2. Phuwong trinh chita 4n & mau thic

Phuong phdp gidi: D€ giai phuwong trinh chira &n & mau thtrc, ta c6 cac budce giai nhw sau:
Buwéc 1. Tim diéu kién xac dinh ctia an.

Buéc 2. Quy dong mau thikc hai v& r6i khir mau.

Buwoc 3. Giai phuong trinh bac hai nhan dwoc ¢ Budc 2.

Buéc 4. So sanh cac nghiém tim dwgc & Buée 3 voi diéu kién xac dinh va két luan.

2A. Giai cac phuwong trinh sau:

2x -5 3x
a) = ;

x—-1 x-2

x+5 x-3_ 5 3 |
3 5 x-3 x+5

(1+x l—xj (1+x j 3
C) - : -1|= .
1-x 1+x 1-x 14—x

2B. Giai cac phuong trinh sau:

b)

2x—1+3x—1 _x=7
x+1 x+5 x-1

a)

+3;

x> =3x+5 1

X—x-6 x-3

b)

M

2x 5 5 )
x-2 x-3 x*-5x+6

<)

Dang 3. Phuong trinh duwa vé dang tich

Phuwong phdp gidi: D€ giai phuong trinh dua vé dang tich, ta c6 cac budc giai nhw sau:
Buéc 1. Chuyén vé va phan tich vé trai thanh nhan ttt, v& phai bang 0.

Budc 2. Xét ting nhan t&r bang 0 ¢& tim nghiém.

3A. Giai cac phuwong trinh sau:
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a) x3-3x?-3x-4=0;

b) (x- 1) +x% + (x + 1) - (x +2)° = 0;

3B. Giai cac phuong trinh sau:

a)2x3-7x2+4x+1=0;

b) (x2+2x - 5)2 = (x2 - X +5),

Dang 4. Giai bang phuong phap dit 4n phu

Phirong phadp gidi:

Budéce 1. Dat diéu kién xac dinh (néu cd);

Buéc 2. Dat an phuy, dat diéu kién cua an phu (néu cd) va gia phwong trinh theo an mai;
Buée 3. Tim nghiém ban dau va so sanh véi diéu kién xac dinl va két luan.
4A. Giai cac phuwong trinh sau:

a) x(x +D(x +2)(x +3)=8§;

b) (x2 + 16x + 60)(x2 +17x + 60) = 6x%

2xX 7

C — =1.
)3X2—x+2 3x2+5x+2

4B. Giai cac phuong trinh sau:
a) (x*-3x)?-6(x*-3x)-7=0;
b) x¢ +61x® - 8000 = 0;

Q) XXt s
x+1 X

Dang 5. Phuong trinh chita biéu thitc trong dau cin
Phuong phdp gidi: Lam mat dau can bang cach dat an phu hogc liiy thita hai vé.

B>0

2"

Chzig]:«/Z:B@{

5A. Giai cac phuwong trinh sau:

a) Vr—6Jx+9 =3-/x; b) Vx’+x+1=3-x.
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5B. Giai cac phuong trinh sau:

a)x*-3x+2=(1-x)v3x-2

b Vx—1+7x+1=+/14x-6.
Dang 6. Mot s6 dang khac

Phurong phdp gidi: Ngoai cac phuong phap trén, ta con dung cac phuong phap hang dang
thirc, thém bdt hang tie, hodc danh gia hai vé... d€ giai phuong trinh.

6. Giai cac phuong trinh sau bang phuwong phéap thém b6t hang tir hodc dung hang dang
thirc:

a) x*=24x + 32; b) x*=-3x%>+3x -1;
c) x*- x2+2x-1=0;
7. Giai cac phuong trinh sau bang phuong phép danh gié:

a) Y—x+4x =1,

b) V4x> —4x +5++/12x> —12+9 =6.

8. Giai cac phuong trinh sau:
a)4x?—4x-612x-11+6=0;

25x2
+t——=
(x+5)

b) x°
III. BAI TAP VE NHA

10. Giai cac phuong trinh sau:

a)x*-6x2-16=0; b) (x + 1)*+(x +1)2-20=0.
11. Giai cac phuong trinh sau:

x+2_4x2—11x—2' b) x_ 2x 8(x+1)
x-1 (1-x)(x+2)’ x+4 2-x (2-x)(x+4)

a)

12. Giai cac phuong trinh sau:
a) (x + 1)(x-3)(x2 - 2x) =-2;

b) (6x + 5)2 (3x + 2)(x +1) = 35.
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C) (x2+5x + 8)(x2 + 6x + 8) = 2x3;

d) X +\/4X—1=2'
Jax -1 by

13. Giai cac phuong trinh sau:
a)x*-x2-8x-6=0; b)x3-x2-x=§ .

BAI 4. PHUONG TRINH QUY VE PHUONG TRINH BAC HAI
1A.a) Dt x> =¢>0,tacod: > +5t-6=0
Giai ra ta dwoc t=1 (TM) hoac ¢ =-6 (loai)
T @6 tim dwoc x =1
b) Dat (x+1)* =t>0
Sau khi tim dwoc t ta tim duwoc x=-1+ 243.
1B. a) xeU b) x=+1
2A.a)DK: x#1 va x#2
Quy dong mau thc, giai duoc: x =+/19 -3
b) Tim dwock x=-17 hodc x= —1+31

¢) Tim dwocx =5

5. . 1, .
ZB.a)x=—ZhoaC x=5 b) x=1 C)x=5 hoac x=5
3A. a) Dua PT vé dang:(x—\/i)(x+x/§)(x+3):0
Tir 46 tim duoc x e {++/2;-3|
b) Tim dwgc x=4

+
3B. a)x =1 hoac x:S_F

b) x:l;xzo hoac x:m
2 3

4A. a) Dit y = x> +3x+1. Giai ra ta dwoc y =+3

34417
2

Tt @6 tim dwoc x =
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b) Xét hai treong hop

Truong hop 1: Véi x = 0, thay vao thdy khong la nghiém

Truong hop 2. Véi x #0, chia ca hai v€ cua PT cho x? sau d6 dat x+16+@ =y.Giaira ta
x

duwocy =2hodacy =-3.
Tt d6 tim dwoc x = 15 hoac x = -4.

c¢) Truong hop 1. Xét x =0, thay vao thdy khong la nghiém.

\ 7 . 2 2 \ X I3 v 2 “ 2.
Truong hop 2. Xét x # 0, chia ca t& va mau cho x sau d6 dat y =3x+—. Gidi ra ta duwocy =-
X

11 hodcy =2.

—11+/97

Tt d6 tim dwoc x = <

L5

hoac x :3_—
2

3+4/37
2

4B.a) x=

b) x =4 hoac x=-5

C) x:i hoac x:—z
4 3

5A. a) DK: x > 0; Bién d6i phuwong trinh ta duwoc
Vx-3|=3-Vx & Vx-3<00<x<9

3-x>0 x<3

b)PT<:>{ & 8c>x=§
x=7 7

X +x+1=9—6x+x>
5B. a)x=1 b) x=1hodc x=5
6.a) Thém 4x* ¢ ca hai v€ cua PT, ta duoc (x2 +2)2 =(2x+6)2

Giai ra ta duoc x=1+ J5

1 1445
2

¢) Tim dwoc x =
1-2 )

7.a) PK: 0<x<l=>41-x>1-x va {x>x=>VT21-x+x=1=VP

b) Tim dwgc x =
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. n_n 2 l_x:()
Dau "=" xay ra < =
l-x=1

Két luan

b) Tim dwoc x :%.

8. Dat

2x=1|=1(120)= ¢ —6:+5=0. Tim duoc t tir d6 tim duwoc x € {-2;0;1;3}

S5x ? 5x
b) PT <:>(x— j +2x =11
x+5 x+5

2

Dat =t,tim dwoc t =-11 hodc t =1
x+5
+

Tl‘rdét‘lmdu)c_rcx=1_;/i
10. a) x=12\2 b) x=1 hodc x=-3

2 A A
11. a) x= 5 b) V6 nghiém
12.  a) x=1++/3 hojc x=1+2 d) x=2+3

7+

1
13. a) x=-1 hoac x=1+7 b) x=
) ) vy
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BAI 5. GIAI BAI TOAN BANG CACH LAP PHUONG TRINH
1. TOM TAT LY THUYET
Cac budc giai bai todn bang cach 1ap phuwong trinh:
Budce 1. Lap phuong trinh
- Chon an so va dat diéu kién cho an so.
- Biéu dién céc dit kién chua biét qua an s6.
- Lap phuong trinh biéu thi twong quan gitta an sd va cac dit kién da biét.
Buoc 2. Giai phuong trinh

Budc 3. Doi chiéu nghiém cua phwong trinh véi diéu kién ctia an s6 (néu cd) va vi dé bai

dé dua ra két luan.
II. BAI TAP VA CAC DANG TOAN
Dang 1. Bai toan vé ning suat lao dong

Phuong phép giai: Nang sudt dwoc tinh bang ti s6 gitta Khdi luong cong viéc va Thoi gian
hoan thanh.

1A. Mot phan xeong theo ké' hoach phai dét 3000 tdm tham. Trong 8 ngay dau ho da thuc
hién duoc ding ké hoach, nhiing ngay con lai ho da dét vuot murc moi ngay 10 tam, nén da
hoan thanh k& hoach trudc 2 ngay. Héi theo k& hoach mdi ngay phan xudng phai dét bao

nhiéu tAm?

1B. Thang dau hai t6 san xudt lam dwoc 720 dung cu. Sang thang 2 t6 1 lam vuot mtc 12%,
t0 2 vuegt mitc 15% nén ca hai t6 da lam duoc 819 dung cu. Hoi trong thang dau mdi t& lam

dwoc bao nhiéu dung cu?

Dang 2. Toan vé cong viéc lam chung, lam riéng .
Phuong phap giai: Ta cht y rang:

- Thuong coi khoi luwgng cong viéc 1a 1 don vi.

- Nédng sudt 1 + Nang suat 2 = Tong nang sudt.

2A. Hai t6 san xuat cung lam chung mot cong viéc thi hoan thanh trong 2 gio. Hoi néu lam
riéng mot minh thi mdi t§ can bao nhiéu thoi gian méi hoan thanh cong viée, biét khi lam

riéng t6 1 hoan thanh sém hon t6 2 1a 3 gio?
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2B. Hai nguoi cung lam chung mot cong viéc trong 24 gio thi xong. Nang sudt nguoi thu
nhat bang nang sudt nguoi tht hai. Héi néu modi ngudi lam cong viée d6 modt minh thi
hoan thanh sau bao lau?

3A. Hai cong nhan néu lam chung thi trong 12 gio sé hoan thanh cong viéc. Ho lam chung
trong 4 gio thi ngwoi thit nhat chuyén di lam viéc khac, nguoi tht hai lam not cong viéc
con lai trong 10 gio thi xong. Hoi ngroi thir hai lam mgt minh bao lau thi hoan thanh cong
viéc?

3B. Hai nguoi cung lam chung mot cong viéc thi 15 gio sé xong. Hai nguoi lam duwoc 8 gio
thi nguoi thi nhat duoc diéu di lam cdng viéc khac, nguoi thit hai tiép tuc lam viéc trong
21 gio nita thi xong cong viéc. Hoi néu lam mot minh thi moi ngwoi phai lam trong bao lau
moi xong cong viéc?

Dang 3. Toan vé quan hé cac s

4A. Tim hai s6 duong biét rang hai [an s& 16n 1én hon ba Ian s6 bé 1a 9 va hiéu cac binh

phuong ctia chung bang 119.

4B. Tim 2 s8 biét tong ctia ching 1a 17 va tdng 1ap phuong ctia chting bang 1241.

Dang 4. Toan c6 n6i dung hinh hoc

5A. Mot khu vieon hinh cht nhat ¢6 chu vi 280m. Nguoi ta 1am mot 16i di xung quanh
vuon (thudc dat cua veeon) rong 2ra, dién tich con lai ctia khu vieon la 4256m?. Tinh cac

kich thudc cia khu vueon.

5B. Mot thira rudng hinh chi* nhat, néu tang chiéu dai thém 2m va chiéu rong 3m thi dién
tich tang 100m>2. Néu cung giam chiéu dai va chiéu rong 2m thi dién tich giam 68m?. Tinh

dién tich thita ruong do.
Dang 5. Toan chuyén dong
Phuong phép giai: Chu y rang:
Quang duwong = Van tdc x Thoi gian.

6A. Mot nguoi di xe may tit A déh B véi van tdc 25km/h. Lic vé nguoi d6 di véi van tdc

30km/h nén thoi gian vé it hon thoi gian di 1a 20 phat. Tinh quang dwong AB.
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6B. Luc 6 gio, mot 6t6 xudt phat tit A dén B véi van tdc trung binh 40km/h. Khi dén B,
nguoi lai xe lam nhiém vu giao nhan hang trong 30 phut r6i cho xe quay tré vé A véi van

t6c trung binh 30km/h. Tinh quang duong AB biét rang 6t6 vé dén A luc 10 giod cng ngay.

7A. Hai xe mdy khoi hanh liic 7 gio sang tit A d€ dén B. Xe may thit nhat chay véi van tdc
30km/h, xe may thtt hai chay véi van toc 16n hon van t6c ctia xe may thit nhat la 6km/h.
Trén dwong di xe tht hai dirng lai nghi 40 phut roi lai tiép tuc chay vé6i van toc ca. Tinh
chiéu dai quang duong AB, biét ca hai xe dén B cung luc.

7B. Hai nguoi di xe dap cung luc, nguwoc chiéu nhau tir hai dia di€m A va B cach nhau
42km va gp nhau sau 2 gio. Tinh van t6c ctia mdi ngudi, biét rang nguoi di tir A mdi gio
di nhanh hon nguoi di tir B 1a 3km.

8A. Luc 7 gio sang, mot nguoi di xe dap khoi hanh tir A véi van tdc 10km/h. Sau d6 ltc 8
gi0 40 phut, mot nguoi khac di xe may tir A dudi theo véi van toic 30km/h. Hoi hai nguoi

gap nhau luc may gio?

8B. Mot doan tau hoa ttr Ha No6i di Thanh ph6 H6 Chi Minh, 1 gio 48 phat sau, mot doan
tau khac khéi hanh tir Nam Dinh ciing di Thanh phé H6 Chi Minh véi van toc nho hon
van toc ctia doan tau tht nhat la 5km/h. Hai doan tau gap nhau (tai 1 ga nao d6) sau 4 gio
48 phut ké tir khi doan tau thit nhat khéi hanh. Tinh van toc cua mdi doan tau, biét réng
Ga Nam Dinh ndm trén duwong tir Ha N§i di Thanh phd H6 Chi Minh va cach Ga Ha No6i
87km.

Dang 6. Toan vé chuyén dong trén dong nudc

Phuong phép giai: Ta ¢ cht y sau:

- Van toc tau khi xu6i dong = Van tdc cta tau khi nudce yén lang

+Van tdc dong nudc;

-+ Van tdc tau khi nguoc dong = Van tdc cta tau khi nuwdce yén ldng - Van téc dong nude.

9A. Mot cand tuan tra di xudi dong tir A dén B hét 1 gio 20 phut va nguoc dong tu B vé A

hét 2 gio. Tinh van tdic riéng cta cano, biét van toc dong nwdc la 3km/h.

9B. Mot cano chay xu6i dong tit A dén B r6i chay nguoc dong tir B dén A hét ta't ca 4 gio.
Tinh van t&ic cand khi nuée yén ling, biét rang quang song AB dai 30km va van toc dong

nudc la 4km/gio.

Dang 7. Cac dang khac
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10A. Hail6p 8A va 8B c6 tdng cong 94 hoc sinh biét rang 25% s8 hoc sinh 8A va 20% s
hoc sinh 8B dat loai gidi. Tong s6 hoc sinh gioi cua hai 16p la 21. Tinh s6 hoc sinh cta moi
lop?

10B. Tim s6 hoc sinh ctia hai 16p 8A va 8B, biét rang néu chuyén 3 hoc sinh tit 16p 8A
sang 16p 8B thi s8 hoc sinh hai 16p bang nhau, néu chuyén 5 hoc sinh tir 16p 8B sang 16p 8A

thi s8 hoc sinh 8B béng % s0 hoc sinh 16p 8A?
III. BAI TAP VE NHA

. N e N\ \ A A oA 12 o\ \ A X J R
11. Hai nguoi cung lam chung mot cong viéc trong r gio thi xong. Néu moi nguoi lam

mot minh thi nguwoi th nhat hoan thanh cong viéc trong it hon ngwoi thit hai la 2 gio. Hoi

néu lam mot minh thi moi nguoi phai lam trong bao nhiéu thoi gian dé xong cdng viéc?

12. Nam ngoai, hai don vi san xudt ndng nghiép thu hoach duoc 600 tan thoc. Nam nay,
don vi th nhat lam vuot mtrc 10%, don vi thit hai lam vugt mtec 20% so véi nam ngoai.
Do d6, ca hai don vi thu hoach dwoc 685 tan thoc. Hoi nam ngoai, mdi don vi da thu hoach
dwoc bao nhiéu tan thoc?

13. Mot t6 san xudt phai lam dwgc 600 san pham trong mot thoi gian quy dinh véi nang
sudt quy dinh. Sau khi 1am xong 400 san pham t& san xuat ting ning suat lao dong, moi
ngay lam tang thém 10 san phdm so véi quy dinh. Vi vay ma cong viéc dugc hoan thanh
sém hon quy dinh mot ngay. Tinh xem, theo quy dinh, mdi ngay t3 san xuat phai lam bao

nhiéu san pham.

14. Mot tam gidc vuong cé chu vi la 30cm, d¢ dai hai canh géc vudng hon kém nhau 7cm.

Tinh d6 dai cac canh cua tam gidc.

15. Tim t4t ca cac s6 tu nhién c6 hai chit s6 biét rang tong cac chir s§ ctia n6 bang 5 va tong
cac binh phwong hai chit s6 ctia né bang 13. 16. Quang duong mot cand di xudi dong trong
4 gid bang 2,4 lan quang duong mot cand di nguoc dong trong 2 gid. Héi van tdc cand khi
xudi dong, biét rang van tdc cand khi nude yén tinh 1a 15km/h.

17. Mot 6t6 chuyén dong déu vdi van toc da dinh dé di hét quang dwong dai 120km trong
mot thoi gian da dinh. Di dwoc mét nita quang dwong xe nghi 3 phut nén dé€ dén noi diang
gio, xe phai tang van toc thém 2km/h trén ntra quang duong con lai. Tinh thoi gian xe 1an
banh trén duong.

18. Hai san bay Ha Noi va Da Nang cach nhau 600km. M6t may bay canh quat tir Da Nang
di Ha Noi. Sau d6 10 phtit, mot may bay phan luc tir Ha Noi bay téi Da Nang véi van toc
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16n hon may bay canh quat la 300km/h. Mdy bay phan lic dén Ba Nang truedc khi may bay
canh quat dén Ha Noi 10 phat. Tinh van t6c cia mdi may bay.
19. Nguoi ta tron 8 gam chat 1ong nay vdi 6 gam chat long khac c6 khoi luong riéng nho
hon 14 0,2g/cm® d€ duwoc mot chat long ¢ khoi lwong riéng la 0,7g/cm?. Tim khoi luong
riéng ctia moi chat long.

BAI 5. GIAI BAI TOAN BANG CACH LAP PHUONG TRINH
1A. Goi s tdm tham phan xudng phai dét trong mot ngay theo ké hoach la x (PK: xe N)

3000 3000—-8x
—2=84+—
X x+10

Theo bai ra ta cd phwong trinh:

Giai phuwong trinh ta dugc x = 100 (TMDK)
Két luan

1B. Tuwong ty 1A, thang dau t6 1 va to 2 Tan luot lam dwoc 300 va 420 san pham.

2A. Goi nang suat cua t6 1 1a: x ( x > 0, phan cong viéc/gio); Nang sudt cua to 2 1a %—x
(phéan cong viéc/gio)

Thoi gian t6 1 lam 1 minh xong cong viéc la: %gié;

Thoi gian t0 2 lam 1 minh xong cdng viéc la; 1; gio;
~—x

Theo bai ra c6 phuong trinh: .1 3.

Giai phuong trinh ta duoc x :%

Vay thoi gian t6 1, t6 2 hoan thanh cong viéc 1 minh lan luot la 3 gio va 6 gio.
2B. Nguoi tht nhat hoan thanh vong viéc mot minh trong 40 gio.

Nguoi thit hai hoan thanh vong viéc mot minh trong 60 gio.

3A. Nguoi thit hai lam mgt minh xong cong viéc trong 15 gio.

3B. Néu lam mot minh, nguoi thit nhat lam xong cong viéc trong 22 gio 30 phat, nguoi thi
hai lam trong 45 gio.
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2a-9

4A. Goisdlén1a a; sO bé la

2
Ta c6 phuwong trinh: o —(2613_9) =119

Giai phuwong trinh ta dugc a = 12.

Vay solénla12,s0bélas

4B. Goi sO thir nhat la a, s6 thtt haila 17 - a.

Theo d& bai ta c6 phurong trinh: a* +(17—a)’ =1241

Giai phuong trinh ta c6 =9 hodaca=38

Vaysolénla9, so béla8.

5A. Chiéu rong khu vuon la 60m; Chiéu dai khu vieon la 80m.

5B. Dién tich thira rudng la 308m?2.

6A. Goi thoi gian nguoi d6 di tir A dén B la t gio.

Vi thoi gian vé it hon thoi gian di la 20 phat nén thoi gian vé la t—% (gio). Ttr do ta co

phuong trinh 25¢ = 30(t —%j

Giai phuong trinh ta duoc t =2 (gio). Vay quang duong AB la 50km.
6B. Quang duong AB la 60km

7A. Goi quang duong AB la x km (x> 30)
Thoi gian xe may th nhat chay la % gio, thoi gian xe mdy thit hai chay la %+% (gi0).

Theo dé bai ta c6 phuong trinh: XX 2
30 36 3

Giai phuong trinh ta dwoc x =120

Vay quang duwong AB la 120km

7B. Van toc nguoi di tit A dén B la 12km/h va ctia nguoi di tir B dén A la 9km/h.
8A. Goi thoi diém hai nguoi gap nhau la ltc x(gio) (x > 0);
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Theo bai ra ta ¢ phurong trinh: 10(x—-7) = 30()5_?}

Giai phuong trinh ta dugc x =9, 5; hay luc 9 gio 30 phut.
hai nguoi gap nhau lac 9 gio 30 phut.

8B. Doan tau tirt Ha Noi di thanh phd H6 Chi Minh véi van toc 40km/h; doan tau tit Nam
Dinh di thanh ph6 H6 Chi Minh véi van toc 35km/h.

9A. Goi van tdc riéng ctia cand la v (km/h). Theo dé bai ta c6 phuong trinh:

g(ws):z(v_a)

Giai phuwong trinh ta dugc v = 15 (km/h)

9B. Van toc cand khi nuedce yén lang la 16km/h.

10A. Goi s6 hoc sinh 16p 8A la x ( x> 21); S6 hoc sinh 16p 8A 1a 94 - x. Theo dé bai ta ¢
20

25
huong trinh: —x+—(94—x)=21
phons 100" T100 04 )

Giai phuwong trinh ta c6 x = 44.

Vay s6 hoc sinh 16p 8A 1a 44 em, 8B la 50 em.

10B. S6 hoc sinh 16p 8A 1a 33 em, 8B la 27 em.

11. Nguoi tht nhat lam mot minhtrong 4 gio thi xong cong viéc;

Nguoi thtt hai lam mdt minh trong 6 gio thi xong cong viéc.

12. Don vi 1 thu hoach dwoc 350 tan thoc; don vi 2 thu hoach dwoc 250 tan thoc.
13. Theo quy dinh mbi ngay t6 san xudt phai 1am 40 san pham.

14. B9 dai cac canh cuia tam giac vudng lan lwgt 1a 5cm, 12cm va 13cm.

15. DBap s0: 23 va 32
AN PN . 180
16. Van toc canoo khi xudi dong la Tkm /h

17. Thoi gian xe lan banh trén dwong la 48 gio.
18. Van toc ctia mdy bay canh qua 1a 600km/h; Van t6c ctia maysbay phan lyc la 900km/h.

19. Khéi lwgng riéng hai chat lan luot 1a 0,8g/cm?; 0,6g/cm?.
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BAI 6. BAI TOAN VE PUONG THANG VA PARABOL
I. TOM TAT LY THUYET

Cho duong thang d : y = mx + n va parabol (P): y = ax? (a # 0). Khi d6 s6 giao diém cta a va
(P) bang dting s& nghiém ctia phwong trinh hoanh do giao diém:

ax2=mx +n.

Ta c6 bang sau day:

Biét thitc A cua phuwong L, ..
o ci . . . . e Vi tri twong d6i cta cua d
S0 giao diém cua d va (P) trinh hoanh d6 giao diem | | P)
va
cua d va (P)
0 A<0 d khong cat (P)
1 A=0 d tiép xac voi (P)

d cat (P) tai hai di€m phan
biét

2 A>0

II. BAI TAP VA CAC DANG TOAN

2

1A. Cho parabol (P): y = % va duong thang d : y = %x+ n.

a) Voin =1, hay:

i) Vé (P) va d trén cung mot mat phang toa do;

ii) Tim toa d¢ cac giao diém A va B cua (P) va d;

iii) Tinh dién tich tam giac AOB.
b) Tim cac gia tri cua n dé:

i) d va (P) tiép xtc nhau.

ii) d cat (P) tai hai diém phan biét;

iii) d cat (P) tai hai di€m ndm vé hai phia déi cta truc Oy.
1B. Cho parabol (P): y = x? va duong thang d:y = -2x + m.
a) Voim =3, hay:

i) Vé (P) va d trén cung mot mat phéng toa do;
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ii) Tim toa d¢ cac giao diém M va N cuta (P) va d;
iii) Tinh &6 dai doan thang MN.
b) Tim cac gia tri cua m dé:
i) d va (P) ti€p xuc nhau.
ii) d cat (P) khong cat nhau;
iii) d cat (P) tai hai di€m phan biét c6 hoanh d6 am.
2A. Viét phuong trinh duwong thang d, biét:

2

a) d di qua hai diém A, B thudc (P): y = x? va co hoanh d6 lan lwot 1a -2; 4;

b) d song song véi dwong thang d': 2y +4x =5 va tiép xtic véi (P):y =x3

3

¢) d tiép xtic véi (P): y = x? tai diém C(3; 3).
2B. Viét phuong trinh duong thang d, biét:

a) d di qua goc toa do va diém M thudc (P): y = 2x2 ¢6 hoanh d¢ la %;

2
b) d vudng goc véi duong thang d': x - 3y +1=0 va tiép xtc véi (P) : y = x?;

c) d tiép xtic voi (P): y = 3x? tai diém N( 1; 3).
3A. Cho parabol (P): y = -x2 va duong thang d di qua diém M(0; -1) c6 hé s& goc 1a k.

a) Viét phuong trinh dueong thang d va chitng minh véi moi gid tri ctia k thi d ludn cat (P)
tai hai di€ém phan biét A va B.

b) Goi hoanh do ctia A,B Ian luot la x1,x2. Chtéing minh [xx -x2| > 2.

¢) Chttng minh tam gidc OAB vudng.

3B. Trong mat phang toa d6 Oxy cho M(1;2) va duong thang d:y = -3x +1.
a) Viét phuong trinh duwong thang d' di qua M va song song véi d.

b) Cho parabol (P) : y = mx? (m # 0). Tim céc gia tri ctia tham s6 ra d€ d va (P) cat nhau tai

hai diém phan biét A, B ndm cuing phia d&i véi truc tung.
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4A. Cho parabol (P): y=(2m - 1)x2véira m # %

a) Xac dinh tham s0 ra biét d6 thi ham s6 di qua A(3; 3). Vé d6 thi ham s0 vira tim duoc.

b) Mot duong thang song song véi truc hoanh, ct truc tung tai diém c6 tung d6 1a 4, cat
(P) trén tai 2 diém A va B. Tinh dién tich tam giac AOB.

4B. Cho parabol (P) :y = ax? (a # 0) va dwong thang d : y - 2mx-m + 2.
a) Xac dinh tham s0 a biét (P) di qua A(1;-1);

b) Bién luan s giao diém cua (P) va d theo tham s6 ra.

III. BAI TAP VE NHA

5. Trong cling midt phang toa do cho parabol (P) : y = ax? a # 0 (a la tham s3) va hai duong
thing di:y=x+lvada:x+2y+4=0.

a) Tim toa do giao diém A ctia di va da.
b) Tim gia tri cua a d€ (P) di qua A. Vé (P) vdi a vira tim duoc.

c) Viét phuong trinh duong thang d biét d tiép xtic voi (P) tai A.

6. Trong cing mat phang toa do, cho parabol: (P) : y = —ixz va duong thang d : y = mx —
2m -1.

a) Vé (P).

b) Tim gia tri cia tham s6 ra sao cho d ti€p xuc véi (P).

¢) Ching to d ludn ludn di qua mot diém cd dinh A thudc (P).

7. Cho parabol (P): y = va duong thang d: mx +y = 2.

a) Chttng minh (P) va d ludn cat nhau tai hai diém phan biét A va B.

b) Xac dinh m d€ AB nho nhat. Tinh dién tich A AOB v&i m vira tim dwoc.

2

8.Cho (P):y = % va duong thang d di qua 7(0; 2) c6 hé sd goc k.

a) Chttng minh (P) va d ludn cat nhau tai hai diém phan biét A va B.

b) Goi H va K Tan luot la hinh chiéu vudng goc ctia A va B trén truc Ox. Chiing minh tam

giac IHK vuong tai L
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9. Cho parabol (P): y = x? va duong thang d: y — mx - m +1. Tim c4c gid tri ctia tham s6 m dé

d cit (P) tai hai di€m phan biét A va B c6 hoanh d6 x1 va x2 théa man:
a) Ixil + Ixel =4; b)xi=9x..
10. Cho parabol (P) c6 d6 thi di qua goc toa do va di qua diém

a) Viét phuong trinh cua (P).

b) Tim cac gia tri nao ctia tham s8 m dé duwong thing d:y = —% x + m cat (P) tai hai diém c6
hoanh d06 x1,x2 thoa man 3x1 + 5x2 = 5.

11. Cho parabol (P) :y - x? va duong thang d:y - 2 mx -2 m + 3.

a) Tim toa do cac diém thudc (P) biét tung do cua ching béng 2.

b) Chting minh véi moi gid tri ctia tham s m, thi duong thang d ludn cat parabol (P) tai
hai di€m phan biét.

c) Goi y1,y2 la tung d0 cac giao diém cua d va (P). Tim cdc gia tri cua tham s6 m d€ y1 + y2 <
9.

BAI 6. BAI TOAN VE PUONG THANG PARABOL
1A.a) V6i n=1, ta duoc d:y:%xﬂ
i) HS tw lam.
ii) Xét PT hoanh d6 giao diém cua d va (P): %2 —%x -1=0

Giai ra ta dwoc x1=-1 vax2=2.

Tir 46 tim duoc A(—l;%}; B(2:2)

iii) Tinh dwoc §,,, == bang mot trong cac cach sau:

Do | W

Cach 1. Goi H, K Ian lwgt 1a hinh chiéu vudnggoc cta A, B trén truc Ox. Khi dé
SaoB = SaHkBs - SaHo- SBKO

Cach 2. Goi I 1a giao diém cua d va Oy, M, N Ian luot la hinh chiéu vuong goc cua A, B 1én
truc Oy. Khi do6
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S o5 =S101 +Spor = %AM.OI + %BN.OI

Céch 3. Goi T 13 hinh chiéu vuéng géc ctia O trén d. Khi do: S, = %OT.AB

b) PT hoanh d6 giao diém cua d va (P): x>- x - 2n = 0.

i) d tiép xtic v6i (P) & A =0. Tt d6 tim duoc 5= —é

ii) d cat (P) tai hai diém phan biét < A =0

Tir d6 tim duoc n > —%

iii) d cat (P) tai hai ¢im nam ¢ hai phia truc Oy < ac <0. Tt &6 tim dwgcn > 0.
1B.a) Véim =3, ta duocd : y=-2x+3

i) HS tw lam.

ii) Xét PT hoanh d¢ giao diém ctia d va (P): x2 + 2x - 3=0.

Giai ra ta duwoc xm =-3 va xn =1.

Tir d6 im dwoc M(-3; 9), N(1; 1)

iff) Do dai MN = (x, —x,, ) +(y =y )’ =45

b) PT hoanh d6 giao diém ctia d va (p): X2+ 2x - m =0.

i) d tiép xtc véi (P) & A=0. Ttr &6 tim dwoc m = -1.

ii) d cit khong cat nhau < A <0. Tt &6 tim dwge m < -1.
iii) d cat (P) tai hai di€ém phan biét c6 hoanh d6 am

A>0
&<¢85<0. T do tim dwoc —1<m<0.
P>0

2A. a) Goi PT duong thang d c6 dang y = ax +b.

Theo dé bai ta cé: 4,B (P)= A(-2;1), B(4;4)
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—2a+b=1 a=

Do A,Bed = &
4a+b=4

b) PT dudng thing d c6 dang: y = —2x+bvéi b= %

PT hoanh d¢ giao diém cua d va (P) la: x>+ 2x -b =0.
d tiép xtic voi (P) = A'=1+b=0b=-1= y=-2x-1
¢) Goi PT dwong thang d c6 dang y =ax +b

PT hoanh d¢ giao diém cua d va (p) la:

2
x—ax-b=0,véi A:a2+ib
3 3

Dé d tiép xtic véi (P) tai diém C(3;3)

A=0 a=2
= =>d:y=2x-3
3a+b=3 b=-3

2B.Goi PT duong thang d c6 dang y =ax +b

. 11
a) Vi ME(P):M(?ZJ

b=0

=1
Do O,M ed =11 1 . Tim duoc ¢
Ea—i—b:E

Tedod:y=x
b) Vid Ld' nénd c6 dang: y =-3x +b.
PT hoanh d¢ giao diém cua d va (P)lax?>+6x-2b=0

Vid tiép tac véi (P)nén A'=0
o2 9
Tt d6 tim dwoc d: y = —3x—5
¢) PT hoanh d¢ giao diém cua d va (P) la 3x>- ax-b=0.

A=0
Vi d tiép xuc véi (P) tai diém N (1; 3) nén
a+b=3
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Ttr d6 tim duwgcd : y =kx - 1.
3A.a)Tacod:y=kx-1

PT hoanh d9 giao diém ctia d va (P):x* +kx—1=0
Tacd: A=k*+4>0 véimoi k =DPCM.

b) Ta co: |x, —x,[ =k* +42 4= |x, —x,[>2

¢) Stt dung dinh ly Pitago dao

3B. a) Tim dwoc d': y=-3x+5 b) Tim dwoc —%<m<0

4A. a) Thay toa do diém A vao PT cta (P) tim duoc m:%. Khi d6 ta duoc parabol
(P):y==x’
b) Tim duoc A(—2J§;4) va B(2J§;4) — AB=43

T dé S, = %AB.4 - 83 (dvdt)

4B. a) Tim duwocy = -x2

b) Xét phuong trinh hoanh d¢ giao diém ctia (P) vadlax®+2mx-m+2=0c6 A=m?+m -
2.

Véi A>0 < m>1 hodcm < -2 thi d cat (P) tai hai di€m phan biét.
-Véi A=0< m=1 hodcm=-2 thi d ti€p xuc (P).
-Véi A<0 & —2<m<1 thid khong cat (P).

s A1) e (Pl S

6. a) HS ty vé hinh
b) Tim dwgc m = -1.

¢) d ludn di qua A(2; -1) thudc (P)

7. a) PT hoanh d6 giao diém cua d va (P): %xz Fmx—2=0
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Vi a, c trai dau (hodc A=m’+4>0) Vm nén ta c6 DPCM.
b) Goi x1, x2 1a hai nghiém cua PT hoanh d6 giao diém

= A(x,;2-mx,), B(x,;2—mx,) va x, + x, = -2m, x,x, = —4

= AB =/(4m* +16)(m’ +1)

= A4B =4 taim=0

Tt d6 Saos =4

8. a) PT hoanh d¢ giao diém ctia d va (P) ¢6 a, c trai dau.

b) St dung dinh ly Pitago dao.

9.a)m=-2hoacm=4 b)m=10hoécm=%
_1 _5
10.a - 2 b [p—
)y 4x ) m T

11. a) (\/5;2) va (—\/5;2)
b) A'=(m—-1)>+2>0Vm

-1 3
C) —<m<—
2 2
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ON TAP CHUONG IV
I. TOM TAT LY THUYET
Xem phan Tém tit Iy thuyét cac bai tir Bai 1 dén Bai 6 ctia chwong nay.
II. BAI TAP VA CAC DANG TOAN

1A. Cho phuong trinh 2mx? - 2(2m - 1)x + 2m -3 = 0. Tim cac gia tri caa m d€ phuong trinh:

a) Co hai nghiém phan biét; b) C6 nghiém kép;
¢) Vo nghiém; d) C6 duy nhat 1 nghiém;
e) Co nghiém.

1B. Cho phuong trinh x? - (¢ + 2)x + 4 = 0. Tim a d€ phuong trinh:
a) C6 hai nghiém phan biét;
b) C6 hai nghiém phan biét trai ddu;
c) C6 hai nghiém phan biét cuing ddu duwong;
d) C6 hai nghiém phan biét cing dau am.
2A. Cho cac phuong trinh:
ax>*+2bx+c=0;
bx?+ 2cx + a- 0;
cx?+2ax+b=0
trong do6 a,b,c # 0. Chitng minh c6 it nhat mot trong ba phuong trinh trén c6 nghiém.
2B. Chiing minh phuong trinh
(x-a)(x-b)+(x-b)(x-c)+(x-c)x-a)=0
ludn c6 nghiém véi moia, b, c.
3A. Giai cac phuong trinh:
a) +x+5-x=1; b) (x - 1)2016 + (x - 2)216 =1 |
3B. Giai cac phuong trinh:

a) x® +3x% +3x - 2008 = 0; b) x*-3x3 +3x +1=0.
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4A. Cho ham s6'y = -x? c6 d6 thi 1a parabol (P) va duwong thang di qua N(-1;-2) va c6 hé s&
goc k.

a) Viét phuong trinh duwong thang d.

b) Tim cac gid tri ctia k d& (P) va d cat nhau tai hai diém phéan biét A, B nam vé hai phia ctia

truc tung.

c) Goi A(x1;y1), B(x2;y2). Tim cac gia tri caa k d€ bi€u thiec S = x1 + y1 + X2 + y2 dat gia tri lon
nhat.

4B. Cho parabol (P):y = x2va duong thangd:y = mx +1. (m la tham sd)
a) Vé (P)vadkhira=1.

b) Chtrng minh v4i moi gia tri cua ra, d luén di qua mét diém cd 6 dinh va luén cit (P) tai
hai diém phan biét A, B.

¢) Tim cac gia tri ctia ra d€ tam giac AOB c¢6 dién tich béng 2 (don vi dién tich).
5A. Cho phuong trinh x2 + (m + 2)x + 2m - 0. (m la tham s0)

a) Giai va bién luan phuong trinh.

b) Biét phuong trinh c6 mét nghiém la x = 3. Tim m va nghiém con lai.

¢) Tim m d€ phuong trinh ¢6 hai nghiém x1, x2 théa man

d) Tim cac gia tri cua m d€ phuong trinh ¢6 2 nghiém d6i nhau.

e) Tim cac gia tri cia m dé€ phuwong trinh c6 hai nghiém cuing dau. Khi d6 2 nghiém cung

am hay cung duong?

g) Dat A =x?+x? -4 xix2+ 4 vdi x1,x2 1a 2 nghiém ctia phwong trinh.
Hay:

i) Tim biéu thitc A theo m;

ii) Tim cac gia tricaam d€ A =8;

iii) Tim gid tri nho nhat cua A va gia tri twong tng cua ra.

h) Chiing minh biéu thttc: p = 2(x1 + x2) + x1x2 - 4 khong phu thudc vao m.
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5B. Cho phuong trinh: x2 - (22 - 1)x — 4a - 3= 0. (a la tham s0)

a) Chting minh rang phuwong trinh ludn c6 hai nghiém phan biét.

b) Goi x1,x2 1a 2 nghiém ctia phuwong trinh. Tim gid tri nho nhat cua biéu thte: A =xx] +x2
c) Tim cac gid tri cua a d€ phuong trinh ¢6 hai nghiém trai dau.

d) Tim cac gia tri ctia a d€ phuwong trinh c6 hai nghiém cung duwong.

III. BAI TAP VE NHA

6. Cho phuong trinh: X2 - (2a - 6)x + ra -13 = 0 (ra 1a tham s0).

a) Chting minh rang phuwong trinh ludn c6 hai nghiém phan biét.

b) Goi x1, x2 1a 2 nghiém ctia phwong trinh. Tim gia tri 16n nhat cua biéu thiec A = xix2 -
(xf +x; ) :

c) Tim cac gid trj cta ra d€ phuwong trinh c6 hai nghiém d6i nhau.

7. Cho parabol (P): y = -x? va duong thang d:y = mx - 2.

a) Chttng minh d ludn cit (P) tai hai diém phan biét A va B v6i moi gid tri ciia tham s6 ra.

b) Goi x1, x2 1a hoanh d6 cua A va B. Tim gia tri cta tham sd ra dé m dé

X)X, +x5x, =2017.
8. Cho parabol (P):y =x? va duong thang d:y = rax + ra + 1. (ra la tham sd)
a) Tim cac gia tri ctia ra d& (P) va d cat nhau tai hai diém phan biét A va B.
b) Goi x1 va x2 1a hoanh d6 cua A va B. Tim cac gia tri ctia ra dé

|x1 - x2| =2.

¢) Tim céc gid trj ctia ra &€ (P) va d cit nhau tai hai diém phan biét cing ndm vé phia bén
trdi cta truc tung.

9. Cho parabol (P): y = 2x2 va duong thang d : y = 4x - 2.

a) Chtrng minh d tiép xutc véi (P) tai diém A(1;2).

’

b) Viét phurong trinh dwong thang d’ c6 hé s& goc la ra va di qua diém A( 1;2). Tim ra dé d
cat (P) tai hai diém phan biét ma mot trong hai giao diém do6 c¢é hoanh d¢ 16n hon 3.

c) Cho parabol (P):y = %x2 va duong thang d: y = mx + 2.

3.Puong tuy gan khong di sé khong dén-Viéc tuy nho khong lam sé khong nén




a) Chting minh véi moi gia tri ctia ra, d ludn cat parabol (P) tai 2 ¢iém phan biét.

b) Goi x1,x2 lan lugt 1a hoanh d6 cac giao di€ém cua d va parabol
N o XX
(P). Tim gia tri ciara dé —-+-—=2=-3.
xZ xl
11. Cho parabol (P) ¢6 do thi di qua goc toa do va qua diém A(%,_le

a) Viét phuong trinh cua (P).

b) Tim gia tri ctia ra d€ dwong thang d:y = x + m cat (P) tai 2 diém cé hoanh dd x1, x2 sao cho
3x1+5x2=5.

ON TAP CHUONG IV
1 -1
1A.a) ——<m=#0 b) m=—
2 2
C)m<_—1 d)m:_—l,m:O
2 2
-1
e >—
) mz—
1B. a)a>2hoaca<-6. b) aed
c)a>2; d) a<-6.

2A. Chting minh duoc: A, +A, +A, >0= DPCM.
2B.Tacd: A'=a’+b* +c* —ab—bc—ac
Chttng minh dwoc A'>0= DPCM.

3A. a) Bién d6i phuong trinh thanh /5-x =1-3/2+x. Sau d6 lap phuong ca hai vé va dat
2+ x =t .Khi d6 phuong trinh tré thanh t? - t - 2 = 0. Giai ra ta duwgc t =-1 hodc t =2

Tt d6 tim duvoc x =-3 hoacx=6
b) Cach 1. Dé thdy x =2 va x = 1 1a nghiém cta phuong trinh.

Dat A=(x—1)""+(x~2)"". Ta nhan thdy khi x >2 hogc x < 1 thi A> 1. Khi 1 < x <2 thi A<
1.
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Céch 2. D3t a = x - 1. Phuwong trinh trd thanh ¢*'° +(a—1)*"° =1.
Nhan xét phwong trinh chi <& nghiém khi 0<a<l va

a0 +(a_1)2016 < q? +(a_1)2 :1—2a(l—a)

=0 =1
Vay phuong trinh cé nghiém < {a ) = [x
a= x

Két luén: Phuong trinh ¢6 tap nghiém la S ={1;2}
3B. a) Bién doi phwong trinh vé (x + 1)* =2009.

Tir d6 im duoc x =—1+3/2009;

b) Bién d6i phuong trinh vé (x? - 2x - 1) (x*-x - 1) = 0.

+
leiﬁ,xz%

4A.a)d:y=kx+k-2;
b) Phuwong trinh hoanh d6 giao diém ctia d va (P) la: x2 + kx +k -2 =0.
Ta cd a, ctraidau < k<2;

0 Smax=_T”@k=%(TM k<2)

4B. a) Khim =1 thid:y=x+1. HS ti vé hinh.

b) d ludén di qua diém c6 dinh M (0;1)

khi

Phuong trinh hoanh dd giao diém ctia d va (P) ¢6 a, ¢ trai ddu hodc cé6 A=m* +1>0Vm

c) m= +24/3

5A. a) Vi m =2 thi phuong trinh c6 nghiém kép x1 =x2=-2;

Véi m # 2 thi phuwong trinh ¢6 2 nghiém phan biét x1 =-2 va x2 =-m.
b) m =-3 va nghiém con lai la x =-2;

com=2;

d)m=-2;

e) m >0 va hai nghiém cuing am;
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g)i) A=m?-8m+8; ii) m =0; iii) Amin=-8 < m =4;

5B.a) A=(2a+3)’ +4>0¥aeR b) Amm=6©m=_7l
3
€ a>-—; d) aed
4
6.2) A=(2m—7)"+39>0, VmeR b) A“‘“:_%@m:%
c)m=3.

7. a) Phuong trinh hoanh d¢ giao diém cua d va (P) ¢6 a, c trai dau:

b) m= 2017

8.a) m# -2, b) m=0,m=-4 c)m<—1; m#-2

9.a) Phuong trinh hoanh d¢ giao diém cua d va (P) co nghiém képx=1=y=2;
b) m > 8.

10. a) Phuwong trinh hoanh d¢ giao diém ctia d va (P) c6 a, c trai dau;

b) m=+1

11.a) y =-x? b) m =-20.

6.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




PE KIEM TRA CHUONG IV
Thoi gian lam bai cho mdi dé 1a 45 phut
PESO 1
PHAN I. TRAC NGHIEM (2 DIEM)
Khoanh vao chir cdi dirng trwedc cdu trd loi ding:

Cau 1. Phuong trinh -3x2 + 2x + 5 =0 c6 tap nghiém la:

S S

Cau 2. Phuong trinh nao sau day c6 hai nghiém phan biét?
A.x*+3=0; B.9%*- 6Xx+1=0;
c/x2+3x+5=0; D.2x2-x-11=0.

Cau 3. Cho duwong thang d:y-ax + 2 va parabol (P): y = x2. Cho biét d cat (P) tai diém c6
hoanh d6 bang 3, hoi gia tri a khi d6 1a bao nhiéu?

Cau 4. Cho phurong trinh X2 -5x = 0. Khang dinh nao sau day ding?
A. Phuong trinh c6 hai nghiém phan biét cung dau.

B. Phurong trinh c6 hai nghiém trai dau.

C.Phuong trinh cé dang mot nghiém duong.

D. Phuong trinh c6 hai nghiém bang nhau.

PHAN IL TU LUAN (8 PIEM)

Bai 1. (2,0 diém) Giai cac phwong trinh sau:

a) 2x2+13x +20 = 0; b)x2 - 2+ 243 )x + 24/3 =0.
Bai 2. (2,0 diém)

a) Cho phuong trinh x> -(2m + 1)x + m(m-1)-0 (m 1a tham s6). Tim cac gid tri cia m dé
phuong trinh khong co6 hai nghiém phan biét cung dwong.
b) Tim s6 tw nhién c6 hai chir s8 biét rang tong cac chit s6 ctia né bang 5 va tong cac binh

phuong hai chit s§ ctia né bang 13.

Bai 3. (4,0 di¢m) Cho duong thang d va parabol (P) véi:

1.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




d:y-mx +2va(P):y = %xz. (m la tham s0)

a) Khim =1, hay vé d va (P) trén cung hé truc toa do.
b) Chttng minh véi moi gid tri ctia m sao cho d ludn cat (P) tai hai diém phan biét.

¢) Goi x1, x2 1an lweot 1a hoanh d6 cac giao diém ctia dwong thiang d va parabol (P). Hay tim

ra dé:

i)x1-2x2=09;

ii) Bi€u thitcc A = 2(x: +x2) - x{ —x; dat gid tri 1on nhat.
PE SO 2

PHAN L TRAC NGHIEM (2 DIEM)

Khoanh vao chir cdi ditng trwedc cau tra loi diing:

Cau 1. Phuong trinh 5x2 - 3x - 8 =0 c6 tap nghiém la:

T

Cau 2. Trong cac phuong trinh sau day, phwong trinh nao c6 nghiém kép?
A.x2+3x-5=0; B.2x?-4x+2=0;

C.-x2+4x - 5 = 0; D.2x2+2 =0.

Cau 3. Cho ham s6'y = 2x2 ¢6 d0 thi 1a parabol (P) va duong thang d: y = x-m . Gid tri ctia m

dé (P) va 4 tiép xuc véi nhau la:

A.m=-1; B. mra=38§; Cm=— D.m=

f—
(@)
0| —

Cau 4. Cho phurong trinh 2x? - 5x + 2 = 0. Khang dinh nao sau day dtng?
A. Phuong trinh c6 hai nghiém phan biét la nghich dao cua nhau.

B. Phuwong trinh c6 hai nghiém phan biét déu am.

C. Phuong trinh c6 hai nghiém trai dau.

D. Phuong trinh c6 hai nghiém bang nhau.

PHAN IL TU LUAN (8 PIEM)

2.Puwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén




Bai 1. (2,0 diém) Giai cac phuong trinh sau:

a) 3x2-7x +2=0 b) x2-(1- 242 )x-+/2 =0.
2
Bai 2. (2,0 diém) Cho duong thang d:y = %x +1 va parabol (P): y = x?

a) Tim toa do giao diém A va B cta (P) va d.

b) Tinh dién tich tam giac AOB.

Bai 3. (4,0 diém) Cho phuong trinh 2x2 - (m +4)x + m = 0 (m la tham sd).

a) Tim m d€ phuong trinh ¢6 hai nghiém trai dau.

b) Véim =5, goi x1 va xz 1a hai nghiém ctia phuwong trinh. Tinh gid tricia M = x7 +x;.
¢) Tim m d€ phuwong trinh c6 it nha't mot nghiém duwong.

d) Tim m d€ phuong trinh c6 hai nghiém phan biét x1 va x2 théa man 1 <x: < x2.

PAP AN PE KIEM TRA CHUONG IV

PESO 1
PHAN L. TRAC NGHIEM
Caul.C Cau 3. A.
Cau2.D Cau4.C
PHAN II. TU LUAN
Bai 1. Giai ra ta duoc: a) xe{—4;_75} b) xe{—l+\/§;3+\/§}

Bai 2. a) PT c6 hai nghiém phan biét cuing duong

A=8m+1>0
<98 =2m+1>0 .Giairataduwocm>1.
P=m(m-1)>0

Tt d6 két luan: PT khong c6 hai nghiém phan biét cuing duwong < m<1.
b) Goi cac chit sd hang chuc va hang don vilan luotlaavab (a eN’, a<9; beN, b< 9)

a+b=>5

Theo dé bai, ta co: ,
a +b° =13
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Gidgiratadwoca=2,b=3hoaca=3,b=2.

Két luan.

Bai 3. a) HS tw lam

b) Xét phurong trinh hoanh d¢ giao diém cta d va (P): x> =2mx - 4 =0.

Céch 1. Vi A'=m* +4>0 Vm nén tacos DPCM.

Cach 2. Viac=-4 <0 nén PT ludn c6 hai nghiém trai ddu do dé chiing phan biét (DPCM)

xx, =—4

c) i Tt gia thiét va theo hé thiic Vi-ét, ta co:
X —2x,=9

ehe a4 3 o 15
Giai ra ta dwoc x; =1, x, =2m nén tim duoc m = - hoac m = 7

i) Ta cd 4=2(x, +x,)—(x, +x,)° +2x.x, .
Ap dung hé thitc Vi-ét va bién d6i ta duoc: A =-(2m - 1)2-7.

Tt d6 tim dugc 4, :—7<:>m:%.

PHAN I. TRAC NGHIEM
Caul.B Cau 3. D.
Cau 2.B Caud. A

PHAN IL. TU LUAN

Bai 1. a) {%;2} b) {~1-v2:2-+2)

Bai 2.a) Tim duoc A(—l;%j va B (2; 2) 1a toa d§ cac giao diém caa d va (P).

b) HS tu vé d va (P) trén cung hé truc toa d¢ Oxy.

Cach 1. Goi H, K lan luwot la hinh chiéu vudéng goc cta A, B trén truc Ox. Khi do:

SAOB = SAHKB - SAHO - SBKO
NP 3
Tt d6 tim duoc S, = 5 (dvdt)
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Cach 2. Goi I 1a giao diém cua d va Oy, M, N Ian luot la hinh chiéu vuong goc cua A, B 1én
truc Oy. Khi do:

S 08 =S10r + Ssor = %AM.OI + %BN.OI

Ttr d6 ta cting tim duoc S, = % (dvdt)

Céch 3. Goi T 1a hinh chidu vudng gdc cua O trén d. T dong thoi thudc duong thang di qua

O va vuong goc voi d. T d6 tinh dwge OT va AB r6i ap dung cong thie S, = %OT.AB ta
cting tim dwoc S, = % (dvdt).

Bai 3. a) PT c6 hai nghiém xi, x2, trdi ddu < ac <0. Ttr d6 tim duwgc m <0.
b) V6i m =5, phuong trinh cé dang 2x? - 9x + 5 =0.
Céch 1. Ap dung cong thizc nghiém ctia PT bac hai, cac nghiém xi, x» va thay vao M tim

duwoc M:ﬂ.
4

Céch 2. Bién ddi M = (x,+x,)’ —2x,x, roi ap dung hé thitc Vi-ét ta cling tim dwgc M = % .

c) Vi A=m’+16>0Vm nén PT ludn co hai nghiém phan biét.
Xét ba trueong hop:

x+x,>0

Trueong hop 1. Ta cd 0<x1<x2<:>{ < m>0

xx,>0
Treong hop 2. Tacd x, <0<x, < ac<0<m<0

o . fo=0 _
reong hop 3. Tacd x, =0<x, & &m=0
X +x,>0

Két luan

A>0
d)Taco 1<x <x, < (x,-D(x,-)>0 o med.
(x,=D+(x,-1)>0

5.Duwong tuy gin khong di sé khong dén-Viéc tuy nhé khong lam sé khong nén
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