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“Non song Viét Nam cé tro' nén twoi dep hay khong, dan tic Viét Nam cé budc téi dai vinh
quang dé sanh vai véi cac cwong quéc nam chau dwoe hay khéong, chinh la nhé mét phan lon ¢

cong hoc tdp cua cdic em”

(Trich thw Chii tich Ho Chi Minh).

“Cac ban Viét Nam khong nén bdn tam.

Téi biét cdc ban con khé khan, ta xem nhw sé no nay da trd...” m

[1). Lwge dich 10i Saddam Hussein (1937 — 2006), Cé Chii tich Ding Ba’ath, Cé Thii twdng, Co Tong thong
Cong hoa Iraq thoi ky 1979 — 2003. Déin theo Hoéi ky Gia dinh, ban bé va dat nwoc cua Dong chi Nguyén Thi
Binh, Nguyén Phé chu tich nuwéc Cong hoa Xa hdi chii nghia Viét Nam thoi ky 1992 — 2002.
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CHUYEN PE HAM SO VA PO THI (HE TRUNG HQC CO SO)

RAT TAP HAM SO BAC NHAT @UUNG THANG)

TRUNG POAN CHI LANG - QUAN POAN HAI QUAN

Trong khuédn khé Toén hoc so cap néi chung va Pai s6 pho thong néi riéng, Ham s6 va D6 thi 1a dang
toan co ban nhung thu vi, ¢ pham vi trai rdng, phong phu, lién h¢ chat ché véi nhiéu bd phan khac cua
toan hoc so cép cling nhu toan hoc hién dai.

Tai Viét Nam, noi dung ham s va db thi 1a mot bo phén hiru co, quan trong, dugc pho bién giang day
chinh thirc trong chuong trinh sach giao khoa Toan budc dau 1a 16p 7, tlep sau la cac 16p 9, 10, 11, 12 song
song vai cac khéi luong kién thire lién quan. Cac ky nang d6i v6i ham so, d6 thi duge luyén tap mot cach
déu din, bai ban va hé thong s& rat hitu ich, khong chi trong bd mon Toan ma con phuc vu déc luc cho céac
mon khoa hoc tu nhién khac nhu hoa hoc, vat 1y, dia ly, sinh hoc,...Dbi véi chuong trinh Pai s6 16p 9
THCS hién hanh, ham s6 va d6 thi giir vai trd chinh yéu trong Pé thi kiém tra chéat luong hoc ky, Dé thi
tuyén sinh 16p 10 THPT hé dai tra va hé THPT Chuyén. Déi véi cac 16p cao hon, ndi dung nay s& duge mo
rong trd thanh kién thie chinh yéu trong chuong trinh Pai sé - Giai tich xuyén sudt cac 16p 10, 12, bao
gdm ham sd bac cao va bai toan hinh hoc giai tich, mdt bai toan mang tinh phan loai cao trong ky thi tuyén
sinh dai hoc — cao dang, ky thi THPT Quéc gia hang nam, mét ky thi day cam go, kich tinh va bét ngd, nd
lai 1a mot ciu rat dugc quan tdm cia cac ban hoc sinh, phu huynh, cac thay ¢, gidi chuyén mén va dong
dao ban doc yéu Toan.

Trong pham vi ham 50 va db thi, tai liéu nay tac gia tap trung trinh bay mdt 16p cac bai toan khao sat
su bién thién, v& do thi ham s bac nhét (tic la dang duong thang), Van dé vi tri tuong d01 gilta hai duong
thang, hodc vi tri twong ddi giita duong thang va duong cong, mot sé bai toan gin két yéu tb lugng giac,
hinh hoc giai tich. Nhu dé néi ¢ trén, myc dich khoa hoc chinh cua tai li¢u nhim phuc vu cho qua trinh day
va hoc, kiém tra, ky thi tuyén sinh 16p 9 THPT, ngoai ra tac gia da b ging nang cao, mo rong va phat trién
ting bai toan theo ding ndi dung chu dao ham s6 bac THPT, chu quan cho rang diéu nay s€ gop phan gidi
thi¢u, dinh hudng, pha bo bd ngd, tao ra cai nhin da chiéu ddi véi bai toan do thi va ham sd, véi nhimg ndi
dung nhu cyc tri, tuong giao, tiép tuyen gia tri 16n nhét nho nhat ham s mai sau, thiét nghi yéu té nay
g6p phan 1am tién dé tu duy ham sd, tu duy hinh hoc giai tich & cap THPT trong tuong lai cac em hoc sinh
THCS, ngoai ra con mang tinh mo rong, dao sau, huong dén mong mudn ban doc nghién ctru day du vé
duong thing, ting cudng su sang tao, dot pha, phat huy hon nita trong todn hoc va cac tmg dung trong
hang loat cac mon khoa hoc ty nhién.

I. KIEN THUC CHUAN BI
1. Ky thuét nhén, chia don thire, da thirc, hang dang thc.

2. Nim vitng cac phuong phap phan tich da thirc thanh nhan tu.

3. Nam vimg cac phuong phap giai, bién luan phuong trinh bac nhét, bac hai, bic cao, phuong trinh
chira an & mau.

4. Sur dung thanh thao cac ky hi¢u toan hoc, logic (ky hi¢u hoi, tuyén, kéo theo, twong duong).

5. Kién thirc nén tang vé mat phang toa do, ham s6 bac nhat, dudng thing.

6. Ky nang vé do thi ham s0.

7. Kién thirc nén tang vé hé sb goc cua dudng théng, cong thue dg dai, hé thirc lugng trong tam giac

vudng, cdng thire lugng giac, duong tron, ham so béc hai parabol, phuong trinh nghiém nguyén.
8. Kién thirc nén tang ve gia tri tuyet dbi, can thirc, uéc lugng — danh gia, ham sé - do thi, bat dang
thirc — cyc tri, gia tri 1on nhat, gia tri nho nhéat.

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN CHI LANG; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC NHAT (PUONG THANG) 4

I1. KIEN THUC CO SO VE HAM SO, MAT PHANG TQA PQ VA PO THI HAM SO BAC NHAT.
1. DPinh nghia ham s6: Pai lugng y phu thudc dai lugng thay ddi x sao cho véi 1 gia tri cua x thu dugc
1 gia tri ca y tuong Ung, thuong dugc ky hi¢u y = f(x)=..., hay con goi la mdt quy tic gan mdi
gia tri ctia 4 cho ding mot phan tir ciia B (4 va B 1a hai taaph hop cac s6, 4, B khac tap rong).
Thi du
e Hamsd dathic y=3x; y=4x-1, y=5x"-3; y=x'—5x+2;.

e Ham séphénthﬁ:c y= x+4; y= x’ —7x+2’ x —4x+1
x+10 x+1
. £ o , 2 4x —x+5 x —4x+5
e Ham s6 can thirc y =vx" —9x+8; yExt T 1
X’ + X+

e Ham sé lugng giéc (chuong trinh Giai tich 16p 11 THPT).
y=sin’ x—sinx;  y=sin4dx—cos4x; y =+/tan3x —tan x
e Ham sé mil, ham sé logarit (chwong trinh Giai tich 16p 12 THPT)
y=2"4+3"+5% y=log3x—\/§10g3(2x—l); y=In3x—-log8x’.
2. Viét y= f(x)=...thi x dugc goi la bién sb (ddi s0), s0 f (x)cu thé duge goi la gia tri ciia ham s6 f tai x.
Thi duvéi y = f(x)=3x—4thi f(2)=3.2-4=2, tic la: Gié trj cia ham sé tai x =2 béng 2.
3. Céc cach cho ham s6
Bang gia tri twong ung (biéu dd).
e (Cong thirc, cht ¥ ¢6 nhimg ham s dugc cho bai nhiéu cong thirc khac nhau trén nhitng tip xac
dinh khéc nhau.

Thi du f(x):{

e DO thi.
4. Tap xac dinh D ciia ham s6 xuét phat tur diéu kién xac dinh cua biéu thirc, thi du
e Hamsd y=x"-5x"+2xac dinh trén R.

3x+7;, x<£2

X450 x>2

e Hamsé y= x+2xéc dinh khi x#2.
x f—

e Hamsd y=+x' —8xac dinh khi x>2.

Khi duoc tiép can chuong trinh Pai s6 16p 10 THPT, cac ban ddc gia sé duge hoc céc ngdn ngit, ky
hleu toan hoc nhu +oo (duong vo cung), —o(am vo cung), (...) khoang, [...] doan,...phuc vu viéc
viét chinh xac tap xac dinh ham s6 (biéu dién trén mot mién).

5. Tap gia tri cua ham s xudt phat tir gia tri 16n nhat (GTLN), gia tri nhé nhat (GTNN) cua ham sb
trén tap xac dinh D tuong g, thuong dugc ky hi¢u W, thi du

e Hamso y=x"—2x+8co tp gid tri W =[7;+).

e Hamsé y=4+9—x ¢b tap gia tri W =[4;7].

e Hamsd y=+2—x++/xcotap gia tri W =[\/§;2].

e Pé tim dugc tap gia tri cia ham sd, cac ban can tim duge GTLN (néu cd) va GTNN (néu co)
cua ham so d6 trén mién xac dinh. Van de¢ dat ra do 1a phai tim chinh xac GTLN, GTNN n¢u
ton tai, n€u ton tai ma khong thé tim dwgc coi nhu viée tim tép gid tri dugc goi la nura voi,
that bai. Pay 1a van dé co ban trong chuwong trinh Giai tich 16p 12 THPT khi da nam dugc
cong cy dao ham — khao sat ham so trong tay. Con doi véi cac 1op nho hon, céc ban can tu
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duy chiéu sau, ap dung linh hoat cac kién thirc, k§ ning vé bt ding thic, hing dang thirc dé
tim duoc tron ven.
6. Ham s0 y = f(x)=...dong bién (ham tang) tirc 1a
f(xl) >f(x2),‘v’x1,x2 eD,x >x, - f(xl)_f(XZ)
f(xl)<f()c2),‘v’xl,x2eD,xl<x2 X, — X,
Do thi ham s6 khi d6 ¢6 hudéng di 1én. Thi du
e Hamsd y=x’+4xludn dong bién trén R.
x+2

x+3
e Hamsd y=x>—2x+5ddng bién trén khoang (1;+00).

>0,VVx,x,eD.

ludn ddng bién trén tap xac dinh R/ {-3}.

e Hamso y=

Tong hai ham s6 dong bién 1a mot ham s6 dong bién.

Céc ban luu y ham s6 c6 theé dong bién trén mgt khoang nao do, tuy nhién néu néi “Khoang dong bién cua
ham s0” dugc hicu la tat ca cac khoang ma ham so6 c6 thé dong bién. Dé tim khoang dong bién day du cua
ham s0, can co trong tay cong cu dao ham — khao sat ham sé cua 16p 12 THPT. Viéc ching minh tinh don
di€u doi voi céac 1op nho hon bat bude st dung dinh nghia nhu da néu, tac la

f(x1)>f(x2),Vxl,x2 eD,x, > x, - f(xl)_f(xz)

f(x)<f(x,),Yx,x, €D,x <x, X, =X,
Thi du chimg minh ham s6 dong bién trén R .

v Neéu sir dung dinh nghia ching ta s& gap kho khéan bai vi s6 mil cao cua 5.

f(x)=x
g(x)=x3 —2x>+5x+1

>0,VVx,x,eD.

v Thyc hién tach ham sé y = f(x)+g(X);{

x>x=>x>x = f(x)> f(x,)
(

xl)<f(x2)

v Xﬁ:lyhe‘lmf(x):xs:{ <
X <X,=>x <x,=>f

v Xuly ham g(x)=x’—2x" +5x+1:
g(x)-g(x,) xf—2x12+5x1+1—(x§—2x22+5x2+1) (xf—xj)—Z(xf—x§)+5(xl—xz)

X=X X=X X =X

i (x, —xZ)(x12+x1x2+x§)_2(x1 —x,)(x +x,)+5(x, —x,) =(x12+x1x2 +x22)_2(x1 +x,)+5
X, — X,

(x, —2)2 N 3x; —4x, +16
4 4

=x +x (362—2)+x§—2x2 +5=x12+x1(x2—2)+

2 2
=(x1 + xzz_zj +%(x2 —%j +%>O,Vxl,x2

v Sir dung tong hai ham s6 dong bién ta thu duoc ham s y dong bién.
7. Hams6 y = f(x)=...nghich bién (ham giam) tirc la
f(x1)< f()cz),Vxl,x2 eD,x >x, - f(xl)_f(xz)
f(x1)>f(x2),‘v’xl,x2eD,xl<x2 X, — X,
Do thi ham s6 khi d6 ¢6 huéng di xudng. Thi du

<0,VVx,x,eD.

e Hamsd y= x—+§lu6n nghich bién trén tap xac dinh R/ {-2}.
X+
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e Hamsd y=+/x*—2x+6nghich bién trén khoang (—oo;1).

e Hamsd y = x’nghich bién trén khoang (—;0).
8. Haim sb y= f(x)don diéu trén tap xac dinh D tirc 12 ham s6 y= f(x)=...xac dinh, lién tuc, hoac

ddng bién, hoic nghich bién trén tap xac dinh. Thi du cic ham sé sau 1a don diéu

e Hamsd y=x’+4xluén dong bién trén R .
x+2
x+3
x+3
x+2
e Hamsd y=x"+4x" —x*+7x+2 ludn dong bién trén R.

e Hamsd y= ludn ddng bién trén tap xac dinh R/{-3}.

e Hamsd y= ludn nghich bién trén tap xac dinh R/{-2}.

9. Ham s6 chin la ham s6 y = f(x)théa man f(-x)=f(x),VxeD, ham sb chin c6 dd thi nhan truc
tung Oy 1 truc ddi xtng.

10.Ham s6 1& 1a ham s6 y=f(x)théa man f(-x)=f(x),Vxe D, d6 thi ham s6 1¢ ton tai tim ddi
ximg. e ,

11.Ham s6 don gidn y =k = const dugc goi la ham s6 hang, do thi cua ham s6 song song véi tryuc hoanh
Ox. Minh hoa qua dudng thang y=3.

L
=10 =05 0.5 1.0

12.Gbc toa dd 14 O (0;0), phuong trinh hai truc toa do
e Tryuc doc — Tryc tung — Oy : x=0.
e Truc ngang — Truc hoanh — Ox: y=0.
Nhu vay, co thé no6i cach khac: Truc tung 1a tap hop cac diém c6 hoanh do béng 0, truc hoanh la tap
hop céc diém ¢o tung do bang 0. q .
13. Trong mat phang toa d§ Oxy, di€ém M (a;b) dugc hieu nhu sau: M ¢6 hoanh d¢ bang a, M c6 tung do
bang b, xac dinh diém M bang cach tim giao cua cac dudng x=a;y =b.
Thi du diém M (3:4).

M (34)

14.Diém M (x;y) thoa man phuong trinh y = £ (x)thi M thudc dd thi ham sé y = f(x), va ngugc lai.
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15.Ham sb don gian y=ax (a#0)co dd thi la mot duong thang di qua gdc toa do.

Thi du b thj ham sé y =§xdi qua gbc O va M (3:4).

n
h

+ / 5 * + > + __-;.

16.Ham sb bac nhat y=ax+b (a#0)xéac dinh véi moi x thyc, tirc 1a tap xac dinh D=R .
17.D56 thi (d) ciia ham s bac nhat 1a mot duong thang c6 cac dic diém: Cat truc tung tai diém (0;b), cat

truc hoanh tai diém (—é;oj. Khi d6 b duoc goi 1a tung d6 gdc cuia dudong thang (d).

a
18.Cach v& do thi ham s6 bac nhat
e Tapxicdinh D=R.
e Su bién thién: Ham sb déng bién trén R (hodc nghich bién trén R ), tuy theo diu cua hé sb a.
e Bang gia tri, ¢ hai kiéu bang tuy theo giao diém nguyén hay giao diém hitu ty.

Thi du d6i véi ham sb » = %x +1¢6 hai kidu bang

X 0 1
3
y=3x+1 1 0
Db thi ham s di qua hai diém (0;0) va (- 1/3:0)
Hoac
X 0 1
y=3x+1 1 4
D6 thi ham sé di qua hai diém (0;0) va (1;4).
e D6 thi.
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Do thi ham sb khong dugc vuot qué hai truc toa dg. Cac ky hiux vay viét bén trén hoac bén dudi cac
tia, tuyet d6i khong vuot trudc mui cua tia. Thye te trong quy trinh sy bién thién con can c6 bang bién
thién, van dé nyy, khi tiép can chuong trinh Pai s6 10, cic ban s& 1am quen va van dung tot hon dé xir ly
nhiéu bai toan gia tri 1on nhét, gia tri nhé nhéat.

19.Ham s6 bac nhat y=ax+b (a=0)cd do thi la duong thing (d) thi a duge goi 1a hé s6 goc cua

duong thang (d), hon nita a =tana, v6i « 1a goc tao boi duong thang (d) va tia Ox — chiéu duong
cua tryc Ox, goc lay theo quy wdc lugng giac tire 1a nguoc chiéu kim dong ho tinh tir tia Ox.
e Pudng thing (d) tao véi tia Ox goc « nhon khi tana >0< a>0.
004 /
n.n:é e
r 1

—1.51 ;f‘LI“:'U —1.48 —1.48

—0.0z| //
I -
L~

—u.u/-p:f/

-~

e Duong thing (d) tao voi tia Ox goc « ti khi tana <0< a <0.

¥
~.]
0.0
}:\\
| .
002t ey

~0.02| .
—0.04 ] S
d:y=ax+b

20. Hai duong thang { '
d,:y=cx+d b#d
Céc ban luu y dua duong thang tir dang mx+ny+ p=0vé dang y =ax+bdé xac dinh ding hé sd

goc.

song song khi va chi khi {a -

, d:y=ax+b
21.Hai duong thiang { Y vudng goc khi va chi khi ac=-1.
d,:y=cx+d
Céch goi quen thudc 1a TICH HE SO GOC BANG — 1. Cac ban doc gia luu y dua duong thang tir
dang nguyén thuy mx+ny+ p =0ve dang y = ax+ b d€ xac dinh dung h¢ so goc.
, d:y= b
22.Hai duong thing { Ly =@
d,:y=cx+d

cat nhau khi a = c.
d:y=ax+b a=c

23. Hai dudng thang { trung nhau khi {

d,:y=cx+d =
Céc ban luu y dwa duong thing tir dang mx+ny+ p=0vé dang y =ax+bdé xac dinh dung hé sd
goc. . 6 S

24.Ba duong thang dong quy khi ching cung di qua mdt diém, m¢ rong cho n dudng thang dong quy
khi chung cung di qua mot diém M. Cac ban nén tim giao diém M cua hai duong thing don gian
trude roi sau d6 cho duong thang phuc tap hon di qua M da tim duoc.

25. Puodng thang (d) bat ky di qua diém M (X3 ¥, ) va co hé s6 goc bang k
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d:y=k(x—x,)+,
26.Bai toan djém 96 dinh M (x;y) cua mét ho dudng thang chtra tham s6 m. Khi d6 ta con noi diém M

(x3p) la diﬁm cO dinh ma duodng thang ludon di qua véi moi gia tri cua m, hodc goi la diem ma rpoi
duong thang luon xoay quanh v&i moi gia tri m. Ching ta phai dua phuong trinh dudng thang
nguyén thiy vé dang mf (x;»)+g(x;»)=0, rd rang diéu kién tién quyét chinh 1a moi vi tri chira
tham s6 m déu cung s6 mil, néu khéng thi kh§ng ton tgi dié,m c¢b dinh.

e y=mx-2m+4x—-5, mcung sO mi 1, ton tai diém co6 dinh.

e mly= (m2 —3)x— 2m* -6, m cung s6 mil 2, ton tai diém cd dinh.

o my=m’x—2m+7x—6, m khac s mil (2 va 1), khong ton tai diém cd dinh.

o m'y=m’x—2m+Tmx—12, m khac sé mii (3, 2 va 1), khong ton tai diém c6 dinh.

Thi du: Tim diém 6 dinh ma duong thing d,, : y =2(m+1)x+m—1ludn di qua véi moi gia tri cia m.

A a-i— i »

! \
i \
+ \ ;
: \ A

=k \ -
S e
Lo Il"\ Al //
[ A2
| \56,’//

- - e
i‘. . > i |I|I|IM\‘
g 4* \ [
=T [ <
prooes e |--|"5|--+----‘+\----4 ------ fooes

\

T \
| \

\
\

Gia stt M (x,;,)1a diém c6 dinh ma du(‘)'ng thgng d :y= 2(m+1)x%m—11u6n di qua v&i moi gia tri m.
Khi do

yo=2(m+1)x,+m-1,VmeR

& 2mxy+2x,+m—-1-y,=0,YmeR

< m(2x,+1)+2x,—1-y,=0,YmeR

2x,+1=0 X, =t {
“Vox —1-y. =0 2= M| =2
Xo— 1= = y0:_2

Vay M (—%; —Zj 1a diém cd dinh ma ho duong thang da cho ludn ludn di qua.

Luu y cac ban doc gia co thé goi don gian diém M (x;y) dé tranh tring voi gdc toa dd O ciing dugce biéu thi
O(x,:¥,), hon nira tai cac vi tri VmeRco thé tiéu tiét hon nita bang 161 dan “luén dung véi VmeR ™.
Piém ¢ dinh nay 1a mot diém giir vai trd quan trong, 1a budc dém tng dung trong cac bai toan khoang
céch 16n nhat tr mot diém dén mdt duong thang bat ky (di nhién 1a phai ton tai diém cd dinh), bai toan
bién luan sé nghiém cua phuong trinh bang d6 thi, bai toan dudng thang chia mit phang toa do thanh hai
nira mat phang theo yéu cau cho trugc.
27.D6i voi cac diém niam trén hai truc toa do, chung ta c6 khoang cach dugce tinh nhu sau
M € Ox= OM =|x,,|

M eOy=O0M =|y,|

28. Vi tri cac goc phan tu lugng gidc va dudng phan giac cac goc phan tu trong mit phang toa do.
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BAI TAP HAM SO BAC NHAT (PUONG THANG) 10

Céc goc phan tu duge danh sé La Ma I, I, 111, IV tinh theo chiéu ngugc chidu kim dong hd va tinh
tur phai sang trai, dau cuia hoanh dg, tung dg cua céc diém thudc ting goc thé hién trén hinh ve.

4
A

4
Il (—+) 3F | (+,+)
2

I (—-) 3L IV (+-)

Y

5 . 0
e M (x;y) thugc goc phan tu thir nhat (khong tinh bién) khi {x g

y>0

e M (x;y) thudc goc phan tu thir II (khong tinh bién) khi {;i(())

x<0

y<0

x>0

y<0

e Chu y néu mdt diém nam trong goc phan tw ma yéu cau ca bién can c6 dau bang trong cac hé thirc
phia trén.

e Phuong trinh dudng phéan giac cuia goc phan tu thir nhét (tring voi goe phan tu thir 1) 1a y=x.

e M (x;y) thudc goc phan tu thir 11T (khong tinh bién) khi {

e M (x;y) thudc goc phan tu thir IV (khong tinh bién) khi {

e Phuong trinh duong phan gidc clia goc phén tu thir 11 (trang véi goc phén tu thir IV) 13 y=—x.

29.Bai toan di¢n tich tam giac tao bdi dd thi ham sb bac nhét (d) v6i hai tryc toa do (dién tich tam giac
tao bdi (d) chan hai truc toa do).
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BAI TAP HAM SO BAC NHAT (PUONG THANG) 11

o T T 1T 151

Xét truong hop (d) di qua géc toa do, tim tham sd, loai.

Xét truong hop (d) song song véi truc hoanh, tim tham sé loai.

Xet truong hop (d) song song vai truc tung, tim tham 50, loai.

Ngoai ba kha nang trén, xét diéu kién tham s va thyc hién quy trinh :
y=ax+b

K/
0’0

K/
‘0

L)

%

%

K/
0’0

e Goi A4 la giao diém cua (d) véi truc Oy, 4 thoéa man { < A(0;6)= 04 =|y,|=|b|.

x=0

e Goi B la giao diém cua (d) v6i truc Ox, B thoa man

=ax+b
{y “ @B(—é;oj: 0B =|x,|=|-21=|2
y=0 a al |a
2
e Dién tich tam gidc OAB (Vuodng tai O) dugc tinh boi S, = %OA.OB =— |b| 2b| i
a a

e Luuylam can than bai toan duodng théng cat hai truc toa do tao thanh mot tam giac théa man

Co dién tich cho trudc.

» Co dién tich 16n hon, nhé hon mét sé cho trude.

* Co dién tich thuoc mot khoang gié tri nao do.

C6 dién tich gép & 1an dién tich mot hinh phang nao dé.

30.Bai toan vé do dai canh tam giac tao bai do thi ham s bac nhét (d) voi hai truc toa do (do dai canh
tam giac tao boi (d) chan hai truc toa d9).

K/
0’0

>

*,

CR)

*,

L)

’0

%

Sl + + s 1

Xét trudng hop (d) di qua gbe toa do, tim tham sd, loai.

Xét truong hop (d) song song vai truc hoanh, tim tham sé loai.

Xet truong hop (d) song song vdi tryc tung, tim tham s0, loai.

Ngoai ba kha ning trén, xét diéu kién tham s6 va thyc hién quy trinh :
y=ax+b

R/
0’0

K/
’0

L)

K/
’0

L)

K/
’0

L)

e Goi 4 1a giao diém cua (d) véi truc Oy, 4 thoéa man { < A(0;6)= 04 =|y,|=|b|.

x=0

e Goi B la giao diém cua (d) v6i truc Ox, B thoéa man
=ax+b
{y e B(—é;oj = OB =|x,|=
a

y=0
La| = lel=k
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BAI TAP HAM SO BAC NHAT (PUONG THANG) 12

e Yéu ciu bai toan co ty 18 cac canh 1a m:n:Nm®+n’ , thuc t& phu hop véi dinh 1y Pythagores.
« Dat d6 dai hai canh goc vudng la m va n ta c6 canh dai nhat (canh huyén) la
2 2
\Nm-+n.

b

o4 _m p== o=
«»+ Ty 1€ hai canh goc vudng la m:n = OB n n la "
el | I
ON n al n m

< Luu y bai toan ty 1& hai canh goc vudng bang mét sé cho trude.
< Luu y bai toan ty 1€ hai canh goc vuéng thugc mot khoang cho trude.
31.Bai toan vé gbc cua tam giac tao boi dd thi (d) cia ham s6 bac nhat véi hai truc toa do (cac goc cua
tam giac tao boi (d) chén hai truc toa do).

%
0 B s

< Xét truong hop (d) di qua géc toa dg, tim tham s6, két luan gac.
< Xét truong hop (d) song song véi truc hoanh, tim tham so, loai.
< Xét truong hop (d) song song véi truc tung, tim tham so, loai.

—_— —

° ABO=a<:>tanABO=tana<:>%=tana<:>|a|=tana.

—_ —

° ABO>a<:>tanABO>tana<:>%>tana<:>|a|>tana.

. ﬁ>m>a<:>tanﬁ>tanZB\O>tana@tanﬁ>%>tana<:>tanﬂ>|a|>tana.

e Goc O4B thyc hién tuong ty, tranh xa viéc su dung hé¢ $6 gdc dé khong bi thiéu truong hop.
32.Bai toan ve€ khoang cach tur goc toa d O dén do thi (d) cua ham so bac nhat

24

+ t t 4 t
[e] B s

Trude tién ta phai xét truong hop dudng thang (d) song song v6i hai tryc toa dg, vi luc nay chua
chac chan 100% &6 thi ham s da cat hai truc toa do hay khong, hon ntra du khong cit hai truc toa
d ta van c6 khoang cach binh thudng. Néu bo qua s& bi mat dén hai truong hop, nguy hiém ® ®.
Xét truong hop (d) di qua gdc toa d9, tinh khoang cach tir O dén d.

Xét trudng hop (d) song song véi truc hoanh, tinh khoang cach tir O dén 4.

Xét truong hop (d) song song véi truc tung, tinh khoang cach tir O dén d.

Ngoai ba kha nang trén, xét diéu kién tham s va thyc hién quy trinh :

K/
0’0

K/
’0

)

K/
’0

L)

K/
0’0
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BAI TAP HAM SO BAC NHAT (PUONG THANG) 13

. =ax+b
e Goi 4 la giao diém cua (d) véi truc Oy, 4 théa man {y gx < A(0;6)= 04=|y,|=|p|.
X =
e Goi B la giao diém cua (d) véi truc Ox, B thoa
=ax+b
mﬁn{y RPN B(—é;oj = 0B x| =|-2
y = O a a
e Ké OH vudng goc voi AB (H thudc AB).
e Ap dung hé thirc lugng trong tam giac vuéng 4OB (véi OH L AB) ta

b

a

2 2 2 b
ot -1 1 1o arl_op b om-_M
OH> 04 OB b b b 11 N

e Yéu cau khoang cach tir gbc toa dd O dén (d) bang mot khoang s cho trude ching han
b2
OH =5 < OH’ =5" < =5’
a’+1
e Y¢éu cau khoang cach tur goc toa do O dén (d) thuoc mdt khoang gia tri cho trude
2

OHe[m;n]c:>m2 SOH*<n* & m’ < 5 lﬁnz.
a +
33.Bai toan vé khoang cach 16n nhét tir gc toa do O dén dd thi (d) ctia ham s bac nhat

&4

+ } t 4 t
0 B =

Pdi véi bai toan nay, ching ta ¢6 hai phuong an lua chon: Xay dung cong thirc khoang cach tir gbe toa
dd O dén duodng thing (d) hodc st dung diém cb dinh két hop quan hé dudng xién — hinh chiéu trong
tam giac vuong.
Trude tién ta phai xét truong hop duong thang (d) song song véi hai truc toa do cho day du, vi lic nay
chua chac chan 100% d6 thi ham s di cat hai truc toa do hay khong va khong biét khoang cach n6 ¢
gia tri 16n nhat hay khong ® ®.
< Xét truong hop (d) di qua gdc toa dd, tinh khoang cach tir O dén d.
< Xét trudng hop (d) song song vai truc hoanh, tinh khoang cach tir O dén d.
% Xét truong hop (d) song song véi truc tung, tinh khoang cach tir O dén d.
< Ngoai ba kha nang trén, xét diéu kién tham sd va thyc hién quy trinh :
e Xay dyung cong thirc khoang cach tir gbc toa dd O dén dudng thang () nhu muc 28
Ké OH vudng gbéc voi AB (H thudc AB).
Ap dung hé thire luong trong tam giac vuong AOB (véi OH L AB) ta c6
2 2 2
12: 12+ 12=L2+a—2=a—j1:>0H2= 2b = OH = |b| )
OH> 04> OB> b b b a’ +1 241

2

Thong thudng OH’ = la mét biu thure chira bac hai cua tham s6 m ca trén tir s6 va mau so.

2
a +1
Truong hop bat déc di, cac ban phai phan tich khéo 1€o theo thu thuét dugc xay dyng (diéu nay tac
gia xin khong trinh bay vi vugt qué ndi dung tai li¢u) hodc xur Iy theo phuong an mién gia tri ham
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BAI TAP HAM SO BAC NHAT (PUONG THANG) 14

s6 dya trén co s& diéu kién c6 nghiém cua phuong trinh bac hai, la ngi dung phat trién tir kién thirc
chuong 4 Dai sb 16p 9 THCS, tham chi cao hon nira 1a cong cy dao ham — khéo sat ham sb l6p 12
bac THPT, chua ké mt diéu bét thanh vin 1a khong dwgc 4p dung cic mang kién thirc vugt qua
kién thirc co ban sach giao khoa phat trién 1én (du biét trudc nhung chua phu hop lira tu01 chuong

trinh) phai ching phai dén cudi nim hoc 16p 9 THCS cac ban méi 1am dugc tron ven véan dé nay ?
2

v&i mau sb

N6i nhu vay s& 1a khong sai, néu nhu cac ban ¢t bo bo giit biéu thirc OH? = 7
a +

phire tap nhu thé, boi vi tim 1y n6 1a cdi dich cudi cing phai xir 1y. Néu trong qué trinh bién ddi, céc
budc trung gian tao co hdi thi ching ta phai chop lay ngay, néu khéng mudn xem lal toan by qua
trinh, dan dén nhiing hoai nghi, lung ting véi két qua cudi cung c6 ve “nhan rang” ay ®. Doi khi
nhirng y tuong sang tao, tién tién né 16e 1én, roi lai vyt tit di ngay vi nhiing tinh todn cong kénh de
ning phia sau ®. Dé y k¥ chiing ta cé thé xét biéu thirc don gian hon khi quay lai bude trung gian
1 1 1 1 o a’+1
T et o et T T
OH" 0OA~ OB b b b

2

A s | N o 2 ~ .2 , A R
Nhan xét OH, —min , tién hanh dat an phy s€ thu dugc bi€u thirc mét an dua

2
: m—4m+5_S OH" = gm—l) _
OH (m 1) m —4m+5

Qua thyc tim maxP kho hon rat nhiéu so v6i tim minS. Déi véi S, dat an phu
(1+1) —4(e+1)+5 _-2r+2
s r

2
:%_§+1:2 i2—1+l +l:2 11 +lzl,w¢0
ot -t 4) 2 t 2 2 2

Déu dang thirc xay ra khi 1=%©t=2<:>m—l=2<:>m=3.
t

dugc vé hang ding thirc. Thi du chiing ta ¢

m—1=tt#0=>m=t+1=S=

e Sir dung diém cé dinh két hop quan h¢ dudng xi€n hinh chiéu trong tam giac vudng

Trong hinh v& trén, M (x;») 1 diém ¢6 dinh ma dudng thing (d) ludn ludn di qua, va tat nhién, diém
M nay phai dugc chuan bj trude. Khong qua kho, cac ban van thyc hién :

Ké OH vuong goc voi AB (H thudc 4B).

Theo quan hé gitta dudng xién va hinh chiéu trong tam giac vudng OHM ta cé6 OH <OM .

OH 16n nhat khi OH =OM < H =M = OM L d tai diém M.
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Vlet phuong trinh dudng thang OM di qua gbc toa do. Phuong trinh nay doi khi ciing dic biét lam,
néu OM dang ngang hodc doc, néu trung véi tryc Oy thi @ 16 rang vudng goc vai truc Oy, tic la
song song v&i truc hoanh, dang thirc y = y,, ; néu OM tring véi truc Ox thi d rd rang vudng goc véi

Ox, tiic 12 song song véi truc tung, dang thirc x = x,, . Néu OM di qua gbc toa d9 c6 dang chéo tirc 1a
y=kx=d:y= —%x%—b, lac nay chi can tich hé s6 goc cua (d) va k 1a — 1 1a OK dung khong ©.

34. Bai toan twong giao giita duong tron (C) tam O, ban kinh R va d6 thi (d) ciia ham sb bac nhat

e ~ -t Tt

Vu ndy ciing can phai xét truong hop (d) song song véi cac truc toa do, vi co 18 kha ning (d) cit hai
truc toa do chi 12 96,69% thoi ® ®. Cho dudng thang d cét hai truc toa do chi mang tinh bic cau
phuc vu cho viéc tinh khoang cach tir gdc O dén d. Du khong song song véi hai truc toa do thi viée
cit hai diém hay thé nao di nira van xay ra nhu binh thuong.

< Xét trudong hop (d) di qua gde toa do, tinh khoang cach tir O dén d, két luan.

% Xét trudng hop (d) song song vai truc hoanh, tinh khoang cach tir O dén d, két luan.

< Xét trudng hop (d) song song vai truc tung, tinh khoang cach tir O dén d, két luan.
e (O) va d khong cit nhau khi khoang céach tir O dén (d) 16n hon béan kinh R.

2

> R,

d(0;d)>R< OH>R< OH’ >R’ & — 1
a +

e (C) va d tiép xtic nhau khi khoang céch tir O dén (d) dung bang ban kinh R.
b2

a’+1

=R?

d(0;d)=R<OH=R<OH’ =R’ <

Luc nay d con duge goi 1a tiép tuyén cia dudng tron (C).
e (C) vad cit nhau tai hai diém phan biét khi khoang céch tir O dén (d) nho hon béan kinh R.
2
d(0;d)<R< OH <R < OH® <R’ <:>2b—1<R2.
a’+
Luc nay d con duge goi 1a cat tuyén cua duong tron (C).
e (C)vad cit nhau tai hai diém phan biét theo day cung MN voi dg dai MN =2/ cho trude
Theo lién h¢ gitra duong kinh va day cung ta cd H 1a trung diém cia doan thang MN.
Nhu vay MH =2/:2=1, 4p dung dinh 1y Pythagores trong tam gidc vudbng OHM (vudng tai H)

ta co
2
OH*=0OM’-MH*=R’-I’ & ——=R*-I’
a +1
e (O) vad cat nhau tai hai diém phan bi¢t theo day cung MN sao cho tam giac OMN c6 dién tich
cho trude.
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Trude hét ta xay dung cong thirc dién tich tam giac ABC voi d6 dai hai canh c6 goc xen gilra

RO rang S, = %AH.BC, ma AH = ABsinB= S, = %AH.BC =8 e = %BA.BC sinB.

Ap dung cong thirc nay ta co S, = %OM .ON.sin MON = %RZ sin MON .

e (C) va d cat nhau tai hai diém phan biét theo day cung MN sao cho tam gidc OMN cé dién tich
16n nht.

D2 thiy S, = %OM.ON. sin MON = %Rz sin MON .

Hon nita MON nhon nén 0 < sin MON <1=> S, :%R2 sin MON < S,, :%R2.1: Sy :%Rz.

Do d6 S,,,,max <> sin MON =1<> MON =90 .
Tam gidc OMN vuong can tai O nén

2 2
OMEH = MOH =45 = OH = OM.sin OMH = R.sin45 == & f’— K
2 A+ 2
35.Xay dung cong thirc khoang cach giita hai diém bat ky trong mit phing toa dd nhu thé nao ?

Yy
T RS pEaa B
A /l
Y2 i : C
1 1
I 1
1 |
: N
(@] X4 X2 e

Dé thiy AC =|x, —x|,BC=|y, -y,
Pé tinh khoang cach giita hai diém 4 va B chung ta sir dung dinh 1y Pythagores trong tam giac 4BC
2 2 2 2
AB*=AC*+BC* = |x2 —x1| +|y2 —y1| =(x2 _xl) +(y2 _yl)

= AB=\(x,~x) +(3,-»)
Cong thirc khoang cach giita hai diém nhu trén 1a mot ndi dung chinh thirc trong chuong trinh Hinh hoc
16p 10 THPT. Péi véi céc ban 16p 9 THCS thi day la ndi dung bo sung va ching ta phai ching minh ® ®.
Cong thie khoang céch nay rat hiru hiéu, né ciing chinh 1a co sé chimg minh bat dang thirc Minkovsky,
hay con goi 1a bat dang thirc Vector, bt dang thirc tam gidc nhu sau

Ja2 +0* w4 +d? 2\/(a+c)2 +(b+d)2 .

, su dung tri tuyét doi do chua rd dau cua x,,x,,,,,.
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Déu dang thire xéy ra khi ad =bc.
Chirng minh bang bién doi twong duong:

Ja2 +b +E +d? 2\/(a+c)2+(b+d)2

S+ +E+d+ 20+ AE+dP > (a+c) (b+a’)2

= \/a2 +b2.\/02 +d’ >ac+bd (*)
Xét ac+bd < 0thi (*) ludén dung.
Xétac+bc>0=(a’ +b”)(’ +d*) 2 (ac+bd) < a’d’ —2abed +b’c 20 < (ad —be)’ 20 (ludn dung).
Chung minh kzéng cong thirc khoang cach q
Trong mat phang voi hé toa d6 Oxy xét cac diém O(0;0),M (a;b), N (—c;—d)ta co

OM =@ +b ;0N = +d"; MN = (a +c) +(b+d)’ .

Theo bét déng thie trong tam gidc OMN ¢6 OM +ON = MN =~a* +b*> +/c* +d° > \/(a+c)2 (b+d)2

Déu dang thirc xay ra khi ba diém O, M, N thang hang, hay con goi 1a tam giac OMN suy bién vé duong
thang, tién hanh 1ap phuong trinh dudng thing MN va cho di qua gdc toa do.

Minh hoa: TIM GIA TRI NHO NHAT CUA BIEU THUC S =+x? —2x+2 ++/x? —4x+5.
Bién di §=(x—1) +1 +(x—2)" +2° .
Trong mit phang véi hé toa dd Oxy xét cac diém 0(0;0),M (x—11),N(x—2;-2), ta cd

OM =\|(x=1)" +13;0N = /(x—2)" +2%; MN =10 .

Theo bét déng thie trong tam gidc OMN ¢6 OM +ON > MN =~a* +b> +/c* +d’ > \/(a+c)2 (b+d)2

Déu dang thirc xay ra khi ba diém O, M, N thang hang, hay con goi 1a tam giac OMN suy bién vé duong
thang, tién hanh 1ap phuong trinh dudng thang MN di qua gbc O:
y=kx<:>l=k<:>x 1 _X- 2
X 1 -2
36. Tinh khoang cach tir mdt diém M bét ky dén mot duong thing (d) cho trude nhu thé nao ?
Chung ta ké MH vudng goc voi (d), H thudc (d).
Viét phuong trinh duong thang MH di qua M va vudng goc vai duong thang (d), viét theo kiéu tich
hé sb goc bang — 1.
Tim toa d¢ diém H, ap dung cong thirc tinh khoang cach MH.
o

—k@x:i.
3

-2

37.Xay dung cong thirc khoang cach tir gbc toa do O dén mot duong thang A:ax +by + ¢ = 0 cho trudc.
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e Ké OH vudng goc véi AB (H thudc AB).

“l,oB=
b

c

e Péyring B(—f;oj,A(—%;oj: 04 =
a

a

e Ap dung hé thirc luong trong tam gidc vuéng AOB (véi OH L AB ) ta ¢c6

2 2 2 2 2

_ C
12: 12+ 12:b2+a2:a+2b :Osz%:OH:L.
OH® 04> OB ¢ ¢ c a +b [a? + b

38. X4y dung cong thirc khoang cach tir mot diém bat ky dén mot duong thang cho truéc nhu thé nao ?

Xét duong thang A:ax+by+c=0 va didm M (x5, ) bat ky.

Chung ta ké OH vudng goc vai (d), MK vudng goc véi (d), H va K thudce (d); OK cit (d) tai T.
ICI

i Ja' +b’ . i

Chuing ta s€ st dung dinh ly Thales dé tinh d¢ dai doan thang MK.

Ké MP va TQ cung vudng goc voi Ox; P, O thude Ox.

Tién hanh viét phuong trinh duong thing OM va tim toa dd giao diem T theo M (x,;,).

Theo myc 34 ta ¢c6 khoang cach OH : OH =

Phuong trinh duong thang OM di qua goc toa dd y=kx=> y, =kx, = k = 20— om y= 2oy,

Xo Xo
Toa d§ diém 7T thoa man hé
Yo
y=—"x —CX, —CX, —c
X, Sax+bxte=0=x=—o0 :>y=&. L= Yo
X, ax, + by, x, ax,+by, ax,+by,

ax+by+c=0

Vay T —cx, : ~ |
ax, +by, ax,+by,

Do MK song song v&i OH nén theo dinh 1y Thales ta co MT _ MK _ PO . Tinh
OT OH 00
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TSR T e < S ax,+by,+c
PQ_|XT xM| ax, +by, %o |xo|. ax, +by,
|x|.ax0+by0+c
0Q=|x|=|x|| ¢ | PO " ax+by, | |av,+by |
T 0 ax0+by0| 09 |x|4 | c |
“ax, +by,
Suy ra MK :|axo+byo+c|:>MK: ax, +by, +¢ OH:|axO+by0+c| g :|ax0+byo+c|
o | ¢ ¢ . ¢ ' Ja? +5? Ja+b>

39.Bai toan chimg minh giao diém hai duong thing nam trén mdt do thi ¢d dinh.
e Thi dy giao diém M (m;4m—3)= y = 4x-3. Pay 1a mét dudng thang.

'xM
m==-L
. . <2 2 2 x;,  3x,
e Thi du giao diém M(Zm;m —3m+1):> 5 =y, =—2-—1+1
:(X_Mj 3 MM g 4 2
Yu B )
Pay la mdt duong cong parabol (pham vi chuong trinh Pai sé6 10 THPT).
mo=m
. .2 3 3
e Thi du giao diém M(3m;m3 —6m) = ; =y, =M 2y,
- (x_Mj .M 27
Yu 3 3

Pay la mgt duong cong bac ba (pham vi chuong trinh Giai tich 12 THPT).
, \ . .2 ) . . B y=(2m2+1)x+2m—1
e Thi du ta tim dugc giao diém M cua hai duong thang
y=m’x+m-2
m+1 =3m’ +m-2
m’+1" m’+1

Cu thé M (— Jnhung dé triét tiéu tham sb m rat kho @®.

Hay quay trd lai hai dudng thang va dé y
y=(2m2+1)x+2m—1 y=(2m2+1)x+2m—1
=
y=m’x+m-2 y=m’x+m-2
:y=2(m2x+m)+x—1=2(y+2)+x—1:>y:—x—3

e Truong hop dac biét M la giao diém cua hai duong thang vudng goc, hai duong thang nay lai c6 hai
diém co dinh phan biét, cac ban hdy thur quan sat
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RG rang hai duong thang vudng goc, néu goi 7 13 trung diém cua hai dlem 6 dinh 4, B thi theo tinh
chat trung tuyén ta c6 IM = I4 = IB, tirc 12 I 1a tam dudng tron ngoai tiép tam gidc AMB, tic 1a diém
M ludn nam trén duong tron du:orng kinh 4B, tam 1. Tam / va ban kinh duong tron cic ban déu c6
thé ty tinh todn dugc,

40.Bai toan tim giao diém M cia hai duong thang thoa man mot dang thirc nao do, bat dang thirc nao

d6 hodc biéu thic nao dé dat cyec tri, trong d6 mot dudng th'fmg c6 dang don gian.
Thi dy tim diém m dé duong thang (d) chira m c6 hinh thuc to dung nao do, sao cho (d) cat duong
thang A:y=x+4tai diém M (x;p) sao cho biéu thuc S = f(x;y)=x"+2y’ +5dat gia tri nho nhat.

Mot s ban c6 thé c6 co bap khoe manh s& lam bai ban theo anh “quy trinh”, tirc 1a xét phuong trinh
hoanh d¢ giao diém cta hai dudng thang (d) va duong thing A: y = x+4, chay ra diém M (x;p) c6 x
va y déu biéu thi theo m, thay x va y d6 vao S, khi d6 c6 thé xay ra cac tinh hudng nho nho sau day
> M (x;y) ¢ x va y déu c6 dang bac nhat ciia m, khi d6 tim cyc tri S vo tu theo hang dang thuc,
binh thuong.

> M (x;y) ¢6 x va y bude dau c6 dang bac hai, khi d6 S c6 dang bac bdn an m, van cir tim cuc
tri vo tu theo hing dang thirc, binh thudng.

> M (x;y) budc dau c6 dang phan thirc, khi d6 S c6 dang phan thirc, mau thic 13 tam thirc bac
hai, hoi nhin ring ty nhung vin c¢6 phuong phap mién gia tri ham s hodc k¥ thuat dat an
phu dua vé héng dang thirc theo an phy méi.

» M (x;p) budce dau c6 dang da thirc bac ba, phén thire phuc tap, hay S tu dung tang 1én béc ba,
bac bon, thé thi qua vui, vi chic 1a dang chuén bi tinh than bo cudc vi xac dinh 1a kiét sirc véi
céc chau khing bd nhu thé ® © ©.

Tai sao chung ta khong xur 1y nhitng thir don gian hon, tai sao lai ¢t phai bai ban, hon nira bai ban
dén kiét strc, mat qua nhiéu thoi gian thi c6 dang khong ? Néu dé ¥ k¥, chiing ta c6 thé thay tryc
tiép y = x+4 vao biéu thic S, thu duge §=x*+2(x+4)’ +5=3x" +16x+37, dén day tim tim gia trj
nho nhat cia S kha dé dang. Néu lam bai ban, ciing phai thay vao ngodc nhu thé, nhung khong phai
thay con kién, ma lai 1a thay con voi ®®.

Néu yéu cau tim m dé giao diém M thoa mén bat ding thirc 1ong, tirc 1a c6 thé xay ra diu dang thic,
chung ta van thuc hién xir 1y cac déi twong don gian, thi du M (x;y) thoéa méan

~1=0

x2—2x+y2—2y+2$0<:>(x—1)2+(y—1)2SO@{X Sx=y=1.
y

Luu ¥ bai toan tim m dé giao diém M théa man bat dang thirc chat (déu 16n hon, nhé hon), méc du
don gian, chung ta bat budc phai tim x, y theo m va thay thé vao bat dang thirc cho trudc.

41.Bai toan tim diéu kién tham sb m dé duong thang (d) chia mit phang toa do thanh hai nira mat

phang trong 0, hai diém 4, B cho truéc nam cung phia hodc khac phia d01 VOl bo (d).
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Truong hop hai diém khac phia, cac ban co thé thay néu goi C la giao diém cua (d) va duong thang
(4B) thi C nam trong doan thiang 4B, hay tirc 1a C nam giira 4 va B. Khi d6 d& thay hai diéu kién sau

X, <x.<x

ViSVe SV

X, <Xo <X
Yi<Ve<Yp

Xo <X,

tuong dwong { , néu khong tinh bo (d) thi bo di ddu bang, tirc 1a {

Xo > Xy

Ye <Yy

Ye > Vg
Trudng hop déc bi¢t duong thang 4B song song véi truc hoanh ta phai st dung diéu kién hoanh do C,
duong thang 4B song song voi truc tung ta phai sir dung diéu kién tung do C.

42.Bai toan tim diéu kién tham s m dé duong thang (d) chia mat phéng toa do thanh hai nira mat
phang trong d6, hai trong ba dlen} A, B, C cho trudc nam cung phia hodc khac phia déi véi bo (d).

Trudng hop hai diém cung phia, c6 thé thiy C luc niy nim ngoai doan thang 4B, tic 1a

Xét truong hop dién hinh, diém C va cym hai diém 4, B ndm khéc phia so véi b (d).
The thi (d) cat doan thang AC tai D va cat doan thang BC tai E.
Khi d6 ta c6 hé hai diéu kién dugc ghép tir 1diéu kién bat ky trong cac diéu kién cua hai cot @
[:{xA<xD<xC H:[XB<XE<XC
Ye<Vp<JXp Ve <Ve <V
43.Bai toan tim toa do diém M thudc duong théng cho trudce sao cho tam giac AMB vudng tai M.

e ROJ rang M thudc duong tron de(‘Jrng kinh 4B. Tham sé hoa (biéu dién) diém M theo dudng thing,
sau d6 rang budc diéu kién IM =R = %AB = IM* = %AB2 dé thu duoc diém M.

44.D6i véi ham sb chua dau gia tri tuyét dbi, can 1ap bang xét diu dé don gian héa ham sd, vé timg

phan dd thi trén ting mién d6 thi dang xét, sau d6 ghép lai, bo di cac phan thira (c6 thé v& bang nét
dut).
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45.Nghi¢m cua phuong trinh f(x)=mla toa d¢ giao diém ctia hai dd thi ham s6 y = f(x);y =m, trong
d6 y=mla ham sb hang, c6 dd thi 1a dudng thang song song véi truc hoanh.

46. Cong thirc trung diém 7 ciia doan thang 4B : x, = 4 ;x‘g B L eryg .
47.Bai toan tim toa do trong tim G cua tam giac 4BC (Trong tim G la giao diém ba duong trung tuyén
cua tam giac ABC).
gl N
G
: B M c
i F

Pé tim duoc trong tim G can
e Viét duoc it nhat hai trong ba duong trung tuyén, chang han CN va AM, CN cit AM tai G.
e Tim toa do diém G chia trong doan thang trung tuyén theo ty 1& 1:2, thong qua cong thirc khoang
céch hai diém va diéu kién nam giita (tung do hodc hoanh d¢). Céi nay ciing hoi bi nan ®.
1 1
GM =—AM GM* =—AM* .
Tim toa d6 M sau d6 dung 3 & 9 (Phu thudc hinh v€ thdi nhé ©).
X, <X <Xy, X, <Xg5 <Xy
e (Cong thirc toa do trong tdm (pham vi chuong trinh Hinh hoc 10 THPT ®):

_xA+xB+xC. _yA+yB+yC
Xg = 3 Ve = 3 .

48.Bai toan tim toa d§ chan duong phan giac trong cua mot goc nao do trong tam giac ABC.

&1

B D C

Thi dy tim chan dudng phan giac D ctia phan gidc trong goc A4 ta thyc hién
e Tinh d6 dai cac doan thang 4B, AC theo cong thirc khoang cach (ciing can xay dung trudc nhé ®).

e Sir dung tinh chat phan giac trong ciia goc 4 ta c6 B—lé = j—g
e Su dung diéu kién D nim gitra B va C nira dé loai mot diém D : Xy <Xp < Xe.
e Sir dung tinh chét phan gidc va nam gitra f)_lc)' = j—? =k = BD = kDC . (Chau nay duoc goi la vector,

doan thing c6 huéng, pham vi chuong trinh Hinh hoc 10 THPT ® ).
e DE tim tdm dudng tron ngoai tiép I can viét duoc it nhat hai trong ba dudng phan giac, chang han ¢
thé viét AD, BE va AD cat BE cat nhau tai /.
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e Ban kinh duong tron noi tiép 1a khoang cach tir / dén dudng théng BC (cai nay ap dung cong thire
thi phai ching minh, con néu khong thi ké /K vudng goc vdi BC, roi sau do tinh tiep ® ®).
49.Bai toan tim toa do tryc tam H cua tam giac ABC (Tryc tam H 1a giao di€ém ba dudng cao cua tam

giac ABC).

&4

Viét phuong trinh dudng cao BF di qua B va vudng
Viét phuong trinh dudng cao AE di qua 4 va vudng

Viét phuong trinh duong thing BC va duong thellnggA C.

goc voi dudng thang AC.
goc voi dudng thang BC.

Céc duong thang vudng goc & trén viét theo kiéu tich hé sé goc bang — 1.
AE va BF cat nhau tai H, H 1a tryc tam la xong © ©. Ciing kha gian nan déi véi 16p 9 THCS.

50.Bai toan tim toa d§ tam dudng tron ngoai ti€p tam giac nhon ABC.

Viét phuong trinh duong thang 4B, BC.
Tim toa d¢ trung diém N cua AB, trung di€ém M
Viét phuong trinh trung tryc cta doan thang AB

cua BC.
(di qua N va vudng goc voi AB).

Viét phuong trhhh trung truc ciia doan thang BC (di qua M va vudng goc véi BCO).
Hai duong trung tryc & trén cit nhau tai O (phu thude hinh v&) la xong.
Ban kinh duong tron ngoai tiép 1a khoang cach O4, hoic OB, OC.

51.Bai toan tim toa do diém C thudc duong thang (d) cho trude sao cho tong do dai AC + BC ngan

nhdt, trong do 4, B 1a hai diém cho truée.
Truong hop 4, B khac phia so voi dudng thing ().

B

e AB cit (d) tai diém C, tim C bang cach viét phuong trinh 4B va cho 4B cit (d).
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e Chon mét diém C, trén (d) thi AC, +BC, > ABtheo bt dang thirc trong tam gidc ABC,.

e Déu dang thirc xay ra khi 4BC suy bién thanh doan thang 4B, nghia 1a ba diém 4, B, C thing
hang.

Trudong hop 4, B cung phia so véi duong thang (d).

Al

Lay diém 4,ddi xing véi diém 4 qua dudng thang ().

Piém 4 tim dugc bang cich viét phuong trinh dudng thang di qua 4 va vudng goéc véi (d),

duong thang nay cit (d) tai H, H 1a trung diém cua doan thing 4.4.
e DPuong thing 4 B cat dudng thiang (d) tai C, rd rang AC+CB= AC+CB=A4B.
e Trong cac trudng hop khéc, 16 rang AC, + BC, = AC, + BC, > A B theo bit dang thirc trong tam
giac ACB.
e Nhu vdy diém C can tim 1a giao diém ctia duong thang 4 B va (d), véi 4 xac dinh nhu trén.
52.Bai toan tim toa do diém C thudc duong thang (d) cho truée sao cho [C4—CB|1én nhat, trong dé 4,
B 14 hai diém cho trudc. o , q ?
e Theo hinh minh hoa & muc 49, ta Lay diém 4,doi xtrng véi diém 4 qua dudng thang (d).
e Chon diém C trén (d) d€ thay |C,4-C,B|=|C,4, - C,B|< 4B.

CAC NOI DUNG SAU PHUC VU TiNH TOAN NHANH CHONG TRONG PHUONG THUC TRAC NGHIEM HINH HQC,
PHAM VI CHUONG TRINH HQC 10 THPT, POI VOI LOP 9 THCS CHI MANG TiNH THAM KHAO

53. PHUONG TRINH TONG QUAT CUA BPUONG THANG.

e Vi a va b khong dong thoi bang 0, (az +b* > 0) , diém M (X3, ) ta co dang thirc
a(x—x))+b(y-y,)=0.
Sau d6 rat gon vé dang ax+by+c=0 .
e Vector phap tuyén n=(a;b).
e Vector chi phuong u = (b;—a) .
54, PHUONG TRINH THAM SO CUA PUONG THANG.
x=Xx,+at

» (teR), tic la ¢ thyc.
Y=»+

e Dang thuc {
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55.

56.

Phuong trinh dudng thing di qua hai diém thudc hai truc 4(a;0),B(0;5);a 0,5 01a X to= 1.
57.

58.

59.

60.

Vector chi phuong u = (a;b).
PHUONG TRINH CHINH TAC CUA PUONG THANG.
X _ VTN

a b
Vector chi phuong u = (a;b) véi diéu kién a#0,b#0.
PHUONG TRINH POAN CHAN.

Dang thuc

\ y
\
\\
i\

B(0;b) N
\\

N A(@:0)

KHOANG CACH TU MOT PIEM BEN MOT PUONG THANG.
biém M (x,;y,) va duong thing A:ax+by+c=0.

Ké MH vudng goc véi duong thiang A.
B |ax0 +by, +c|

Cong thire khoang cach MH =d (M ;A) =
’ ( ) Na' +b’
GOC GIUA HAI PUONG THANG.
Hai duong thing ¢6 vector phap tuyén n, =(a,;5,),n, = (ay;b,).

, +bb
Goc ¢ gitra hai duong thang dugc tinh boi cos @ = |a1a2 L2 |

PHUONG TRINH DPUONG TRON.

Tam 7 (a;b), ban kinh R, R duong.
Phuong trinh dudng tron 1a (x—a) +(y—b)" = R*.
PHUONG TRINH PUONG ELIPPSE.

Do dai truc 16n 2a.

Do dai truc bé 2b.
Tiéu cu 2c.
2 2
Phuong trinh elippse 1a x_2 + % =1.
a

2 2 2 2
\/a1 +b, .\/a2 +b,

Y
a
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III. MQT SO BAI TAP DIEN HiNH.

Bai toan 1. Cho ham s6: y=(m—2)x+m-5 (1); v6i m 1a tham s thuc.

LW =

6.

V& dd thi ham s (1) trong trudng hop m=3.
Tim gia tri cua m d¢ ham s6 da cho dong bién trén R.
Tim gia tri cua m dé ham so da cho nghich bién trén R.
Tim diém c6 dinh ma d6 thi ham s6 (1) ludn ludn di qua vo1 moi gia tri m.
Ky hiéu (d) 1a do thi cua ham so (1). Tim m dé
a) Duong thing (d) di qua diém M (2;4).
b) Puong thang (d) song song v&i dudong thang A:y=2x-3.
¢) Puong thang (d) vudng goc véi dudng thiang (/):y =mx+3.
d) Puong thang (d) cit truc hoanh tai Qiém ¢6 hoanh d6 bang 2.
¢) Dudng thang (d) cat tryc tung tai diém co6 tung d bang 3. )
Gia sur d6 thi (d) cat hai truc toa do Ox, Oy theo thur tu tai hai diém 4 va B khac goc toa do O. Tim
toa do cac di€m A4 va B theo m va tim m sao cho 04 =208B.

Bai toan 2. Cho ham s6: y=(2m—3)x+5 (1); v6i m 1a tham s thue.

LW =

Tim m dé ham s6 da cho nghich bién trén R .
Chumg minh rang d6 thi ham s6 (1) khong thé di qua gbc toa do O vdi moi gia tri m.
V& d6 thi ham s6 (1) trong trudng hop m=2.
Tim m & d6 thi ham s6 (1) c6 hé s6 goc am.
Ky hiéu (d) 1a d6 thi cua (1). Hay tim m sao cho
a) Duong thing (d) di qua diém M (4;7).
b) DPuong thang (d) song song véi dudng thing (/): y=3x+m-2.
¢) Puong thing (d) vudng goéc véi duong thang A:2x+y=19.
d) Puong thing (d) cit truc hoanh tai diém c6 hoanh do bang 1.
e) Puong thing (d) cat truc tung tai diém c6 tung do bang 4.

. Tim gié tri clia m d¢ (d) cit duong thang A:y=x+3 tai diém A(x;y)sao cho P=2x" -’ +1dat gia

tri nho nhat.

7. Tim m dé (d) cit duong thang A:y =2x—5tai diém B(x;y)sao cho C=2x"+y*dat gia tri nho nhat.

8.

Gia str d thi (d) cat hai truc toa dd Ox, Oy theo thir tu tai hai diém 4 va B. Tim toa do cac diém A4
va B theo m va tim m sao cho 204 =30B.

Bai todn 3. Cho ham sé: y = (2m—1)x+m—7 (1); v6i m 1a tham s6 thue.

Nk w=

Tim m dé ham s6 da cho 1a ham s6 bac nhat.
Tim m dé ham s6 da cho déng bién trén tap s6 thucR .
Tim m dé ham s6 da cho nghich bién trén tap s6 thucR .
Xéc dinh m dé d6 thi ham sé (1) c6 hé s6 goc bang 2009.
Tim diém ¢ dinh ma dd thi ham s6 (1) luén di qua véi moi gié tri m.
Goi d 1a dd thi cia ham s d3 cho. Tim m sao cho
a) Puong thang d cat truc hoanh tai diém c6 hoanh d6 bang 4.
b) Puong thang d ¢6 tung d6 gdc bang 2.
¢) Puong thing d song song voi duong thang A:2x+3y+m=0.
d) Puong thang (d) cit dudng thang (7): y =3x-1 tai diém c6 hoanh d9 bing 2.

e) Duong thang (d) cit dudng thang (1):y = x+2tai diém c6 tung do bang 1.
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7. Gia sir d6 thi (d) cat hai truc toa do Ox, Oy theo thir tur tai hai diém 4 va B khac gdc toa d6. Tim toa
do cac diem A va B theo m va tim m sao cho 304=0B.
8. Tim m d¢é (d) cat duong thang A:y=x+3 tai diém 4(x;y)sao cho |x|=|y]|.
Bai todn 4. Cho ham sb: y =(m—2)x+n (1); v6i m va n 1a cac tham sé thye.
Ky hiéu db thi ham sé (1) 1a d.
1. Véd trong truong hop m=1Ln=3.
2. Vi gia tri ndo ciia m thi ham s6 di cho dong bién trén R ?
3. Vi gia tri nao cua m thi ham s6 da cho nghich bién trén R ?
4. Timgiatrichamvandé: .
a) DPuong thang d co h¢ s6 goc bang 5.
b) Puong thang d di qua hai diém 4(-1;2),B(3;4).
¢) Puong thang d song song voi dudng phan gidc goc phan tu thir nhat, dong thoi di qua diém
A (1;2).
d) Puong thang d vudng goc voi duong phén giac goc phan tu thu hai.
e) DPuong thang d cit truc tung tai diém M c6 tung do bang 3 va cat truc hoanh tai diém c6
hoanh d6 bang 2.
5. Khi n=m+3, tim gia tri cia m va n dé duong thang d cat duong thang A:y=3x-2tai mot di€ém
nam trén parabol (P):y = x’.
6. Khi n=m+3, tim tit ca cac gia tri cia m va n dé duong thang d cat dudng thang A:y=3x—2tai
diém A(x;y)thoa man diéu kién y =3x*-2.

Bai toan 5. Cho ham sé: y = (2m-3)x+n-4 (1); v6i m va n 1a cac tham s thuc; m = %

Ky hi¢u do thj ham s6 da cho la d.
1. Tim cac gia tri cua m va n dé:
a) Ham sb (1) nghich blen trén R.
b) DPuong thang d c6 hé s goc bang 0.
¢) Puong thang d di qua hai diém 4 (2; 3) va B (1;4).
d) Buong thang d cét truc hoanh tai diém c6 hoanh d¢ bang 3, cit truc tung tai diém c6 tung do
bang 4.
e) Puodng thang d vudng goc véi dudng phan gidc goc phan tu thir nhat (trong mit phing toa
dog).
f) Puong thing d song song voi dudng phan gidc goc phan tu thi hai (trong mét phang toa do).
2. Cho n=0. Tim c4c gié tri m d¢ dudng thang d cit dudng d':x—y+2=0tai diém M (x;y)sao cho
biéu thirc P = y* —2x° dat gia tri 16n nhat.
3. Khi m va n thoa man hé thirc n=2m—1, tim gia tri cia m va n sao cho duong thiang d cat dudng
thang 1:y=5x—1tai diém N (x;y)cach déu hai truc toa do.
4. Khi n=4, tim gia tri cia m d¢ duong thing d cit duong thing A:y=4x—Itai diém P(x;y)ndm
trén duong thing ¢:y=5x-2.
Bai toan 6. Cho ham sd: y = (m - 2)x+3m—-2 (1); v6i m 1a tham sb thue.
Ky hi¢u do thi ham s6 (1) 1a d. , ‘
1. V€ do thi ham s6 trong trudng hop d c6 hé s6 goc bang 1.
2. Tim diém cd dinh M (x;y)ma dudng thang d ludn di qua véi moi gia tri cta m.
3. Tim gi tri cha m dé:
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a) Puong théng d di qua diém M (2;7).

b) DPuong thang d khong di qua diém N (3;5).

¢) DPuong thang d cit truc hoanh tai diém c6 hoanh d¢ bang 2010.
d) Puong thing d song song voi dudng thang y =6x—12.

e) Puong thing d vudng goc véi dd thi ham sd y=2+x.
f) Puong thing d tao v6i tia Ox mdt goc a ¢ tana =1.

4. Tim tat ca cac gia tri cia m dé duong thang d cit duong thang (A):y=x+1tai diém M (x;p) sao cho
biéu thitc P = x? +3)* +3dat gia tri nhé nhat.
Bai todn 7. Cho ham sb: y =(2m—1)x+m (1); v6i m 1a tham sb thue.
Ky hiéu d6 thi ham s6 (1) 1a duong thang d.
1. Tim m dé ham s6 (1) 1a ham s6 hang.
2. Tim m dé ham s6 (1) 12 ham s6 nghich bién trén tap s6 thuc.
3. Tim m dé duong thang d song song véi truc hoanh.
4. Véi gia tri ndo caa m thi d di qua diém K (=7;5). V& d véi m vira tim dugc.
5. Tim gia tri m sao cho:
a) Puong thang d song song vdi dudng phan giac goc phan tu thir hai.
b) Pudng thing d vudng goc véi duong phan giac goc phan tu thir nhat.
¢) Puong thing d tao véi truc hoanh mét géc  ¢d tana =2 .
d) Puong thing d song song véi duong thang /: y-3x-2=0.
e) d ddng quy véi hai duong thang d,: y =4x+5; d, : 3x+ y =10 tai mot diém.
6. Xac dinh toa do diém ¢ dinh M (x;) ma dudng thang d ludn di qua du m lay bat ky gia tri nao.
Tinh d6 dai doan thang OM dua trén co s& dinh 1y Pythagores.
7. Tim toa do cac giao diém A4, B cua dudng thing d va hai truc toa dd Ox, Oy (4, B déu khac O). Tim
gia tri cia m dé tam giac OAB c6 dién tich bang 1.
8. Tinh do dai dudng cao OH cua tam gidc OAB theo hé thirc luong, tir d6 tim gia tri cua m dé dudng

thang d tiép xuc véi dudng tron tim O (O 1a gdce toa dd), ban kinh R = €

N

Bai toan 8. Cho ham sb: y=mx—m+2 (1); v6i m 1 tham s thye.
Ky hiéu d6 thi ham sé (1) 1a d.

1.
2.

. Tim m dé duong thang d tiép xuc voi dudng tron tim O (O 1a gde toa do), ban kinh R =——

Vi gia tri nao cua m thi ham sO da cho nghich bién trén R .
Tim m d€ duong thang d théa man
a) Diquadiém D (- 5:4). . ’ 7 w
b) Cat duong phan giac goc phan tu thir nhat (trong mat phang toa d9) tai diém E ¢ hoanh d¢
bang 2.
c) Song song véi duong thang (A):y =(9m—4)x+3.
d) Vudng goc véi duong thang (1):y=m'x—2.
e) Cat duong thang w:y =3x—2tai diém M (x;y) thoa man x> +y* =20.

. Xac dinh toa do diém c¢6 dinh M (x;y) ma dudng thang d di qua véi moi m.

Tinh dién tich tam giac OMN Vo1l ﬁiém N (0;4),01a géc toa do. )
Xét truong hop duong thang d cat tryc hoanh va truc tung theo thar ty tai P va Q khac goc O. Tim

toa d cac diém P va Q, dong thoi tim tat ca cac gia tri m dé tam giac OPQ c6 dién tich bang % .

2

N
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Bai toan 9. Trong mit phang véi hé toa o Oxy, O 1a gde toa do, cho ba duong thang

-l ot S

d:y=2x+8
d,:y=mx—-2m+3
d,y=x+2
Tim m dé dudng thang d,di qua diém G (1;3).
Tim m dé duong thang 4, vudng goc voi duong phan giac goc phan tu thir hai.
Tim gia tri cua m dé ba duong t}léng da cho dong quy.
Tim diém c6 dinh ma duong thang d, ludén ludn di qua véi moi gia tri cua m. Tu do tim gia tri cia m
dé khoang céch tir gdc toa do O dén 4, 1a 16n nhat.
Tim céc giao diém 4 va B cua duong thang d, véi hai truc toa d. Tir d6 tinh do dai duong cao OH
cua tam gidc OA4B theo h¢ thirc lugng tam giac vudng.

. Xét diém M (3;8), 1ap phuong trinh duong thing A di qua M va song song véi dudng thang d,, cit

hai tryc toa d¢ tai C va D. Tinh d¢ dai duong cao OK cua tam giac OCD, tur d6 suy ra khoang cach
tu diém M den duong thang 4, .

. Viét phuong trinh duong thang Adi qua M va vudng goc véi duong thang d,, tim hinh chiéu N cua

diém M trén d,, tir d6 tinh khoang cach tir diém M dén duong thang d, (phuong an khac cau 4).

Bai toan 10. Cho ham sb: y = (m-3)x-5 (1); v6i m 1a tham sb thue.
Ky hiéu d thi ham sé (1) 1a d.

1.
2.

3.

Tim gia tri cua m dé ham sé dong bién trén R .
Tim gié tri ctia m dé duong thang d cit truc hoanh va truc tung 1an luot tai hai diém 4 va B sao cho
A c¢6 hoanh d¢ duong, B c6 tung d¢ am.
Xéc dinh tat ca gia tri cua m dé:
a) Puong thing d di qua diém M (2;3).
b) Pudng thing d song song voi dudng phan gidc goc phan tu thi hai (trong mit phang toa do).
¢) Puong thing d vudng goc v4i dudng thiang A: y = (3m—4)x+6.

d) Puong thang d cit dudng cong (C):x =1+ [y tai diém M (x;p) cé toa d thoa min
x> =3xy+2y=0.

e) Khoang cach tir gbc toa do O dén duong thang d bang %
f) Khoang cach tir gbc toa do O dén duong thang d dat gia tri 16n nhat. Tim gia tri do.

Bai toan 11. Cho ham s6: y =(2m—5)x+3 (1); v6i m 1a tham sb thuc.
Ky hiéu d6 thi ham s6 (1) 1a d.

1.
2.
3.

Vi gia tri nao cia m thi ham scf) da cho nghich bién trén R.
Vi gia tri nao cua m thi ham s6 da cho dong bién trén R.
Tim gia tri cua m d¢ i
a) Puong thang d di qua diém M (2;4).
b) Puodng thang d cat duong thing y=x+3.
¢) Song song v&i dudng thing w:y = (3m2 —5)x+ m+3.
d) DO thi d cdt duong thing (A): 2y =3x—1tai diém c6 hoanh d¢ bang 1.

e) Khoang cach tu gf}c toa do O dén duong thing d béng 1.
f) Khodng céch tir goc toa do O dén d dat gia tri 16n nhat.

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN CHI LANG; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC NHAT (PUONG THANG) 30

g) Tiép xiic véi duong tron tim O (O I3 géc toa d9), ban kinh R = %
4. Tim tat ca gia tri m dé duong théng d tao véi hai tryc toa mot tam giac OAB co dién tich béng 2.
5. Tim tat ca cac gia tri thyc cia m dé duong thang d cat duong ¢:y=2x-3tai diém M (x;y) sao cho
biéu thitc P =x? + y* + 3 dat gia tri nho nhat.
6. Tim tat ca cac gia trj thyc cua m dé dudng thang d cit duong cong (4): y=3x" —2tai diém M (x; )
sao cho biéu thirc S = x* —x* +2x? +4x— ynhan gia tri nho nhat.
Bai toan 12. Cho ham s& y =(4m—1)x+5m—2 (1); v6i m 1a tham sé thye.
Ky hi¢u dd thi ham s6 (1) lad. ,
1. Tim m d€ ham so6 (1) dong bién trén tap so thuc R.
2. Tim m dé duong thing d théa man
a) Diquadiém 4 (2;9).
b) Song song véi duong thing (A): y=-5x+4.

¢) Vuéng goc v6i dudng thang (A):y= —%x+ 2.

d) Song song v&i dudng thang w: y =5mx—3m+5.
e) Cat dudng phan gidc clia goc phan tu thir hai tai diém cé tung do bang 5.
3
NTh
3. Gidstt M(x,;y,) l1a diém c6 dinh ma dudng thiing d ludn di qua véi moi gia tri m. Tinh tong céc
khoang céch tu diém M dén hai truc toa do.

4. Tim khoang cach 16n nhat tir gdc toa do O dén dudng thang d.
5. Tim tat ca céc gid tri clia m dé duong thang d cit duong cong (C):y = 2x* —3x tai diém K (x;p) thoa

f) Tiép xtic voi dudng tron tam O (O 1a gdc toa dd), ban kinh R =

man biéu thirc P = x> +2y+1dat gia tri nho nhat.
Bai toan 13. Cho ham s6 y = (3m+2)x+m’~1  (1); véi m 1a tham s6 thyec.
Ky hiéu d6 thi ham s6 (1) 1a 4.
1. Tim m dé ham s6 (1) 1a ham s6 bac nhét.
Tim m & ham s6 (1) 1a ham s hang.
Tim m dé ham s6 (1) nghich bién trén tap s6 thuc R .
V& d6 thi ham s6 (1) khi m théa man m’ +m=2.
Tim m & duong thang d thoa man
a) Pi qua gdc toa d6 O.
b) Cat duong phan giac goc phan tu thir nhat (trong mat phang toa do) tai diém cé hoanh do
bang 1.
¢) Song song v&i dudng thang (A):y=4x-2m+9.

LN w

d) Vuodng goc véi duong thiang (1):y = —%x+ 2.

e) Cat duong thang y =2x+3tai mot diém nam trén tryc tung.
f) Cat duong thing y=x—1tai diém M (x;y) sao cho biéu thirc § =x>—2)* +x+2nhan gia tri
nho nhat.
g) Cit dudng thing w: y = 2x—1tai diém M nam trén duong cong (C):y=x"+3x-3.
6. Tim m dé duong thang d dong quy v6i hai dudng thang d,: y—7x+6=0; d,:y—-3x+2=0.
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Bai todn 14. Cho ham sé y =(m—2)x+m+1 (1); v6i m la tham sé thye.

Véi gia tri ndo cua m dé ham s6 (1) dong bién trén tap sé thyec.

Tim m dé d6 thi ham sé (1) di qua diém M (2;6).

Tim m dé dd thi ham s6 (1) song song voi dudng thang A: y =4x—6m.

Tim m dé dd thi ham s6 (1) vudng goc véi duong thang w: y=2x—m+5.

Tim gia tri m dé d6 thi ham s6 (1) cit duong phan gidc goc phan tu thir nhat (ctia mat phang toa dg)

tai diém E c6 hoanh do béng 3.

6. Gia sir d6 thi ham sd cat truc hoanh tai 4, cat truc tung tai B (4 va B khong trung véi goc toa do O).
Goi H 1a chan duong cao ha tir O cua tam giac OA4B. Xéc dinh gia tri ciia m sao cho

ol ol o

a) OH=42.
5
b) xA+yB:E‘
1 1 1
c) —+—=—.
0OA OB 2

d) Tam gidc OAB co dién tich bang 12,5 (don vi dién tich).
7. Tim m & d6 thi ham s6 (1) 1a tiép‘ tuyé'n’cﬁa duong tron tim O (O la gdc toa d9), ban kinh R=+2.
8. Tim gia tri cia m d€ ham so6 (1) dong bién, dong thoi do thi ham s6 (1) tao véi tia Ox mdt goc lugng
giac o thdoa man tana = ? .
Bai toan 15. Cho ham s y = (5m—2)x+m-2 (1); v6i m 1a tham sb thue.
1. Véi gia tri nao cua m dé ham sré 1) dong bién.
2. Tim m d€ ham s6 (1) 1a ham so hang.
3. Tim m de d6 thi ham s6 (1) théa man
a) Vuong goc voi dudng thang (A):y=2x-1.
b) Song song véi duong thing (1):y =4mx—7.
¢) Di qua giao diém M cua hai duong thang d,:x—3y+2=0; d,:2x-3y+1=0.
d) Pong quy voi dudng thang y = 4x—4 va parabol (P):y=x".
e) Cit tia Oy tai diém N sao cho do dai NB=+/5véi B(-1;0).

f) La tiép tuyén ciia dudng tron tam O (O 1a gdc toa do), ban kinh R = L

Jio”
4. Xét cac diém P (1;0) va Q(O;%). Tim m dé d6 thi ham sd (1) cit hai truc toa do tai hai diém E, F

(khong trung gdc toa dd O) sao cho dién tich tam gidc OEF bang hai lan dién tich tam gidc OPQ.
5. Gia sir d0 thi ham s (1) cdt duong thang (¢):y =xtai H va cit tryc tung tai K, tim m dé tam giac
OHK 1a tam giac vudng can.
Bai toan 16. Cho ham s6 y =(2m—1)x+3n-2 (1); v6i m va n 1a cac tham sé thyec.
Ky hiéu d6 thi ham sé (1) 1a .
1. Tim m dé (1) 12 ham s6 bac nhat.
2. Tim m va n dé duong thing d di qua hai diém 4 (2;5) va B (3;7). V& d véi m va n tim dugc.
3. Tim diéu kién cta m va n dé duong thang d :
a) C6 hé sd goc bang 10.
b) Pi qua diém E (2;3).
¢) Song song v6i dudng thang w:y =4mx—2n+5.
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d) Vuodng goc véi duong thang (A): y :%x_2k+2‘

e) Cit truc tung tai diém co tung do bﬁng 4, cat truc hoanh tai diém c6 hoanh do béng 3.
4. Xét truong hop n=m. Tim gia tri cia m va n dé duong thang d 1a ti€p tuyén cua duong tron tdm O

, 1
O la goc toa do), ban kinh — .
(O 1a goc toa dg) 75

5. Xét trudng hopn=m+2, tim gia tri ctia m va n dé duong thang d cit dudong thang x—2y+3 =0tai
diém M (x;y) thoa man diéu kién biéu thire 7 =3x? + y* —3 dat gia tri nhé nhat.
Bai toan 17. Cho ham sb: y = (m-2)(x-2)+4-m (1); v6i m 1a tham s thue.
Ky hiéu d6 thi ham sé (1) 1a d.
1. Tim m d¢ ham s6 (1) dong bién trén tap s6 thyc R.
2. Tim gia tri cia m d¢€ duong thang d:
a) Di qua diém N (3;5).
b) Khong di qua diém S (3;2).
¢) Co hé so goc bang 21.
d) Song song véi duong thing (A):y=-3x+2.
e) Vudng goc vai duong thang d: y =5x-3.
f) i qua giao diém M cua hai duong thang d,: y=2x—1; d,: y=3x—2.
g) Cit haiwtruc toa dd tai hai diém E va F sao cho E va F lan lugt thudc hai tia Ox, Oy.
3. Tim toa d§ di€m co6 dinh 7 ma d luoén ludn di qua véi moi gia tri m. Tinh d6 dai doan thang OM véi
Ola géc toa do.

4. Vi gia tri ndo cua m thi khoang céch tir diém gdc toa d6 dén duong thang d bang %

5. Tim m d¢ dudng thing d dong quy véi parabol (P): y = x*va dudng thing w:y =2x-1.
6. Tim m dé duong thflng d cat hai truc toa do tai hai diém 4, B (khong trung géc toa do O) sao cho

1
+

biéu thirc — +—
04’ OB

dat gia tri nhé nht.

Bai todn 18. Trong mit phang véi hé toa dd Oxy cho hai duong thang: y=2x (d,); y==x (d,).
1. V& cac duong théng da cho trén cung mot hé tryc toa do.
Goi M va N la hai diém 1an lugt ndm trén (d,).(d,)va cé hoanh d¢ lan luot 1a 1;2. Tim toa d hai

diém M va N va tinh do dai doan thang MN.
Viét phuong trinh dudng thing di qua diém P (1;3) va vudng géc véi duong thang d, .

2

Viét phuong trinh duong thang di qua diém Q (2;5) va song song véi duong thing d, .
Tim m dé dudng thang A:y = 3mx+5m -2 va hai dudng thang (d,),(d, )dong quy.

N U0 bW

Tim toa do diém H (x;y) ndm trén duong thing d,sao cho y=x’+3x-2.
2
X" —4x

Tim toa d6 diém K (x;y) 1a giao diém cia d, va parabol (P):y= T

8. Tim toa do hinh chiéu vudng géc F cia diém E (2;5) trén dudng thang d4,. Tir d6 tinh khoang cach
tir £ dén dudng thang d, .

~

9. Goi d 1a duong théng song song vd&i truc hoanh va cit truc tung tai diém C (0;2). Tim toa dd cac
giao diém 4, B cua d véi (d,).(d,) va tinh chu vi, dién tich tam giac 4BO.
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Bai toan 19. Trong mit phang voi hé toa do Oxy, O 1a gdc toa dd, cho hai dudng thang

LA W=

7.

(d):y=2x+m-1

(d,):y=x+2m
V& hai duong théng da cho trén cung mot mat phang toa d¢ trong trudng hop m =4 .
Tim m dé duong thang 4, di qua diém S (1;4).

(v6i m 1a tham sb thuc).

Viét phuong trinh duong thang di qua diém P (5;3) va vudng goc véi duong thang d, .

Viét phuong trinh duong thang di qua diém Q (5;2) va song song v6i duong thing d, .

Tim giao diém 7 cta hai duong thang da cho theo m. Ching minh 7" ludn thuéc mét duong thing cd
dinh. Véi gié tri nao ctia m thi cdc diém M (4;4); gdc toa d9 O va T thing hang ?

Tim gié tri ctia tham sé m dé duong thang 4, cit duong thang A: y =3x—2tai diém M (x;y) théa man
biéu thitc D = x? +3)* + 4 dat gia tri nho nht.

Tim m dé dudng thang d, cit duong thang A :y = x—2 tai diém M (x;y) thoa man x> —3xy+2y° =0.

Bai toan 20. Trong mit phang voi hé toa do Oxy , O 1a gdce toa dd, cho hai dudng thing

W=

(d):y=-3x+m+2

(d,):y=4x-2m-5
V& hai duong théng da cho trén cung mot h¢ tryc toa do khi m=0.
Tim m & duong thang (d,)di qua diém N (1:3).

(v6i m 1a tham sb thuce).

Tim m dé duong thing (d, ) cdt dudng thing y = 4x —5tai diém c6 hoanh d6 béang 1.
Xac dinh m dé hai duong thang da cho cat nhau tai diém M (x;y) sao cho

a) M nam trén tryc tung.

b) M nam trén dudng thing 2x-3y=4.

¢) M nam trén parabol y=7x".

d) Dién tich tam giac OMB bang 6 véi B(0;-3).

5. Tim m dé dudng thing d, tiép xtic véi parabol (P):y=x’.

6. Goi 4 1a diém nam trén duong thang (d,)c6 hoanh do bang 1; B 1a diém nam trén dudng thang

(d,)c6 hoanh d¢ bang 2. Tim m d€ 4 va B nim vé hai phia cua truc hoanh.

Bai toan 21. Trong mat phéng voi hé toa do Oxy, O la géc toa d9, cho hai dudong théng

N A W=

(d):y=(m-2)x+m+3
(d,):y=—x+2

V& hai duong thang trén cing mot hé truc toa do trong truong hop m =5.
Tim m dé duong thang d, di qua diém 4 (1 ;4).

(v6i m 1a tham sé thuce).

Xéc dinh m dé duong thang d, vudng gbc véi duong phan giac ctia goc phan tu thir hai.
Tim m dé duong thang d, song song véi dudng phan giac goc phan tu thir nhat.
Tim toa d6 giao diém cua duong thing d, va parabol y = x’.
Tim gi tri cta m dé hai dudng thang di cho cét nhau tai diém M (x;»)thoa man
a) M nam trén duong thang x—3y+4=0.
b) M nam trén duong cong y = x’.
¢) M nam veé bén trai tryc tung.
d) M nam trén dudng tron tim O (O 1a gbc toa dd), ban kinh R=+/2 .
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e) y=x"+2.
7. Véi gia tri nao cia m thi hai duong thang da cho va dudng thang d : y = 2x—1ddng quy.
8. Goi P va Q theo thu ty 1a cac giao diém cua duong thang d, véi truc tung va truc hoanh, T 1a diém
chia trong doan PQ theo ty 1¢ 2:3, tinh dién tich tam giac OPT v6i O la gdc toa do.
Bai toan 22. Trong mit phang voi hé toa do Oxy (v6i O 1a gde toa do) cho hai dudng thing
(d)):y=1+mx
(d,):y=(3m—-4)x-2
V¢ hai duong th'fmg da cho trén cung mot hé truc toa do khi m=1.
Tim m dé duong thang d, di qua diém K (2 ;4).

(v6i m 1a tham sb thuc).

Tim m dé dudng thang d, vudng géc véi dudng thang A:y=6x—1.
Tim m dé dudng thang d, song song v&i duong phéan gidc goc phan tu thir ba.
Tim m & hai duong thang da cho vudng goc véi nhau.
Tim m d hai duong thang trén cat nhau tai diém M (x;p) sao cho
a) M co tung do bang 4.
b) M c6 hoanh d6 va tung do trai dau.
¢) M nam trén duong thang y=x+3.

N W=

d) M nam trén parabol y=x’.
e) M c6 toa do 1a nhitng sé nguyén duong.
7. Ton tai hay khong gid tri m dé khoang cich tir goc toa dd O dén duong thang d, bang V2 ?
8. Gia st d, cit hai truc toa d9 tai P va O, d, cit hai truc toa do tai 4 va B (P, Q déu khac O). Tim gia
tri cua m dé dién tich tam giac OPQ gép doi dién tich tam gidc O4B, véi O 1a gdc toa 9.
Bai toan 23. Trong mdt phang véi hé toa do Oxy , O 1a goc toa dd, cho hai duong thang
1
(d):y=1+7x (v6i m 13 tham s6 thuc khéc 0).
(d,):my=x+2m—1
1. V& duong thing (d,).

2. Véi gia tri nao ctia m thi duong thang (d,)di qua diém M (1;3).
Tim toa d¢ giao diém cua hai dudong thang véi gia tri m vira tim dugc.
3. Tim trén dudng thang (d, ) cac diém K (x;y)c6 toa dd nguyén thoa man 6x+y* =5y/x .
4. Xac dinh m dé dudng thang (d,) song song véi mot trong hai truc toa d9.
5. Tim toa dd diém D (x;p) trén duong thang (d, ) sao cho bicu thirc S =x* + 2y dat gia tri nho nhat.
6. Gia sir 4 1a diém c6 dinh ma duong thang (d,)ludn di qua voi moi gia tri ciia m. Tinh khoang cach

tir diém 4 dén dudng thang (d,).

7. Goi T 1a hinh chiéu vuéng goc cua diém E (1;3) trén duong thang (d,). Viét phuong trinh duong
thrflng ET, tim toa d6 diém T, tir d6 tinh khoang céach ET.

8. Tim cac giao diém cua duong thing (d,)véi hai tryc toa dg. Tinh do dai duong cao OH cua tam

gidc OAB, tir @6 tim m dé dudng thing (d, )tiép xtc véi dudng tron tam O, ban kinh R =

= sl‘_

9. Tim m d¢ khoang cach tir O dén (d, )bang %1&% khoang céch tir O dén duong thang (d
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Bai toan 24. Trong mit phang voi hé toa do Oxy , O 1a gde toa dd, cho hai dudng thing

Nk W=

7.
8.

9.

(d):y=(m-1)x—m*>-2m

(d,)):y=(m-2)x—m*-—m+1
Hay xéc dinh toa do giao diém cua hai dudng thang trén trong trudng hop m=3.
Tim tat ca cac gia tri cia m dé (d,)di qua diem M (2;5).

(v6i m 1a tham sé thuc).

Tim m d¢ (d, ) song song véi dudng thing y = (2m—3)x—m.

Ching minh hai duong thang da cho  khong thé song song véi nhau.

Xac dinh toa do diém G theo tham s m.

Tim gia trj ciia m d¢ hai duong thing (d,)va (d,):
a) Vudng gbéc voi nhau.
b) Cit nhau tai diém G nam trén parabol y =—x
¢) Cit nhau tai diém G nam trén duong trung truc cua doan thang 4B véi 4 (1;3), B (3;5).
d) Cit nhau tai diém G cach gdc toa dd O mot khoang bang+/13 .

Chimg minh giao diém G cua hai duong thing da cho luén thugc mot dudng thang cd dinh.

Tim gié tri m dé giao diém G & cau 5 nam trén dudng tron tdm O c6 ban kinh bang 2.

Ton tai hay khong gia tri m dé diém G cach diém C (1;4) mot khoang bang 52 ?

2

Bai toan 25. Trong mit phang voi hé toa dd Oxy cho hai dudng thang

(d):y=(2m-1)x-2m-1

) (v6i m 1a tham sb thuce).
(d,):y=mx+m’ -4

1. Tim m dé duong thang (d,)di qua diém 4 (1;3).

Chung minh rang hai dudng thang di cho khong thé vudng goc voi nhau.

. Vi gia tri ndo cua m thi (d,)va (d,)song song v&i nhau ?

Tim m dé duong thang (d)la tiép tuyén ctia duong tron taim O (O la gdc toa do), ban kinh 3 .

NG

Tim m dé khoang céch tir goc toa do O dén duong thang (d,)1alon nhat.

. Tim gié tri cha m dé hai dudng thang trén:

a) Cat nhau tai diém M nam phia dudi truc hoanh.
b) Cat nhau tai di€m N nam bén tréi truc tung.
¢) Cat nhau tai diém K (x;y) théa man y =x+m".

nho nhét.

OT véi O 1a gbc toa do.

Bai todn 26. Trong mit phiang véi hé toa dd Oxy cho hai duong thang

-l ol

(d):y=(m-4)x+2m-3

(d,):y=(2m-3)x+2m+1
V& hai duong thang trén cing mot hé truc toa do trong truong hop m =6.
Tim gia trj clia m d¢ duong thing (d,)di qua diém S (-2;5).

(v6i m 1a tham sb thuc).

Tim m d¢ (d, )song song véi duong thang y = (m2 +4m —6)x+2m—3 :

Xéc dinh m sao cho (d,)va (d,)vudng goc nhau véi nhau.

. Tim tat ca cac gia tri ciia m dé hai duong thang cat nhau tai diém M (x;»)sao cho x+ ydat gia tri

. Tim diém c6 dinh 7 ma duong thing (d,)ludn di qua véi moi gia tri cia m. Tinh d¢ dai doan thang
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5. Trong trudng hop m =1, xét hai diém P va Q 1an lugt c6 hoanh d 1 va 2 cung thudc (d,). Tinh
dién tich tam giac OPQ véi O 1a gbc toa do.

6. Ton tai hay khong gié tri ciia m dé (d,) cit hai truc toa d tai hai diém 4, B (khong trung gdc toa do)
sao cho dién tich tam giac O4B bang 24,5 ?

7. Tim m d¢ dudng thing (d,)1a tiép tuyén ctia duong tron tam O, ban kinh R = 3

2
8. Tim tat ca cac gia tri clia m dé duong thang (d,)cit hai truc toa d9 tai hai diém M, N (khong trung

) N , ~ g A 1AL LR 1 1 e e .
goc toa d§) thoa man dicu kién tong —— + —— dat gia tri nho nhat.
OM~ ON

9. Giastt M (x;y)la giao diém ctia hai duong thing trén. Hay tim m dé
a) Diém M nam trén tia Oy.
b) biém M c6 hoanh d¢ bang 4.
¢) Diém M nam trong gbc phan tu thir hai. ’ i
Bai toan 27. Trong mat phing véi hé toa d§ Oxy (véi O 1a gde toa do)cho hai duong thang
(d):y=mx-3
(d,):y=2mx—m—1
Tim m dé dudng thing (d,)di qua diém K (2 ;4).

Tim m dé duong thang (d,)song song voi dudng phén giac goc phan tu thir hai.

(v6i m 1a tham sb thuce).

Chiing t6 rang dudng thing (d,)ludn ludn di qua mot diém cd dinh. Tim toa dd diém do.

Cho m =1, 1ap phuong trinh duong thang di qua O va vudng géc véi duong thang (d, ).

Lok wb -

Gia sir duong thang (d)) cit hai truc toa do tai hai diém 4, B ; duong thang (d,) cat hai truc toa do
tai P, O (cac diém 4, B, P, O khong trung gdc 0).

a) Tim m sao cho di¢n tich tam giac O4B bang 9.

b) Tim m sao cho di¢n tich tam gidc OAB gap do6i dién tich tam gidc OPQ.

¢) Tim m dé tam gidc O4B c6 ban kinh duong tron ngoai tiép bang %

d) Tim m d€ khoang céch tir gc toa dd O dén duong thang (d,)bing %
6. Goi M (x;y)1a giao diém ctia hai duong thang (d,)va (d,). Tim gia tri cia m sao cho
a) M nam trén duong thang A:3x—-4y+5=0.
b) Diém M thudc g(’)c phén tu thir nht cta hé truc toa do.
¢) Dbiém M cach déu hai truc toa do.

7. Tim gi tri cua m dé dudng thang (d,)khong thé cit dudng tron tim O, ban kinh R = %
Bai todn 28. Trong mit phang véi hé toa dd Oxy (véi O la goc toa d9) cho diém A(1;1)va hai duong thing
c6 phuong trinh d,: y=x-1,d,: y=4x+2.

1. Tim toa d9 giao diém P ciia hai duong thang (d,)va (d,).

2. Tim gié trj chia m d¢ ba diém P, 4 va diém 7T (3;m)thang hang,

3. Lap phuong trinh dudng thing / di qua diém S (2;5) va song song véi (d,).

4. Lap phuong trinh duong thing 2 di qua diém J (1;7) va vudng goc véi (d,).
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5. Lap phuong trinh duong thang d di qua 4 va vudng goc voi duong thang (d,), tir @6 tim toa do hinh
chiéu vudng géc H ctia 4 trén (d,).

6. Tim toa d6 diém E trén duong thing (d,)sao cho d¢ dai doan thang OE ngén nhat.

7. Gia sir M va N 1a cac diém c6 hoanh d9 lan lugt 1a 2 va 3, dong thoi ndm trén (). Tinh do dai
chi€u cao OK cua tam giac OMN (K nam trén duong thang MN).

8. Lap phuong trinh dudng thing d di qua 4 va cit duong thang (d, ) tai diém P thda man AP = \E .
9. Tim toa d¢ hai diém C va D 1an lugt ndm trén hai dudng thang (d,)va (d,) sao cho C va D nhan
diém 1 (%,%j lam tam ddi xtmg (con goi 1 nhan 7 1am trung diém).

Bai toan 29. Trong mit phang voi hé toa do Oxy cho duong thang d: y = mx+n.

1. Tim m va n dé d di qua hai diém 4(1;1), B(2;3).

2. Timmoi lién hé gitam vandé
a) Puong thang d c6 h¢ s6 goc bang 6.
b) Duong thang d c6 hé s6 goc bang Sm—4.
¢) Puong thang d khong di qua diém C (3;1).
d) Dudng thiing d song véi duong thing A:y = (2m+3)x+2n—4m .

3. Tim gi tri cha m va n dé dudong thang d:
a) Cat duong thang d, :y = %x —5tai diém c6 hoanh do bang 4, cit duong thang d, : y = 2x—2tai

diém c6 hoanh d6 bang 2. ) i 7 .
b) Song song v&i dudong thang A:2x = yva cat duong thang /: y =2x—3tai mdt diém nam trén
truc hoanh.
¢) Diquadiém K (1;2)va cit duong thang x+ y =3 tai mot diém nam trén tryc tung.
d) Pi qua giao diém cua hai duong thang y =2x+1;y = 3x—2 va song song v4i dudng 2y =3x.
Bai todn 30. Trong mit phang véi toa dd Oxy (véi O (0;0) 1a gdc toa dd) cho hai diém 4(1;1), B(2;-1) va
duong thing chira thamsd d:y = (m2 —3m)x+ m* —2m+2.

1. Lap phuong trinh duong thang di qua hai diém 4 vaB.
. Tim m dé duong thang d song song véi dudong thang y=-2x+2.

. Tim m dé duong thang d vudng goc véi véi duong thiang A: y = %x —4.

2

3

4. Tim m dé dudng thang d di qua diém K (0;2) dong thoi song song véi duong thang 4B.

5. Tim toa do cac giao diém ciia duong thang 4B véi hai truc toa do, tir d6 tinh do dai dudng cao OH
cua tam giac OAB.

6. Tinh dién tich tam gidc OAB theo hai cach (theo duong cao OH — AB hoac theo phép tru di¢n tich
hinh thang — tam giéc).

7. Tim toa d6 diém C trén truc hoanh sao cho tong do dai CA+ CB ngéin nhat.

8. Tim toa d6 diém D trong mat phang toa dd sao cho tu gidc AOBD 1a hinh binh hanh.

9. Tim toa d6 diém E trén doan thing 4B sao cho diém E chia trong doan 4B theo ty sd % .

10. Tinh khoang cach tir diém M (0;-1) dén duong thiang 4B theo hai cach (theo chan duong vudng goc
N cua M trén AB hodc theo dinh ly Thales.
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Bai toan 31. Trong mit phang voi hé toa do Oxy, véi O 1a gde toa dd cho cac dudng thiang chira tham sb

ol ol h o

9]

8.

d:(m-1)x+y=3m—-4;d :x+(m-1)y=m.
Tim m & duong thang 4’ di qua diém K (3;2).
Tim m dé duong thang d di qua diém D thudc truc hoanh c6 hoanh do bang 3.
Tim m dé duong thang d vudng goc voi duong phan giac cta goc phan tu thir hai.
Gia dinh P va Q 1a céc giao diém cua d véi hai truc toa do (P va O khong trung véi O). Tim gia tri
ciam dé OP=500.
Tinh khoang cach 16n nhat tir gbc toa do O dén duong thang d.
Chung minh rang hai duong thang di cho 1an luot di qua hai diém c¢6 dinh 4, B. Tinh khoang cach
giira hai diém 4, B.

. Goi giao diém cua hai duong thang da cho 1a M (x;y).

a) Tim m dé M c6 hoanh d¢ bang 5.
b) Tim m dé diém M nam trong goc phan tu thir nhat cia mét phang toa do (khong tinh bién).
¢) Tim gié tri nguyén m dé M 1a mot diém nguyén (c6 hoanh do nguyén va tung dd nguyén).
d) Tim m sao cho MOx =30° (O 1a gbc toa do).
e) Tim do dai ngin nhat cia doan thang OM.

Tim m dé hai duong thang da cho va duong A: y = 2x+1cung di qua mot diém (dong quy).

Bai toan 32. Trong mit phang voi hé toa dd Oxy, O 1a gdc toa dd, cho hai duong thang chira tham sb

S

7.
8.
9.

d 3x—m—-1= . \ 2
1 4 (v&i m 1a tham so thuce).
d,:y=2x+m-1

V& hai duong théng trén mot hé truc toa do khi m=1.
Tim toa d¢ giao diém cua duong thang trén khi m=5.
Tim m dé dudng thing (d,)di qua diém G (3;4).
Vi gia tri ndo cua m thi (d,) cit truc hoanh tai diém c6 hoanh d¢ bang 6 ?
Gia sir P va Q la cac giao diém khong tring gdc O ciia dudng thang (d,). Tim tat ca cac gia tri cia
m dé tam giac OPQ c6 dién tich béng 1,5.
Tim giao di€ém M (x;y)clia hai duong thang theo tham s6 m.

a) Ching minh rang M luén thudc mot duong thang cd dinh.

b) Tim m dé hai dudng thang da cho dong quy véi duong thang d, :3x—-4y=6.

¢) M cé thé nam trén parabol y = x*>dugc hay khong, tai sao ?

d) Xéc dinh m sao cho giao diém M & trén ndm trén do thi ham sb [3x 1+ y =|+|.
Véi gia tri ndo cia m thi duong thing (d,)la tiép tuyén ciia duong tron tm O, ban kinh R =+/5 ?
Tim m dé khoang céch tir gbc toa do O dén duong thang (d)) bang /10 .
Tim tat ca cac gia tri ciia m dé (d,)khong thé cat dudng tron tam O, ban kinh R =+/5.

Bai toan 33. Trong mit phing voi hé toa dd Oxy cho hai diém 4(1;4), B(3;1) va duong thing d:y = ax.

1.

2.
3.

4.

Tim a dé duong thflng d vudng goc voi dudong théng A:y=6x—9a.

Lap phuong trinh dudng thing (4B).

Tim toa do cac giao diém P, QO cua duong théng (AB) voi hai tryc toa d§. Tinh dién tich va d¢ dai
duong cao OM cua tam gidc OAB.

Tim toa d¢ trung diém 7 cua doan théng AB, tir d6 tim a dé 4 va B ndm vé hai phia va cach déu
duong thang d.

. Tim toa d{ céac trung diém M va N cua 04, OB, tx d6 tim trong tam G cua tam giac OA4B.
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6.

7.
8.

9.

Lap phuong trinh hai trong ba duong cao AD, BE, OF cua tam giac OA4B. Tu d6 tim toa do truc tam
H cua tam giac OA4B.

Tim toa d6 diém C sao cho tam gidc ABC vudng can tai B.

Tim toa d6 diém J sao cho tam giac ABJ vudng can tai J.

Xac dinh toa d¢ diém N trong mat phang toa d9 sao cho tam giac ABN déu.

Bai todan 34. Mé rong va phat trién bai 2; Pé thi tuyén sinh 16p 10 THPT; Mén Toén; Pé thi chinh thirc;
S& Gido duc va Dao tao Tinh Thai Binh; Nam hoc 2008 — 2009; Ngay thi 30.06.2008.

Cho ham s bac nhat y = (m=2)x+m+1 (v6i m 1a tham sb thuc).

1.

Lhwd

Véi gia tri ndo cua m thi ham s6 y 1a ham s6 dong bién ?
Tim gi4 trj ctia m d¢ d6 thij ctia ham s di qua diém M (2;6).
Tim m & d6 thi cia ham s6 12 dudng thiang song song véi truc hoanh.
Tim m dé db thi cia ham s6 vudng g()c v6i duong thang y =4x—2016.
Tim dlem ¢ dinh ma d6 thi ham s6 ludn di qua véi moi gia tri cua m. T d6 tim m dé khoang cach
tur goc toa do O den d6 thi ham sd 1a 16n nhat
D0 thi ham sb cét truc hoanh tai diém 4, cét truc tung tai diém B (4 va B khong trung géc toa do O).
Goi H la chan dudng cao ha tir O cua tam gidc OAB.
a) Tim m dé tam giac AOB c6 dién tich bang 8.
b) Timm dé 04=50B .
¢) Xac dinh gi tri ciia m, biét OH =2
d) Tim gia tri ctia m dé OAB = 60" .

e) Tim m sao cho T = +L2dat gia tri nho nhat.
B

A2

Bai toan 35. Cho ham s& y = mx+3+m—2x (1); v6i m 1a tham sb thue.

ol ol

Tim m dé (1) 1a ham s bac nhat dong bién.
Xac dinh m sao cho (1) 12 ham s6 hang.
V& d6 thi ham s6 (1) khi m=1.
Goi dudng thang d 1a d6 thi cua ham s6 (1), O 1a gdc toa do.
a) Vi gia tri ndo cua m thi d di qua diém M thudc tryc tung c6 tung d6 bang 7 ?
b) Tim m dé d song song v6i duong thang y =5x—6.
¢) Tim m dé d vudng goc voi dudng thang y = —8x+13.
d) Tim m dé d cat duong thang y =2x—3tai diém M (x;y) thoa man x* + > =2.
e) Tim toa dg cac giao diém 4, B (khong trung géc 0O) cua d voi hai truc toa d§. Xac dinh m dé
du(‘)‘ng thang d tao v6i hai truc toa do mot tam giac c6 dién tich bang 1.
f) Ton tai 'hay khong gia tri m dé duong thang d tao véi truc hoanh mot goc o = 45°2
g) Tim diém c dinh ma d ludn di qua v6i moi gia tri m, tir @6 tim khoang cach 16n nhat tir diém
N (2;4) dén duong thang d khi m thay doi.

h) Tim m d dudng thing d tiép xuc v6i dudng tron (C) ¢ tim O, ban kinh 3+/2.

Bai toan 36. Trong mit phang voi hé toa do Oxy cho hai diém A(1;3,),B(-2:1).

ARl o

Lap phuong trinh dudng thing d di qua 4 va B.

Tinh goc nhon tao béi duong thing 4B va truc hoanh.

Xéc dinh khoang cach tir gbc toa do O dén duong thang d.

Tinh dién tich tam giac OA4B.

Tim khoang cach tir diém C (1:4) dén duong thang 4B.

Tinh dién tich hinh phing tao béi dudng thiang 4B, truc Ox va dudng phan gidc ctia goe phan tu thir
hai (trong miat phang toa do).
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7. Tim toa d diém D nam trong doan théng AB dér}g thoi D cach déu hai truc toa do. ’ )
8. Gia sur (C) la duong tron duong kinh AB. Tim diém E thudc (C) sao cho do dai doan OF ngan nhat.
9. Lap phuong trinh dudng thing A di qua diém C(2;-1)théa man
a) Vudng gbéc véi duong thﬁng d.
b) Song song v&i dudng thang d. ‘
¢) Tao véidva truc Ox mot tam giac c6 dién :[ich bang 3. i
Bai toan 37. Trong mdt phing vdi hé toa d§ Oxy, O 1a gdc toa dJ, cho ba duong thang
d:y=2x+5
d,:y=1-4x (m 1a tham sé thyc).
dy:y=(1+m)x+2m-1
V¢ hai duong théng d,,d, trén cung mot hé truc toa do.
Tinh dién tich hinh phang giéi han boi hai dudng thang d,,d, véi truc hoanh.
Tim m dé ba dudng thﬁng da cho dépg quy. i
Tinh khoang cach tu goc toa do O dén duong thing d, .
Viét phuong trinh duong thang di qua diém M (1;4) va song song v6i dudng thang d, .
Viét phuong trinh duong thang di qua diém N (2;5) va vudng goc véi duong thang d, .
Tim m dé dudng thang d, cit truc hoanh tai diém c6 hoanh d¢ bang 4.
Tim diém c6 dinh ma duong thang 4, ludn di qua véi moi gié tri cia m.

W 0NN AW =

Tim khoang cach 16n nhat tir goc toa dd O dén duong thang d, .

10. Tim gia tri m dé duong thang d, cat duong thang d, tai diém P (x;p) sao cho biéu thirc 5x* +y°dat
gia tri nho nht.

11.Tén tai hay khong gia tri m dé d, 14 tiép tuyén ctia duong tron (C) c6 tim O, ban kinh R = % ?

Bai toan 38. Trong mit phang voi hé toa dd Oxy, O 1a gdc toa dd, cho cac duong thang

d:y= 3x2+5; d:y=mx—-m+3.
1. Timm dé duong thafmg d’ ce':lt truc hoéln}l tai diém gé hoanh d¢ béng 6
2. Tim m d€ duong thang d’ cat duong thang d tai di€ém c6 hoanh do bang 3.
3. Viét phuong trinh duong thang A di qua diém 4(-3;5)va song song véi duong thing d.
4. Tim m dé hai duong thing da cho va dudng thang A: y = 4x—1ddng quy.
5. Duong théng d cit hai truc toa do Ox va Oy theo thr tu tai B va C. Tim cac diém c6 toa do nguyén
thudc doan thang BC.
6. Tim diém c dinh ma dudng thang d” ludn di qua véi moi gia tri ctia m.
7. Tim gié tri cha m dé khoang cach tir gbc toa dd O dén duong thing d 1a 16n nhat.
8. Ton tai hay khong gia tri m dé d’ 1a tiép tuyén ctia dudng tron tam O, ban kinh R = V2.
9. Tim toa d§ cac giao diém M, N cua duong thang d lan lugt véi truc tung va tryc hoanh. Tinh di¢n

tich tam gidc OMN.
10. Gia dinh dudng thang d’ cat truc hoanh tai P (P khac O). Tim m dé dién tich tam giac OMQ gap ba
lan dién tich tam giac OMN.
Bai toan 39. Trong mit phing véi hé toa dd Oxy cho hai duong thang
dlzy=(2m2+1)x+2m+1 o p
(voi m 1a tham so thyec).
d,:y=m’x+m-2
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N S Ve W=

V¢ hai duong thang da cho trong trudng hop m =1.
Xac dinh m dé duong thang d, cat truc tung tai diém cé tung do bang 3.

Xac dinh m dé duong thang d, cit truc tung tai diém co tung do bang 5.
Tim m d¢ dudng thing d, song song véi dudng thang A:y = (5m—2)x+2015.

Véi gia tri ndo cua m thi dudng thang d, vudng goc voi dudng phan gidc goc phan tu thir hai.
Xac dinh m dé duong thiang d, hop véi chidu duong truc tung mdt goc /3 :tan :2

Tim toa do giao diém / cua hai dudng thing trén theo m. Khi m thay ddi, chimg minh diém / ludn
thudc mot duong thang co dinh.

Bai toan 40. Trong mit phang voi hé toa dd Oxy, O 1a gdc toa dd, cho hai duong thang chira tham sb

“w kW=

d:mx+4y=m+2; d,:x+my=m.
V¢ hai dlgfc‘mg théng da cho ,trén cung mot hé truc toa do khi m =-1.
Tim m dé duong thang d, cat truc hoanh tai diém c6 hoanh d¢ bang 3.
Tim m dé duong thang d, cat truc tung tai diém cé tung do bang 4.
Tim m dé dudng thang d, song song v&i duong phéan gidc goc phan tu thir hai.
Gia st dudng thang d, cit hai truc toa do tai P, O (khong trung gdc toa d6 Q). Tim gia tri ctia tham

s m dé tam giac OPQ c6 dién tich bang %

6. Tim gia tri cia m dé duong théng d, chén trén hai truc toa d6 mot tam giac c6 dién tich bﬁng 1.

9.

. Chung minh rang véi moi m, mdi duong thang d,va d,lan luot di qua cac diém c¢b dinh 4 va B.

Tinh dién tich tam giac OA4B.

. Gia sir hai dudng thang cét nhau tai diém M (x;p). Tim gia tri cia m sao cho

a) Do dai doan thing OM bing 2 .
b) Piém M nam trén parabol y = 6x’.
¢) Tam gidc OMA can tai 4 (4 1a diém ¢ dinh cia d, & muc 6).
a) Tong khoang cach tir M dén hai truc toa do bang 6.
Tim tat ca cac gia tri ciia m dé hai duong thang da cho dong quy véi duong thang A:x—2y = 3

Bai toan 41. Trong mat phang voi h¢ toa do Oxy, O 1a goc toa dg, cho hai duong thang chira tham s

-l o S

dy:(m+1)x+my=2m-1; d,:mx—y=m’-2.
Tim m d¢ duong thing d, di qua diém K (3;7).

Tim m dé duong thang d, song song v4i dudong thang y =3x+m+2.
Tim m dé dudng thang d, vudng goc voi duong thang y = —%x -6.

Chimg minh rang duong thang 4, luon di qua mot diém ¢ dinh véi moi gid tri cia m. Tim toa do
diém c6 dinh do.
Gia st M (x;y)l1a giao diém cua hai dudng thang di cho.

a) Chimg minh ring khi m thay déi, diém M di dong trén mot dudng thing A cd dinh.

a) Tim m d€ diém M thudc cung phan tu thir nhat cua hé truc toa dg.

b) Tim m dé diém M nam trén parabol y =2x>.

¢) Xét diém 4 (4;0), tim m dé OMA 1a mot tam giac c6 dién tich bang 3.

d) Tim gia tri cua m dé diém M nam trong nua mat phang bén trai (tinh ca bién), bo 1a dudng

phan giac gdc phan tu thr nhat ciia mat phang toa dg.
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Bai todn 42. Trong mit phang voi hé toa do Oxy cho ba dudng thing

d:y=3x+2
dy,:y=—x+6
A:y:(3m—2)x+4m—6

. V& hai duong th'fmg d,,d, trén cung mot h¢ truc toa do.

2. Viét phuong trinh dudng thang di qua diém D (1;4) va song song voi duong thang d, .

© NN W

9.

. Viét phuong trinh dudng thang vuéng géc voi dudng thang d, dong thoi cit truc hoanh tai diém co

hoanh d6 bang 3.

Hai duong thang d,,d,cat nhau tai diém M va cat truc hoanh theo thur ty tai P va Q. Tinh dién tich
tam giac MPQ.

Tinh s6 do gbéc nhon « tao bo1 dudong thang d, va truc hoanh.

Tinh khoang cach tir gdc toa do dén dudng thing d, .

Tinh khoang cach tir diém C (3;5) dén duong thang d, .

Tim toa d¢ diém N thudc dudng thang d, cach déu goc toa do O va diém 4(-2;0).

Xéc dinh gié tri cua m dé ba dudng thang da cho dong quy.

10. Tim gia tri m dé duong thang Ala tiép tuyen cta dudng tron (C) tim O, ban kinh R=+/2.
11. Tim diém c6 dinh K (x;») ma dudng thang Aludn ludn di qua, tir 6 tinh khoang cach 16n nhat tur

diém E (3;5) dén duong thang A.

Bai toan 43. Cho ham sé y=mx—2m—-1  (1); v6i m 1a tham sb.
Ham sé c6 do thilad, O 1a géc toa do.

1.

NSOk W

Tim m dé ham s6 da cho 12 ham s6 bac nhit va do thi d 1a dudng thang c6 hudng di 1én.

Tim m dé d di qua diém N (3;2).

Tim m d¢ d song song véi duong thing 7: y=(9m—2)x+4m—3.

Tim m & d vudng goc véi duong phan gidc goe phan tu thir ba cia mit phang toa do.

Tim m dé d cét truc hoanh tai diém c6 hoanh do bang 10.

Tim diém c6 dinh M (x;) ma duong thang d luédn di qua v6i moi gia tri m.

Xét truong hop d6 thi d cit tryc tung va truc hoanh 1an luot tai hai diém P va Q khac gdc toa do O.
a) Tim toa d§ P va Q theo m. Xéac dinh m dé 20pP = 500.

b) Tim gia tri m dé tam giac POQ c6 dién tich bang 4,5.

¢) Tim m dé dudng thang PQ 14 tiép tuyén ctia duong tron tim O, ban kinh R = % .

d) Xét hai diém 4 (1;0), B (-2;0). Tim m dé dién tich tam gidc 40Q bang bdn lan dién tich tam
giac AOB.

8. Tim khoang cach 16n nhat tir diém H (4:3) dén duong thang d va gia tri m tuong tng.

Tim tat ca cac gia tri ciia m dé dudng thang d cit parabol (P):y=x"tai diém K (x;y) théa man biéu

thirc S = x> +x—2y—4dat gia tri 16n nhat.

Bai toan 44. Trong mat phang voi hé toa do Oxy, O 1a gbe toa d9, cho ba diém A(3;5),B(-1;3),C(1;1) va
duong thang chtra tham sé sau: d: y = mx—2m+3.

1.
2.

3.
4.

Tim m dé duong thang d di qua diém 4.

Tim m dé duong thiing d song song véi duong thing y = (3m—1)x+2n-1.

Lép phuong trinh dudng thﬁng d di qua hai diém 4 va B.

Diém C c6 thudc duong thang d hay khong ? Tir 6 chung minh (4BC) 1a mgt tam giac.
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5.

7.

8.

9.

Goi H va D theo thtt ty 1a chan dudng cao va duong phan giac ké tir 4 xuéng BC cua tam giac ABC.
a) Tim toa d§ H va tinh do dai 4H.
b) Tinh d¢ dai doan thang BD.
Tim gia tri ciia tham s6 m dé dudng thang d cét hai truc toa do tai P, Q (khong triung gdc O) sao cho
téng é + é dat gi4 tri nho nhat.
Gia str (C) 1a dudng tron duong kinh AB. Tim m dé dudng thiang d tao v&i duong tron (C) mot day
cung ¢6 do dai 16n nhat.
Tim toa do diém D trén truc tung sao cho tong do dai 4D+ BD ngén nhat.
Tim toa d6 diém M trén duong thing d sao cho d¢ dai doan MC ngan nhat.

10. Tim toa d diém N trén truc hoanh sao cho tong do dai AN +CN dat gla tri nho nhat.
Bai toan 45. Trong mit phang voi hé toa do Oxy, O 1a gbe toa d9, cho ba diém A(1;2),B(-10),C(2;0) va

céc dudng thing d:y=§x+2; A:y=mx—-2—-4m.

ol A ol A el

g

S 10 90

V& dd thi d cua ham sé da cho.

Tim d6 dai duong cao BH cua tam giac ABC (H thudc canh AQC).

Lap phuong trinh dudng trung tuyén qua dinh C cia tam giac ABC.

Tinh dién tich va chu vi cia tam giac ABC.

Lap phuong trinh dudng thing di qua diém P(1;1)va vudng goc véi dudng thang d.

Tim gié tri cla a va b d¢ duong thing y =ax+b-3 (a#0) di qua diém 4 va cit truc tung tai diém
c6 tung do bang 2.

Tinh khoang cach tir diém C dén duong thang d.

Tim toa d6 diém cb dinh K (x;) ma duong thang A ludn di qua véi moi gia tri ciia m. Tinh do dai
doan thang KC.

Tim gia tri cia m dé dudng thang A cit truc tung tai diém D sao cho tam gidc O4D cén tai 4.

Tim m dé duong thang A chan trén hai truc toa dd mot tam giac vudng can.

Vi gia tri ndo cta m thi Atiép xtc voi duong tron tim O, ban kinh R =32 ?

0 Gia dinh (C) 1a duong tron tam 7, duong kinh 4B. Ton tai hay khong gia tri cia m dé Acit (C) tai

hai diém phan biét P, O sao cho IPQ 1a tam giac déu ?

11. Tim toa dg tryc tdm H cua tam giac ABC.
Bai todn 46. Trong mit phang voi hé toa do Oxy, O 1a gde toa d9, cho ba diém 4(2;-3),B(-21),C(4;-1).
Xét duong thang chira tham s d:y =(m—1)x+m—4.

SNk =

7.
8.

9.

Lap phuong trinh dudng thing (4B).

Xét diém 7T'(2¢-4;5t-7), tim t d¢ ba diém 4, B, T thang hang.

Chimg minh tam giac 4BC vudng. Xac dinh tim dudng tron ngoai tiép tam giac ABC.

Tinh chu vi va di¢n tich tam gidc ABC.

Lap phuong trinh cac dudng trung tuyén va tim toa do trong tdm G clia tam gidc 4BC.

Goi d 1a duong théng c6 hé s6 goc k; di qua diém C va cét truc tung, truc hoanh lan luot tai M, N.
Tim & sao cho dién tich tam giac ABC bang dién tich tam giac OMN.

Tim toa d¢ diém D nam trén truc tung sao cho |AD - CD|dat gia tri 16n nhat.

Tim diém c6 dinh ma duong thang d ludn di qua véi moi gia tri cta m.

Tim m dé duong thang d di qua 4. Khi d6 tinh dién tich tam gidc tao boi d va hai truc toa dg.

10. Ton tai hay khong gia tri nguyén cua m dé d tiép xuc véi dudng tron tm O, ban kinh bang 1 ?
11.Tim gi tri cia m dé ting diém 4, B nam hoan toan & mdt trong hai nira mit phang c6 bo 1a duong

thang (d).
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Bai toan 47. Trong mit phang voi hé toa do Oxy, O 1a gbe toa dg, cho ba diém 4 (1;1), B (6;1), C (0;4) va
duong thing chira tham sé A:y =(1+m)x+2m+3  (m 1 tham sb thuc).

1.

NSV AW

8.

9.

Tim m dé duong thang A di qua diém B.

Tim toa do diém D trong mat phéng toa d0 sao cho 4 va C nhan D 1am tam ddi xung.

Tim toa do trong tam G va tryc tdm H cua tam giac ABC.

Véi hai diém 4(-3;),), B(~1;,) nam trén duong thing A; hily tim m d¢ y, > y,.

Tim m dé giao diém ciia Ava duong thang d : y = 2x—2nam phia trén truc hoanh.

Tinh dién tich tam giac ABC.

Gia st dudng thang A cit hai truc toa do tai P va Q (khong trung gbc O). Tim m dé tam giac OPQ

¢6 dién tich bang glﬁn dién tich tam gidc ABC.

Tim gid trj ciia m d¢ duong thang Atiép xtc vdi dudng tron tim O, ban kinh R = J5.
Tinh khoang cach 16n nhét tir goc toa dd O dén duong thang A.

10. Tim toa d6 diém N trén truc hoanh sao cho tam giac ANB vudng tai N.

11. Tim toa dd diém S thudc truc hoanh sao cho tong do dai S4+SB ngan nhat.
Bai toan 48. Trong mit phang vai hé toa dd Oxy, O 1a gdc toa do, cho hai diém M (1:3), N (3;2) va duong
thang chira tham s6 d: y = (m—3)x+2n (m#3).

1.

(98]

Tim gia tri cua cac tham sb m va n dé duong thiang d thoa man
a) Di qua hai diém A(2;—2),B(—%;%j.

b) Song song véi dudng phan gidc goc ph?l‘n tu thir nhat.

¢) Vudng gbéc vo1 dudng phan giac goéc phan tu thir hai.

d) Cit truc tung tai diém M(O;Z + \/§)V2‘1 cit truc hoanh tai diém N(Z —\/5;0).
Viét phuong trinh duong thang (MN), tim géc nhon hop béi duong thang (MN) va truc hoanh.
Tinh d¢ dai duong cao OH cua tam giac OMN.

Viét phuong trinh cac dudng trung tuyén cua tam giac OMN, tir d6 tim toa do trong tAm G cua tam
giac OMN.

. Xét truong hgp n=3. Goi C va D 1a hai giao diém (khong tring goc Q) cua dudng thang d véi hai

truc toa do; E la trung diém cua doan th'fmg CD.
a) Tim m dé do dai trung tuyén OF bang 4.
b) Tim m dé tam giac OCD c6 dién tich bang 5.
¢) Tim m dé dudng thang d ddng quy véi hai duong thang y=5x—-2; x-3y+1=0.
d) Tim m dé d cit duong thang x — y+3 = 0tai diém M (x;p) sao cho biéu thirc x> -3y +3 dat
gia trj 16n nhat.

Bai toan 49. Trong mat phéng voi h¢ toa do Oxy, O 1a géc toa dg, cho ba duong théng

d:y=3x+1; d,:y=2x-1;, A:ty=3-m)x+m-5.

. Tim toa d6 giao diém K (x;) clia hai dudng thing d,,d,
. Goi 4 va B theo thu ty 1a giao diém cua hai duong théng d,va d,véi tryc hoanh. Tim toa do diém C

trén truc tung sao cho tam giac 4BC c6 dién tich bang 6.
Tim toa d¢ diém D do6i xtimg véi goc toa do qua duong thang d, .
Tim diém c6 dinh M (x;») ma duong thang A ludn ludn di qua v6i moi gia tri m thay doi.

. Tim gia tri cua m dé duong thang Athéa man diéu kién

a) Di qua diém E (3;5). ‘
b) Vudng goc voi duong phan giac cia goc phan tu thir ba.
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¢) Pdng quy véi hai duong thang d,,d, .
d) Cit duong thing y =2x+1tai diém N (x;p) théa méin diéu kién »* —5)3/x +6x=0.
e) Cit dudng thing y =3x-1tai di€m P (x;) sao cho biéu thirc R =(x+y)(x—y+1)dat gia tri
16n nhat.
A - 45
f) Tiep xtc véi dudng tron tam O, ban kinh R =——.
6. V&i gia tri nao ciia m thi duong thang A cach diém K (x;y) trong cau 1 mot khoang 16n nhat ?
Bai toan 50. Trong mit phang voi hé toa do Oxy, O 1a gdc toa d9, cho ba diém A4(0;3),B(4;0),C(-1;4)va
dudng thang chira tham sb d:y =(3m+1)x+m+3, trong d6 m 14 tham s6 thyec.
1. Tim gia tri cua m dé duong thang d thoa man
a) Diquadiém K (2;6). q
b) Vudng goc voi duong thang 1:y=-5x+9.
¢) Song song v&i dudng thang /: y = (m2 +1)x+5m—1 .

d) Song song voi dudng thang (4B).
e) Chén trén hai truc toa dd mdt tam giac c6 dién tich bang 2 (don vi dién tich).

f) Tiép xtic voi duong tron tim O, ban kinh R = 4

Nk
2. Viét phuong trinh duong thang di qua diém C va song song véi duong thang y =2x-3.
3. Tinh chu vi va dién tich cta tam giac ABC.
4. Tinh d% dai cao OH cua tam gidc OAB va goc nhon tao boi dudng thang 4B véi truc tung.
5. Tim toa d6 diém D trong mit phang toa dd sao cho tir gidc ABCD 1a hinh binh hanh.
6. Tim toa do diém E trong mat phéng toa d§ sao cho doan théng CE nhan duong théng AB lam truc
ddi ximg.
7. Ton tai hay khong s6 thue m dé duong thang d cach déu hai diém B va C ?
8. Tim m dé khoang cach tir diém C dén duong thang d dat gia tri 16n nhat.
9. Tim diém M trén dudng phén giac goc phan tu thir nhét sao cho AMB =90 .
10. Tim khoang gia tri cua m dé diém C khong ndm trong nira mit phang chua hai diém 4, B véi bo 1a
duong thing d.
11.Ton tai hay khong gia tri cia m dé diém B khong nam trong nira mit phang chira hai diém 4, C véi
bo 1 duong thang d ?
Bai toan 51. Trong mat phéng voi hé toa do Oxy, O la géc toa d9, cho 5 duong théng

d:y=3x; d,:y=3x+6; d3:y=—%x; d4:y=—%x+6; Ary=mx—-8m+1.

1. V& dd thj bén duong th'flng d.d,,d,,d,trén cing mot hé truc toa dg.
2. Bén duong thang d,,d,,d,,d, cat nhau tai bén diém (trong d6 c6 gdc 0). Ching minh bén diém d6
tao thanh maQt hinh chir nhat, ky hi¢u hinh chir nhat (S).
3. Tim gia trj cua sao cho 9
a) A cdt duong thang d, tai di€ém c6 hoanh d§ duong.
b) A cit duong thing d, tai diém cé tung d6 am.
¢) A vudng goc véi duong thang d, .
d) A song song voi dudng phén giac goc phan tu thir hai.
e) Baduong thang d,,d,,A dong quy.
f) A va duong thang J, khong ton tai diém chung.
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- RIS

Tim diém ¢ dinh M (x;) ma duong thing A ludn di qua voi moi gia tri ciia m.

Gia sir D 12 tAm cta hinh binh hanh chit nhat (S). Tim m dé d¢ dai doan thang MD 16n nhat.

Tim toa d6 diém E d6i ximg véi gbc toa o O qua dudng théng d,.

. Puong thiang Ac6 thé tiép xtic véi duong tron (C) ngoai tiép hinh chir nhat (S) hay khong ? Vi sao ?

Bai toan 52. Trong mat phang véi hé toa dd Oxy, véi O 1a gbe toa dd, cho ba diém 4 (3;1), B (4:2) va ba
duong thang d:y=xd,:y=3x+3A:y=2mx-3.

1.

0 NN kW

9.

10. Tim m dé duong thang /: y = 4mx—m cit duong thang d, tai mot diém nam trén parabol (P): y = x’.

Tim toa do diém c6 hoanh do bang 2 thudc duong thang d, .

Tim toa d6 diém c6 tung do bang 9 thuc duong thang d, .

Goi M la giao diém cua hai o thj trén. Tim toa dd diém M. q

Viét phuong trinh duong thing song song duong thang d, va cat truc tung tai di€ém c6 tung do la 7.
Tinh dién tich tam giac hop thanh tir truc hoanh va hai duong thing d,,d,

Tim diém c6 dinh ma duong thel}ng Aludn ludn di qua voi moi gia tri cua m.

Tinh khodng céch 16n nhat tir goc toa d¢ dén duong thing A.

3

N

Tim gia tri cua m dé duong thang A tiép xuc véi duong tron tdm O, ban kinh R =

2

11. Tim gia tri ctia tham sé m dé gdc toa do O va diém D (3;3) nam khéc phia ddi véi A.

12. Tim tat ca cac gia tri m d€ Atao voi hai tryc toa do mot tam giac c6 dién tich khong nho hon 1.
Bai todan 53. Trong mit phang v&i hé toa do Oxy, voi O la goc toa do, xét 4(2;4),B(8;6),C(3;-2)va
duong théng chira tham s6 d:y=mx+n.

Nhwb =

6.
7.
8.
9.
1

Viét phuong trinh duong thang AB, BC, CA.
Tim toa d¢ cac trung diém cua cac doan thang 4B, BC, CA, tir d6 tim toa do trong tam G.
Tim toa dd hinh chiéu H cua goc toa d§ O trén dudng thang AB.
Tinh dién tich tam gidc ABC (dung phép tru dién tich hodc tim toa d§ chan dudng cao).
Tim m va n sao cho
a) Puong thang d c6 hé s goc bang 2 va di qua diém (5;9).
b) Pudng thang d song song v4i dudng phan gidc ciia goc phan tu thir nhat dong thoi di qua
diém (- 3;0).
¢) Puong thing d song song voi duong thang d': y =3+ 2x va di qua diém (- 0,75;3).
d) Puong thing d vudng goc véi duong thang A:y =2 xtai giao diém ciia A véi truc tung.
e) Puong thing d di qua gbc toa dd va hop véi truc tung mot goc 3 = 60°.
f) Puong thang d di qua diém M (-5-5)va chan trén hai truc toa d hai doan thang c6 do dai
bang nhau.
Tim toa d6 diém D trong mit phang toa do sao cho tir gidc ABCD la hinh binh hanh.
Tim toa d¢ diém E trong mit phing toa d sao cho tir giac ACBE la hinh binh hanh.
Tim toa dd diém F thudc truc hoanh sao cho tong do dai FA+FB ngan nhat.
Tim toa d0 diém G thudc mit phéng toa do sao cho doan GC nhan dudng théng AB lam trung tryc.

0. Tim h¢ thtc lién hé glua m va n dé

a) Duong tha}ng d tl?p xuc vdi duong tron tam O, ban kinh R = NCR
b) Pudng thang d dong quy v6i hai duong thang A:y=3x-2; 1:y=5x—-4.
¢) Puong thing d cach déu hai diém (4;2) va (6;2).
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Bai toan 54. Trong mit phang véi hé toa dd Oxy, O 1a gdc toa dd, cho ba diémA(4;1),B(l;—3),C (1,0)va
phuong trinh duong thing chira tham s o : y = (2—m)x+2m—1.
1. Tim m dé d thoa man _
a) C6 h¢ s6 goc bang 11.
b) bi qua diém (4;3).
¢) Song song v&i dudng thing A: y = (2—m2)x+3m2 ~1.
d) Vuéng goc v6i dudng thang /:y=3x-2.
e) Song song v&i dudng thang AB.
f) Dong quy voi ba dudng thang d,:y=2x-1;, d,:y=3x-2; d,:y=(3-2m)x+m-2.
g) Cit duong thang y =1+ xtai diém M (x;) c6 toa d6 thoa man »* —3yy/x +2x=0.

g

Tim toa do diém M thudc d dé cung thang hang véi bon diém A(3;4),B(1;-2),C(21), D(z ; ;j

3. Tim trén dudng th'fmg d cac diém E cach déu hai truc toa do.
4. Tim diém c6 dinh ma duong thang d ludn di qua véi moi gia tri cta m.
5. Tinh khoang cach 16n nhat tir gbc toa do O dén duong thang d.
6. Tim m dé duong th'fmg d chén trén hai truc truc toa do mot tam giac c6 dién tich bﬁng 0,5.
7. Tim gi tri cha m dé dudng thang d tiép xuc véi dudng tron tm O, ban kinh R = V2 .
8. Tinh dién tich tam giac ABC (dung phép tru dién tich hodc tim toa d§ chan dudng cao).
9. Tim toa do cac trung diém M, N, P clia tam giac ABC.
10. Viét phuong trinh hai trong ba duong trung tuyén cta tam giac ABC, tir d6 tim toa d9 trong tim G
cua tam giac ABC.
11. Viét phuwong trinh hai trong ba dudng trung tryc cua tam giac ABC, tu d6 tim toa do tam 7 cua
duong tron ngoai tiép tam giac ABC.
12. Tim toa d6 diém D trong mit phang toa do sao cho 4 va D nhén diém C lam tam dbi ximg.
13. Tim toa dd diém F thudc truc hoanh sao cho tong do dai FA+FB la ngan nhat.
14. Tim toa d6 diém K thudc truc tung sao cho tong khoang cach tir C va B dén K 1a ngan nhat.
Bai todn 55. Trong mit phang voi hé toa dd Oxy, O 1a gdc toa dd, cho hai duong thang
d, :x—\/§y+4:0; d, :\Ex+y+1:O.
V¢ hai duong théng da cho trén cung mét hé truc toa dg.
Xac dinh toa do giao diém A cua hai dudng thang.
Tinh géc tao boi mdi duong thang vai truc hoanh.
Chumg minh hai dudng thang da cho vudng goc vai nhau.
Goi B va C theo tht ty thudc hai duong théng da cho, c6 hoanh do 1an luot 14 1 va 2. Tim tadm
duong tron ngoai tiép tam giac ABC.
Viét phurong trinh duong thang A di qua diém (2;5) va vudng goc v6i dudng thang d, .
Viét phuong trinh duong thang Adi qua diém (4;1) va song song véi duong thang d, .
Tim toa d9 céc giao diém ciia duong thang 4, voi hai truc toa dd.

Nhwbo =

© 0 N o

Tinh di¢n tich tam glac tao béi duong thang 4, véi hai truc toa dd.
10 Tinh khoang cach tir gdc toa dd O dén dudng thang d, .

11. Chirg minh rang duong thang d, tiép xtic véi duong tron tim O, ban kinh R = 1

12. Tim toa @ diém M trén dudng thang d, sao cho d9 dai doan thang OM ngan nhat.
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Bai toan 56. Trong mit phing toa d Oxy, O 1a gdc toa d9, cho hai diém 4(3;4),B(3;1) va duong thing

chira tham s6 A:y=(m—3)x+2m-3.

1.

~

9.

Viét phuong trinh duong thang 4B.

2. Tim toa d6 giao diém cta duong thing AB véi hai truc toa do.
3.
4. Gia sir ton tai tam giac vuong AMN v61 M, N déu nam trén truc hoanh va O 1a tim duong tron ngoai

Tim d¢ dai duong cao OH cua tam giac OAB.

tiép tam giac AMN. Tim toa d¢ cac dinh M, N.

Tim toa d6 cac diém C, D trong mat phéng toa do sao cho tir giac ABCD 1a hinh binh hanh nhan O
lam tam. Tinh dién tich hinh binh hanh 4BCD vira thiét 1ap.

Tim tap hop diém E trong mat phing toa do sao cho tam giac ABE can tai E.

Tim diém c6 dinh ma duong thang A ludn ludn di qua véi moi gia tri cia m.

. Tim gié tri cua tham s6 m sao cho

a) Adiqua diém (3;2).
b) A cat truc hoanh tai diém c6 hoanh d¢ bang 1,5.
¢) Acit truc tung tai diém co tung dé nho hon 3.
d) Asong song vo1 duong thang x+3y+2016=0.
e) Avudng goc v6i dudng thang d:2x—y+5=0.
f) Acit duong thang x— y+3=0tai diém M (x;y) thoa man 3x* — 2( y - x)dat gia tri nho nhat.
g) A chin qtrén hai truc toa do haj doan théng cotyl¢ 1:3.
h) Moi diem nam trén Akhéc goc O cach déu hai tryc toa do.
Tim gié tri cua m sao cho hai di€ém 4 va B nam v¢ hai phia va cach déu duong thang A.

10. Tim m dé Acéch déu hai diém 4 va B.

11. Tim gia tri cia m sao cho A chén trén hai truc toa d6 mot tam giac co dién tich béng 0,5.

12. Tim toa d6 diém C thudc truc tung sao cho tong khoang cach tir 4 va B dén C 1a ngin nhat.

13. Tim toa d diém K nam trén truc hoanh sao cho dién tich tam giac AOK gép nam lan dién tich tam

gidc AOB.

Bai toan 57. Trong mit phang véi hé toa do Oxy, O 1a gbc toa do, cho hai diém 4 (4;0), B (6;2) va hai
duong thang d:y=2x—1; A:y=(m-2)x-3.

1.
2.
3.

Yoo N ok

Tim toa dd cac dinh C, D, E &¢ ACDE 1a hinh thoi ¢6 chu vi béng 20 va nhan géc toa @0 O lam tam.
Tim toa d§ cac dinh M, N sao cho ABMN la hinh binh hanh nhén gbc toa d6 O 1am tam.

Lép phuong trinh duong thang d di qua B va ct hai truc toa d tai hai diém P, Q sao cho B 1a trung
diém cta doan thang PQ.

Tim toa d9 chan dudng phan giac B biét BB, 1a duong phan giac trong cua tam gidc OAB.

Viét phuong trinh dudng thang di qua diém B va tao voi hai truc toa d6 mot tam gic can.

Tim toa do diém K trén duong thang d sao cho tong d6 dai K4+ KB ngan nhat.

Tim diém T trén tia Oy sao cho ty s dién tich gitta tam giac OBT va tir gidc OABT bang %

Tim toa do diém F trén dudng thing d sao cho F cach déu hai diém 4 va B.
Tim toa d§ diém A4 trén dudong thang 4B sao cho tam giac OBA 1a tam giac can tai O.

10. Tim tat ca cac gia tri cua m sao cho

a) A diqua gdc toa dd.
b) A cat duong thang d tai diém c6 tung do bang 3.
¢) A cit tia Ox.

d) A song song voi duong thang 2y—%x+ 4=0.
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e) A cit truc hoanh tai diém c6 hoanh d6 khong vuot qué 5.

f) A vudng goc véi duong phan giac goc phan tu thir hai.

g) A chin trén hai truc toa dd mot tam giac can.

a) A chén trén hai truc toa d6 hai doan théng cotyl¢ 1:4.

h) A chén trén hai truc toa d6 mot tam giac co dién tich bﬁng 10.

i) A cach gbc toa dd O mot khoang 16n nht.

j) A chia mat phang Oxy thanh hai nira mit phing, trong d6 4 va B thudc cung mot nira mat
phang khong chira gbc toa do.

Bai toan 58. Trong mit phing véi hé toa dd Oxy, véi O 1a gdc toa do, cho hinh thang ABCD véi hai day
AB va CD, c6 céac dinh theo thur tyr 1a 4(0;-2),B8(4;0),C(0;1).

1.

N bW

7.

Tinh dién tich tam giac ABC.

Tim d¢ dai duong cao OH cua tam giac OBC.

Tim toa d6 dinh thir tw D biét D nam trén truc hoanh.

Lap phuong trinh cac dudng thang chira bn canh cua hinh thang.
Tim toa do diém C,d6i xtimg véi diém C qua duong thang AB.

Viét phuong trinh dudng thang d thoa man ting truong hop
a) Di qua 4 va song song véi duong phan giac goc phan tu thir nhat.
b) Bi qua B va vudng goc véi duong thing A:x—2y+2016=0.
¢) PiquaCva chan trén hai truc toa do mdt tam giac can.
d) Céh¢ so gbc bang 1 va di qua B.
e) Coh¢ so gbc bang 2 va di qua trong tdm G cua tam giac ABC.
f) C6 hé sé goc bang 3 va di qua truc tim H cia tam giac ABC.
g) Pi qua C va cach diém 4 mét khoang lon nhat.
Gia sir (C) 1a duong tron ngoai tiép tam giac 4BC. Tim tam 7 va ban kinh R cua (C).

Bai toan 59. Trong mit phang voi hé toa dd Oxy, véi O 1a gdc toa do, cho hai duong thang chtra tham s6

© N SNk W=

9.

d:x+2y=3m; d,:2x—y=m;véim latham sé thyc.
V¢ hai duong th'fmg da cho trong truong hop m =1.
Tim toa d§ giao di€m hai duong thang voi m=2.
Viét phuong trinh dudng thang di qua 4 (1;2) va vudng gbéc véi d, .
Viét phuong trinh duong thang di qua B (2;3) va song song véi d, .
Tim m dé duong thang d, cit truc hoanh tai diém c6 hoanh d¢ bang 6.
Tim m dé dudng thang d, chin trén truc toa do mot tam giac cé dién tich bang 4.
Tim m dé khoang cach tir gbc toa @6 O dén duodng thang d, bang 35
Chimg minh rang duong thang d,ludn chan trén hai truc toa dd mot tam giac vudng c6 ty sd hai
canh goc vudng la 2.
Tim m dé duong thang d, tiép xic v4i dudng tron tim O, ban kinh R = J5.

10. Trong trudng hop hai dudng thiang da cho cit nhau tai diém M (x;).

a) Ching minh M (x;y) luén thuc mot duong thang c¢d dinh voi moi gia tri m.
Tim phuong trinh dudng thang 6 dinh do.
a) Tim m sao cho M thudc dudong thang x+y=Tm-1.
b) Tim m dé diém M nam khac phia so véi gdc toa dd O, bor 1a dudng thang 2x+5y=5.
¢) Tim m dé biéu thic P =x P+(y- ) dat gia tri nho nhat.

d) Tim gia tri nguyén ctiia m dé biéu thic S = 2x+1
X+

nhan gia tri nguyén.
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Bai toan 60. Trong mit phing vai hé toa dd Oxy, véi O 1a gdc toa d9, cho hai dudng thang chira tham s6
d:x+y=2m+3; A:3x+2y=m-6.

Tim toa d6 giao diém cua hai duong thang trén véi m=5.
Tim m dé duong thang d cat truc hoanh tai diém c6 hoanh do bang 2.
Tim m dé duong thang A cit truc tung tai diém co tung d6 bang 5.
Viét phuong trinh duong thing di qua diém (2;5) va vudng goc véi dudng thing d.
Viét phuong trinh dudng thing di qua diém (3;6) va vudng goc véi dudng thang A.
Tim gia tri m dé duong thing d va tia Ox c6 diém chung khac O.
Vi gia tri nao caa m thi duong thing A cach gde toa dd O mot khoang bang /13 2
Tim gia tri cia m dé hai dudng thing cat nhau tai diém M (x;y) théa man

a) x>y+l.

b) M nam trén duong thang x—4y =m+9.

¢) M thudc cung phan tu thir IV ciia mét phing toa do (tinh ca bién).

d) Diém M (x;y) ndm trén dudng thang (d):3x+4y=7.

X NN R W=

e) M (x;y) nam phia trong duong tron tam O, ban kinh R=1.
f) Biéu thirc S =3x>+2y +x nhan gia tri nhod nhat.
9. Chung minh giao diém M (x;y) cta hai duong thing da cho ludn thudc mdt dudong thang cb dinh.
Bai toan 61. Trong mit phiang véi hé toa dd Oxy, véi O 1a gdc toa do, cho hai dudng thing chira tham sb
d:x+y=m; A:2x=3y=5m-7 (v&im la tham s thyc).
Tim m dé duong thang d di qua diém 4 (2;3).
Tim m dé duong thang Acit truc hoanh tai diém c6 hoanh d6 bang 3.
Tim k d¢ duong thang A song song véi duong thang y = (2k—1)x—k.
Viét phuong trinh dudng thing di qua diém (4;2) va vudng goc véi duong thang d.
Tim gié tri ciia m dé duong thing d tiép xuc voi duong tron tim O, ban kinh R=+/2 .
Tim m dé duong thang d chin trén hai truc toa dd mot tam giac c6 ban kinh dudng tron ngoai tiép
bing R =+/3.
. Tim toa do giao diém hai duong thang trong trudng hop m=5.
. Chung minh rang hai dudng thang luén cat nhau tai diém M (x;y) v6i moi m, dong thoi diém M
(x;) ludn thuéc mdt duong thing cd dinh.

9. Tim gia tri cha m dé giao diém M (x;y) cta hai duong thing thoa man

a) M nam trong cung phan tu tht IT hodc cung phan tu thir IV.

b) M nim trén duong thing 2x+y =8m—1.

¢) M nam trén tia Oy (tinh ca gdc toa dd).

d) Biéu thirc P =25x*+25)* +1nhan gi tri nho nhat.

AR o

(CCIN|

10. Xét hai duong thang d,: y+2x=6; d,:y =%x+3 .
a) Chung minh hai duong tl}éng trén hop voi cac tia Ox va Oy mot tir gide ndi tiép (X).
b) Gia s duong thang d chan trén hai tryc toa d§ mot tam giac (¥).
Tim m sao cho dién tich tir gidc (X) bang dién tich tam giac (). 7 )
Bai toan 62. Trong mdt phang véi hé toa do Oxy, voi O 1a goc toa dg, cho hai dl;(‘)'ng thang chira tham so
d:x+y=m+4;, d,:2x+3y=4m-2 (voi m la tham so thuec).
1. Tim m dé dudng thang 4, di qua diém (3;2).
2. Tim m dé duong thang 4, di qua diém (4;1).
3. Tim toa do giao diém hai duong thang trong trudng hop m=2.
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o0 NSO e

Viét phuong trinh duong thang di qua diém (2;5) va song song v&i duong thing d, .
Viét phuong trinh duong thiang di qua diém (3;1) va vudng goc véi dudng thang d, .
Tim m dé duong théng d, chén trén hai truc toa dd mot tam giac co di¢n tich nhoé hon 2.
Tim m dé duong thing d, 1a tiép tuyén cua dudng tron tim O, ban kinh R =32 .
Xét diém K (0;2). Tim gié tri ciia m dé diém K va gdc toa dd O nam veé hai phia cia d, .
Tim gia tri cua m dé hai duong thang cét nhau tai diém M (x;y) thoa man hé thirc

a) x’+y*=185.

b) Biéu thirc S =m?+2x+ y+5nhan gia tri nhé nhat.

¢) (x+1)(y+1)<0.

d) M nam trong goc phan tu thir nhat.

e) 6x+y+2m-7>0.

10. Chirng minh rang véi moi gié tri cia m, diém M (x;y) ludn thudc mot dudng thang cd dinh.
Bai toan 63. Chuyén thé, mo rong va phat trién bai 2; D& thi tuyén sinh 16p 10 THPT; Mén Toan; Pé thi
chinh thire; Qué huong Thai Binh; Nam hoc 2011 - 2012.
Trong mit phing véi hé toa do Oxy, vai O 1a gdc toa dd, cho hai dudng thang

N WD~

d :mx+2y=18;, d,:x—y=-6 (m 1a tham so thuc).
Tim m dé dudng thang 4, di qua diém (3;4).
Tim m dé dudng thang d, khong song song véi truc hoanh.
Tim m dé duong thang d, vudng goc véi dudng thang y+4x =2017.
Tinh khoang cach tir diém (- 1;2) dén dudng thang d, .
Véi gia tri ndo cua m thi dudng thang d, cit tia Ox.
Ching minh duong thflng d,tao v&i hai truc toa dd mot tam giac vudng cén (X).
a) Tinh dién tich tam giac (X). )
b) Tim tam va tinh ban kinh duong tron ngoai tiép (X).
c¢) Tim tam va tinh ban kinh duong tron néi tiép (X).
Tim toa do giao diém hai duong thang trong trudng hop m=4.

. Goi M (x;p) 1a glao diém cua hai duodng thang da cho.

a) Timm dg diém M c6 hoanh d% bapg 2.

b) Tim m dé M (x;y) thuoc duong thing 2x+y=9.

2m-9

9 m+2

d) Tim gia tri nguyén cua m dé toa do cua M déu la s6 nguyén.

¢) Tim m dé diém M (x;y) théa man x+6y =

Bai todn 64. Chuyén thé, mé rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Dé thi
chinh thire; Qué huong Thai Binh; Nam hoc 2006 — 2007.
Trong mit phing véi hé toa dd Oxy, vdi O 1a gdc toa dd, cho hai dudng thang

A ol A

d:x+y=-m d,:x+my=-1  (mla tham sd thyc).
Tim m dé dudng thang 4, di qua diém (4;2).
Tim m dé dudng thang d, c6 hé s goc bang 0,25.
Tim m dé duong théng d, tao vé1 hai tryuc toa d§ mot tam giac cd di¢n tich khong vugt qua 4,5.
Véi gia tri nao cua m thi duong thang d, cit truc hoanh tai diém c6 hoanh d6 bang 10 ?

X P 2 A g oay R i 1
Tim m dé duong thang d, tiép xuc vdi dudng tron tdm O, ban kinh R =—.

N

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN CHI LANG; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC NHAT (PUONG THANG) 32

6. Tim gia tri cia m dé duong thang d, cat tia Ox.
7. Tim toa do giao diém hai duong thang trong trudng hop m=5.
8. Tim gia tri ctia m dé hai duong thang di cho cat nhau tai diém M (x;») thoéa man diéu kién
a) y =x.
b) x*=y'+x*—)%.
c) 3x>2y+xy+19.
d) x*+y’=5.
e) x*+6y>=94+2m.
f) Biéu thitc P=x>+y?+3m+2 nhan gia tri nho nhat.
g) Diém M (x;y) ndm trén parabol (P):y =4x’.
h) Piém M (x;y) ndm trén duong thing x—7y=11.
i) Diéqu (X;y) nam trén duong tron tam O, ban kinh R = J5 ‘
Bai toan 65. Chuyén thé, mé rdng va phat trién bai 2; D€ thi tuyén sinh 16p 10 THPT; Mon Toéan; Dé thi
chinh thire; Qué huong Thai Binh; Nam hoc 2009 — 2010. 7
Trong mat phang voi hé toa do Oxy, voi O 1a gdoc toa dg, cho hai duong thang
d:(m-1)x+y=2; d,:mx+y=m+l (v6i m 1a tham sb thue).
Tim m dé duong thang d, di qua diém (3;1).
Tim m dé duong thing d, song song véi duong thiang y =(3m—4)x-9.
Tim m dé dudng thang 4, vudng géc véi dudng phan giac goc phan tu thir 111
Véi gia tri ndo cua m thi dudng thang &, chan trén hai truc toa do mot tam gidc vudng can ?
Tinh khoang cach 16n nhat tir diém K (1;4) dén duong thing d, .

N W=

Tim m dé duong thang d, cat duong thang y = x +1tai diém D (x;p) c6 tong binh phuong cac toa dd
dat gia tri nho nhat.
7. Xét diém G (4;0). Ton tai hay khong gi tri cia m dé dudng thang d, chia mat phing thanh hai nira
mit phang, trong d6 G va gbc toa dd O nam trong hai nira mit phang khac nhau ?
8. Tim toa d¢ giao diém hai duong thang da cho khi m=2.
9. Chu’ng minh rang véi moi gié tri cia m, hai duong thang di cho ludn cit nhau tai diém M (x;y).
10. Xét giao diém M (x;y) ctia hai duong thing.
a) Tim quy tich cac diém M (tap hop diém biéu dién diém M).
b) Chimg minh bat dang thirc 2x+ y <3.
¢) Tim m sao cho x* +y=9m—13.
d) Timmdé x+2y>1.
e) Timm dé M (x;») ndm trén duong cong parabol (P):y =x’.
Bai toan 66. Chuyén thé, mé rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mo6n Toan; Pé thi
chinh thirc; Qué huong Thai Binh; Nam hoc 2014 — 2015.
Trong mat phfmg v6i hé toa d§ Oxy, véi O 1a géc toa d9, cho hai dudong théng
d:mx+y=2m; A:x+my=m+1  (m1atham sd thuc).
Tim m & duong thang d di qua diém (3:6).
Tim m & duong thang Avudng goc voi dudng phan giac goc phan tu thi IV.
Tim m & duong thang d song song v6i duong thang y =—6x+14.

Tim m dg duong tha}ng d cgt truc hoanh tai diém c6 hoanh do bang 3,5.
5. Tim m d€ duong thang A cat tia Oy.

ol ol
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8.
9.

\ L 2 4 2 e s A A cr g aea s s 8
Tim gia tr1 m d€ duong thang Atao véi hai truc toa d§ mot tam giac ¢ dién tich bang 3

. V&i gia tri nao cta m thi dudng thang d chan trén hai truc toa dd mot tam giac vudng co ty 1é hai

canh géc vudng bang 2 ?
Tim m sao cho dudong thang Atao véi truc tung mot goc a =60°.
Tim khoéng cach 16n nhat tr goc toa do dén du:(‘yng théng A.

10. Tim tat ca cac gia tri m dé duong thang d 1a tiép tuyen cta dudng tron tim O, ban kinh R=+/2.
11. Xét cac diém 4 (2;0), B (- 2;0). Gia sur duong thang d chia mat phang toa do thanh hai nira mat

phang (bd 1a d), tim m dé 4 va B nam trong cing mot nira mit phang.

12. Tim toa d6 giao diém hai duong thang da cho voi m=2.
13. Trong truong hop hai dudong thang da cho cat nhau tai diém M (x;y) duy nhit.

a) Ching minh M (x;y) ludn nam trén mot duong thang cb dinh.
b) Timm dé x>3;y>2.
4

(m + 1)2 .
d) Biéu thitc P =x"+ y>nhan gia tri nho nhat.

¢) Tim m sao cho x+ )’ =

14. Tim gia tri nguyén ctiia m dé hai dudng thang cit nhau tai diém nguyén M (x).
Bai todn 67. Trong mit phang voi hé toa dd Oxy, véi O 1a gdc toa dd, cho hai dudng thang

PNIN AW~

9.

d:x—my=0, A:mx—y=m+1 (m 1a tham s thuc).
Tim m dé duong thang d di qua diém (1;7).
Véi gia tri ndo cua m thi dudng thang A cit tryc tung tai diém co6 tung d6 16n hon 3.
Tim m dé duodng théng d c6 hé sb gdc nho hon 4, déng thoi d khong trung véi hai tryc toa do.
Tim gia trj ciia m dé dudng thiing A song song véi duong thang y = (4m—5)x+2n-8.
Xéc dinh m dé duong thang d vudng goc véi dudng phan giac goc phan tu thir nhat.
Tim diém c6 dinh ma duong thang Aludn ludn di qua voi moi gia tri m.
Tim khoéang cach 16n nhat tir gbc toa dd O dén duong thing A.
Vi gia tri nao cia m thi dudong théng Achan trén hai truc toa do mot tam giac c6 dién tich bang 2.
Tim toa d6 giao diém hai duong thang khi m=3.

10. Tim m dé du’ong thang A tiép xuc véi duong tron tam O, ban kinh R=+/2 .
11. Xéac dinh m dé dudng thing d cit dudng thang y = x +2 tai diém K (x;y) sao cho S = 2x* —3)*dat gia

trj 16n nhat. Tim gié tri 1on nhét doé.

12. Tim gié tri nguyén cua m dé hai duong thang cat nhau tai diém nguyén M (x;y).
13. Tim m dé hai dudng thing cat nhau tai diém M (x;y) théa mén diéu kién

a) x>0;y>0.

b) Diém M (x;y) ndm trén parabol (P):y=x7.

¢) Diém M (x;y) cach déu hai diém (0;4) va (4;8).

d) DPiém M (x;p) la trung diém cla doan thing PQ véi P(2;4),0(-2;-6).

Bai toan 68. Trong mat phéng voi hé toa do Oxy, véi O 1a géc toa do, cho hai dudong thflng

N wh =

(1):mx+y=m+1;  (2):x+my=2 (m 1a tham s thue).
Tim m & duong thang (1) di qua diém (3;4).
Tim m dé duong thang (2) cat truc tung tai diém co tung d6 bang 3.
Tim m dé dudng thang (1) cit truc hoanh tai diém c6 hoanh d6 am.
Vi gié tri nao cua m thi duong thang (1) song song véi duong phan giac goc phan tu s6 2.
Véi gia tri ndo cua m thi dudng thang (2) vudng goc voi dudng thang y+3x =9k .
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6. V&i gia tri ndo ciia m thi dudng thang (2) cat duong thang y =2—xtai diém M (x;¥) thoa man diéu
kién x*+y° =2,
7. Tim m dé duong thang (2) cét tia Oy.
8. Tim gia tri m dé duong théng (D) cat truc hoanh va truc tung theo thr tu tai 4, B (4, B khac géc toa
do) sao cho 304 =208B.
9. Ton tai hay khong gié tri cia m dé duong théng (1) tao vé&1 hai tryuc toa do tam giac c6 dién tich
khong vugt qua 2.
10. Tim gi4 tri ciia m dé duong thing (1) tiép xuc véi duong tron tim O, ban kinh R=+/2 .
11. Tim khoang cach 16n nhat tir goc toa do O dén dudng thang (1).
12. Tim toa d6 giao diém hai dudng thang trong truong hop m=—6.
13.Xét diém K (3;0). Tim m dé duong thiang (1) chia mit phang thanh hai nira mat phang, trong d6 K
va gbc toa dd O nam trong hai nira mit phang khéac nhau.
14. Tim gia tri cia m d¢ hai dudng thang da cho cit nhau tai diém duy nhét N(x; y)théa man diéu kién
a) x’ -y <l1.
b) x+y<5.
¢) |x—y[zm’=Tm+1.
d) Piém N (x; y) ndm trén tia ddi cia tia Oy.
15. Xac dinh gia tri nguyén cua m dé hai duong thang cat nhau tai diém duy nhéat N (x; ) trong d6 x va
y déu 1a cac sb nguyén am.
Bai toan 69. Trong mit phang voi hé toa dd Oxy, véi O 1a gdc toa dd, cho hai dudng thang
(1): mx+y=2m-1;  (2): 2m+1)x+7y=m+3  (v&im 1 tham sb thyuc).
Tim m dé duodng thang (1) di qua diém (3;5).
Tim m & duong thang (1) ct truc ‘tung tai diém c6 hoanh d6 16n hon 4.
Tim m dé duong thang (2) c6 hé sé goc bang 5.
Tim m dé duong thang (2) song song v&i duong thang 3mx+4y =13.
Tim m dé duong thang (1) vudng goc voi dudng phan gidc goc phan tu thir 111,
Véi gia tri ndo cua m thi dudng thang (2) di qua diém (5;2) ?
Tim diém c6 dinh ma duong théng (1) di qua vé1 moi gia tri cua m.
Tim khoang cach 16n nhat tir géc toa dd O dén dudng thang (1).
Tim m dé duong thang (1) chén trén hai truc toa do mot tam giac c6 dién tich bang 2.
10 Tim m & duong thang (1) chan trén hai truc toa do mot tam giac c6 mot goc nhon a ¢ tana =3.
11. Tim m dé dudng thang (2) cit duong thang y = 4x—4 tai diém N (x;y) thoa man y = x°.
12. Tim toa d6 giao diém hai dudng thang trong truong hop m=2.
13. Tim gia tri ctia m d¢ hai dudng thang cat nhau tai diém M(x;y) théa man diéu kién

VRN W~

a) M nam trén duong thang x+y=10.
9
b) x+5y=——.
) 4 Sm—1
c) |x| = 3| y|.
13 3
d x>—;y>=
) 5 4 5 ) .
e) Piém M nam ¢ nira mat phang phia trén voi bo 1a dudng thang x+2y=2.
14. Xéc dinh gia tri nguyén ctiia m dé hai duong thing cit nhau tai diém M (x; ¥) ma x va y déu 1a cic s6
nguyén duong.
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Bai toan 70. Trong mit phang voi hé toa do Oxy, véi O 1a gbe toa do, cho hai duong thing
(1): x+2y=1, (2):2x-my=4  ;véim la tham sb thuc.
Tim diém M co hoanh d¢ bang 2 va diém N c¢6 tung dd bang 3 nam trén duong thang (1).
Tinh d6 dai duong cao OH ciia tam gidc OMN (H thudc duong thang MN).
Viét phuong trinh duong thing di qua diém (3;1) va song song voi duong thang (1).
Tim a dé dudng thing (1) dong quy véi hai duong thang 2x+3y=1; (a—2)x+4y=5.
Tim toa d6 diém F d6i xung véi gbe toa do O qua dudng thang (1).
Tim m va n dé du’ong thang (2) song song véi duong thing y =2x+3n.
Tim gi tri cha m dé dudng thang (2) vudng goc voi dudng phan gidc goc phan tu thir I1.

4
5
Tim tat ca cac gia tri m dé duong thang (2) chia mit phang toa do thanh hai nira mit phing sao cho
géc toa d6 O va diém K (0;4) nam trén hai nira mit phéng khac nhau.

10. Tim toa d6 giao diém hai dudng thang trong truong hop m=4 .

11. Tim gia tri ciia m dé hai dudng thang cit nhau tai diém duy nhat M (x;») théa man diéu kién
a) M nam trén duong thang 2x+3y =3.
b) M céch déu hai truc toa do.

0 N W=

Ton tai hay khong gia tri m dé duong thang (2) tiép xtc véi duong tron tdm O, ban kinh R =

o

c) x+6y> .

) Y +4
2

d) )c+y:m +6.
m+4

e) Biéu thic P =2x? + y*dat gia tri nho nhat.
12. Bién luan theo tham sé m gié tri nho nhat cua biéu thic T = (x+2y- 1)2 +(2x—my - 4)2.
Bai toan 71. Trong mit phing véi hé toa dd Oxy, véi O 1a gdc toa d9, cho hai dudng thang chira tham s6
(1):(m-1)x+y=3m—4, (2):x+(m-1)y=m (v6i m 1a tham sé thyc).

Tim m & duong thang (1) di qua diém (2;1).
Tim m dé duong thang (2) song song v4i duong thang y =2x+3.
Tim m dé duong thang (1) vudng goc véi dudng thang y=-x+5.
Tim m dé duong thang (2) cit tryc tung tai diém c6 tung d6 bang 0,5.
Tim m dé duong théng (1) cit truc hoanh tai diém c6 hoanh d6 khong vuot qua 2.
Tim toa d6 diém cb dinh ma timg duong thang (1), (2) ludn luodn di qua véi moi gia tri thye cua m.
Tinh khoang cach 16n nhat tir goc toa do O dén duong thang (1).
Tinh khoang cach 16n nhat tir diém X (1:3) dén duong thang (2).
Tim tat ca cac gia tri cia m dé duong thiang (1) chan trén hai truc toa dd mot tam giac vudng co ty 18
hai canh goc vudng bang 5.
10. Vi gia tri ndo cua m thi dudng thang (2) tao vai truc tung mot goc a = 4572
11. Tim toa d6 giao diém cua hai duong thang khi m=-2.
12. Tim m dé hai dudng thang cat nhau tai diém duy nhat M (x; y) théa min

a) x+y=3.

b) Piém M (x;y) thudc goc phan tu thir nhat ctia mét phang toa do.

¢) Piém M (x;y) va hai diém P (2;3), O (3;4) tao thanh mét tam giac.

d) Do dai doan thang OM ngan nhét, véi O la gdc toa do.

13. Tim gi4 tri nguyén ctua m dé hai duong thang cit nhau tai diém duy nhat M (x;») sao cho M 1a mot
diém nguyén.

WHO_AN R W=
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Bai toan 72. Trong mit phang voi hé toa do Oxy, véi O 1a gbe toa do, cho hai duong thing
(1):2x—my =m?; (2):x+y=2 (m 1a tham s thuc).
1. Tim diém M c6 tung do bang 2 nam trén dudng thang (2). Tinh do dai doan thang OM.
2. Puong thing (2) cat truc hoanh va truc tung theo thir tu tai hai diém 4 va B.
a) Chirng minh tam giac 4OB vudng can.
b) Chimg minh dudng tron tim O, ban kinh R = /2 tiép xtic v6i duong thing (2).
¢) Tinh di¢n tich tam giac OA4B.
3. Chung minh rang hinh phang tao béi dudng thang (2), duong thang y=x+6, truc tung va truc
hoanh 1a mét tir gidc ndi tiép. Tim ban kinh duong tron ngoai tiép ti giac nay.
Tinh khoang cach tir gbc toa 4o O dén dudng thang (2).
. Tim ban kinh R cua duong tron (C) tdm O sao cho (C) ct duodng théng (2) theo mot day cung c6 do
dai 1=27.
Véi gia tri ndo cua m thi cac dudng thang (1), (2) va dudng thiang y = 5x—4dong quy ?
Tim gia tri cha m dé dudng thang (1) song song véi dudng thang y=-2x-5.

e

Tén tai hay khong gid tri ctia m dé duong thang (1) hop véi truc tung mot goc S =602
Tim toa d6 giao diém hai dudng thang vol m=2,5.
10 Xéc dinh m dé hai duong thing cit nhau tai diém M (x;) sao cho

a) Jx+y=2.

b) Piém M (x;y) ndm trén parabol y =x>.
¢) Biéuthic Z =x+y* —2x+4y+2011dat gia tri nho nhat. Tim gia tri nho nhét do.
d) Piém M (x; y) va hai diém N (2:0), P (4; 0) tao thanh mot tam giac can tai M.
e) Piém M (x; y) 1a tAm d6i xtng cua hai diém H (4;3) vaK (- 2;—1) .
f) Diém M (x; ») vaba diém 4 (2:4), B (3;5), C (2;2) tao thanh mdt hinh binh hanh.
Bai toan 73. Trong mit phang voi hé toa dd Oxy, véi O 1a gdc toa dd, cho hai duo‘ng thang
(1):(m-1)x+y=2; (2):mx+y=m+1 (m 1a tham sb thue, m=0).

Xéc dinh m dé duong thang (1) di qua dlem (4;2).
Tim gia tri ctia m dé dudng thang (1) cit truc hoanh tai diém c6 hoanh d6 bang 3.
Tim m dé duong thang (2) cit tryc tung tai diém co6 tung d6 16n hon 6.
Tim m & duong thang (2) vudng goc véi duong phan giac goe phan tu thir hai.
Tim diéu kién ciia m va k dé duong thang (1) song song véi dudng thang y=4x—k .
Tim diém c6 dinh ma timg dudng thang ludén ludn di qua véi moi gid tri cta m.
Tinh khoang cach 16n nhét tir gbc toa dd O dén duong thing (2).
Goi 4, B 1a cac giao diém khac O cua duodng théng (2) 1an lugt véi truc hoanh va truc tung.
a) Tim toa do 4, B theo tham sb m, tir 46 tim m dé 04 =608 .
b) Vi gia tri ndo cta m thi tam gidc O4B co dién tich bang 2 ?
¢) Ton tai hay khong gia tri m dé duong thing 4B tiép xtic duong tron tdm O, ban kinh /2 .
9. Tim toa do giao diém hai duong thang trong trudng hop m=38.
10. Chirmng minh ring véi moi gié tri ciia m, hai dudng thang di cho ludn cat nhau.
11. Tim m dé hai dudng thang di cho cét nhau tai diém M (x;y) théa man diéu kién
a) Nam hoan toan phia bén trén dudng thang y=2.
b) x=m’+m-29.
¢) Piém M (x;») ndm trén duong thang x+y=12.
d) Biéu thitc P =4x+ y+7nhan gi tri 16n nhat.
12. Xéac dinh gié tri cha m dé giao diém M (x;p) ctia hai dudong thang di cho ¢ tung do 16n nhat.

© % N o

XN N =
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Bai toan 74. Trong mit phing vai hé toa dd Oxy, véi O 1a gdc toa d9, cho hai dudng thang chira tham sé

Lhhw b =

9.

. Tén tai hay khong gia tri m dé (1) 1a tiép tuyén cua duong tron tAm O, ban kinh R = N ?

(1):mx+y=3; (2):m’x+y=m’+2 (m 1a tham s6 thuc, m #0).
Xéc dinh m dé duong thang (1) di qua diém (3;4).
Tim m dé duong thang (1) song song véi dudng thiang y = %x—\/g .
Véi gia tri ndo cua m thi dudng thang (2) vudng goc vai dudng phan giac goc phan tu thir 11 ?

Tim m dé dudng thang (1) cét truc hoanh tai diém c6 hoanh do 16n hon 5. 7
Tim gia tri cia m d€ dudng thang (1) cat truc tung va truc hoanh lan lugt tai hai diém 4, B (khong

trung gdc toa dd) sao cho % =4/10.

Chumg minh rang v6i moi gi tri ctia tham sé m, duong thang (1) ludn di qua mdt diém cd dinh nam
trén truc tung.
3

. Tim ban kinh R cta duong tron (C) tdm O sao cho (C) cit duong thang (1) theo mot diy cung co

2\/3

chiéudai /=

Tim toa d¢ giao dlem hai duong thang trong trudng hop m=3.

10. Tim gié tri ctia m dé hai dudng thang cit nhau tai diém duy nhat M (x;») thoa min diéu kién

a) |x+2|—y+4.

b) Piém M (x;y) ndm trong nira mit phang bén trai, bd 12 duong thing y =3x—-2.
¢) Diém M (x;p) thudc dudng cong (C):y=x"+3x-2.

d) Piém M (x;) 1a trung diém cua doan thing AB véi 4 (4;2) va B (3;2).

11. Tim tat ca cac gia tri nguyén cua m dé hai duong thang cdt nhau tai diém M (x;») 1a mot diém

nguyén, dong thoi M nam trong géc phan tu thir nhat cua mat phang toa do.

Bai toan 75. Trong mat phang voi hé toa d§ Oxy, véi O 1a goc toa d9, cho hai dudong thflng chira tham s

-

7.
8.

9.

(1): x+2y=2m; (2): 2x+3y=Tm’>-3m (m 13 tham s6 thuc).
Tim m & duong thang (1) di qua diém (4;1).
Tim m dé duong thang (1) song song véi duong thing 2x+4y =5m—1.
Tim m dé duong théng (1) ¢t truc tung tai diém c¢6 hoanh d6 16m hon 3,5.
Véi gia tri ndo cta m thi duong thang (2) cét truc hoanh tai diém c6 hoanh do duong (ndi cach
khac: Puong thang (2) cat tia Ox).
Ton tai hay khong gia tri cua tham s6 m dé duong théng (1) tao va6i hai tryc toa do mot tam giac cod
dién tich bang 5.
Tim gia tri m dé duodng théng (1) tao vo6i hai tryc toa o mot tam giac c6 ban kinh dudong tron ngoai

tiép bang %
Tim tat ca gia tri ctia m dé du(‘mg thang (1) tiép xﬁc Vé’i duodng tron tim O, ban kinh R =24/5.

Xéc dinh m sao cho hai diém 4 (0; 4) va B (2;6) nam vé hai phia caa dudng thang (1).
Tim toa d¢ giao diém hai duong thang trong trudng hopm=-2.

10. Ching minh rang hai duong thang ludn cat nhau tai diém duy nhat M (x;p) véi moi gia tri cia m.
11. Tim gié tri ctia m dé diém M (x;») thoa min

a) Biéu thic P =x—y+7dat gia tri nho nhat.
b) Piém M (x;y) nam trén dudng phan giac goc phan tu thir nhat ciia mit phang toa do.
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Bai toan 76. Trong mit phang voi hé toa do Oxy, véi O 1a gbe toa do, cho hai duong thing
(1): 4x-y=2; (2): x+(m+1)y=1 (m 13 tham s6 thuc).
1. Goi 4 va B 1a cac giao diém ctia dudng thing (2) véi truc tung va truc hoanh.
a) Tinh dién tich tam gidc OAB.
b) Tinh ban kinh dudng tron ngoai tiép tam giac OA4B.
Tinh khoang cach tir gbc toa do O dén duong thang (1).
Tinh khoang cach tir diém C (3;4) dén duong théng (1).
Viét phuong trinh duong thing di qua diém (5;2) dong thoi vuong goc vai duong thang (1).
Véi gia tri ndo cua a thi duong thang (1) dong quy véi hai duong thang
3x—y=T7, (a 1)x+2y—10.
Xac dinh gia tri cua m dé duong thang (2) song song véi dudng phan giac goc phan tu thir hai.
Tim diém c6 dinh ma duong thang (2) luén luén di qua véi moi gia tri m.
Tinh khoang cach 16n nhat tir goc toa do dén duong thang (2).
Tim gia tri cua m dé duong thang (2) cét truc tung tai diém c6 tung d6 16n hon 0,6.
0 Véi gia tri nao cua m thi duong thang (2) chia mit phang toa do thanh hai nira mit phang sao cho
hai diém (3;0), (0;3) ndm trong hai nira mit phing khac nhau.
2

11. Xéc dinh gia tri ctia m dé duong thang (2) tiép xtc v6i dudong tron tdm O, ban kinh R = >

L w

S0 00N o

12. Tim toa d¢ giao diétp cua hai duong thang da cho trong truong hop m=5.
13. Gia su hai duong thang da cho cat nhau tai diém duy nhat M (x;y).

a) Tim m sao cho x+3y=4.

b) Timm dé x° +x+y=38.

¢) Tim m dé M (x;y) ndm trén dudng cong (C):y=—x"-6.

2 2
d) Tim gié tri 16n nhét cia bidu thie 7= >~ +1

5 .y s 17 A .y . 5 A
-— dat gia tri 16n nhat, gia tri nho nhat.

x +1
V29
—9.

e) Tim m dé biéu thie S = b4

f) Tim m dé M (x;y) ndm trén duong tron tim O, ban kinh R =

Bai toan 77. Trong mat phéng voi hé toa do Oxy, véi O 1a géc toa d9, cho hai duong thflng chira tham s
(1): mx—y=2m; (2): x-my=1+m (m 1a tham s6 thuc, m=0).

Tim m dé duong thang (1) di qua diém (4:2).

Tim m dé duong thang (2) khong di qua diém (1;6).

Tim m dé duong thang (1) song song v&i duong thang y =3x—2m+4 .

Tim m dé duong thang (2) vudng goc voi du’(‘mg thang y=-x+5.

Véi gia tri nao cua m thi dudng thang (1) cét tryc tung tai dlem 6 hoanh d¢ khong vuot qua 7 ?

Tim m & duong thang (1) cdt truc tung tai diém K sao cho K nam giira hai diém (0;3) va (0;8).

Tim gia tri cua m dé duong thang (2) tao vo&1i hai truc toa d0 mot tam giac vudng co ty 1¢ hai canh

gbc vuong la 2:5.

Tim m dé duong théng (2) tao voi hai truc toa dg mdt tam giac c6 dién tich béng 8/3.

Xac dinh tat ca cac gia tri m dé duong thang (2) chia mat phang toa do thanh hai nira mit phang,

trong d6 hai diém (4;6) va (2;5) nam trong hai nira mat phing khac nhau.

10. Xét duong tron (C) tam O, ban kinh R=4. Ton tai hay khong gia tri m dé duong thang (1) cit

duong tron (C) theo mot diy cung c6 d6 dai 7=2142

NN A W=

o o0
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11. Tim tat ca gia tri m dé du:orng thang (1) cach deu hai diém (O 4)va (2 ;6).

12. Tim gia tri cia tham sd m dé duong thang (2) cat duong thang y = x—3tai diém N (x;») sao cho biéu
thirc P=—"**_dat gid tri 16n nhit, gid tri nho nhit.

(y+3) +1

13. Tim toa d¢ giao Siiém ctia hai duong thang trong trudng hop m=6.

14. V¢ hai duong thang da cho trén cung mdt hé truc toa do khi m=2.

15. Chimg minh rang khi m # -1, hai dwong thang cat nhau tai di€m duy nhat M (x;y), dong thoi M ludn
thudc ’mcf)t duong thang co dil}h. i ’ q

16. Tim tat ca cac gia tri cia m dé hai duong thang cat nhau tai diém M (x;y) sao cho

a) 2x+y> .
m+1

b) Diém M (x;y) ndm trén duong thang (d):y =3x+5.
¢) Piém M (x;p) 1 tim ddi xing cta hai diém A4 (4-2) va B (-1;-3).
d) xvay la cac nghiém cua phuong trinh bac hai t —t+5m=0.
Bai toan 78. Trong mit phing vai hé toa dd Oxy, véi O 1a gdc toa dd, cho hai du’orng thang chira tham s6
(1):  mx-2y=3; (2):  3x+my=4 (m 1a tham sb thue, m=0).
Tim m & duong thang (1) di qua diém (4;1).
Tim m & duong thang (2) khong di qua diém (5;2).
Tim diéu kién ciia m va n dé dudng thang (1) song song véi duong thang y =5x—8n.
Tim m dé duong thang (2) vudng goc voi dudng thang y = -2x+14.
Véi gia tri ndo cua m thi dudng thang (1) cét truc hoanh tai diém c6 hoanh d¢ 16n hon 2.
Véi gia tri ndo cua m thi dudng thang (2) cit dudng thang y =3x—7 tai diém c6 hoanh do bang 1.
Tim gia tri cha m dé _duong thang (1) chia mit phang toa do thanh hai nira mit phang sao cho hai
diém (1;1) va (3;1) ndm trong hai nira mit phing khac nhau.
8. Goi 4 va B twong umg la cac giao diém cua dudng thang (2) voi truc hoanh va tryc tung.
a) Tim toa d§ A4 va B theo m.
b) Tim m dé do dai doan thing OA4 gip 10 lan doan thang OB.
¢) Tim m dé tam gidc OAB c6 dién tich bang 4.

NSOV R W=

d) Tim m dé tam giac OAB c6 ban kinh dudng tron ngoai tiép bang %

9. Tim toa d giao diém hai duong thang trong trudng hop m=-2.
10. Tim gia tri cia m dé hai dudng thang di cho va duong thang x+y = gdéng quy.

11.Vé6i gia tri nao cta tham sé m thi duong thang (1) tiép xuc voi duong tron (C) ¢6 tam 7 (1;1), ban

kinh R=-* .

NG

12. Tim tat ca cac gia tri ciia m dé hai duong thang da cho cét nhau tai diém duy nhat M (x;y) thoa man

b) |x| :|y—3|.
¢) biém M nam trong goc phan tu thir nhat cua mat phang toa do.
d) Piém M cach déu hai truc toa dg.

e) x+ >é
y 7

CREATED BY GIANG SON; GACMA1431988@GMAIL.COM TRUNG POAN CHI LANG; QUAN POAN HAI QUAN



BAI TAP HAM SO BAC NHAT (PUONG THANG) 60

Bai todn 79. Chuyén thé va mo rong, phét trién cau 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toéan (Danh
cho tat ca céc thi sinh dy thi); Dé thi chinh thire; Truong THPT Chuyén Hung Vuong; Thanh phd Viét Tri;
Tinh Phui Tho; Nam hoc 2010 — 2011.
Trong mat phéng voi hé toa d§ Oxy, voi O la géc toa dg, cho hai duong théng chira tham sb m # 0
(1): mx—y=3; (2):  2x+my=9

Tim m dé duong thang (1) di qua d1em (=2;3).
Tim tham s m dé duong thang (2) cit truc tung tai diém c6 tung do bang 3.
Tim gi tri cta m dé dudng thang (1) song song véi truc hoanh.
Véi gia tri ndo cua m thi dudng thang (2) ¢6 hé sé goc 16n hon 1 2
Tim m dé dudng thang (1) cit truc hoanh tai diém c6 hoanh d6 16n hon 5.
Véi gia tri nao cua m thi duong thang (2) song song véi dudng phéan giac goc phan tu thir hai ?
Goi 4 va B theo tht ty 1a cac giao diém cua duong thing (1) véi truc hoanh va truc tung.

a) Xac dinh m dé duong thang (1) hop véi truc tung mot goc o =30°.

b) Xac dinh m dé O4B 1a tam giac vudng can.

Nk Wb =

¢) Xac dinh m dé tam gidc OAB c6 ban kinh dudng tron ngoai tiép 1a R = ﬂ
d) Tim m dé tam gidc O4B cé dién tich 16n hon 1.
e) Xac dinh m dé duong thang 4B tiép xuc véi duong tron tAm O, ban kinh R = #

8. Chimg minh hai duong thang da cho ludn cit nhau tai mot diém duy nhat M ()]
9. V&i gia tri nao cia m thi cac duong thing (1) (2) va dudng thang x+ y =5ddng quy ?
10. Tim gia tri nguyén m dé hai duong thang cat nhau tai diém duy nhat M (x;y) sao cho 4 =3x— y nhan
gia tri nguyén.
11.Xét dudng thing (3):x+my=9,(m#0). Ching minh ring khi d6 hai duong thing (1) va (3) luén
cit nhau tai diém N (x;p), dong thoi N luén nam trén duong tron (C) c¢b dinh. Tim ban kinh cua
duong tron (C). i . 7
Bai toan 80. Chuyén thé va mé rong, phat trién cau 2; D¢ thi tuyén sinh 16p 10 THPT; Mén Toan (Danh
cho tat ca cac thi sinh dy thi); D¢ thi chinh thirc; Truong THPT Chuyén Théi Binh; Thanh phd Thai Binh;
Tinh Thai Bin?h; Nam hoc 2013 - 2014. q )
Trong médt phang vdi hé toa d§ Oxy cho hai duong thang chira tham so
diime=y=1=0 "\ 6im la tham sé thyc).
d,:x+my=m+6
Tim m dé dudng thang 4, di qua diém (4;9).
Tim tham sb m dé duong thang 4, khong di qua diém (3;2).
Tim gia tri m dé duong thang d, 6 hé s6 goc 16n hon 4.
Tim m dé duong théng d, cét truc hoanh tai diém c6 hoanh d6 16n hon 0,5.

L ol ol

Tim tat ca céc gia tri m dé duong théng d, cit duong théng y=>5x—1tai diém K (x;y) toa do thoa
man y=6x-2.

6. Tim diéu kién ctia m va n d¢ dudng thing d, song song véi dudng thang y =(2m—3)x+2n-5.

7. Tim m dé duong thang d, vudng goc véi duong thang y = —4x +§ .

8. Tim gia tri cia m dé duong thang d, chin trén hai truc toa mdt tam giac vudng can.
9. Tim m dé duong théng d, tao vé1i hai tryc toa d§ mQt tam giac c6 di¢n tich bﬁng 24.5.
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10. Xét hai diém M (2:0), N (0;2).
a) Tim tat ca cac gia tri cia m dé duong thing d, chia mat phing toa do thanh hai nira mit
phang sao cho M va N nam trong hai nira mat phang khac nhau.
b) Tim tat ca cic gia tri cua m dé dudng thang d, cit truc tung tai diém P sao cho ty s dién tich
gitra hai tam giac MOP va MON c¢ gia tri la 0,4.
11. Tim diém c6 dinh ma duong thiang d, ludn ludn di qua véi moi gié tri cia m.
12. Tinh khoang cach 16n nhét tir goc toa do O dén duong thang d, .
13. Tim m dé hai dudng thang d cho cét nhau tai diém M (x;»)thoa man
a) M nam trén duong thang 3x—y=1.
b) M c6 hoanh dd 16n nhét.
¢) M c6 hoanh d6 nho nhat.
Bai toan 81. M¢ rong va phat trién bai 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toan; Pé thi chinh thuc;
S& Giado duc va Pao tao Tinh Thai Binh; Nam hoc 2010 — 2011.
Trong mit phing véi hé toa do Oxy, véi O 1a gbc toa dd, cho dudng thing d:y =(k—1)x+nva hai diém 4
(0;2), B (- 1;0).
1. Tim cac gia trj cua k va n dé
a) Puong thiang d di qua hai diém 4 va B.
b) Puong thang d song song voi dudng thang A: y=x+2—k.
¢) Puong thing d vudng goc véi duong thang y = —%x +%.
d) Puong thiang d khong di qua diém (5;2).
e) Puong thing d cit truc hoanh tai diém c6 hoanh d bang 4.
Viét phuong trinh duong thiang di qua diém 4 va song song véi duong phan giac goc phan tu thir
nhat.
Tinh dién tich va ban kinh dudng tron ngoai tiép tam giac OAB.
Tim toa dd diém D sao cho tir giac ABDO 1a hinh binh hanh.
Tim toa d6 diém E va F sao cho tur giac ABEF 1a hinh binh hanh nhén géc O lam tam.
Viét phuong trinh duong thing / di qua diém B sao cho / cach gdc toa dd O mot khoang 16n nhat.
Viét phuong trinh dudng thang chira truc ddi ximg ctia doan thang AB.
Viét phuong trinh duong trung binh song song véi canh 4B cuia tam giac OAB.
Cho n=2. Tim k dé dudng thang d cit truc Ox tai diém C sao cho dién tich tam giac QAC gap hai
lan dién tich tam giac OAB.
10.Cho n=k-3. Tim gia tri cuia tham sb k dé duong th'fmg d cét hai truc toa do tai P va 0 sao cho biéu

1
+
P> 00

g

O 0Nk W

thirc dat gia tri nho nhat.

11. Trong trudng hop >3, tim hé thirc lién hé gilta k va n dé hai diém 4 va B nam vé hai phia coa
duong thang d (nghia 1a d chia mit phang toa do thanh hai nira mat phang, trong d6 4 va B nam
trong hai nira mat phang khac nhau).

Bai toan 82. Trong mat phéng voi h¢ truc toa do Oxy, O la géc toa do, cho hai diém 4 (1;0), B (0;—2) va
duong thiang chita tham sb: d:y = (m-2)x+m+3  (mlatham s6 thye).

1. V& duong thang d trong trudng hop m=3.

2. Tim m dé duong thang d c6 hé sb goc bang 13.

3. Tim m dé duong thang d di qua diém (- 2;7).

4. Tim m dé dudng thang d song song v4i duong thang d':x—y+5=0.

5. Tinh dién tich, chu vi va ban kinh dudng tron ngoai tiép tam giac OAB.
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6. Goi D la chan dudng phén giac trong goc O ctia tam gidc O4B. Tinh do dai doan thing OD.

7. Tim toa d6 diém E sao cho tir giac OAEB 1a hinh chir nhat.

8. Tim toa d diém O’ ddi ximg véi gdc toa dd O qua truc ddi xing. Tim m dé gbc toa do O, diém M
va diém G (m;5) thiang hang.

9. Viét phuong trinh bdn canh ctia hinh thang can ABCD, trong d6 AB va CD la hai day, dinh C thudc
truc hoanh, dinh D thudc truc tung.

10. Tim diém c¢6 dinh ma dudng thang d luén ludn di qua véi moi gia tri cua m.

11. Tim khoang cach 16n nhét tir goc toa do O dén dudng thang d.

12. Tim gia tri cia m dé duong théng d tao voi h¢ tryuc toa do mot tam giac co dién tich b'img 4.

13. Véi gia tri ndo cua m thi dudng thang d va hai dudng thiang 2x— y=4; 3x+2y=6 dong quy ?

14. Tim m dé dudng thang d cit parabol (P): y = —%xz tai hai diém c6 hoanh do trai dau.

15. Tim m dé khoang céach tir gbc toa do O dén duong thang d bang 26 .
Bai toan 83. M¢& rong va phat trién cau 2 ; Dé thi chon hoc sinh gi61 16p 9 THCS; Mon Toan; Pé thi chinh
thire; S& Gido duc va Pao tao Tinh Thai Binh; Nam hoc 2015 — 2016.
Trong mat phéng voi hé truc toa @6 Oxy, O la géc toa d9, cho duong thflng d: y=ax+b,(a#0)va cac diém
A (6;0), B (0;8), C (— 3:4), D (8;4).
1. Tim hé thic lién hé giita a va b dé duong thing d di qua diém 4.
Tim a va b dé d di qua B dong thoi d vudng goc voi duong phan giac goc phan tu tht ba.
Xéc dinh a va b dé duong thang d 1a truc di xtng cta doan thang CD.
Tim gia tri chaa va b dé duong thiang d di qua hai diém B va D.
Tim tat ca cac gia tri ctia @ va b sao cho dudng thing d di qua diém 4 dong thoi d tao véi hai truc
toa dQ mdt goc a =60".
6. Tim gi tri cta a, b dé duong thing d di qua diém M (1;2) va cit truc Ox, Oy 1an luot tai hai diém 4,

Lhhw

B phén biét sao cho P= 01142 +%dat gia tri nho nhat.

7. Tinh chu vi va dién tich tam giac OA4B.
8. Xac dinh toa do diém K sao cho K chia trong doan théng AC theo ty 1€ 1:2.
9. Chung minh O4DB 1a tir giac ndi tiép. Goi (C) 1a dudng tron ndi tiép t gidc OADB, tim diéu kién
cuia a va b sao cho duong thang d di tim cua (C).
10. Chung minh OABC 14 hinh thang va tinh dién tich hinh thang OABC.
11.Tim toa d§ diém E trén truc tung sao cho tam gidc BAE nhan 4C 1am duong phan giac trong cia
g6c BAE .
12. Chirg minh rang khong ton tai diém F thudc truc hoanh sao cho tam giac FCB vudng tai F.
13. Tim toa d6 diém F trén truc hoanh sao cho FCB 1a tam giac vudng.
Bai toan 84. Mé rong va phat trién cau 2; Pé thi tuyén sinh 16p 10 THPT; Mén Toén (Danh cho tat ca céc
thi sinh du thi); Dé thi chinh thuc; Truong THPT Chuyén DPai hoc Su pham Ha Ngi; Pai hoc Su pham Ha
Noi; Quan Cau Gidy; Thu d6 Ha Noi; Nam hoc 2010 —2011.
Trong mat phéng voi hé toa do Oxy, O la géc toa dg, cho hai duong théng
d:y =(2m2 +1)x+2m—l; d,:y=m’x+m—-2  (mlatham sd).
Tim m dé dudng thangd, di qua diém (1;1).
Tim m dé dudng thang d, di qua diém (3;- 2).
Véi gia tri ndo cua m thi duong thang d, song song véi duong thiang y = (2m—-1)x+5m-9.

Sl ol s A

Vi gia tri nao cua m thi duong théng d, ¢t truc tung tai diém ¢6 tung d¢ thude doan [3;6] ?
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\ £ 2 4 s 2 el s A A cr g 1A ur 3 1
5. Tim tham s6 m dé duong thang d, tao voi hai truc toa d§ mgt tam giac co dién tich bang c

6. V&i gia tri nao cua m thi duong théng d,tao véi hai truc toa do mdt tam gidc vuong cé ty 1€ hai
canh goc vudng bang 1:5 ? q ‘ q

7. Xét hai diem 4 (- 2;1), B (2;1). Tim toa d¢ diém C ndm trén dudong thang d, sao cho tam giac ABC
can tai C dong thoi tam giac ABC c6 dién tich bang 2.

8. Xét hai diém M (—é;O],N (1,0). Tim khoang gia tri cia m dé dudng thing d, chia mit phang toa do

thanh hai nira mit phang sao cho M va N nam trong hai nira mit phang khac nhau.
9. Tim toa do giao diém / cua d,,d, theo m.
10.Khi m thay d6i, chimg minh diém / ludn thudéc mot duong thang c6 dinh. Tim phuong trinh dudng
thang do.
Bai todn 85. M6 rong va phat trién cdu 2; Dé thi tuyén sinh 16p 10 THPT; Mén Toéan; Pé thi chinh thirc;
Truong THPT Chuyén Ngoai ngir; Truong Pai hoc Ngoai ngit; Pai hoc Qudc gia Ha Noi; Quan Cau Gidy;
Thanh phé Ha Ni; Nam hoc 2007 — 2008.
Trong mit phing véi hé toa do Oxy, O 1a gdc toa dd, cho ba duong thang

di:y=—x+1l; d,:y=x-1; dy:y-—ax+a’-a’ —% (a 12 tham s thuc).

1. Goi 4 1a diém c6 hoanh d6 bang 1 ndm trén d,, B 1a diém c6 hoanh d¢ bang 2 ndm trén d, .
a) Tinh chu vi va dién tich tam giac OA4B.
b) Tim toa dJ trong tdm G cua tam giac OA4B.
¢) Tinh dg dai dudong cao AH cua tam gidc OAB (H thudc canh OB).
d) Tim toa d¢ diém C nam trén tryc tung sao cho tam giac ABC can tai C.
e) Chung minh khong ton diém D ndm trén truc tung sao cho tam giac 4BD vudng tai dinh D.
Viét phuong trinh dudng thing di qua diém (4;1) va song song véi dudng thang d, .
Viét phuong trinh duong thang di qua diém (5;2) va vudng goc véi duong thang d, .
Tim trén duong thing d, toa d¢ diém K (x;y) thoa man x> +2)° =6.
Tim trén dudng thing d, toa do diém L (x;p) sao cho y* —5y+/2x—1+12x=6.
Tim trén duong thang d, diém T (x;p) sao cho biéu thirc P = (1- y)(x3 —4x* + 8) dat gia tri nho nhat.

N 0w

2
7. Tim trén dudng théng d,toa do diém J (x;y) sao cho biéu thuc S = Zxxzi—;ly;l nhén gia tri 1on nhét,
gi4 tri nho nhat.
8. Tim diém E trong mit phang toa do sao cho doan thing OF nhan duong thang d, lam tryc ddi ximg.
9. Tima dé d, cit d,tai mot diém thude d, .
10.Gia sir d,va d, cat truc tung theo thir tu tai M va N. Tim tdm va ban kinh dudng tron ngoai tiép tam
gidc AMN, vé6i diém 4 & myc 1.
11. Viét phuong trinh duong thang / sao cho / song song va cach dudng thang d mot khoang bang 2.
Bai toan 86. Lién hé, két hop, mé rong va phat trién céc bai toan
< Cau 3; Dé thi tuyén sinh 16p 10 THPT; Mén Toan (Danh cho cac thi sinh dy thi mén chuyén Khoa
hoc Ty nhién); Pé thi chinh thire; Truong THPT Chuyén Ha Noi — Amsterdam va THPT Chu Van
An; Thu d6 Ha Noi; Nam hoc 2004 — 2005.
< Bai 2; Dé thi chon hoc sinh gidi 16p 9 THCS; Moén Toan; Pé thi chinh thirc; S& Gido duc va Pao tao
Tinh Hau Giang; Nam hoc 2008 — 2009.
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Trong mat phéng voi hé toa d§ Oxy, voi O la géc toa dg, cho duong théng d c6 phuong trinh

1.

5.

2kx+(k-1)y=2 (k 1a tham sé thue).
Tim k dé duong :[helmg d théa man
a) Diquadiém (-1 ;3).
b) Khong di qua diém (3;2). . ’
¢) Song song véi dudng phan giac goc phan tu thur nhat.

d) Vuéng goc véi dudng thing y = —%x +6a-7.

. Vi gia tri nao cua & thi dudng thing d song song véi dudng thiang y = x+/3 . Khi d6 hay tinh goc tao

bo1 d voi tia Ox.

3. Tim toa d6 diém cb dinh ma duong thing d ludn ludn di qua véi moi gia tri cua k.
4.

Tim k dé duong thang d tao voi hai tryc toa d§ mdt tam giac co6 dién tich bang 2.
Tim k dé khoang cach tur gdc toa do dén duong thang d 1a 16n nhat.

Bai toan 87. Lién hé, két hop, mo rong va phat trién cac bai toan

Bai 2.b; Pé thi chon hoc sinh gi61 16p 9 THCS; Mon Toan; Dé thi chinh thirc; S¢ Gido duc va Pao
tao Tinh Quang Ninh; Nam hoc 2008 — 2009.

Bai 2.1; Dé thi chon hoc sinh gidi 16p 9 THCS; Moén Toan; Pé thi chinh thirc; S& Gido duc va Pao
tao Tinh Phu Yén; Nam hoc 2008 — 2009.

Bai 2.2; Dé thi chon hoc sinh gi61 16p 9 THCS; Mon Toan; Pé thi chinh thirc; S& Gido duc va Pao
tao Tinh Hoa Binh; Nam hoc 2008 — 2009.

Bai 2.2; Dé thi chon hoc sinh gi6i 16p 9 THCS; Moén Toan; Pé thi chinh thitc; S¢ Gido duc va Pao
tao Thanh phé Pa Nang; Nam hoc 2007 — 2008.

Bai 3; DPé thi chon hoc sinh gi6i 16p 9 THCS; Mo6n Toan; Dé thi chinh thirc; S& Gido duc va Pao tao
Tinh Quang Ninh; Nam hoc 2007 — 2008.

Trong mit phing véi hé toa do Oxy, O 1a gdc toa dd, cho cac dudng thang

d:y=ax+b (a:tO)
d:y=m(x—1)+2 ,
Ary=2x+1 (a, b, m 1a tham s0 thyc).

d,:(m-1)x+(m+1)y= 2(m2+1)

. Tim gia tri (hodc mdi lién hé) cta a va b dé dudng thing d théa man

a) Di qua hai diém (3;1) va (5:2).
b) Pi qua diém (-2 ;4) va Vuong gdc véi duong phan giac goc phan tu thir nhat.
¢) Song song véi duong thing y=(10a—1)x+2a-5.

d) Cit truc tung tai diém co tung do 16n hon »°.

. Xac dinh cac s6 nguyén a va b biét duong thang da cho di qua diém 4 (4 ;3), cat truc tung tai diém

6 tung d6 12 mot sé nguyén duong, cat truc hoanh tai diém c6 hoanh d6 1a mot sé nguyén duong.

. Xét truong hop a=m—1;b=1, xac dinh m dé khoang céach tir gdc toa d9 dén duong thang d bang % .

Chung minh rang ho dudng thing d’ ludn di qua mot diém cd dinh véi moi gia tri ciia m. Hay tim
toa d¢ diém cé dinh do.

Tim m dé khoang céch tir gbc toa do O dén duong thang d’ 1a 16n nhat.

Tim toa do cac diém M trén duong thang Asao cho khoang cach tir diém M dén truc hoanh gép ba
lan khoang cach tir diém M dén tryc tung.

. Tinh khoang cach tir gbc toa d6 O dén dudng thang d, .
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Bai toan 88. Mo rdng va phat trién bai 2; Dé thi chon hoc sinh gioi 16p 9 THCS; Mén Toan; Dé thi chinh
thue; S& Giéooduc va Pao tao Tinh An Giar}g; Nam hoc 2005 - 2006. q
Trong mat phang véi hé toa do Oxy, O 1a goc toa dJ, cho ba duong thang
d:2x-y+3=0
d, 15x+3y+5=0
d,:3ax-3y+4a+15=0
Tim toa d6 diém 4 thudc duong thang d, biét 4 c6 hoanh d6 bang 1.
Tim toa d6 diém B thudc duong thang d, biét B ¢ tung do bang 0.
Tir}h dién tich tam giac OAZ? voiAvaB fr cac muc 1, 2. i
Viét phuong trinh duong thang di qua goc toa do va song song voi duong thiang d, .
Viét phuong trinh duong thang di qua gdc toa do va vudng goc vai dudng thang d, .
Tinh di¢n tich tam giac tao bo1 dudong théng d, vo1 hai truc toa do.
Tinh khoang cach tir gbc toa d6 O dén dudng thang d,.
Tim diém C trong mit phang toa do sao cho doan thang OC nhan duong thing J, 1am truc ddi xing.
Tim toa d6 diém L ddi ximg véi diém K (3;2) qua duong thang d,.

WX NN AW =

10. Tim toa d9 diém D (x;y) thudc duong thing d, thoa man x* +y—4 = 243x" —5x> +5x 2.
11. Tim toa o diém E (x;y) thugc duong thang d,sao cho 3x* +3y> =10xy.
12. Tim toa 9 diém G (x;y) thudc duong thang d, sao cho biéu thire S = x* + x + y dat gia tri nho nhét.
13. Tim diém F (x ;) trén d, sao cho biéu thirc 0 = % dat gia tri 16n nhat, gia tri nho nhat.
14. Tim a dé ba dudng thang da cho c6 mot diém chung.
15.Vé1 gia tri cua a vura tim, hdy tinh chu vi va dién tich cia tam giac tao bé1 d, véi cac truc Ox, Oy.
16.Diém M (x3) [trong mat phang toa do duoc goi la diém nguyén khi x va y déu 1a cac sé nguyén.
Chimg minh rang trén duong thiang d khong ton tai diém nguyén.
Bai toan 89. L1\en hé, két hop, mo rdng va phat trién cac bai toan .
» Bai 4; bé thi chon hoc sinh gidi 16p 9 THCS; Mon Toan; D¢ thi chinh thirc; S& Gido duc va Pao tao
Tinh Qua}ng Ninh; Nam hoc 2006 — 2007. .
» Bai3; f?é thi chon hoc sinh gidi 16p 9 THCS; Mon Toan; D¢ thi chinh thic; S¢ Gido duc va Pao tao
Tinh Dong Nai; Nam hoc 2006 — 2007. 7
Trong mat phang voi hé toa do Oxy, O 1a goc toa dJ, cho cac dudong thang
A:y=3x-m-1
[:y=2x+m—1
d:y=2x-3
d,:y=4x+5
Trong do 4, cét truc hoanh, truc tung lan luot tai B,0; d, cét truc hoanh, truc tung lan luot tai 4,0, ; hai
duong thang cat nhau tai Q.
1. Chung minh néu mot tam giac c6 cac goc «, 5,y ma trong d6 mdt goc la goc tu thi hai géc con lai la
gdc nhon.
2. Ching minh Q/Z—/E la gbc nhon, tir d6 suy ra QI/Q\Q2 la gbc nhon (dya trén 04Bla goc tu hodc dinh 1y
goc ngoai cua tam giac AQB).
3. Tim toa d¢ cac diém B,Q,, 4,0, .

(m 13 tham sé thuc).
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4. Tinh chu vi va dién tich t giac A0 B0, .
5. Viét phuong trinh duong thang di qua diém (— 4;1) va vudng goc v6i dudng thang d, .
6. Viét phuong trinh duong thang di qua diém (- 6;2) dong thdi cit dudng thing d, tai diém cé tung
do béng 0. ’ ’ 7
7. Tim diém D do61 xing véi goc toa d§ O qua duong thang d, .
8. Vi gia tri nao ctia m thi duong thing Asong song véi duong thing y =3x—2m?* ?
9. Vi gia tri ndo ciia tham s m thi duong thang / cit dudng thing d,tai diém K (x;y), trong d6 biéu
thire S =x*+ 3% +2x+ y+1dat gia trj nho nhat.
10. Chirng minh rang khi m thay doi, giao diém cta d,,d,luén nam trén mot dudng thang ¢ dinh.
11. Tim toa d¢ diém E (x;) thuge duong thang d, sao cho [2x—11]" +|y 9" =1.
L
4x+5 Jz —y?
13.Tim toa d¢ diém G (x;) thudc duong thang d, dé biéu thic P = \/x2 —y-1 +\/x2 —2x—y+2dat gia
trj nho nhat. Tim gia tri nho nhat ay. . q
Bai toan 90. Mo rong va phat trién cau 3 ; bé thi tuyén sinh 16p 10 THPT; Moén Toén (Danh ‘cho cac thi
sinh dy thi mon chuyén Khoa hoc Ty nhién); D€ thi chinh thire; Truong THPT Chuyén Lé Hong Phong;
Thanh pho Nam Pinh; Tinh Nam Dinh; Nam hoc 2004 — 2005. q
Trong mat phang véi hé toa do Oxy, O 1a goc toa dJ, cho cac dudong thang
d:y=2x+2
dy:y=—x+2 (m 1a tham s thue).

=2.

12. Tim toa do diém F (x;y) trén duong thang d, sao cho

d,:y=mx
Tim toa do céc giao diém 4, B, C theo thir ty cua d, v61 d,,d voi trye hoanh va d, véi truc hoanh.
Tim tat ca cac gia tri m sao cho d, cit ca hai dudng thing d,va d, .
Tim tat ca cac gia tri m sao cho d, cit ca hai tia 4B va AC.
Tinh dién tich tam giac tao boi dudong théng d, v61 hai truc toa do.
Gia st K va L 1a cac diém nam trén d, c6 hoanh do lan luot 1a +/3,/5. Tinh d6 dai duong cao OH
cua tam giac OKL. 7
6. Xét tam giac (X) tao boi dudng thang d, voi hai tryc toa d§. Tim ban kinh R cia duong tron (C)
ngoai tjép tam giac (X).
7. Xétdiem N (4;1). q ‘
a) Viét phuong trinh dudng thang di qua N dong thoi song song voi d, .

L ol ol S Al

b) Tim toa do diém M dbi xtimg voi diém N qua duong thing d, .
¢) Pudng thang ON cit d, tai P. Tinh do dai doan thang NP.
8. Xét cac diém D (1;0) va E (3;0). Ton tai hay khong diém F trén dudng thang 4, sao cho tam giac
DEF la tam giac vuong tai F' ?
9. Chimg minh ring dudng thang 4, va @6 thi ham s6 y =|x+3|+|2x+5|c6 duy nhat m¢t diém chung.

10. Tim toa do diém S (x;y) thue d, sao cho biéu thirc \/x* +3x+2y nhan gia tri nho nhét.

11. Tim toa @6 diém G (x;y) thudc d,sao cho \/12—% +\/4x2 —% = (y—2)2 .
x x

12. Tim toa d9 diém Q (x;y) thudc &, thoa man hé thirc x+4,/5—y +(x+y)vV3-2x =11.
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Bai toan 91. M6 rong, lién hé va phat trién céc bai toan
o Bai II; Dé thi chat lugng hoc ky I; Mén Toan; Lép 9; Truong THPT Chuyén Ha Noi — Amsterdam;
Quan Cau Gidy; Thanh phé Ha Noi; Nam hoc 2016 —2017.
o Bai 3; Dé thi chét lugng hoc ky I; Mén Toan; Lép 9; Phong Gido duc va Pao tao Quan Ba Binh;
Thanh phd Ha Néi; Nam hoc 2016 — 2017; Ngay thi 15.12.2016.
Trong mit phang véi hé toa dd Oxy, O 1a gdc toa dd, cho cac duong thang
(d):y z(m2 +1)x+m—2
(d"):y=(m-1)x+m  (v6im la tham s thyc).
A:y=2x-3
1. Tim toa d6 diém M nam trén duong thang Abiét M c6 tung d6 bang 10.
2. Khi m=1, v& dudng thang (d) va tinh dién tich tao boi dudng thang (d) va hai truc toa do.
3. Tim céc gia tri m dé dudng thing (d):
a) Pi qua diém M (0;5).
b) Song song vdi duong thang A.

¢) Vudng goc v6i dudng thang /:y = mz—\/glx +5.
m’ +

d) Cit truc tung tai diém c6 tung d¢ 16n hon — 6.
e) Cit duong thing y =7x-2 tai diém c6 hoanh do bang 1.
f) Dong quy v6i hai duong thang d,:y=5x; d,:y=8x-3.
4. Tim céc gia tri m dé dudng thang (d) cit cac truc Ox, Oy lan lugt tai 4, B sao cho tam gidc OAB
vudng can.
5. Chiing minh ring hai duong thang (d),(d')khong thé cit nhau véi moi gié tri cla tham sé m.
6. Tinh khoang cach tir gc toa 46 O dén dudng thiang A.
7. Xeét diém P (4;1), tim toa do diém N (x;) thudc dudng thang A sao cho do dai doan thang NP ngan
nhat.
8. Viét phuong trinh dudng thang di qua gbc toa dd O va vudng goc véi duong thang A.
9. Tim toa d¢ diém cd dinh ma dudng thing (d') ludn ludn di qua véi moi gia tri ctia tham sb m.
10. Trong truong hgp d', A song song véi nhau:
a) V& hai duong thing trén cing mot mit phing toa do.
b) Tinh khoang cach giita hai duong thing trén.
11. Véi gia tri ndo cia m thi A cdt duong thang o:y =5mx -7 tai diém P (x;y) thoa méin diéu kién: Biéu
thire S =x° +3xy+ y? dat gia tri nho nhét ?
12. Tim anh O’ cua gbc toa d6 O qua phep d6i ximg truc A.
13. Viét phuong trinh dudng thang d01 xtng v6i duong thang A qua truc di xtng 1 truc hoanh.
Bai toan 92. M6 rong, lién hé va phat trién céc bai toan
o Bai 3; Pé thi chat luong hoc ky I; Mon Toén; Lop 9; S& Gido duc va Pao tao Tinh Théi Binh; Nam
hoc 2016 — 2017; Ngay thi 26.12.2016.
o Bai 3; DPé thi chat luwgng hoc ky I; Mon Toan; Lop 9; S& Gido duc va Pao tao Tinh Nam DPinh; Nam
hoc 2016 — 2017; Ngay thi 26.12.2016.
Cho hai ham s
y=(2-m)x+m-1 (1 o B
(voi m 1a tham sé thyc).
y=2x+m-1 (2)
1. Tim gia tri ctia m dé ham s6 (1) :
a) Laham s bac nhit, dong bién trén R .
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b) La ham s6 hang.
2. Ching minh ham s6 (2) dong bién trén R bang dinh nghia.
3. Tim gié tri caa m dé do thi ham s6 (1) :
a) Pi qua diém P(l;m2 )
b) Khéng di qua diém O (3;8).
¢) Song song vo61 duong phan giac goc phén tu thu I1.
d) Vuong goc voi duong thang di qua hai diém M (1; :2), N (3:5).
e) Cat duong thang y = —2x+3 tai diém c6 hoanh d9 bang 2.
f) Cit tryc hoanh tai diém c6 hoanh d¢ 16n hon 5.
g) Cit tia Oy.
h) Tao voi hai tryuc toa dg mot tam giac vuong co ty 1€ gitra mdt canh gbc vudng va canh huyén
1a 0,6.
1) Tao véi hai tryuc toa do mot tam giac co6 dién tich béng 2.
4. Tim diém c6 dinh ma d6 thi ham s6 (1) luén di qua voi moi gia tri ctia tham sé m. Tinh khoang céch
tur géc toa d0 O dén diém cb dinh do.
5. Tim m dé db thi cua ham sb (2):
a) Cat do thi ham sb y = x+1tai diém nam trén truc hoanh.
b) La truc ddi ximg cua doan thing 4B, trong d6 4 (2;4), B (4:3).
¢) Tao véi chiéu duong truc Ox mot goc luong gidc o> 60°.
d) Cat duong thang /: y = 5—2x tai diém L (x;y) sao cho T = \/; ++/2x+3 dat gia tri 16n nhat.
2 2
(2x+m)(x 4y +3) dat
y+1

e) Cat duong thang A:y=3—xtai diém K (x;y) sao cho biéu thic § =

gia trj 16n nhat.
6. Tim m dé d6 thi ciia ham s (2) tiép xtic v6i dudng tron tim O, ban kinh R =+/5.
7. Tim m dé db thi caa ham sb (2) cit duong tron (C) tim O, ban kinh R =210 tai hai diém H, K sao
cho tam giac OHK c6 dién tich 16n nhat.
Bai toan 93. M6 rong, lién hé va phat trién céc bai toan
% Bai 2; Phan II; Pé thi chét lugng hoc ky I; Mon Toan; Lop 9; S& Gido duc va Pao tao Tinh Thai
Binh; Nam hoc 2010 — 2011.
< Bai 2; Pé thi chat lugng hoc ky I; Mon Toan; Lép 9; Phong Gido duc va Pao tao Thanh phd Thai
Binh; Tinh Thai Binh; Nam hoc 2004 — 2005.
Cho hai duong thing
y =(m—2)x+n (A),m #2
y=x+3a+5 (d)
1. V¢ hai duong théng trén cung mQt mat phéng toado khi m=3;n=1;a=1.
2. Chimg minh bang dinh nghia: Ham s6 ¢6 d6 thi () 1a ham s6 dong bién trén R .
3. Tim gia tri cha m va n dé dudng thang A thoa min
a) Di qua hai diém 4 (- 1;2), B 3;- 4).
b) Song song v&i dudng thang 2y =1-3x.

(m, n, a la tham s6 thyec).

¢) Vudng goc voi duong thang y=(m—4)x+8.
d) Trung véi duong thang y+2x-3=0.

e) Cit truc tung tai diém c6 tung d6 16n hon »*.
f) Tiép xtic véi parabol (P):y=2x".
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4. Tim gia trj cta a sao cho dudng thang (d) théa man didu kién
a) Piqua diém C (2 ;10).
b) Khéng cit tia Oy.
¢) Cit truc hoanh tai diém E nim gitra hai diém G (2;0), H (- 3;0)
d) Catdudng thang y=2-2xtai diém D (x;p) théa man x* + y* =40,
e) Cat duong thang y =3x—1tai diém K (x;») sao cho 10x> — y* —3bé nhit.
) Tiép xuc véoi duong tron (C) ¢6 tim O, ban kinh R =42
g) Cat duong tron (C) tim O, ban kinh R = /3 theo mot day cung c6 do dai /=2.
5. Xét hinh thoi (7) tim O, hai dudng chéo MN, PQ ¢6 do dai lan lugt 1a 4 va 5, MN = Ox,PQ = Oy .
Tim tit ca cac gia tri cua a dé duong thang (d) co it nhat hai giao diém vé6i hinh thoi (7).
Bai toan 94. Mo rdng, lién hé va phat trién céc bai toan
% Bai 2; Phan II; Dé thi chét lugng hoc ky I; Mon Toan; Lop 9; So Gido duc va Pao tao Tinh Thai
Binh; Nam hoc 2007 — 2008.
% Bai 2; Phan II; Dé thi chét lugng hoc ky I; Mon Toan; Lop 9; S6 Gido duc va Pao tao Tinh Thai
Binh; Nam hoc 2008 — 2009.
% Bai 2; Phan II; Dé thi chét lugng hoc ky I; Mon Toan; Lop 9; So Gido duc va Pao tao Tinh Thai
Binh; Nam hoc 2011 —2012.
< Bai 2; Phan II; Dé thi chét lugng hoc ky I; Mén Toan; Lép 9; Phong Gido duc va Pao tao Thanh
phd Thai Binh; Tinh Thai Binh; Nam hoc 2006 — 2007.
Cho cac ham sb bac nhat
y=(1=V3)x-1 (1)

y :§x+2 (2)
Ham s6 (1) 12 ham §6 déng bién hay nghich‘bién trén R ? Vi sao ?
Chirng minh ham so6 (2) dong bién trén R bang dinh nghia.
Tinh gié tri ctia y 6 ham s6 (1) khi x=1++/3.
Xéc dinh ham sb bac nhit y = ax + b biét

-

a) Do thi ciia ham sb song song véi duong thang y = (1 -3 )x —1va di qua diém (—1;\/5 ) .

b) Do thi cua ham s cét truc hoanh tai diém cé hoanh do béng 1,5; cét truc tung tai diém co
tung do bang 3.
¢) Do thi ham sé song song vai dd thi ham sé (2) va di qua diém M (3;4).
d) D6 thi ctia ham s vudng goc véi do thi ham sb (2) va di qua gde toa do O.
e) Do thi ctia ham sd vuong goc voi dd thi ham sb (2) va tao voi hai tryuc toa do mot tam giac co
dién tich bang 10.
f) D6 thi ciia ham s6 di qua diém K (1;1) va song song v6i dudng thang y = -3x+2012.
5. V& d6 thi ham s6 (2). Goi 4 va B thir ty 1a giao diém cua dd thi ham sé (2) véi truc Ox va Oy. Tinh
dién tich tam giac OA4B.
6. Tinh khoang cach tu géc toa 30 O dén dd thi ham sb (2).
Tim toa d6 diém 7 trén do thi ham sb (2) sao cho d9 dai doan thing TE ngéin nhat, véi E (4;1).
8. Xétcac diém C (- 1;1), D (2 ;4).
a) V& duong thang CD.
b) Viét phuong trinh duong thang CD.
¢) Xac dinh d6 16m goc otao bai duong thang CD véi tia Ox.
d) Tim giao diém cta dudng thang CD véi do thi ham s6 (2).

~
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Bai toan 95. Mé rong va phat trién bai 3; D& thi chat lugng hoc ky I; Mén Toan; Lép 9; S& Gido duc va
Pao tao Tinh Théi Binh; Nam hoc 2014 — 2015.
Cho cac ham so

1.
2.

(98]

8.

y=—bx+m-1 (1)
y=(m—1)x+3m—ll (2)
Ham s6 (1) 12 ham s6 dOng bién hay nghich bién trén tap hop R ? Vi sao ?
Xac dinh ham s (1) biét rang d6 thi ham s6 (1) :
a) Diquadiém 4 (- 1;6).
b) Cetlt truc tung }ai diém c6 tung do {Gn hon 8. .
¢) Cat duong thang y =—6x+5tai diém c6 hoanh d¢ bang 1.
d) Cit truc hoanh tai diém K (x;) sao cho K nam giira hai diém C (1;0) va D (7;0).

(m 13 tham s thuc).

e) Chan trén hai truc toa 6 mot tam giac co dién tich b'img % .

f) Tao véi hai truc toa o mot tam gidc c6 do dai ban kinh dudng tron ngoai tiép la R= @ .
Vié::t phuong trinh duong theing A di qua diém (5;2) va vudng goc voi dd thi ham sd (1). 7
Viét phuong trinh duong thang song song voi do thi ham s6 (1) va cat duong thang PQ tai diém c6
tung do bang 10, trong d6 P(255), O (8:2).

. Vi gia tri ndo cua tham s m thi d6 thi ham s6 (1) 1a truc d6i ximg cia doan thang EF, trong d6 E

va Fcotoa dd: E (1;4) va F(7;5) ?

Tim m dé do thi ham sd (1) cat d thi ham s6 (2) tai diém M (x;y) théa man
a) M nam trén truc tung. Tim toa do diém do.
b) M c6 hoanh dd 16n hon 4.
¢) M nam phia trén truc hoanh.

, an Ky 2 2 sxs 2 24X L1s 1s £ & \ 2 1 1 . 42 .
. Xéc dinh tat ca cac gia tri cia m d€ do thi ham so (2) cat duong thang A:y =5x—?3tal diém c6

hoanh d¢ bang 3.
Tim tat ca cac gia tri cua m dé€ do thi ham sé (2) tao véi hai tryc toa do mdt tam giac vuong cé6 mot
g6c nhon 60°.

Bai toan 96. M6 rong va phat trién bai 2; Phan II; Dé thi chat luong hoc ky I; Mon Toan; Lép 9; S¢ Gido
duc va DPao tao Tinh Thai Binh; Nam hoc 2012 — 2013.
Trong mit phang véi hé toa dd Oxy, cho dudng thang (d): y=2x+3m—4, véi m 1a tham so.

1.

2.

Trong truong hop m=1.

a) V& duong thang (d).

b) Tinh khoang cach tir gdc toa dd O dén (d) khi do.
Tim m dé duong thang (d) thoa man

a) Di qua diém (5;2).

b) Bi qua diem M (m’:1).

¢) Song song v6i dudng thang y =2x+5m> —4.

d) Vudng goc véi dudng thing y =—mx+9+/2.

e) Cit truc hoanh tai diém co hoanh do 16m hon 1.

f) Cit truc tung tai diém N (x;») nam giita hai diém E (0;2) va F (0;6).

g) Cit duong thang y =2x—2 tai diém co tung do bang 0.

h) Tiép xuc véi parabol y=x>.
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3.

9]

Tim tét ca cac gi tri cia tham s6 m dé (d) tao vé1i hai truc toa do mdt tam giac vuong OCD, trong do

duong cao ha tir O cua tam giac OCD c6 d¢ dai 7= %
Xac dinh m sao cho dudng thang (d) céch déu hai diém P (3;1) va Q (11:7) ?

Vi gia tri nao cua m thi (d) 1a truc doi xtimg cua doan thang 4B voi 4 (1:3), B (3;2) ? 7
Chirng minh rang giao diém cua (d) va duong thang y =5x—2m+61ludn nam trén mot dudng thang
6 dinh khi m thay d6i. Tim dudng thang ¢6 dinh do.

. Tén tai hay khong cac gia tri m dé dudng thang (d) chira mdt trong cac duong kinh cua dudng tron

ngoai tiép tam giac XYZ, trong d6 X (1;0), ¥ (7;0), Z (5:4) ?

. Xét dudong thang A:y=-3x+1-2m. Tim m dé (d) cat Atai diém K (x;) thoa man diéu kién

a) K cg tung do thugc doan [3;17].

b) K nam vé phia dudi truc hoanh.

¢) K nam trén duong thang 7x—2y=0.
d) K nam trén duong parabol y=-2x>.

e) Dg dai doan thang OK ngin nhat. )
f) Biéu thic T =xy+ x+ ydat gia tri 16n nhat.

g) K nam trén duong tron tim O, ban kinh /5 .

Bai toan 97. Mé rong va phat trién bai 3; D& thi chat lugng hoc ky I; Mén Toan; Lép 9; S Gido duc va
Pao tao Tinh Thai Binh; Nam hoc 2015 — 2016.
Cho hamsb y=f(x)=(m-1)x+m (1), m 1a tham s4 thyc, dd thi la duong thing (d), O 1a goc toa do.

1.
2.

3.

Tim m & ham s6 (1) nghich bién trén tap sé thuc.
Tim m sao cho f(3)-f(2)+ /(£ (1))=10.
Xac dinh gia tri cua tham s6 m sao cho
a) (d) di qua diem S (3;2m). q
b) (d) song song voi dudong thang 2y =x—1.
¢) (d) vudng goc véi duong thing y =—2x++/2017 .
d) (d) cit tia Oy.
e) (d) cat truc hoanh tai diém A c6 hoanh d§ x=2.
f) (d) cat dudong thang y =—2x—1tai diém B ¢6 tung d6 bang — 7.
g (d)la tlep tuyén ctia duong tron tim O ban kinh bang /2 .

Tim diém co dinh ma céc duong thang (d) luén ludn di qua khi m thay ddi. Tinh khoang cach tir O
dén diém cb dinh do.

. Tim tét ca cac gia tri cia m dé dudng thflng (d) tao voi hai truc toa dQ mdt tam giac vuong théa man

a) Dién tich bang 2,25.
b) Dién tich bang 10m*> (m>0).

¢) Chiéu cao img voi canh huyén bang ¥ .
d) Hai canh goc vudng bang nhau.
e) Co6 mot goe nhon a=60".
Tim gia tri cua tham sé m dé (d) cach deu hai diém C (3;9) va D (1; 19).

. Xac dinh gia tri m dé dudng thang (d) cit duong thang y = 2x—1tai diém M (x;») sao cho

a) M nam trén dudng cong (P):y = x> —2x+3.

b) Biéu thirc 7 =3x? + y* + 4x -2y dat gia tri nho nhat.
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Bai toan 98. Trong mit phing véi hé toa do Oxy, O la gbc toa do, xét cac diem 4 (0;1), B (1;3), C (2;7), D
(0;3), E (4;0) va dudng thing (d): y=(3m—2)x—2m.

1.
2.

9]

8.

9.

V& duong thang (d) trong truong hop m=2 .
Tim m dé duong thang (d) thoéa man
a) Pi qua diém (=5;1).
b) Co6 tung dg goc bang 7.
) Cét truc hoanh tai diém c¢6 hoanh d6 béng 4,
d) Cit tryc tung tai diém c6 tung do 16n hon 5.
e) Song song véi dudng thang y=(1-3m)x++/3.

f) Vuéng goc véi duomg thing y=22"1+6 .

NG

. Gia st M, N theo thir ty 12 céc giao diém cua duong thang (d) véi hai truc Ox, Oy (M, N khéac gbc

toa d9). Tim gia tri cia m sao cho
a) Tam gidc OMN cé dién tich bang 2.
b) Tam gidc OMN c6 ty 1€ dd dai cac canh 1a 1:4: J17.
¢) 30" <OMN <60’
Tim diém c6 dinh ma duong thang (d) luon luon di qua véi moi gia tri cua m.
Khi m thay ddi, tim khoang cach xa nhat tir gc toa dd O dén duong thang (d).
Xét dudng tron (C) tam O, ban kinh R =2. Tim gia tri cia m dé
a) (d) cit (C) theo mdt day cung c6 dé dai 16n nhat.
b) (d) cét (C) theo mdt day cung co6 d¢ dai bang 242
¢) (d) cat (C) tai hai dlem phan biét P, Q sao cho tam giac OPQ c6 dién tich lon nhat.

. Véi gid tri ndo cua tham sb m thi dudng thang (d) cit dudng thang 5x— y =1tai diém R (x;) sao cho

biéu thirc S =5x>— y* +1dat gia tri 16n nhét ?

Tim toa do trung diém cua cac doan thing OD, OE, DE. Tur d6 viét phuong trinh hai trong ba
duong trung tuyén cua tam giac ODE.

Tim toa do trong tdim G cua tam giac ODE.

10. Chung minh tr gidc ABCD 1a hinh thang. Tinh di¢n tich hinh thang ABCD.

11. Tim toa d6 diém F sao cho t& giac ABDF 1a hinh binh hanh.

12. Tim toa d6 diém K trén truc hoanh sao cho tong d6 dai 4K + BK ngin nhat.

13. Tim tap hop céc diém L trong mit phang toa do sao cho tam giac BCL cén tai L.

14. Tén tai hay khong diém J thudc truc hoanh sao cho tam giac ABJ vudng tai J ?

15. Viét phuong trinh dudng théng A di qua diém B, A cit hai truc toa do tai U, V sao cho diém B chia

trong doan thang UV theo ty so 1:2.

Bai todn 99. Cho ham s6 bac nhét y = f(x)=(3-2v2)x+42-1 (D).

N 0 LD =

Xét tinh dong bién, nghich bién trén R ctia ham sé (1).

Tinh gié tri ciia y khi x=3+2+2.

Tinh f(l—ﬁ)+f(1+ﬁ).

Tim tat ca cac gia tricuax dé y=0.

So sanh f(\/2015),f(\/2016—1).

Xét cac diém A(l;2—\/§),B(2;5—3\/5),C(3;8—5\/§),D(4;11+7\/§), diém nao thudc d6 thi ham sd

da cho ? Visao ?
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7.
8.

9.

Timx dé f7(x)=6-4v2.
Timxdé f(x+1)=2.
Xétham s6 g(x)=(1++2)x. Chimg minh ham s6 f (x)+g(x)1a him s déng bién trén R.

10. Tim toa d6 diém K (x;) trén do thi ham sb c6 hoanh d¢ thoa min dang thic

Nx=T7+J9-x=x*—16x+66.

Bai todn 100. Cho ham s6 bac nhit y = f(x)=(6-3a)x+a-6 (1); a 1a tham sd thyc.

1.

Tim gia tri cta a dé ham sé (1) thoa man
a) Laham s6 dong bién trén tap so thuc R.
b) La ham sé nghich bién trén tap sb thuc R.
¢) La ham s6 hang.

. Gia st f(2)=0, khi d6 ham s6 (1) dong bién hay nghich bién ? V& d6 thi ham s6 (1) véi a vira tim

duoc.

3. Xét tinh don diéu ctia ham s6 (1) trong truong hop f(~1) =

N L

Xét a<2va 1<x<2 (xe[1;2]). Khidé gia tri 16n nhét va gia tri nhé nhét cia ham s (1) trén doan

[1;2] duoc ky hi¢u lan luot nhu sau
Maxf(x) ;Minf(x)
xe[1;2] xe[1;2]
Tim a sao cho Max f (x) +Min f (x)=a’.
xe[1;2] xe[1;2]
Tuy theo gi tri cla a, tim theo a gia tri 16n nhat va gia tri nhé nhat ctia ham s (1) trén doan [1;2].
Tim theo a gia tri 16n nhét ctia ham s6 (1) trén doan [0;a).

. P4 thi ham s6 (1) 1a mot dudng thing (d). Tim a dé dudng thang (d) théa man

a) Di qua diém (5 ;1). ‘
b) Vudng goc voi duong phan giac goc phan tu thu I1.
¢) Song song véi duong thing y=(10—a)x+8.

23

d) Trung véi duong thang y = —%x e

e) Cit tryc tung tai diém c6 tung d6 16n hon 11.

f) Pong quy voi hai duong thang y =3;y =5x —%.

Bai todn 101. Xét ham s6 f(x)théa man f(x—1)=3x-5.

5.

1. Chimg minh ring £ (x)la mot ham sd bac nhat, tim ham s6 d6.
2. Tinh £(0)-2/(1)+3/(~2).

3.

4. DO thi ham sd f(x)la mot duong thang (d).

Chiing minh ham s6 & (x)= f(x2 + 1)— f(x2 +3x)+ f(x)1a mot ham sé nghich bién.

a) Tim giao diém cua (d) voi hai truc toa do.
b) Tinh dién tich tao boi dudng thing d véi hai truc toa do.
¢) Tinh goc hop boi (d) vai tia Oy.
d) Tinh khoang céch tr goc toa 46 O dén dudng thang (a).
e) Tinh khoang cach tir diém (5 1) dén duong thang (d).
Tim diém M (x;») thudc duong thang (d) sao cho biéu thitc P =3x>+2)* +1dat gia tri nho nhét.
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8.
9.

X +2x—y—

(x=1)°

Tim diém N (x;y) thudc dudng thing (d) sao cho biéu thirc S = dat gia tri nho nhat.

. Xét ham sb g(x)=ax+bthéaman g(1)<g(2),g(5)=g(6),g(2015)=2016.

So sanh g(2016)va f(673).
Giai phuong trinh f(x)=+7x-1-4x+1.
Xétham s6 /(x)=x’ —2x+3. Ching minh ring ham s6 4(x)+ f(x)1a ham s don diéu.

10. Xét hai diém 4 (1;0) va B (5;3). Tim toa d9 diém C nam trén dudng thang (d) sao cho tong khoang

cach AC + BC dat gia tri nho nhat.

Bai toan 102. Trong mat phéng vo1 hé toa d§ Oxy,cho céc diém 4 (0;4), B (3;4), C (3;0).

1.

Nk wW

Viét phuong trinh duong thing (d) di qua 4 thoa man ting truong hop
a) Song song v4i dudng phan giac goc phan tu thir nhat.
b) Vudng goc véi duong phan giac goc phan tu thir hai.
¢) Cit truc hoanh tai diém c6 hoanh d6 bang 4.
Tim x sao cho cac diém 4, C va E (6;x) thang hang.
T gidc OABC 14 hinh gi ? Vi sao ?
Tinh dién tich tir gidc OABC.
Tim tap hop cac diém K sao cho tam giac ABK can tai K.
Viét phuong trinh duong thang di qua gdc toa d9, chia tir gidc O4BC thanh hai phan, trong d6 dién
tich phan chira diém 4 gap ddi dién tich phan chira diém C.

7. Viét phuong trinh duong thang di qua diém (3;1) va cach déu hai diém 4 va C.

8.
9.

Tim toa d6 diém D 1a chan duong phan giéc trong goc BOC clia tam giac BOC.
Tim toa do trung di€m cua cac doan thang AB, BC, AC, tur d6 tim toa do trong tdm G cua tam giac
ABC.

10. Tim toa dd diém E sao cho CAEB 1a hinh binh hanh.

11. Tam giac MNP nhan 4, B, C la cac trung diém. Tim toa do cac dinh cua tam giac MNP.

12. Tim toa d6 diém 7 trén truc hoanh sao cho téng cac khoang cach tir 4 va B dén T 1a ngan nhat.

13. Viét phuong trinh duong théng di qua diém B sao cho duong thang d6 cét truc tung tai diém co tung

dd 1a mot s6 nguyén dwong, cit truc hoanh tai diém c6 hoanh d¢ 1a mot so nguyén duong.

14. Viét phuong trinh dudng thang di qua diém B sao cho duong thiang do cat tryc tung tai diém c6 tung

do 1a mot so nguyen dwong, cit truc hoanh tai diém c6 hoanh do 1a mot sé nguyén td.

Bai toan 103. Cho ham sb y = f(x ):\/x +2x+1—x’ —2x+1.

ol ol A

Lap bang xét ddu theo ting khoang xac dinh dé don gian ham s di cho.
Vé d6 thi ham so da cho.

Tim gia tri 16n nhat va gia tri nhé nhat ctia ham so trén R.

Chimg minh rang phuong trinh f (x)=—/5 vd nghi¢m thyc.

Tim gié tri lon nhat va gia tri nho nhét ctia ham sd trén doan {—%%} .

Xét ham s& y = ax +b théa man céc tinh chat g(3)<g(l)<g(2)va g(4)=2.

So sanh f(x/201 )va g(x/2015).

. Xét duong tron (C) tam 7 (2;0), ban kinh R. Tim gia tri cua R dé (C) va d6 thi ham s f(x)cé it

nhat mot diém chung.

. Str dung d0 thi, hdly tim s6 nghiém thyc ¢t phuong trinh f/(x)=|x|.
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9.

Chimg minh rang phuong trinh f(x)=|x|-x ¢6 nghiém duy nhat.

10. Xét dudng thing d:y=-2x+6. Gia sir (X) 1a hinh phing tao boi dudng thang d, truc hoanh va do

thi ham s6 f(x).
a) Hinh phang (X) 1a hinh gi ? Visao ?
b) Tinh dién tich hinh phang (X).

11. Tim tt ca cac gia tri cia m dé phuong trinh f (x)=2m—7 c6 nghiém.
Bai todn 104. Xét ham s6 y = £ (x) =]

1. Tinh f£(3)-£(1)+£(2).
2. V&b thi ham sé f(x).
3.
4

. Tim toa d9 cc giao diém 4, B clia duong thing y =2 véi d6 thi ham s6 £ (x).

Tim m dé phuong trinh f (x)=m—7c6 nghiém.

Tam giac OAB 1a tam giac gi ? Tinh chu vi va dién tich cia tam giac OA4B.

Goi (d) 1a duong thing di qua gdc toa dd va diem 4(0;-2,5). Tim toa d¢ giao diem cua (d) va do
thi ham s f(x).

Xét duong tron (C) tam 7 (- 2;0), ban kinh R. Tim mién gia tri cua R dé duong tron (C) va dd thi
ham sé f(x)c6 it nhat mot diém chung.

7. Xéthamsd g(x)=ax+bthéaman g(2)<g(3)<g(4)va g(2015)=2015. Tinh g(1)- £ (1).
8. Lay ddi xtmg d6 thi ham s6 £ (x)qua truc hoanh, két hop d6 thi ham s6 £(x)ta thu duge dd thi (X).

Bai todn 105. Cho ham s6 f(x)=y :{

Lok Wb~

Gidi han d6 thi (X) boi cac duong thang x=2;x=-2;y=2;y =-2ta dugc d6 thi (¥). Tinh tong do
dai céc canh va duong chéo cua (Y).

2|x + 2| ;x<0

—2x+4 ;x>0

Tinh /(£ (1)) =/ (£(-3))+/(2).

Don gian ham sé £ ().

Xét cac diem (- 3;2), (0;4), (4;—4), (1;2). Nhitng diém nao thudc @6 thi ham s f(x) ? Vi sao ?

V& @6 thi (G) ctia ham s6 £(x).

Gia dy t6n tai ham sd g(x)=a’x+bthoaman g(4)<g(2)<g(3)va g(2015)=2015.

Tinh T=f[g(2016)]+g[f(\/m)]

6. Giai phuong trinh f(x)=+/x-1.
7. Tim khoang gia tri cia m d€ phuong trinh f (x)=m—1c6

8.
9.

a) 1 nghiém.

b) 2 nghiém.

¢) 3 nghiém.
Tinh dién tich hinh phing gi6i han béi db thi (G) va duong thang y=2.
Xét duong tron (C) tam 7 (- 2;0), ban kinh R. Tim mién gia tri cuia R dé duong tron (C) va do thi
(G) c6 it nhat mot diém chung.

10. Tim trén @6 thi (G) cac diém K (x;y) thoa man hé thirc x> + f (x)=3+3x-1.
11. Tim tat ca cac diém nguyén L (x;y) trén do thi (G) biét —1<x<4.
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m(x—Z)

Bai todn 106. Cho ham s6 y=2(m—1)x+ =
—

(m 13 tham s thuc).

Pon gian ham sb da cho theo m.

Tim cac gia tri cua m dé f(x)<0,vxe(0;1).

Tim céc gia tri cta m dé do thi ham s cit truc hoanh tai mot diém cé hoanh d thude khoang (0;1).
Tim m dé do thi ham s cit truc hoanh tai mot diém nam trong khoang (1;3).

Gia du ton tai ham sé g(x)=da’x+bthoa man g(6)<g(2)<g(4)va g(2015)=—1.

So séanh g(\/2017)ve‘1 f(lj

Bai todn 107. Cho ham s6 y = f(x) =|x|+ |x+1|+|x+2|

Lap bang xét dau dé don gian ham s6 da cho.

V& d6 thi (G) cua ham so da cho. ’ )

Tim cac khoang dong bién, khoang nghich bién cua ham so.

Dya theo d6 thi (G), bién luan s6 nghiém cta phuong trinh £ (x)=

N W=

ok wb =

Xét ham sb g(x)=ax"—bx’ +x+3v6ia va b la cac hang s6 dong thoi g(x)théa man g(2)=17. So

sanh f(-2),g(-2).

Xét ham s6 /(x)théa man phuong trinh /(x+1)=x*—2x+3. So sénh %(10), £ (10).

7. Xét duong tron (C) c6 tam la gdc toa d9, ban kinh R. Tim mién gia trj ciia R dé dudng tron (C) va
do thi (G) c6 it nhat mot diém chung.

8. Su dung dd thi (G), tim sd nghiém thyc ctia phuong trinh f(x)= |1 + 2x|

o

9. Sir dung d6 thi (G), tim s6 nghiém thuc ciia phuong trinh x> + /2 (x)=1
10. Tinh dién tich hinh phang gi¢i han bai d6 thi (G) va dudng thang y :%

11.Xét diém M (=2 ;0). Tim toa do diém N thudc (G) sao cho tam gidc OMN cén tai N.
12.Gia sir K 1a diém c6 tung do thap nhat cia d6 thi (G). Tim toa do hai diém 7, J thudc (G) sao cho
K1J 1a tam giac déu.
13. Tim toa d6 diém T thuéc db thi (G) sao cho d6 dai doan thang OT ngan nhat.
Bai toan 108. Cho ham s6 y = f(x) =|x|-2
Lap bang xét ddu dé don glan ham s6 da cho.
V& d6 thi (G) ctia ham sé da cho.
Tim khoang ddng bién, khoang nghich bién ctia ham s6 di cho.
Dya vao d6 thi (G), bién lugn theo tham s6 m s6 nghiém ctia phuong trinh |x|=m—9.

“woh Wb =

Tim toa d6 hai diém M, N thudc (G)saocho M va N ddi xrng voi nhau qua truc tung, d6ng thoi do
dai doan thing MN béng 4.
Tinh dién tich hinh phang gi6i han bai dd thi (G) va truc hoanh.
. Xet duong tron (C) c6 tam la gbc toa do, ban kinh R. Tim mién gia tri cua R dé dudng tron (C) va
dd thi (G) c6 it nhat mot diém chung.
8. Ton tai hay khong diém K (x;y) thudc db thi (G) thoa man dang thuc
—3x-1
X+ x+1 '
9. Chung minh dudng tron (C?) ¢é tim O, ban kinh R = 4 cat d6 thi (G) tai hai diém phan biét P va Q.
Tinh ty s6 dién tich hai phan hinh tron tao béi (C) va db thi (G).

~ o

y+|x 1|+|x 3|
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Bai todn 109. Mé rong va phat trién bai 2; Dé thi chon hoc sinh giéi 16p 9; Mon Toan; Dé thi chinh thirc;
S¢ Gido duc va DBao tao Thanh pho H6 Chi Minh; Nam hoc 1990 — 1991.
Cho ham sb y zf(x)zx/x2 —2x+1++/x> —6x+9.
1. Lép bang xét dau dé don gian ham s6 da cho.
V¢ do thi (G) cua he‘lm s0 da cho. ’ ) .
Tim gié tr1 16n nhat, gia tri nhé nhat cua ham s6 da cho trén mién [0;4].
Véi gid trinao cuax thi y>4?
Xét ham s6 u(x)théa man u(x—1)=+2x—x* . Chimng minh dd thi (G) va dd thi ham s u(x) khong
¢6 diém chung.
Xétham s6 g(x)théa man phuong trinh g(x-5)=2x-1. Giai phuong trinh f(x)=g(x).
Xétham s6 & (x)=ax’ +bx* +cx—5véi a, b, ¢ 1a cac hing s6 théa man & (-3)=208. Tinh f(k(3)).
Gia st (H) la 46 thi bidu dién cac diém L(m;4m—1). Tim toa d¢ giao diém cta (H) va (G).
Xét bon diém 4 (1;4), B (3;5), C (6;4), D (2;2).
a) Tu giac ABCD la hinh gi ? Tai sao ? ) .
b) Tinh ty s6 dién tich hai phan cua tir giac ABCD khi bi chia cat boi do thi (G).
10. Tim toa d§ di€ém K thudc do6 thi (G) sao cho do ’déli doan thang OK ngan nhat. . . )
11. Xét duong tron (C) duong kinh OT v6i O 1a goc toa dg, D (4;0). Chirng minh rang ton tai duy nhat
mdt diém J trén (C) sao cho tam gidc ODJ vudng tai J. ) .
12. Xét duong tron (C) C('; tam tr}ing véi tam cua (C), ban kinh R=4. Tinh ty s0 dién tich hai phan
hinh tron (C”) bi chia cat bai do thi (G).
13. Giai phuong trinh f(x)=2x—-4-+16-x" .
14.Tén tai hay khong diém K (x;y) thude dd thi (G) théa man déng thirc y=+2-x++/x ?

Bai todn 110. Xét ham sb y = £ (x) =¥ +/x* —2x+1.

Lap bang xet dau d@é don gian ham s6 di cho.

V& do thi (G) cua ham s6 da cho.

Tim gia tri l6n nhat, gia tri nho nhat cia ham s6 trén mién [ 2;2]
Bién luan theo tham s6 m s6 nghiém ciia phuong trinh £ (x)=3m-2.

théa man u(x—%j = ,/%+ x—x* ¢6 d6 thi (H). Tim s diém chung cua (G) va (H).
thoa man phuong trinh g(x—6)=2x-3. Giai phuong trinh f(x)=g(x).

ol ol 2

o 0 NS

ol ol S

9]

Xét ham sb u(x)
Xét ham sb g(x)
Xétham sb k(x)=a’x+4bthéa man k(10)<k(1)<k(2)va k(2017)=2016. Tinh f(k(2018)).
Xét dudmg tron (C) tim O, ban kinh R=2. Tim s6 giao diém ctia (C) va dd thi (G).
Xét cac diém 4 (— 2;0), B (0;3), C (3;0), D (2;0).

a) Chung minh 3 diém 4, B, C lap thanh mot tam giac. .

b) Do thi (G) chia tam giac ABC thanh hai phan, tinh ty s6 dién tich gitra hai phan do.

¢) Tim toa d§ di€m E thudc (G) sao cho tam gidc ADE vuong tai E.
x4 2xP 42
X +3x7 42

el e I

10. Tim toa d6 diém K (x;») thudc d6 thi (G) thoa min y =

11. Giai phuong trinh f(x)=6x-x"-5.
12.Gia sir M 1a diém c6 dinh ma dudng thing y =(m—3)x+m—>5ludn di qua véi moi gié tri cia m. Tim
toa do diém N trén do thi (G) sao cho do dai doan th'fmg MN ngén nhat.
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Bai toan 111. Cho ham s6 y =|x—1|+2[4|.

rall adl

A S

Lap bang xét dau dé don gian ham sé di cho.

V& d6 thi (G) ctia ham sé da cho.

Tim gia tri 16n nhat, gia tri nho nhét cia ham sb trén mién [— 2;2].
Bién luén theo tham s6 m s6 nghiém ctia phuong trinh f (x)=3m-2.

Xét ham sb u(x) thoa mén u(x—%j - /%+x—x2 . Chitng minh dd thi (G) va dé thi ham sé u(x) c6
duy nhat mot diém chung. Tim toa do diém chung do.

Xétham s6 g(x)théa man phuong trinh g (x—5)=23x-2. Giai phuong trinh f(x)=g(x).

Gia str (H) 1a d0 thi biéu dién cac diém L(m;4m—6). Tim toa d9 giao diém ctia (H) va (G).

Xét duong tron (C) tam O, ban kinh R =2 . Tim s6 giao diém cua (C) va db thi (G).

Giai phuong trinh f(x)=3x-1-v4-x".

10. Tim trén d thi (G) cc diém K (x;y) théa man y =+/1—+/y —Jx+1 .

Bai toan 112. Cho ham s y:f(x):2x—3|x—1|+|x—
e

NS LN R~

8.

9.

_3|

Pon gian ham s6 da cho.

V& d0 thi (G) cua ham s6 da cho. ) .

Tim gié tri 1on nhat, gia tri nhé nhat cua ham s6 trén mién [— 2;2].

Bién luan theo tham s6 m s6 nghiém cua phuong trinh £ (x)=m.

Xétham s6 g(x)théa man phuong trinh ham g (x—2)=5x—-6. Giai phuong trinh £ (x)=g(x).

Gia st (H) la 40 thi bidu dién céc diém L (m;5m—6) . Tim toa d6 giao diém cta (H) va (G).

Xét dudng tron (C) tam O, ban kinh R. Tim khoang gia tri cia R dé dudng tron (C) va dd thi (G) cb
it nhat mot diém chung.

Chung minh rang d6 thi (G) va dudng tron tam 7 (3;0), ban kinh R = Lkh()ng c6 diém chung.

B
Tén tai hay khong diém K (x;p) trén dd thi (G) théa man y =v9—x +/x .

10. Sir dung d6 thi ham sd, hiy so sanh f(\/201 ) f(\/m)
Bai toan 113. Cho ham sb y = f(x ‘Zx 1+ |x— 3”—

N LW =

~

Pon gian ham s6 da cho.

V& d6 thi (G) ctia ham sé da cho.

Tim khoang dong bién, khoang nghich bién cua ham s6 da cho.
Tim gia tri 16n nhat, gia tri nhé nhat ciia ham s trén mién [ 2;2].
Tim gia tri nguyén cua x d¢ f(x)<0.

Giai phuong trinh f(x)=+v4x-9-vx-3.

Chiing minh réng dd thi (G) va dd thi ham sé y = g +

2

X chico duy nhat mot diém chung.

. Gia st M la diém cb dinh ma duong thing y =(m—2)x—m+41udn di qua véi moi gia tri cua m.

Tim toa d6 diém N trén db thi (G) sao cho d dai doan théng MN ngan nhét.
Xét dudng tron (C) tam 7 (3;0), ban kinh R. Tim khoang gia tri cia R dé duong tron (C) va do thi
(G) c6 it nhat mot diém chung.
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Bai toan 114. Trong mat phéng v6i he toa d§ Oxy, O la géc toa do, xét cac diém M (x ;) thoa man

Y +(2x=3)y-3x"—x+2=0 (1).

. Phan tich vé trai phuong trinh (1) thanh nhan ti.

2. V& dd thi (G) biéu dién cac diém M (x;y) thoa man (1).

8.

. Xét duong tron (C) tdm O, ban kinh R = L, ching minh (C) va (G) khong ¢6 diém chung.

Vi

Tim gia tri cia m dé hé phuong trinh sau c¢6 nghiém duy nhét
{y2+(2x—3)y—3x;—x+2=0

y=x+m

. Xac dinh s6 nghiém cta hé phuong trinh sau bang do thi

yAQZx—Qy—&ﬁ—x+2:Q

y:h+ﬂ+

lx—l
2

. Xac dinh s6 nghiém ctia hé phuong trinh sau bang do thi

y2+(2x—3)y—3xﬁ—x+2=0
Y —xy=2x>+3y+3x=0

. Piém N (x;p) trong mit phang toa do dugc goi 1a diém nguyén khi x va y déu 1a cac sb nguyén. Gia

X 4+2x*—x-2

X +x=2
hoanh do thudc doan [— 3;2] cua (S) va (G).
Tim s6 giao diém cua do thi (G) va d6 thi (H) biéu dién cac diém L (x;y) thoa man
X' +2x—y*+1=0.

sir (S) 1a d6 thi ciia ham sé y= . Duya theo d6 thi, hiy tim s6 giao diém nguyén co

Bai toan 115. Trong mit phang véi hé toa do Oxy, O 1a gdc toa dd, xét cac diém M (x;y) thoa min

ol ol s

9.

. Xac dinh s6 nghiém cuia hé phuong trinh {

VP —2x+1+J4y* +4y+1=6 (1)
Don gian hoa phuong trinh (1).
V& d6 thi (G) biéu dién cac diém M (x;y) thoa man (1).
D6 thi (G) giéi han mit phang toa do tao ra mot hinh phang kin (S). Tinh dién tich hinh phang (S).
Goi K (x;y) 1a diém dong quy cua ba dudng thang y=-3x;y=2x+5;y=x+4. Chimg minh rang
diém K nam phia ngoai cua (S).
Diém N (x;p) trong mit phing toa do dugc goi 1 diém nguyén khi x va y déu 1a cac s6 nguyén. Trén
do thi (G) c6 tat ca bao nhiéu diém nguyén ?
Tim toa d6 giao diém cua (G) va dudng phan giac goc phan tu thir nhat.

. Xét duong tron (C) tam 7 (l;—%j , ban kinh R. Bién luan sb giao diém cta (C) va d6 thi (G) theo cac

khoang gié tri cua R.

Vx? —2x+1++/4) +4y+1=6

¥’ +y =1

Vx? —2x+1+4/4)% +4y+1 =6,

Xéc dinh s6 nghiém cua hé phuong trinh sau bang db thi :
y=2[x-3]-3x+1.

10.Xét dd thi bicu dién cac diém P (x;p) théa mén |x-1/+|y—2|=1. Ky hiéu (Q) la hinh phing gi¢i han

bai (P). So sanh dién tich hinh phang (S) va dién tich hinh phang (Q).
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Bai toan 116. Trong mit phang véi hé toa do Oxy, O 1a gdc toa dd, xét cac diém M (x;y) thoa min
lx|+[y[=1 (D).

Pon gian héa phuong trinh (1).

V& d6 thi (G) biéu dién cac diém M (x;y) thoa man (1).

Chung minh (G) 1a mdt hinh vuéng. Tinh dién tich hinh vudng (G).

Xet duong tron (€) tam O, ban kinh R.
a) Bién luan s giao diém cua (C) va do thi (G) theo cac khoang g1a tri cua R.
b) Trong trudng hgp R =+/2, tinh dién tich phan hinh vuéng (G) nam phia ngoai hinh tron (C).
¢) Trong truong hop R =1, tinh di¢n tich phan hinh tron (C) nam phia ngoai hinh vudéng (G).

[+l =1

¥+t =1

ol ol h o

5. Ching minh h¢ phuong trinh { c6 dung 4 nghiém.

6. Bién luan theo tham sé m s nghi¢m cua hé {|x2|+|y|2: :
X +y <m
7. Puong thang y = 2x chia hinh vuéng (G) thanh hai phan, tinh ty s6 dién tich giita hai phan dé.
8. Gia sir (H) la do thi biéu dién céc diém N (x;p) théa man |y—1|+2x-3=0. Dd thi (H) chia hinh
vudng (G) thanh hai phan, tinh ty sé dién tich gitta hai phan do.
9. Str dung d6 thi, chimg minh hé phwong trinh sau vé nghiém {|X| ! |y| -
ly=2|-|]x+1|=3
10.Duong thang d:(m—2)x+(m-1)y=1ludn di qua diem P (x;y) v6i moi gia tri ctia m. Tim toa d¢
diém Q thudc hinh vudng (G) sao cho do dai doan thing PQ ngin nhét.
11. Chimg minh ring dudng thang A: 2(m+2)x+2y+m+3=0ludn cit hinh vudng (G) v6i moi gia tri
cua tham s{) m. 7
12. Tim trén do thi (G) cac diém K (x;y) théa man hé thic
a) x°—y°=1.
b) x*-y°=1.
c) X" -y =1 (m,n € N).
[+ [y =1,

13. Tim tat ca cac gia tri cia m dé hé phuong trinh sau v nghiém
(m—2)x+(m—1)y=1.

Bai toan 117. Cho ham sé y = f(x)= x? —dx+4 +4x7 +dx+1 +ax.
1. Lap bang xét diu dé rat gon ham s6 £ (x) theo a.
2. Tim gia tri cua a dé ham sér luén luén qd(*)ng bién.
3. Xac dinh @ d¢ d6 thi ham so di qua diém B (1;6).
a) V& do thi (C) voi a vira tim dugc. )
b) Su dung d6 thi (C) bié€n luén theo m s6 nghi€ém ctia phuong trinh
Vi —dx+4 +4x7 +dx+1=x+m.
4. Tim theo a gi tri 16n nhat, gia tri nho nhat ctia ham s6 f (x)trén doan [3;5].

Bai toan 118. Trong mat phéng vo1 hé toa do Oxy, O la géc toa dg, xét duong théng d:
Ax+By+C=0  (4,B,C#0).
d
NA +B®
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2.

Ap dung (Khong thong qua di,ém b dinh) y i
a) Tinh khoang céch tir goc toa do O dén duong thang 3x+4y+5=0.

NG

b) Tim m dé khoang céach tir gbc toa do O dén duong thang x - y+m =0bang -

¢) Tim gi4 tri cia m dé khoang cach tir goc toa do O dén dudng thang (m—3)x+(m+5)y =1dat
gié tri 16n nhét.

d) Tim gié tri cia m d€ khoang cach tir goc toa dd O dén dudng thang (m+1)x+2my =3m—1dat
gié tri 16n nhét.

¢) Ching minh rang ho dudng thang (m—3)x+(m+5)y =4m’ +8m+68 ludn tiép xic véi mot
duong thang ¢ dinh. q q ,

f) Tim tat ca gia tri cia m dé duong thang (m+1)x+2my =3m—1tiép xic voi duong tron (C)
tam O, ban kinh R=1. 9

g) Xét duong tron (C) tam O, ban kinh R va duong thang A:3x+4y+m=0. Tim gia tri nhd
nhit cua R dé (C) va dudng thiang A cé it nhat mot diém chung.

Bai todn 119. Chitng minh cong thirc khoang céch giita hai diém A(x,;y,), B(x,;y,)la

AB’ :(xA—xB)2+(yA—y3)2.

Trong mit phing véi hé toa do Oxy, O 1a gdc toa do, xét cac diém 4 (— 1 ;1), B (0;2), C (3;1), D (0;—2).

1.

NSOk WwWD

9.

Viét phuong trinh duong thang (d) di qua 4 thoa méan
a) C6 hé sé goc bang — 2.
b) Song song vdi dudng thiang 3x+2y =1000.

¢) Vudng goc vai dudng thing y = —§x+ 243.

d) Tao véi truc Ox mot goc 60°.
Viét phuong trinh cac duong thang 4B, BC, CD, DA.
Chung minh 4, D, C khong thang hang, tir 46 suy ra 4BC 1a mét tam giéc.
Tinh chiéu cao AH cua tam giac ADC.
Tim toa do diém E trong mat phéng toa d0 sao cho ABED la hinh binh hanh.
Chirng minh tr giac ABCD 1a hinh thang can va tinh dién tich hinh thang ABCD.
Viét phuong trinh cac dudng trung tuyén AM, DN, CP cua tam giac ADC, tir 6 tim toa do trong
tdm G cua tam giac ADC.
Viét phuong trinh cdc duong trung tryc cua cac canh AD, AC, DC, tir d6 tim tam 7 va tinh ban kinh
duong tron ngoai tiép tam giac ADC.
Viét phuong trinh cac duong phan giac trong AK, DL, CJ cta tam giac ADC, tir d6 tim tim I’ va
tinh ban kinh duong tron noi tiép tam gidc 4DC.

10. Viét phuong trinh duong thang di qua C sao cho duong thang nay cach déu hai diém 4, B.

11. Tim anh cua diém 4 qua tryc débi xung la dudng thang DC.

12. Tim toa do diém U nam trén dudng thang chira CD sao cho tong d6 dai AU + BU ngin nhat.
Bai toan 120. Cho ham s6 y = f(x) =[x —1|+|x—4|.

1. Tinh S=f(f(f(1)))+f(f( ).

2. Pon gian héa va vé& do thi (G) cia ham s di cho.
3.

4. Tim m sao cho f(x)>m,VxeR.

Xac dinh gi tri 16n nhat cia m dé 1 (x)=m,VxeR.
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5. Tim gia tri 16n nhit va gia tri nho nhat ciia ham s trén doan [1;4].
Xet 4 (6;0), ton tai hay khong diém K (x;p) thuge db thi (G) sao cho tam giac OKA vuong tai K ?
7. Goi B la diém dong quy cua ba duong thang y=2x—1; y=4x-1; y=2mx-3.

Tim toa d6 diém C trén dq thi (G) dé khoang cach BC ngan nht.
8. Gia st D (x;y) 1a giao diém cua hai duong thang y=3x+5m+2;y=7x-3m—-6; (d) 1a tap hop cac
diém D (x;y) khi m thay ddi, tim toa do cac giao diém cua (d) va (G).

o

9. Gia du hai duong thang y = %x—S; y =2ax—3vudng goc véi nhau tai E (x;1). Piém E (x;y) ¢6 thudce

dd thi (G) hay khong, giai thich.
10. Giai phuong trinh /(x)=2x-3.
11.Xét duong tron (C) tim 1a gdc toa d9, ban kinh R. Bién ludn sé giao diém cua (C) va d thi (G) theo
cac khoang gia tri cua R.
12. Xét ham s6 g(x)théa man g(x—1)+x> =3+2x. Chimg minh ring d6 thi ham s6 g(x)va dd thi (G)
khéng ton tai diém chung. , ,
Bai toén’121.qTrong mat phang véi he toa d§ Oxy, O 1a gdce toa do, m 1a tham so6 thyuc khac 0, xét
» Bon diém 4 (1;0), B (5;2), C(—1;1),D (1;2).
m’ -1 Ly 2ml

> Bonduongthang d,:y=x-5, d,:y=x+m; d,:y=2x+m—1;, d,:y= 5
m m
1. Xac dinh h¢ s6 goc cua duong thang AB.
2. Viét phuong trinh dudng thang di qua C thoa man
a) Vuong goc voi duong thang (4B).
b) Song song voi duong thang (4B). ‘
c) Cat duong thiang (4B) tai diem c6 hoanh dj bang 2.
3. Vi gia tri nao cia m thi hai dudng thang d,,d, vudng gbéc véi nhau ?
. Tinh dién tich tam gidc OQUV tao boi duong théng d, v6i hai truc toa dg.

L

Véi gid tri ndo ciia tham sd m thi dudng thang 4, chin trén hai tryc toa d6 mot tam gidc c6 dién tich
16n hon 4 (don vi dién tich) ? ’ 7 ‘

Xéc dinh nhitng diém M thudc truc Ox sao cho khoang cach tur M dén dudng thang d, bang 2.

Xac dinh nhiing diém N thudc truc Oy sao cho khoang cach tir N dén duong thiang d bang 2.

Tim gia tri cia m sao cho khoang cach tir diém C dén duong thiang d,bang 1.

0 N o

9. Xac dinh m dé khoang cach tir diém C dén duong thang 4, bang 2.

10. Xac dinh diém E (x;6) dé tam giac ABE la tam giac deu

11. Tim tam 7 va tinh ban kinh cta duong tron (C) ngoai tiép tam giac ABC.

12.Gia sir T 1a diém dong quy ctia ba duong thang y = —3x;y=2x+5;y = x+4. Hoi diém T nam mién
trong hay mién ngoai ctia hinh tron (C) ?

13. Tinh khoang cach tir diém D dén duong thiang d,, chimg minh khoang cach nay khong doi. Tur d6
chimg minh dudng thang 4, ludn tiép xic véi mot duong tron ¢b dinh khi m thay doi.

14. Ton tai hay khong diém F trén duong thang 4B sao cho tam giac CDF can tai F ?

15. Tim toa d6 diém G trén dudng thang AB sao cho tong do dai CG + DG ngin nhat.

16.Tdn tai bao nhiéu diém P thudc duong thang d, théa man bat ding thirc

x(y+1—1/2y—1)+7£\/26x+13 .
17.Goi Q (x;p) la giao diém cia hai duong thang d,,d,. Tim tit ca cic gia tri ciia tham sé m dé biéu
thirc Z =2x? —3)* + 4dat gia tri 16n nht.
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Bai toan 122. Trong mat phéng v6i he toa d§ Oxy,O la géc toa d0, m 1a tham sb thuc, xét

*,

®
0‘0

NN R WD =

*

* 5didm 4 (1;0), B (0:1), C (= 1;0), D (0:— 1), E (a:0).

Cac duong thang d:y=(1-m)x+2; A:y=(m+1)x-3.

Viét phuong trinh cac duong thang 4B, BC, CD, DA.

Ching minh tr giac ABCD la mdt hinh vudng (V) va tim tdm hinh vudng (V).

Viét phuong trinh duong thang di qua trung diém cua céc canh 4B va CD.

Viét phuong trinh cac duong trung binh ctia tam giac ABD, tam gidc BCD.

Viét phuong trinh duong thang di qua C va hgp véi truc hoanh mét goc o = 60° .

Tim m dé hai duong thang da cho ‘vudng goc voi nhau.

Ton tai hay khong gié tri ciia m dé hai dudng thang di cho cat nhau tai diém M (x;) sao cho M nam
gittaA vaB?

Xét duong tron (C) tam 1a gdc toa do, ban kinh R. V&i gia tri ndo cua R thi (C) 1a dudng tron ndi
tiép hinh vudng 4BCD ?

Gia st (/) 1a duong thiang di qua goc toa do O va vudng goc véi dudng thang 4B. Tim gia tri cua a
dé duong théng (l) di qua trung diém doan thang DE.

10.Xét ham sé y = f(x) =|x—2|+|x—5|~[3x+¢6|.

a) Xac dinh s giao diém cuia hinh vudng (V) va do thi ham s f (x).
b) Tim gia tri nho nhét clia kdé f(x)<k,VxeR.

11.Xét ham s6 g(x)théa man g(x+1)=x"+4x’ +7x* +6x+4. Chimg minh ring do thi ham sé g(x)va

hinh vuéng (V) khong ton tai diém chung.

12.Xét ham s6 y = k(x) = min {4x+1;x+2;-2x + 6} vé&i dd thi (V).

a) Tim gia tri 16n nhét cha k(x).
b) Tinh dién tich hinh phang gidi han bdi hinh vudng (V) va dd thi ().

Bai toan 123. Trong mit phang véi hé toa do Oxy, O 1a gdc toa dd, n,« la cac tham sd, xét

DLW~

% =

9.

6 diém 4 (0;3), B (3;3), C (5;1), D (5;1), E (5 ;0), F (0 ;5).

Cac duong thang d:y=ax—1; 1:y=4nx; ¢:y=nx.

Puong thang A:xcosa +ysina+2cosa +1=0.

Tim toa do trong tdm G cua tam giac ABC.

Tim toa d6 diém H sao cho ABDH 1a hinh binh hanh.

Tinh dién tich da giac OABCDE.

Tim anh cta doan thang 4C qua truc d6i xtmg 1 tryc hoanh.

Viét phuong trinh duong thang dbi ximg v6i duong thang (BD) qua diém C.

Viét phuong trinh duong thang di qua gdc toa d6 sao cho dudng thiang d6 chia da giac OABCDE
thanh hai phan cé dién tich bang nhau.

Tim gia tri cta a dé dudng thang d tao véi tia Ox mot goc 3 =22730' .

Xét cac dudng thang 4, di qua D va vudng goc véi truc tung, duong thang d, di qua F va vudng goc
v6i truc tung. Tim hé s6 a duong dé cac duong thang d,d,,d,tao véi nhau mdt hinh thang cé dién
tich bang 8.

Viét phuong trinh dudng thang di qua C, cat cac tia Ox, Oy lan luot tai M va N sao cho OM + ON
dat gia tri nho nhat.

10. Chimg minh rang khi géc « thay doi, duong thang Aluédn tiép xtic véi mot dudng tron ¢b dinh. Xéc

dinh tam va d¢ dai ban kinh ctia dudng tron do.

11. Tim tham s duong n dé goc tao bai A véi tia Ox gap ddi gbe tao bai ¢ véi tia Ox.
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IV. LOI KET.

Trong chuong trinh 16p 7 THCS ching ta da dugc lam quen véi hé truc toa d§ trong mat phéng, voi
ham s6 y = axva do thi ciia no. Lén 16p 9 THCS, sach gido khoa Toan hién hanh da dé cap sau hon khai
niém ham s6, ham sb don dleu (déng bién, nghlch bién), khai niém ham sé bac nhét va d6 thi cua né, khai
niém hé sb géc cua dudng thang, vi tri twong d6i glua hai duong thang, tuy so lugng bai tap kha nhiéu, da
dang va phong phi nhung tat ca déu 1a nhiing ndi dung hét sic co ban, dé thao tac, thyc hanh. Nhu da
trinh bay trong muyc 11, néu chung ta ty glac tim to1, dao sdu suy nghi, van dung va lién h¢ thi véi kién thirc
SO dang v€ ham s6 bac nhat, ching ta co thé phat trién 1én rat nhiéu 16p bai toan nhu bai toan bién lugn
glao di€ém hai duo*ng thang, bién luan s6 nghiém cua hé phuong trinh; 16p bai toan khoang cach, h¢ so goc
goc, dién tich tam giac, da giac lién quan, ty 18 doan thang; lop bai toan vé dudng tron, 16p ham sb va do
thi chira ddu gia tri tuyét doi; 16p bai toan tam ddi xung, diém ddi ximg; 16p bai toan tim toa do diém thoa
min d9 dai cho trudce, théa man dang thirc, théa méan biéu thirc dat cyc tri; 16p bai toan viét phuong trinh
duong cao, dudng trung tryc, dwdng phan giac, tim toa do tryc tim, trong tam, tim dudng tron ngoai tiép
va tam dudng tron ndi tiép; 16p bai toan diém nguyén; 16p bai toan gén v6i hé thirc lwong; tim toa d¢ diém
dé tam gidc, tir gidc ndo théa min tinh chit nao do; phuong trinh ham...déu la nhirng bai toan gy khé dé it
nhiéu cho chung ta. So véi nhitng van dé khac cta chuong trinh 16p 9 THCS nhu cin thirc, phuong trinh
bac hai, parabol don gian, hé¢ phuong trinh, duong nhu ham sé bac nhat khong dugc coi trong nhu nhiing
phén khac, phai chang vi thé, mot sd ban hoc sinh 16p 10 t6 ra chua thanh thyc, thim chi bé ngd véi
chuong trinh Hinh hoc giai tich 10. Ro1 xa mai truong THCS, chap chitng buéc vao THPT céac ban hoc
sinh s€ dugc ﬁép can véi cac kién thire vé vector véi céc phép toan va toa dg, tich vé hudng cia hai vector
va Ung dung, hé thire lugng trong tam giac thudng, hé thire lugng trong dudng tron hay phuong phap toa
dd trong mit phang, di siu nghién ctru dwdng thang, dudng tron, dudng elippse bau duc, duong parabol
tong quat, hypebol véi muén hinh van trang — tirc 1a gan moi thir hinh phang da hoc duéi cap THCS vao
hé tryc toa dd, va tim cac dic diém, yéu to, tinh chéit dya trén cac phép tinh vé toa d9, ndi dung nay sé
dugc nang cao hét mirc két hop k¥ nang v& hinh phy, chimg minh dic tinh, 1a ndi dung thuong nién trong
ky thi tuyén sinh Dai hoc — Cao ding va ky THPT Qudc gia khi da roi mai truong THPT. Trong tai li¢u
nay, tac gia da cd gang suu tam, chon loc, khai thac, lién hé va mé rng hét mic trong tim nhin con han
hep ctia ban than, hy vong né s& 1a tai liéu tham khao bd tich, 1y thu, chuyén sau, véi mong mudn goép phan
nho bé vao phong trao hoc tap ham s va dd thi cidp THCS con rat yéu, ciing nhu dit nén tang tu duy ham
s, tu duy hinh hoc giai tich cho cac em hoc sinh nhé tudi truée khi chinh thirc bude vao cép THPT.

Tai li¢u nay dugc khoi dong viét thang 06/2016 va hoan thanh thang 12 nam 2016, giai doan ma bao
chi va cac phuong ti¢n truyen thong chinh théng dang dang tai nhidu thong tin vé tinh trang tham 6, tham
nhiing, chay chure, chay quyén, sai pham 16n, sai pham nho, thua 16, di€u chuyén cong tac “dung quy
trinh”, bo nhiém can b theo kiéu “tim nguo1 nha”, thay vi “tim ngudi tai”, kem theo rat nhiéu van dé nhic
nhdi, khién nhan dan hoang mang, niém tin giam sit...

Xin néu don cu
<+ Nguyén Bi thu Tinh uy Tinh Ha Tinh V4 Kim Cy, Nguyén Truéng ban Quan Iy Khu Kinh té Viing
Ang cap phep theo kiéu “Tién tram hau tiu” cho Céng ty TNHH Hung Nghiép Formosa cua Ving
lanh tho Pai Loan dau tu trong Vong 70 ndm (m@t thoi gian kha “it”), trong vong chwa dén 8 nim
da thai chat thai bira bii, gdy nén 6 nhiém méi truong nghiém trong, tao ra tinh trang ca bién chét
hanh loat tai vung bién cac tinh Ha Tinh, Quang Binh, Quéang Tri, Thira Thién Hué, 1am thiét hai
nghiém trong vé mei phuong dién cho déng bao va dét nude. Pap lai bao chi, dai dién Formosa ung
dung thira nhan cong ty dung axit dé sic rira dudng 6ng, nhung thura thién khong théng bao chinh
quyén dia phuong vi “khong blet quy dinh nay”. Qua thyc hét st trang trgn, au cling phai vi ho
khong phai ddng bao minh. Tong Bi thu Ban chap hanh Trung uong Pang Cong San Vi¢t Nam
Nguyen Pha Trong duong nhlem da timg thang than “ C6 y kién néi sao lam cham. Nhung day la
dau tranh chir khong phai 1a viéc thuong lugng. Pau tranh dé budc ngudi c6 tdi nhan 13i, cui dau
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xin 15i, hira phai thay ddi day chuyén, hira khong tai pham. Nhan dén bu cho ching ta 500 tri¢u
USD”.
Nguyén Phé chii tich Uy ban nhan dan Tinh Hau Giang, Nguyén Chu tich Hoi dong Quan tri Cong
ty Xay lip dau khi Viét Nam (PVC) Trinh Xuan Thanh cing mét s6 aéng nghiép, trong thoi gian
quan ly PVC giai doan 2011 — 2013 da budng long quan ly, kiém tra, giam sat, 1am trai cic quy
dinh vé quan ly kinh té, dé xay ra sal pham, lam thua 15, thit thoat 3300 ty dong cua nha nudc.
Ngoai ra, “quy trinh” giéi thiéu, tiép nhan, b ~nhiém vao vi tri Tinh uy vién, Phé chu tich Uy ban
Nhan dan Tinh Hau Giang cua ong ¢6 nhiéu vén dé, kém theo thyc té dng dugc dua dén bang xe tu
Lexus LX570 nhung gan bién s6 xanh cong vu 95A — 0699 thugc s¢ hitu cua Phong Ky thuat Hau
can Cong an Tinh Hau Giang la sai nguyén tic, tao nén hinh anh sai, gay du luan xau trong quan
ching nhan dan. Tong Bi thu Ban chap hanh Trung wong Pang Cong San Viét Nam Nguyén Phi
Trong noi: “Gan diy ching ta ¢ lam tiép mot sé vu duge du ludn quan tam, trong d6 vu Trinh
Xuan Thanh chi 1a mdt vi du thdi. Con lién quan dén nhiéu thir lam. Chung ta lam ting buéc, chic
chén, hiu qua. Co nhitng viéc t6i chua tién noi trude. Chung t6i da néi nhidu 1an rdi, 1a c6 budce di
chic chan, chit chg, than trong, hidu qua va phai giir cho dugc cai on dinh dé phat trién dat nuée.
Sé di nhu vay la sau vu nay no lai lién quan dén vu khac”.
Trén day chi 1a hai trong s6 rat nhiéu vy lim xum khéong dang cé, khong nén ¢, 1a dién hinh cho tinh trang
gian lan, tham 6, tham nhiing, lam trai trong mot b phan quan chirc, can bd thoai hoa, bién chét, dao dirc
xudng cap hién nay. Nhu Tong Bi thu Nguyén Phi Trong timg gidi bay khi tiép xuc ctr tri Thu d6 Ha Noi
ngdy 06.08.2016: “Pay la linh vyc rat 1a quan trong nhung cling vo cung khé khan phuc tap. Lién quan
dén 1¢i ich, danh dy ciia mdi con nguoi, moi don vi nén khong dé ti ndo. . Loi ich chang chit nen rat 1a khé
khan. Nhung Dang va Nha nuéce quyet tam lam dé trong sach bo may, néu khong thi gay go”. Rd rang, dé
6 nén tang de quyét tim dugc, can mot hé thong chinh tri trong sach, virng manh, can nhing con ngudi
tai nang, quyét doan, dut khoat, manh mé, cong thém tu chat nhan hau, khoan dung nhung khong nhan
nhuong, liém chinh nhung khéng nhu nhuge, can kiém, chi cong vé tu, hon nita phai dim nghi, dam lam,
dam nhén, dam phan bién va dam stra sai.
“Cé nhitng cai sai khong thé sira dugc. Chap va gugng ép cang lam sai thém. Chi ¢ cach 1a dung bao giod
sai nita, hodc 1a phai bu lai bang mdt viéc ding khac”

(Hon Truong Ba, da hang thit — Luu Quang V4, 1981).
Nhan ra cai sai, stra sai, bu lai bang nhu*ng viéc lam dung, bu lai bang viéce dat dugc nhimg tién bd vugt
bac vé vin hoa, phép lut, dao dirc, 1& nghia, khoa hoc, k¥ thuat ma hién nay dat nudc chua vuon toi, d6
phai 1a nhitng con nguoi xa@ hdi chi nghia thyc thy, nhitng con nguoi dé trudéng thanh tir cac em hoc sinh,
tur thé thé hé mai sau, néu dugc nudi dudng, dao tao va vun dap ding cach. "Trim hay khong hay bang tay
quen", cac em can hoc tap hang say, trau doi dao dirc, trau doi ban linh chinh tri vig vang, kha ning phan
biét ding sai va stra chira 16i 1am, ngay tu nhirng bai toan nho nay théi, cac phuomg phép, ky thuét co ban
da du‘qc céc thé hé di trude duc két va tan tyy truyén dat cho thé h¢ twong 1a1 cac ban hoan toan du kha
ning ké thira, phat huy va sang tao khong ngung, chuan bi dii hanh trang nim bt khoa hoc k¥ thuat, tro
thanh nhiing nha khoa hoc, nha quan 1y gioi, ning dong hay chuyén gia an ninh, qudc phong, tré thanh
ruong cdt liém chinh cua qudc gia, dua dit nuéc ngdy cang mé rong, phat trién vimg bén, phdn vinh, minh
bach, va hién nhién nhiing bai toan trong cac ky thi nhat dinh khong thé 1 rio can, ma 1a co hdi thir stc,
co hoi khang dinh qua trinh, co hdi khang dinh kién thirc, minh ching sing ngdi cho tinh than hoc tap, tinh
than ai qudc duge boc 1 trong tuong lai !

R/
L %4
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V.MOQT SO TAI LIEU THAM KHAO

1.

2.

10.

11.

12.

13.

14.

15.

16.

17.

18.

19.

20.

21.

22.

Bii tdp ning cao va mot sé chuyén dé todn 8.

Bui Van Tuyén; NXB Gido duc Viét Nam; 2004.
Bii tdp ning cao va mot sé chuyén dé todn 9.

Bui Van Tuyén; NXB Gido duc Viét Nam; 2005.

. Ndng cao va phdt trién todn 8, tip 1 — tdp 2.

Vi Hiru Binh; NXB Giao duc Viét Nam; 2004.

. Ndng cao va phdt trién todn 9, tip 1 — tip 2.

Vi Hiru Binh; NXB Giao duc Viét Nam; 2005.
Todn ning cao Pai so 10.
Nguyén Huy Poan; NXB Gi4o duc Viét Nam; 1999.
Bai tdp ndng cao va mot 6 chuyén dé Dai s6 10.
Nguyén Huy Poan; Pang Hung Thing; NXB Gido duc Viét Nam; 2006.
Tai liéu chuyén todn: Pai sé 10 — Bai tdp Dai so 10.
Poan Quynh — Dodn Minh Cudng — Tran Nam Diing
— Piang Hung Thing; NXB Gido duc Viét Nam; 2010.
Mt s6 chuyén dé Dai sé boi duwong hoc sinh gioi THPT.
Nguyén Vian Mau — Nguyén Van Tién va
mot s tac gia; NXB Gigo duc Viét Nam; 2009.
T uyén tdp cdc bai toan hay va kho Dai 6 9.
Nguyén Durc Tan — Pang Dtic Trong — Nguyén Cao Huynh
— Vi Minh Nghia — Bui Ruy Tan — Luong Anh Van; NXB Giao duc Vi¢t Nam; 2002.
Mt s6 phwong phap chon loc gidi cdc bai todn so cdp, tip 1 - tap 3.
Phan Dtrc Chinh — Pham Vian Diéu — B4 Vin Ha — Pham Vin Hap
— Pham Vin Hung — Pham Ding Long — Nguyén Vin Mau
— Pd Thanh Son — Lé Dinh Thinh; NXB Pai hoc Quéc gia Ha Noi; 1997.
Bi gidng chuyén sdu Todn THPT: Gidii todn Pgi sé 10.
Lé Hong Pic — Nhém Cy Mon; NXB Ha Nbi; 2011.
Phwong phdp gidi phwong trinh va bét phwong trinh.
Nguyén Van Mau; NXB Giao duc Viét Nam; 1994.
Todn boi dwiéng hoc sinh pho thong trung hoc — quyén 1; Pai sé.
Han Lién Hai — Phan Huy Khai — DPao Ngoc Nam — Nguyén Dao Phuong
— L& TAt Toén — Piang Quan Vién; NXB Ha Nai; 1991.
Phuwong trinh va hé phwong trinh khong mau muc.
Nguyén BPirc Tan — Phan Ngoc Thao; NXB Gido duc Viét Nam; 1996.
Chuyén dé boi dwong Todn cip ba; Dai so.
Nguyén Sinh Nguyén; NXB Da Ning; 1997.
Gidi todn Pai s6 so cdp (Diing cho hoc sinh 12 chuyén, luyén thi dai hoc).
Tran Thanh Minh — Vii Thién Can — V& Anh Diing; NXB Gido duc Vi¢t Nam; 1995.
Nhitng dang todn dién hinh trong cdc ky thi tuyén sinh DPai hoc va Cao ding; Tap 1;2;3;4.
Bui Quang Truong; NXB Ha Ngi; 2002.
On luyén thi mén Todn THPT theo chii dé; Tap mot: Pai so va lwong gidc.
Cung Thé Anh; NXB Gido duc Viét Nam; 2011.
Phwong phap gidi toan trong tam.
Phan Huy Khai; NXB Dai hoc Su pham; 2011.
Cac bai giang luyén thi mon Toan; Tap 2.
Ptic Chinh — Vit Duong Thuy — Pao Tam — Lé Thong Nhat; NXB Gido duc Viét Nam; 1993.
500 Bai todn chon lpc Pai so - Hinh hoc 10.
Lé Hoanh Pho; NXB Dai hoc Quéc gia Ha Noi; 2012.
Tam thirc bdc hai va vwng dung.
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23.

24.

25.

26.

27.

28.

29.

30.

31.

32.

33.

34.

35.

36.

37.

38.

39.

40.

41.

42.

43.

44.
45.

46.

Lé Si Déng — Lé Minh Tam; NXB Giao duc Viét Nam; 2003.
Chuyén dé Bit ding thivc va iing dung trong dai sé.
Nguyén Pirc Tan; NXB Gido duc Viét nam; 2003.
23 Chuyén dé giai 1001 bai todn so cip ; Quyén 1.
Nguyén Vin Vinh — Nguyén Dtrc Dong
va mot sd déng nghiép (NKTH); NXB Gido duc Viét Nam; 2002.
Phuwong phdp gidi todn bt ding thikc va cuec tri.
Nguyén Vin Diing — V& Qudc Ba Can — Tran Quéc Anh; NXB DPHQG Ha Nbi; 2011.
Cac bai giang vé bit dc;ng thirc Cauchy.
Nguyén Vil Luong — Pham Vian Hung — Nguyen Ngoc Thing; NXB DPHQG Ha Nbi; 2008.
Cim nang luyén thi Pai hoc Ung dung ham soé Gidi todn Pai sé va Gidi tich.
Huynh Nguyén Luan Luu — Nguyén Thi Duy An; NXB DPHQG Ha Noi ;2014.
Tw duy logic tim toi loi giai H¢ phwong trinh.
Mai Xuan Vinh — Pham Kim Chung — Pham Chi Tuan
—DPao Van Chung Duong Van Son ; NXB DPHQG Ha Néi; 2015.
Boi dwing hoc sinh gidi todn Trung hoc co 56, Pai sé.
Nguyen Thi Thanh Thuly — Pham Minh Phuong
— Tran Vian Tan; NXB Giao duc Viét Nam; 2014.
9 Chuyén dé Pai 56 T rung hoc co' so.
Vi Hitu Binh; NXB Giao duc Viét Nam; 2014.
Todn ning cao Pai sé va Gidi tich 12.
Nguyén Xuan Liém — Hoang Chinh Bao ; NXB Gio duc Viét Nam ; 1999.
15 chii dé thuwong gap trong cdc ky thi THCS va tuyén sinh lop 10 ; Mon Todn.
Nguyén Dtrc Hoang — Nguyén Son Ha ; NXB Dai hoc Su pham ; 2009.
H¢ phwong trinh va phwong trinh chira can thirc.
Nguyén Vii Lwong — Pham Vian Hing — Nguyén Ngoc Thing; NXB DPHQG Ha Nbi; 2006.
Tam thirc bdc hai va vwng dung.
Lé Si D@)ng — Lé Minh Tam; NXB Giao duc Viét Nam; 2003.
Khai théc va phat trién mét sé bai todn Trung hoc co sé ; Tap 1, 2.
Nguyén Tam Son — Pham Thi L¢ Héng ; NXB Giao duc Viét Nam ; 2012.
Chuyén dé Bit ding thivc va itng dung trong Dai sé.
Nguyén Btrc Tan; NXB Gido duc Viét Nam; 2003.
Dé thi tuyén sinh vao I6p 10 Mén Todn.
Ha Nghia Anh — Nguyén Thay Mui — Huynh Ky Tranh;
NXB Pai hoc Qubc gia Ha Noi ; 2006
On thi vao I6p 10 THPT Chuyén; Mon Todn.
Doan Minh Cuong — Trinh Hoai Duong
— Tran Van Khai — D3 Thanh Son; NXB Gido duc Viét Nam; 2013.
Tai liéu hwong dén én thi vao lop 10 Mén Todn.
Pham Van Thao (chu bién) ; NXB Dai hoc Quéc gia Ha No6i; 2013.
On tip thi vao l6p 10 ; Mén Todn.
Phan Doan Thoai — Trinh Thuy Héng — Lai Thi Thanh Huong
— Mai Cong Man — Hoang Xuan Vinh; NXB Gido duc Viét Nam ; 2008.
On thi vao I6p 10; Mon Todn (Danh cho hoc sinh tinh Thdi Binh).
Duong Van Thanh; NXB Dai hoc Quéc gia Ha No6i; 2012.
Tai liéu chuyén toan THCS; Todn 9; Tdp 1: Dai $0.
Vi Hitu Binh — Pham Thi Bach Ngoc — Dam Vén Nhi; NXB Gido duc Viét Nam; 2012.
Dé thi tuyen sinh vao lop 10 h¢ THPT Chuyén tryc thugc dgi hoc va THPT Chuyén cdc tinh thanh.
Dé thi tuyen sinh vao lop 10 h¢ THPT hé dai tra cdc dia phu’o’ng trén toan quoc.
Dé thi hoc sinh giéi mén todn khéi 8 dén khoi 12 cdc cip.
Dé thi tuyén sinh Dai hoc — Cao ding mén Todn (chinh thirc — dw bi) qua cdc thoi ky.
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47. Dé thi Olympic 30 thing 4 Todn hoc khéi 10, khéi 11 cdc tinh mién Trung va Nam bé (1995 — 2013).

48. Cdc tap chi todn hoc: Tap chi Toan hoc va tudi tré; Tap chi Toan tudi tho 2 THCS; Tap chi Kvant...

49. Cdc dién dan todn hgc: Boxmath.vn; Math.net.vn; Mathscope.org; Onluyentoan.vn; Diendantoanhoc.net;
Math.net.vn; K2pi.net; Mathlink.ro;...

50. Mt so trang mang hoc tip thong qua facebook; twiter;...
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THAN THE TAI NGUC TRUNG
TINH THAN TAI NGUC NGOAI
DUC THANH PAI SU NGHIEP
TINH THAN CANH YEU PAI

TAI LIEU CHINH THUC
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